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ABSTRACT This study presents a sizing methodology in the frame of the multidisciplinary design of
interior permanent magnet synchronous machines. The proposed approach targets at obtaining an initial
electromagnetic design of the machine, including diameters, axial length, rotor barrier shape, stator slot
geometry as well as the winding layout. The analytical design workflow consists of an iterative sizing
procedure based on a robust geometric model, consistent equations, and no correction factors. The process is
carried out starting from very basic design parameters such as rated voltage, torque, and magnetic material
properties. The modular structure of the proposed design algorithm can be easily integrated with optimization
routines obtaining a final optimized design, which contemplates various multiobjective constraints.

INDEX TERMS Air gap flux density, electromagnetic sizing, equivalent ring method, finite element, interior
permanent magnet (IPM) machine, lumped parameter thermal network, magnetic equivalent circuit (MEC),
magnetic field, mechanical stress, multiphysics modeling, synchronous machine, winding function theory.

I. INTRODUCTION
INTERIOR permanent magnet (IPM) synchronous machine is
one of the most popular topologies effectively served for
high-performance electric motors applications. This technol-
ogy offers to a diverse array of requirements, encompassing a
wide constant-power speed range, exceptional efficiency, high
power and torque density, compared to the conventional asyn-
chronous configuration [1]. Its versatility makes it an ideal
choice for various sectors, including domestic appliances, hy-
brid / electric vehicle propulsion systems, wind turbines, and
aircraft applications.

The torque generation in IPM machines results from their
inherent anisotropic structure and relies on two components,
namely the reluctance and PM torque. The key features of
IPM machines are enhanced torque density, more robust rotor
structure, and higher irreversible demagnetization tolerance
compared to conventional isotropic surface-mounted PM ma-
chines [2], [3]. Among several introduced IPM architectures,

V- shape IPM machines exhibit higher torque densities than
other topologies [4].

Traditionally, electrical machines are designed on the
basis of simple analytical equations taking into account
some design considerations according to the designer expe-
rience and approximated working temperatures of different
machine parts (winding and magnets). Such a design approach
may be acceptable for machines having simple isotropic struc-
tures such as surface-mounted PM machines, while it presents
significant challenges for the IPM machines, in particular at
the initial sizing step. This complexity arises from the intricate
electromagnetic modeling of heavily saturated rotor regions
and the substantial leakage flux that traverses through ribs
or iron bridges [5]. As a result, accurately predicting the air
gap flux density distribution is demanded with the use of so-
phisticated techniques, such as subdomain model [6], [7], [8],
magnetic equivalent circuit (MEC) [9], [10], and numerical
finite element method (FEM) [11].
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The subdomain model, MEC, and FEM each offer advan-
tages and limitations for the design and modeling of electrical
machines. The subdomain model is efficient and less com-
putationally demanding, making it suitable for early-stage
design, but it lacks the precision needed for complex geome-
tries and nonlinear materials. The magnetic equivalent circuit
is highly intuitive and allows for rapid evaluations, providing
a simplified representation of the machine’s behavior. Al-
though it might initially oversimplify the physical problem,
this limitation can be addressed by refining the network with
more detailed elements and increasing the number of reluc-
tances. Additionally, incorporating the nonlinear behavior of
materials can enhance its accuracy, making the method more
robust for detailed magnetic analysis. On the other hand, FEM
offers high accuracy and comprehensive analysis capabilities,
handling complex geometries and non-linear phenomena ef-
fectively, but at the cost of significant computational resources
and time. Given these considerations, the magnetic equivalent
circuit can be particularly advantageous for the design phase
due to its balance of simplicity, speed, and flexibility, making
it an efficient tool for design and iterative adjustments, facili-
tating an efficient exploration of the design space.

Generally, bilateral or central bridges should be a tradeoff to
ensure electromagnetic performance and structural reliability
[12], [13], [14], [15]. Thus, a pragmatic yet accurate design
methodology is required which takes into consideration elec-
tromagnetic, thermal and structural physical aspects [13].

Most studies on electrical machines have concentrated on
their electromagnetic design and modeling, often neglecting
thermal and mechanical aspects. However, there is a growing
interest in employing a multiphysics approach to enhance
the overall design and performance of these machines. For
instance, several studies have integrated parametric FEM elec-
tromagnetic models, thermal networks, and analytical struc-
tural solutions to optimize designs, such as surface-mounted
PM synchronous machines, and IPM V-shaped machines.
These studies highlight the importance of considering me-
chanical stress and cooling systems alongside electromagnetic
performance. While FEM is favored for its accuracy, the pro-
cess can be time-consuming, especially for optimization and
sensitivity analysis.

An analytical approach was used to model a multiphysics
IPM machine for compressor applications [16]. This model-
ing incorporated all the physical aspects of the machine. The
electromagnetic part was represented by an equivalent d–q
machine based on flux density waveforms in the different axes
of the d–q frame. Additionally, a steady-state thermal model
was employed to account for thermal resistance and heat
sources. Various loss components were considered, and their
thermal effects were applied to the materials. The mechanical
model included calculations for centrifugal force, mechanical
stresses, and both static and dynamic deformations. These
models were integrated for design optimization, resulting in
a Pareto front of efficiency and weight of the machine.

A multiobjective and multiphysics design for a double V-
shaped IPM machine was proposed, incorporating analytical

designs for the electromagnetic, thermal, and structural com-
ponents [9]. The electromagnetic design relied on a nonlinear
analytical model, Ampere’s theorem, and the flux conser-
vation law, with details provided in [17]. This approach
considered local saturation near the iron bridge, slot tangential
leakage flux, and winding leakage flux. The accuracy of this
method closely matched results obtained from FEM simula-
tions, despite its complexity.

A multiphysics model for a PM synchronous machine used
in traction applications was presented in [18]. The electro-
magnetic and thermal aspects were represented by a lumped
model, while the vibro-acoustic and mechanical parts were
analyzed using analytical equations. The proposed model was
verified through numerical FEM simulations and experimen-
tal tests, with acceptable accuracy.

A comprehensive analytical-based multiphysics model for
an IPM machine was detailed in papers [19] and [20].
This model used a mesh-MEC, a lumped parameter thermal
network, and a mechanical model for the respective electro-
magnetic, thermal, and mechanical aspects. The mechanical
model was particularly advanced, utilizing a four-node two-
dimensional (2-D) isoparametric quadrilateral element with
2 degrees of freedom per node in the X and Y directions,
which allowed for elements with curved sides suitable for
cylindrical structures. This model could perform modal anal-
ysis, structural harmonic analysis, and acoustic analysis, with
excellent agreement between the analytical model and FEM
simulations. This approach is applicable to the predesign and
modelling of electrical machines. A similar methodology for
designing a V-shape IPM machine was also proposed in pa-
pers [10], [21].

A hybrid magnetic equivalent circuit model was used for
the electromagnetic design, facilitating rapid computation.
Due to potential mechanical issues with thin bridges, maxi-
mum shear stress in the inner and outer bridges was evaluated
during the design process. Additionally, a lumped parameter
thermal network was employed to predict temperatures in
different machine parts. FEA was used to validate the method-
ology, although the study neglected rotor pole saturation and
rotor iron loss, which could lead to some inaccuracies in the
final results.

A. PAPER NOVELTY AND AIMS
This article proposes a simple, effective, and highly rapid
design technique for V-type interior permanent magnet (IPM)
machines, distinguished by several innovative aspects. The
proposed methodology introduces a unique geometric per-
spective to the initial design phase of IPM machines. By
focusing on optimizing geometric parameters such as diam-
eters, axial length, rotor barrier shape, stator slot geometry,
and winding layout, our approach offers a more intuitive
understanding of how these parameters influence machine
performance. This geometric-centric methodology facilitates
faster and more accurate initial designs, setting it apart from
conventional methods that may not emphasize geometric con-
siderations as strongly. Additionally, we integrate FEA-fixed
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FIGURE 1. Geometric parameters of the machine.

technique is integrated with predetermined mechanical stress
constraints. This ensures that the resulting designs not only
meet electromagnetic performance targets but also hold to
mechanical durability requirements, addressing a critical gap
in existing design methodologies where mechanical and elec-
tromagnetic aspects are often treated separately. Furthermore,
this study presents an innovative multiphysics sizing approach
that combines electromagnetic, thermal, and mechanical con-
siderations. Unlike traditional design methods that typically
treat these aspects in isolation, our holistic integration leads
to a more cohesive and efficient design process. The effective-
ness of the proposed sizing strategy has been verified through
the design of numerous IPM machines, validated using FEA
software. These unique contributions collectively enhance the
design process of IPM machines, offering a more efficient,
accurate, and robust methodology.

II. GEOMETRICAL MODELLING OF V-SHAPE IPM
MACHINES
Evaluating the electromagnetic and mechanical characteristics
of an IPM machine requires a consistent geometric model.
Fig. 1 shows a comprehensive model of an IPM machine con-
sisting of the one pole. The latter is comprised of two magnet
pieces arranged in a V-configuration, and the number of stator
slots can be selected depending on the winding design.

The external radius of the stator rex can be determined by
considering the slot dimensions and the length of the stator
back-iron as follows:

rex = rout + g + hes + hls + ht,us + Lcs (1)

where hes, hts, and ht,us are the stator slot dimensions as
specified in Fig. 1 and Lcs is the length of the stator back-iron.
These dimensions are further elaborated upon in papers [22],
[23], and [24], which provides comprehensive insights into the
procedure for calculating various stator parameters.

In this model, the rotor is parametrized by imposing the
following quantities: the magnet polar pitch ratio α, the angle
between two magnets or V-angle β, the magnet thickness
hpm, the radial extension of the outermost part of the barrier
Hbo, the tangential extension of the innermost part barrier lbi,
and the magnet fill factor Kfill,PM. The remaining parameters
of the rotor can be calculated easily. It is worth mentioning
that the geometric variables Hbo, lbi, and Kfill,PM have been
established to provide more degree of freedom to the model.
These parameters can be neutralized, setting Hbo and lbi equal
to zero and Kfill,PM equal to one.

The angular magnetic pole, represented αPM as shown in
Fig. 1 is computed as follows:

α = 2π

P
(2)

αPM = kPMα (3)

where P is the number of poles, kPM is the ratio of PM pole
to pole pitch, so-called magnet polar pitch. Theoretically, this
ratio can be defined between 0 and 1, but its practical value
is in the range 0.7–0.85. The inert region of the rotor with a
radius smaller than rin, mechanically transfers torque from the
rotor to the shaft. It is frequently simply an extension of the
rotor yoke, or it can be a lightweight material.

In V-type IPM machines, the length of rotor back iron Lcr is
mainly considered for mechanical purposes, and it has no im-
pact on the electromagnetic performance of the machine. So,
a very thin length can be taken into consideration in order only
to satisfy the mechanical performance of the rotor. However,
this geometrical parameter should be calculated on the basis of
maximum permissible flux density when β is relatively high.
Also, Lcr should be sized on the basis of maximum allowable
flux when β is higher than 170° since the majority of the
flux goes through the rotor back iron. In this circumstance,
the rotor back iron should not only guarantee the mechanical
performance, but also it should be thick enough to allow the
flux to pass through the rotor back iron. Small values of Lcr

may lead to highly loaded regions or saturation in the rotor
back iron and consequently deteriorate the electromagnetic
performance of the machine.

The area between the inner radius of the rotor rin and the
outer radius of the rotor rout is considered the active part
of the rotor where the flux barriers and magnets are placed.
Conventionally, flux barriers are implemented to prevent the
flowing of the magnetic flux between two adjacent magnets in
the rotor. Besides, they can retain the magnets firmly inside
the rotor structure and protect them against mechanical forces
and tensions. These cavities cause high rotor anisotropy and
have a significant impact on the electromagnetic behavior of
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FIGURE 2. Representation of geometric parameters of barrier and magnet.

the machine. Basically, rotor anisotropy can change the dis-
tribution of magnetic flux density in the air gap, affecting the
torque value and its profile, loss and consequently efficiency,
and irreversible demagnetization of the magnets placed in the
rotor. Furthermore, rotor anisotropy introduces variation of
reluctances and accordingly inductance variation along direct
and quadrature axes. Therefore, an appropriate shape design
can improve the torque and power density and reduce the iron
losses and torque ripple, enhance the machine efficiency, and
mitigate irreversible demagnetization.

In order to provide a highly flexible flux barrier’s shape, two
geometric parameters, lbi and Hbo, are defined to extend the
innermost part of cavities tangentially and the outermost part
of the cavities radially, respectively. The designer can specify
these geometric parameters for the manufacturing purpose.
Also, they can be calculated by means of an optimization
process to enhance the output torque and reduce the torque
ripple [25].

Fig. 2 illustrates the half of the rotor pole including flux
barriers and magnet dimensions. Knowing the outer radius
of rotor and extension lengths of flux barrier and magnet
thickness, it is possible to calculate the length of the magnet
lPM

Wb = Wbi

2
+ lbi (4)

rbo = rout − Wbo (5)

rbi,1 = rbo

⎛
⎝cos (αPM − γ ) − sin (αPM − γ )

tan
(
β
2

)
⎞
⎠ + Wb

2 tan
(
β
2

)
(6)

hbx = hPM

sin
(
β
2

) (7)

rbi,2 = rbi,1 − hbx (8)

rpx,1 =
rbo

sin(αPM−γ )
cos(α) − rbi,2 tan

(
β
2

)
+ Wb

2

tan (α) − tan
(
β
2

) (9)

hpx = hPM sin

(
β

2

)
(10)

rpx,2 = rpx,1 − hpx (11)

lPM,x = rpx,1 − rbi,1 (12)

lbo,x = rout − rpx,1 (13)

lPM =

√√√√√(
rpx,2 − rbi,1

)2 +
⎛
⎝ (

rpx,1 − rbi,2
)

tan
(
β
2

)
−hPM cos

(
β
2

)
⎞
⎠2

.

(14)

Additionally, a fill factor coefficient that acts on the length
of magnet is defined to take into account some of the manu-
facturing constraints, such as magnet segmentation. It should
be remarked that the thickness of internal Wbi and bilateral
Wbo bridges should be determined on the basis of mechanical
considerations including the maximum rotating speed of the
machine and mechanical properties of rotor core material.
The mechanical modeling should be performed subsequently
to geometry acquisition and preceding electromagnetic mod-
elling. This sequence ensures the validation of rotor geometry
from a structural perspective. Such validation is pivotal in
ensuring a design that is both realistic and reliable. The fol-
lowing section elaborates on the mechanical modelling of the
rotor.

III. MECHANICAL DESIGN AND STRESS CALCULATION
The geometry of flux barriers (i.e., the thickness of bilateral
and central bridges) has a diverse behavior from the elec-
tromagnetic and mechanical viewpoint. A very thin bridge
can save a lot of generated magnetic flux by magnets, but it
is not appropriate to form structural viewpoint since it may
not withstand the high mechanical stress developed on the
narrow areas of the bridges increasing the risk of deforma-
tion and failure [26], [27]. It is worth to mention that soft
magnetic materials, specifically laminated steels, which have
a degree of ductility, allowing them to withstand deformation
when subjected to high stress. This deformation can either
be elastic, where the material returns to its original shape
after force is removed, or plastic, wherein the material re-
mains deformed even after the force is removed. On the other
hand, PMs are brittle, and any deformation they undergo is
exclusively elastic in nature. Consequently, it is mandatory to
avoid any instance of plastic deformation, regardless of the
circumstances, or the PMs will break immediately when they
are loaded over their maximum mechanical stress [28], [29].

Usually, safety factors are taken into consideration during
the design procedure to prevent the failure of both soft and
hard magnetic materials and improve the reliability of the
machine. However, these factors applied alone are insufficient
to guarantee the safe operation of the machine. For instance,
cyclic loads and fatigue lead to the ageing of the materials
and consequently change the mechanical characteristics of the
materials [30].
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FIGURE 3. Mechanical model of IPM machine.

Generally, two methodologies can be employed to calcu-
late the stress exerted on the tangential and bilateral bridges.
The first method involves accurate numerical FEM simula-
tion, which calculate the Von Mises stress at the maximum
rotational speed. Although accurate, this method is relatively
time-consuming. The second technique employs simplified
analytical techniques like the equivalent ring method [31] and
beam theory [15], [32] calculating centrifugal and tangential
forces.

These methods calculate centrifugal and tangential forces,
offering quicker results sounding more appealing at the initial
design stage [33].

A. EQUIVALENT RING METHOD
The equivalent ring method might be the most well-known
technique to analytically calculate the mechanical stress on
the sleeve and bilateral bridges in high-speed PM machines.
This technique transforms the centrifugal force acting on the
rotor pole and magnets into a thin ring. The ring is as thick
as the tangential bridges, and its mass density is calculated to
maintain the centroid of the pole section and magnets as well.

In V-shape IPM machines, the angle between the magnets β
is an essential parameter which has a great impact on the elec-
tromagnetic and mechanical behavior of the machine. From
the structural standpoint, small values of β can decrease the
centroid radius of rotor and magnets and consequently leads
to lower stress values on the iron bridges. Fig. 3 represents
a half-pole centroid model of the V-shape rotor. As seen, the
pole is divided into two parts, the iron areas defined as SFe,i

and the magnet area defined as Spm

req,i = rout − Wbo (15)

where req,i is the inner radius of the equivalent ring, and the
outer radius of the equivalent ring is equal to the outer radius
of the rotor rout.

Basically, the centroid of the rotor can be defined in the
radial and axial directions. In order to enhance the computa-
tional efficiency, it is possible to disregard the axial centroid
in the calculation procedure, owing to the inherent cylindrical
and uniform attributes of the rotor. Therefore, solely the cen-
troid pertaining to the radial direction is taken into account.

The centroid radius of geometry can be expressed as follows:⎧⎪⎨
⎪⎩

Xcent =
∑

i
∫ ∫

Di
xdσi∑

i ASi

Ycent =
∑

i
∫ ∫

Di
ydσi∑

i ASi

(16)

Rcent =
√

X 2
cent + Y 2

cent. (17)

Considering the symmetrical nature of the rotor structure,
centroid in vertical axis is equal to zero in equation:

Rcent =
√

X 2
cent + 0 = Xcent. (18)

To calculate the Xcent, the centroid of magnet and rotor
pole shoe sections shown in Fig. 3 should be calculated. The
centroid of the magnet can be expressed as follows:

Rc,PM = req,i cos
(αpm

2

)
− req,i

sin
(αpm

2

)
tan

(
β
2

) − hpm

2 sin
(αpm

2

)

+ cos
(αpm

2

)⎛⎝ hpm

2 tan
(
β
2

) + hpm + lpm

2

⎞
⎠ . (19)

The centroid of four iron sections can be given as follows:

Rcent,Fe =
∑

k=1,2,3,4

∫ ∫
SFe,k

xdσFe,k

AFe,k
(20)

∫ ∫
SFe,1

xdσFe,1 = 2

3

(
r3

out − r3
eq,i

)
sin
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2
− γ

)
(21)

∫ ∫
SFe,2

xdσFe,2 = 2

3

(
r3

eq,i − (
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)3
)

sin
(αpm

2
− γ

)
(22)∫ ∫

SFe,3

xdσFe,3=2

3
r3

eq,i

(
sin

(αpm

2
− γ

)
− cos3

(
αpm

2

− γ

)
× tan

(αpm

2
− γ

))
(23)

∫ ∫
SFe,4

xdσFe,4 ≈ r3
eq,i

(
sin2

(αpm

2
− γ

)
× cos

(αpm
2 − γ

)
tan

(
β
2

)

− sin3
(αpm

2 − γ
)

3tan2
(
β
2
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(24)

AFe,1 = (
αpm − 2γ

) (
r2

out − r2
eq,i

)
(25)

AFe,2 = (
αpm − 2γ

) (
r2

eq,i − (
req,i − Hbo

)2
)

(26)

AFe,3 = 1

2

(
req,i − Hbo
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(
αpm

2
− γ

− sin
(αpm

2
− γ
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(27)
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AFe,4 = (
req,i − Hbo

)2
sin2

(αpm

2
− γ

)
tan

(
β

2

)
.

(28)

Knowing the centroid of the rotor pole and magnets, it is
possible to determine the equivalent mass density of the ring

ρeq =
(

2Rcent,PMρPMAPM + Rcent,FeρFeAFe

2AringRring

)

×
(

1 − cos
(αpm

2
− γ

))
(29)

where in this equation, AFe, Aring, and Rring are calculated as
follows:

AFe = 2
(
AFe,1 + AFe,2 + AFe,3 + AFe,4

)
(30)

Aring = AFe,1 (31)

Rring = rout + req,i

2
. (32)

The average tangential stress in the equivalent ring can be
represented as follows:

σtan,ave = R2
ringω

2ρeq (33)

where ω is the angular velocity of the rotor.
Two dimensionless factors are applied to the calculated

stress to ascertain the maximum stress, the safety factor, and
the stress concentration factor.

σmax = KsafeKscfσcir (34)

where the Ksafe is the safety factor and Kcsf is the stress
concentration factor. It is common practice to incorporate a
safety factor within the range of 1.5 to 2 to assure the safe
operation of the machine under any uncertainties or variations
in operating conditions.

The stress concentration factor quantifies the concentration
of stress in the corners of flux barriers. This factor is heavily
influenced by the geometry of the flux barrier, particularly the
regions adjacent to the bridges and the fillet radius. This factor
can be obtained using some reference models as presented in
paper [34] or by performing FEM simulations. Some analyti-
cal models are available in the literature however they are for
specific barrier shapes and may not encompass all possible
scenarios.

B. FEM-AIDED MECHANICAL STRESS CALCULATION
METHOD
In this study, an FEA-aided approach has been adopted to
evaluate the mechanical stress values on the tangential and
central bridges of the rotor. Initially, the analytical model dis-
cussed in the Section III-A was employed to predict the stress
within the rotor structure, serving as the foundation for the
initial calculations. To validate and refine these predictions, a
series of FEM simulations were conducted across a variety of
design configurations, including different numbers of poles,
rotor diameters, and rotor geometries.

Discrepancies were identified, and correction coefficients
were calculated by comparing the stress values obtained from
the analytical model and the FEM simulations. These coef-
ficients were then used to adjust the outputs of the analytical
model, reducing the error margin and increasing the reliability
of the predictions.

To quantify the degree of stress concentration, the ra-
tio between the maximum stress obtained from the FEM
simulations and the maximum stress derived from the
analytical method was computed. This ratio, known as
the “stress concentration factor” serves as a measure
of the stress concentration phenomenon in the analyzed
structure. An extensive look-up table was developed through
an iterative process of analysis, comparison, and adjustment
for a wide range of design configurations. This table integrates
the correction coefficients corresponding to various design pa-
rameters, significantly enhancing the accuracy of mechanical
stress calculations within the sizing tool.

Despite these efforts, some degree of error may persist in
the stress calculations for certain specific design configura-
tions. However, given the preliminary nature of the sizing
process, it is believed that these errors fall within an accept-
able range. The look-up table for stress concentration factors,
created from this process, serves as a valuable resource for de-
sign purposes, aiding engineers in selecting appropriate stress
concentration factors based on the specific geometry of the
rotor under consideration.

IV. ELECTROMAGNETIC MODELING OF THE IPM
MACHINE
The electromagnetic model of IPM machines developed in
this section takes advantage of the magnetic equivalent net-
work for estimating the performance in both no-load and load
conditions, including the effects of saturation and material
nonlinearities.

A. MAGNETIC EQUIVALENT NETWORK
Magnetic equivalent circuit is a simple and fast approach,
which models the machine with several magnetic reluctances,
and can predict the flux distribution in different parts of the
machine. The more reluctance is considered, the more accu-
rate field perdition is obtained.

A simple preliminary magnetostatic 2D-FEM simulation
was performed to observe the flux distribution in different
parts of rotor, aiming to build an associated magnetic equiv-
alent network. In order to simplify the model as much as
possible, the stator teeth were not considered, building a stator
geometry resembling a slot-less IPM machine. The flux lines
calculated by FEM at no-load condition are shown in Fig. 4.

It can be clearly seen that the flux generated by the magnets
can be divided into two main paths. The first one indicates
the flux path through the magnet, while the second one repre-
sents the leakage flux through the tangential and central iron
bridges.
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FIGURE 4. Representation of flux lines in a V-shape IPM machine.

FIGURE 5. Magnetic network of the IPM machine.

FIGURE 6. Simplified magnetic circuit of IPM machine.

However, under deep saturation, minor flux leakage may
occur within the flux barriers, although this is typically negli-
gible during the initial sizing phase.

Taking into account the flux paths previously described,
the magnetic circuit can be primarily characterized by the
magnets, the air gap adjacent to one pole pitch, the tangential
and central iron bridges, the stator’s back iron, and the rotor
pole, as illustrated in Fig. 5.

The stator back iron and rotor yoke are not saturated since
the relative permeability of the iron μr,Fe is very high. As a
result, the value of these two reluctances (reluctance of stator
back iron Rst and reluctance of rotor pole Rrot) and conse-
quently their resultant magnetomotive force (MMF) drops are
very small. Hence, they can be neglected to speed up the
calculation process. Hence, they can be neglected to speed
up the calculation process. So, the magnetic circuit shown in
Fig. 5 can be simplified in a straightforward form, as shown
in Fig. 6. In this magnetic circuit, ϕg and Rg denote the value
of magnetic flux density in the air gap over the rotor pole and
air gap reluctance, respectively.

The reluctance of the flux barriers can be divided into three
parts, the reluctances due to the innermost and outermost
extension of flux barriers (Rfbi and Rfbo), and the reluctance
of permanent magnet RPM. It should be noted that these three
reluctances are interconnected in parallel to align with the flux
trajectory within the machine. ϕbc and ϕbt are corresponding

magnet flux leakage in the bridges. This leakage contributes
to significant saturation within central and tangential bridges,
exacerbated by their relatively small cross-sectional areas.
Consequently, the reluctance of central bridge Rbc and the
reluctance of tangential bridge Rbt, are influenced by the
magnetic flux density. This is due to their composition from
magnetically nonlinear materials, which tend to operate un-
der conditions ranging from moderate to high saturation. The
main objective now is to solve the magnetic circuit compute
the air gap magnetic flux ϕg.

Solving a magnetic equivalent network with nonlinear
reluctances typically involves iterative methods and numer-
ical calculations. Therefore, minimizing nonlinear reluc-
tances, particularly in early design stages, is advantageous.
Precise determination of the reluctance in each region is
essential for the accuracy of the magnetic equivalent cir-
cuit’s representation. Subsequently, by applying Kirchhoff’s
voltage and current laws, the circuit can be solved, al-
lowing for the straightforward calculation of the magnetic
flux and magnetic potential for each nose and branch,
respectively.

The generated flux by one magnet and its corresponding
reluctance can be calculated by the following:

ϕpm = Kfill,pmBrlst lPM = Brlst lPM,eff (35)

RPM = hpm

Kfill,pmμ0μPMlst lPM
= hpm

μ0μPMlst lPM,eff
(36)

where Br is the residual magnetic flux density, μ0 is the per-
meability of the air, and μPM is the relative recoil permeability
of magnets. For conventional magnets, the recoil permeability
of magnets μPM is usually close to one.

It should be remarked that when the magnet fill factor is less
than one, two small areas will be added to the flux barriers.
The reluctance of each section is determined by the following:

RPMg = hpm

μ0lst lpm
(
1 − Kfill,pm

) . (37)

The geometry of the outer flux barrier can be approximated
as a trapezoidal shape, and the reluctance of this region can be
calculated as follows:

R f bo = h f bo

μ0lst (Wf bo2 − Wf bo1
) ln

(
Wf bo2

Wf bo1

)
. (38)

The reluctance of the inner flux barrier can be modelled
by two separate reluctances connected in parallel. The first
part corresponds to the tangential extension of the flux barrier,
which has a rectangular shape, and the second part is the
triangular shape of the inner barrier.

The reluctance of the air gap facing one pole Rairgap can be
calculated by the following:

Rairgap = rout + g
2

μ0
ln

(
1 + geff

rout + g
2

)
(39)
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where is geff is the effective length of the air gap considering
the effects of stator slots by means of Carter’s factor

geff = gKcarter (40)

Kcarter = τslot,t

τslot,t − Wso,eq
(41)

Wso,eq = 2

π

(
tan

(
Wso

2g

)
− 2g

Wso
ln

(
1 +

(
Wso

2g

)2
))

(42)

where Wso,eq is the equivalent slot opening in which the flux
density is zero [22].

The thickness of central and tangential bridges is constant.
Therefore, the reluctance of central and tangential bridge is
determined by the following:

Rbc = hbx

μ0μ f e,bclst
wbi
2

(43)

Rbt = hbt

μ0μ f e,bt lstwbo
(44)

hbt =
(

rout + Wbo

2

)
(πγ ) (45)

where hbt is the equivalent width of the tangential bridge,
μfe,bc and μfe,bt are the relative recoil permeability of the iron
in the central and tangential bridges, respectively.

According to Kirchhoff’s MMF law, the total MMF drops
in a closed-loop circuit is equal to the total of the MMF
sources.

For the simplified equivalent circuit shown in Fig. 6, the
MMF of the rotor due to the magnets Fr,pm can be calculated
by the following:

Fr,pm = 2ϕpmReq (46)

2ϕpm = ϕpm,l + ϕ f bi + ϕ f bo + ϕbc + ϕbt + ϕg (47)

where Req is the equivalent reluctance seen from the source or
magnet, and it can be determined by the following:

Req = 1
2

RPM
+ 2

R f bi
+ 2

R f bo
+ 2

Rbc
+ 2

Rbt
+ 1

Rg

. (48)

It should be noted that all the methodologies taken into
account for reducing the resistive network, including se-
ries/parallel combination and voltage/current division, can be
applied to lumped parameters magnetic circuit.

Finally, the air gap flux density can be calculated as follows:

Bg = ϕg

Ag
(49)

Ag = τpoleLst (50)

where Ag is the cross-sectional area of pole pitch.
The air gap flux density distribution in PM machines can

be approximated by a square or trapezoidal shape [35], [36],
[37]. Generally, the trapezoidal waveform is usually consid-
ered to analytically calculate the air gap flux density in the
IPM machine, as depicted in Fig. 7.

FIGURE 7. Equivalent distribution of air gap flux density in no-load
conditions.

FIGURE 8. Comparison of the first harmonic of air gap flux density versus
the β angle.

The shape of the trapezoidal function depends on mag-
netic polar pitch αPM and barrier angle γ . According to the
geometric parameter of the machine presented in Fig. 2, the
trapezoidal function can be yielded

Bg (θm) =

⎧⎪⎪⎪⎪⎪⎨
⎪⎪⎪⎪⎪⎩

0, 0 ≤ θm ≤ θ1
Bmax
θ2−θ1

(−1)θm , θ1 ≤ θm ≤ θ2

Bmax(−1)θm , θ2 ≤ θm ≤ θ3
−Bmax
θ4−θ3

(−1)θm , θ3 ≤ θm ≤ θ4

0, θ4 ≤ θm ≤ π
P + θ1

. (51)

To validate the analytical procedure, several IPM machines
have been modelled, keeping fixed the outer radius of the rotor
(rout = 150 mm) and changing the angle between magnets
from the minimum possible to 180°.

It should be remarked that the length of the magnets in
this analysis varies with respect to the β angle. Fig. 8 com-
pares the fundamental harmonic amplitudes of the waveforms
computed analytically and by FEM. As seen, there is a good
matching between the results, in particular for practical values
of the β angle.

B. STATOR MMF
The winding diagram and winding function waveform of
phase A for a two-pole machine are depicted in Fig. 9, where
θ r is the angular position in the stator reference frame, and
Nph denotes the number of turns in series per phase.
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FIGURE 9. Winding function of phase A.

Generally, the Fourier form of winding function for phase
A can be written as follows:

N (θr )

=
∞∑

h=1, 2, 3, ...

(−1)(k−1) 2NphKw,2h−1

πP

Cos ((2h − 1) (θr ))

(2h − 1)

(52)

where h is the harmonic order and Kw,h is the hth harmonic of
winding factor.

The injected current in the winding for an m-phase machine
can be given as follows:

Ia, b, c, ... = ImaxCos

(
ωt − ( j − 1)π

m
+ ϕ

)
,

j = 1, 2, . . . ,m (53)

where Imax is the magnitude of current per phase, ω is the
electrical angular frequency, and ϕ is the angle of phase cur-
rent with respect to the d-axis, and j denotes the index of each
phase.

For a three-phase machine, the stator MMF generated by
the distributed stator winding can be written by the currents is
obtained by the following:

Fst (θr, t )=NaIa + NbIb + NcIc (54)⎧⎪⎪⎪⎪⎨
⎪⎪⎪⎪⎩

Na = ∑h
k=1, 2, 3, ... (−1)(k−1) 2NphKw,2h−1

πP
Cos((2k−1)θr )

2k−1

Nb =∑h
k=1, 2, 3, ... (−1)(k−1) 2NphKw,2h−1

πP

Cos
(

(2k−1)
(
θr− 2π

3

))
2k−1

Nc=
∑h

k=1, 2, 3, ... (−1)(k−1) 2NphKw,2h−1
πP

Cos
(

(2k−1)
(
θr− 4π

3

))
2k−1

(55)

Fst (θr, t ) =
∑h

k=1, 2, 3, ...
Fst,max,2h−1 cos

{
(2k − 1)

×
(
θr + (−1)(k−1) (ωt + ϕ)

)}
(56)

Fst,max,h = 3
NphKw,h

Phπ
Imax. (57)

To simplify the analysis, it is possible to decompose the
stator current into d-axis and q-axis components. Therefore,
the MMF of the stator can be divided into the d-axis and
q-axis components. This also allows to approach the design

and analysis of the machine in a more pragmatic manner

Fst (θr, t ) =
d−axis MMF︷ ︸︸ ︷
Fst,d (θr, t ) +

q−axis MMF︷ ︸︸ ︷
Fst,q (θr, t ) . (58)

C. ROTOR MMF
Rotor MMF composes of two components, rotor MMF gen-
erated by magnets Fr,PM and rotor MMF produced by the
magnetic potential of the stator Fr,a

Fr = Fr,PM + Fr,a. (59)

The rotor MMF created by magnets is related to the air gap
flux density and it can be expressed as follows:

Fr,PMh = Rgϕg,h = μ0

g
Bg,h. (60)

Note that applying the MMFs superposition (59), the airgap
flux density waveform at load condition can be computed,
assuming negligible the rotor pole and stator core saturation
in presence of slot currents .

The approximately infinite permeance region above the
magnetic barriers results in an equipotential area on the top
surface of the flux barrier. The magnetic voltage drop across
the magnetic barrier is represented by the waveforms of the
rotor MMF created by the stator MMF [38], [39]. In this cir-
cumstance, the magnets are deactivated, and only the impact
of the flux barriers on the rotor MMF is taken into account. A
similar magnetic circuit represented in Fig. 6 can be employed
to calculate the Fr,a replacing the magnets with air. By solving
the magnetic circuit under this condition, the value of Fr,a can
be computed by the following:

Fr,a =
∞∑

h=1,3,5, ...

Fr,ah cos ((h ± 1)ωt ∓ ψ ) (61)

where ω is the angular position of rotor, and ψ is the current
angle.

D. ELECTROMAGNETIC TORQUE CALCULATION
The electromagnetic torque may be computed by means of
the Lorentz force law along the air gap surface, and it can be
expressed as follows [39], [40], [41], [42]:

Tele =
(

rout + g

2

)
Lst

∫ 2πP

0
BairgapdFst

= P
μ0

g

(
rout + g

2

)
Lst

[ ∫ 2π

0
Fr

dFst

dθ
dθ

−
∫ 2π

0
Fst

dFst

dθ
dθ

]
. (62)

Considering the periodicity of the stator MMF, the second
part of this integral is equal to zero. So, the electromagnetic
torque equation can be written as follows:

Tele = P
μ0

g

(
rout + g

2

)
Lst

∫ 2π

0
Fr

dFst

dθ
dθ. (63)
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Substituting Fourier forms of the stator and rotor MMF
into electromagnetic torque equation, it is possible to compute
both average torque component resulting from the funda-
mental component and torque ripple due to the harmonic
components

Tave = πFst,1Fr,1 sin (ψ ) (64)

Tripple =
∞∑

h=6m±1
m=1,2,3, ...

[
hFst,hFr,h sin ((h ± 1)ωt ∓ ψ )

]
(65)

Tele = Tave + Tripple. (66)

E. STATOR LAMINATION GEOMETRY
Neglecting the leakage, the maximum flux in the stator back-
iron is half of the flux generated in each pole. Therefore, the
thickness of the stator back-iron can be calculated as follows:

ϕpole

2
= Kf eBcs,maxLcsLst (67)

Lcs = Bg,fund

2PKf eBcsLst
παPMrs, i (68)

where ϕPM is the generated flux density in each pole, Kfe

is the stacking factor, Bg,fund is the fundamental component
of air-gap flux density, Bcs is the maximum permissible flux
density in the stator back-iron, and Lst is the axial length of
the machine.

The slot dimensions can be obtained on the basis of the
required cross-section of conductive materials or copper ACu

that is chosen to satisfy the cooling specifications. However, to
have more accurate slot geometry, this area should be adjusted
with respect to the conductor’s shapes, insulation thickness
(e.g., slot liner), and winding arrangement. For this purpose,
slot fill factor KCu,fill is considered to have a more realistic
slot geometry. The useful area of the slot can be calculated as
follows:

Aus = ACu

KCu, fill
. (69)

It should be highlighted that high slot fill factor results in
reducing the resistance, copper Joule loss, thermal resistance,
and temperature rise. The highest slot fill factor can be around
0.4–0.5 for the coils with random wound conductors. How-
ever, it can be as high as 0.8 by means of uninsulated and
rectangular conductors or hairpin winding [24], [43].

The maximum value of flux density in the stator tooth Bts

is considered a design constraint during the sizing procedure.
This value can be validated in the tooth section. Neglecting
the leakage, the width of the stator teeth can be calculated
by taking into account the flux density over a slot pitch as
follows:

Wtt = Bg,fund

Kf eBts
τslot (70)

FIGURE 10. Conventional slot shape. (a) Trapezoidal slot. (b) Rectangular
slot.

where the slot pitch τ slot at the inner radius of the stator can
be calculated by the following:

τslot = 2πrs,i

Q
. (71)

Subsequently, the top width of the stator slot can be calcu-
lated as follows:

Wst = 2πrs,i

Q
− Wtt . (72)

However, the thickness of slot enclosure hr should be
considered for the calculation of slot geometry in case of
semi-closed slot shape. So, the stator slot width is evaluated
at the radius rh

hr = hls + hes (73)

rh = rs,in + hr (74)

where hls and hes are the stator tooth tips as shown in Fig. 1
If the stator tooth tips are very thin or tapered, they are
liable to saturate and increase the slot opening, leading to
increasing the slot ripple and consequently cogging and rotor
eddy-current loss.

Generally, the stator slot can have a trapezoidal shape, so-
called parallel tooth, in which the width of the stator teeth
is constant along the radial direction as shown in Fig. 10(a),
or they can have a rectangular shape, so-called parallel slot,
in which width of the stator teeth increase over the radius as
shown in Fig. 10(b).

For the trapezoidal slot shape, since the width of the stator
tooth is constant, the bottom width of the slot can be computed
using the following equations:

Wtt = Wtb (75)

Wsb = Wst + 2πhus

Q
(76)
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FIGURE 11. Conventional lumped-parameters thermal network for the
temperature prediction of different parts of an electrical machine.

hus =
−QWst

π
+
√(

QWst
π

)2 + 4Q
π

Aus

2
. (77)

Knowing the useful area of slot Aus and the top width of the
stator slot Wst, the useful height of the slot for the rectangular
shape can be computed by the following:

hus = 2Aus

(Wst + Wsb)
. (78)

Obviously, the bottom width of stator slot Wsb is equal to
the top part in case.

The total height of slot hts and total area of slot Ats can be
respectively calculated by the following:

hts = hus + hes + hls = hus + hr (79)

Ats = Aus + Wsohes + Wso + Wst

2
hls. (80)

In addition, the dimensions of the stator tooth can be com-
puted as follows:

Wtt = 2πrh

Q
− Wst (81)

Wtb = 2πrh

Q
− Wsb. (82)

Finally, the external radius of the stator can be calculated
by taking into account the slot dimensions and the length of
the stator back-iron.

Some fillets are applied during the manufacturing process
for the sharp edges and corners (i.e., stator slots and rotor
cavities). It should be pointed out that these manufacturing
aspects are not taken into account during the design stage.

V. THERMAL MODELING
The simplified lumped parameters thermal network (LPTN)
illustrated in Fig. 11 has been employed to perform a prelim-
inary thermal assessment of the designed machine. Several
thermal resistances and capacitances are considered in this
thermal network to predict the temperature accurately. In this
model, the thermal resistances and capacitances are calculated
based on the machine geometry of the designed machine.
The calculation of thermal capacitance and resistances can be
found in model [44], [45], [46].

Generally, the total value of losses on the rotor (including
iron losses on the rotor core, magnet loss, and mechanical

loss), winding Joule losses, and iron losses on the stator core
are taken into consideration for the thermal analysis. It is
worth noting that the designer should set the mechanical loss
during the sizing procedure as the percentage of the rated
power of the machine. The temperature in the different nodes
of the thermal network can be computed by solving the differ-
ential equations:

dϑrotor

dt
= Protor

Crotor
+ ϑairgap − ϑrotor

CrotorRairgap
+ ϑa − ϑrotor

CrotorRR,fix
(83)

dϑcu

dt
= Pjs

Ccu
+ ϑairgap − ϑcu

CcuRcu
(84)

dϑairgap

dt
= ϑys − ϑairgap

Cteeth
(
Rteeth + Rys1

) + ϑcu − ϑrotor

CteethRcu

+ ϑrotor − ϑairgap

CteethRairgap
(85)

dϑys

dt
= PFe

Cys
+ ϑairgap − ϑys

Cys
(
Rteeth + Rys1

) + ϑs,fix − ϑys

Cys
(
Rys2 + Rig

)
(86)

dϑs,fix

dt
= ϑys − ϑs, f ix

Cs, f ix
(
Rys2 + Rig

) + ϑa − ϑs,fix

Cs, f ixRs,fix
(87)

where in the above equations, the parameters are defined as
follows:
ϑrotor is the temperature of the rotor;
ϑairgap is the temperature at the machine air gap;
ϑcu is the winding temperature;
ϑys is the stator yoke temperature;
ϑsfix is the stator fixture temperature;
ϑa is the ambient temperature;
Crot is the thermal capacitance of the rotor yoke and mag-

nets;
CR,fix is the thermal capacitance of the rotor fixture;
RR,fix is the thermal resistance of the rotor fixture;
Rairgap is the thermal resistance of air gap;
Rcu is the thermal resistance between the stator winding and

stator core;
Rhsg is the thermal resistance of housing;
Rteeth is the thermal resistance of stator teeth;
Chsg is the thermal capacitance of housing;
Ccu is the thermal capacitance of the stator winding;
Cteeth is the thermal capacitance of the stator teeth;
Rys1is the thermal resistance of the inner yoke;
Rys2is the thermal resistance of outer stator yoke;
Cys is the thermal capacitance of the stator yoke;
Rig is the thermal resistance of the interface airgap between

the stator core and its fixture.

VI. GEOMETRICAL DESIGN PROCEDURE OF IPM
MACHINE
In the geometrical design methodology, the rotor geometry is
incrementally scaled up step by step to achieve the desired
torque value while maintaining the magnet thickness constant.
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FIGURE 12. Iterative design procedure.

A similar procedure has been applied to design induction ma-
chines and inner or outer surface-mounted PM machines [47].
This approach allows for computing the machine specification
very fast and with reasonable accuracy, thanks to MEC in this
specific case.

The iterative design technique involves three initial input
categories as follows.

1) Rated specifications: Base torque, base speed, maxi-
mum speed, terminal voltage, and number of poles.

2) Winding specification: Winding type (single or double
layer), reduced pitch (defined as the number of stator
slots), and the number of stator slots.

3) Design constrains: Electromagnetic and mechanical
properties of soft and hard materials, thickness of mag-
nets hPM, air gap length, the ratio of the axial length
of the machine over air gap diameter (aspect ratio) λ,
magnet polar pitch αPM, the angle between two mag-
nets β, slot opening Wso, stator current density Js, and
maximum value of the stator electrical loadability A×Js.

The initial step in the geometrical design procedure in-
volves constructing the rotor geometry. To ensure a feasible
geometry, the following conditions are imposed.

1) The minimum length of the magnet lpm,min should be
equal to or larger than the magnet thickness hpm (lpm,min

≥ hpm).
2) The calculated inner diameter of the rotor should be

equal or larger than the minimum inner diameter of the
rotor (Dr,in ≥ Dr,in,min).

3) The minimum slot pitch should be equal to or twice time
larger than the slot opening, τ slot ≥ 2Wso.

After establishing the basic parameters that identify the
layout of the rotor, the air gap diameter is gradually increased,
as shown in Fig. 12 up to the time the imposed constraints are
satisfied, and the torque performance is reached.

The thicknesses of the tangential and central bridges are
evaluated from the structural point of view at each step based
on the yield strength of the materials. It is important to note
that the designer should initially specify a minimum thickness
for the tangential and central bridges. However, these values
will be reevaluated during the design process. This decision is
made to account for manufacturing constraints and expedite
the calculation process. In practice, achieving bridge thick-
nesses less than a fraction of a millimeter can be challenging.
As explained earlier, the stress concentration and safety

FIGURE 13. Tapered slot design.

factors should be applied to guarantee the safe operation of the
rotor. The safety factor (1 < Ksafe ≤ 2) can be imposed by the
designer, while the stress concentration factor is obtained by
means of a FEA-aided method. This approach can minimize
the computational time and improve the design process of the
machine. It is worth highlighting that the fillet factor is kept
constant to rfillet = 0.2 mm for mechanical stress calculation.
Increasing the fillet factor on the barrier’s edges can reduce
the stress value in these areas.

Knowing the machine geometry makes it possible to derive
an equivalent magnetic circuit to calculate the rotor MMFs as
explained in detail in Section IV-C.

During the sizing procedure, it is usually assumed that the
permeability of the stator teeth and yoke are infinite, and there
is no MMF drop in these regions. However, in actual operating
conditions the stator region experiences nonnegligible satura-
tion, especially in the stator teeth. This saturation results in
a considerable portion of the air gap magnetic flux passing
through the slot air rather than going through the stator teeth.
Consequently, this issue leads to an underestimation of the
necessary MMF required to obtain the desired output torque.
This MMF drop can be calculated by means of a recursive
procedure as reported in detail in papers [48], [49]. This MMF
drop can be incorporated into the stator MMF in each step to
enhance the accuracy of the electromagnetic design.

The exit condition of the proposed design procedure is an
important step in obtaining an appropriate electromagnetic
design. Although, for any values of the outer diameter of the
rotor satisfying the torque constraint, the stator lamination
design routine provides a slot geometry, for small air gap di-
ameter may converge to a solution in which the outer diameter
of the stator is relatively large, and the slot shape might not be
feasible as shown in Fig. 13

To avoid this condition and acquire a proper design, the
maximum product of the linear current density A and the
current density Js, that is, the stator electrical loadability of
the machine, was defined as an input parameter in the pro-
posed approach.

It is worth noting that A × Js product is directly related
to the thermal dissipation of the generated loss in the wind-
ing and rotor diameter, and it should be chosen carefully
considering the thermal management system. However, some
margin should be conveniently kept considering that other loss
components are active in the machine, namely the iron losses,
particularly on the stator. In literature, graphs showing the A
trends function of the rotor diameter and the values of Js and
A×Js are available. The selection of the A×Js product is often
based on the basis of the designers’ experience.
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FIGURE 14. Flowchart of the iterative design process for IPM machines.

Finally, all the geometric and winding parameters are com-
puted. Apart from the geometric parameters, the design tool
can also compute the weight, losses, equivalent circuit param-
eters, and temperature of different parts of the machine. The
designer can choose the step size of the iterative design. Once
basic choices about the expected machine dimensions are
made. This can significantly reduce the computational time
during the design procedure. Fig. 14 represents the design
process flowchart for the V-shaped IPM machine, which is
based on a progressive increase in rotor diameter.

It is worth mentioning that the designer has the flexibility to
set the step size for the iterative design process. By carefully
selecting the step size, the designer can substantially acceler-
ate the design and analysis phases, making the process more
efficient and less time-consuming.

In the proposed sizing approach, the design not only meets
torque requirements but also aligns with efficient control
strategies by incorporating an analysis of the maximum torque
per ampere (MTPA) control mode. This aspect involves eval-
uating the optimal current phase angle for maximizing torque
by systematically varying the current angle from 0° to 90°
and computing the resultant torque for each angle. This thor-
ough examination ensures that the design can operate at peak

TABLE I Input Parameters Kept Fixed for the Two Designed Models

FIGURE 15. Schematic of two design models.

efficiency by utilizing the best possible current phase angle for
torque production.

By integrating this MTPA control analysis into the itera-
tion process, the design methodology considers the interaction
between design parameters and control strategies. This in-
tegration is crucial for developing a machine that performs
optimally under practical operating conditions.

It is important to note that including MTPA control analysis
increases computational time due to the additional calcula-
tions required to identify the optimal current phase angle.
However, this added complexity is justified by the valuable
insights it provides, ultimately leading to a more robust and
performance-optimized design.

VII. CASE STUDY
In order to validate the presented design procedure, two V-
type IPM machines having different numbers of poles and
rated torque have been designed. In detail, an 8-pole IPM
motor with β = 90° called “Design I,” and one 10-pole IPM
machine with β = 140° called “Design II,” were designed
based on the proposed approach.

Some of the design input parameters have been kept fixed
for the two machines, as reported in Table I. The main charac-
teristics of the designed examples, including dimensions and
the electrical parameters, are reported in Table II. Also, the
schematic of the designed models is represented in Fig. 15.

The computations for this study were conducted on a com-
puter equipped with an Intel Core i7-2670QM CPU @ 2.20
GHz, 16 GB RAM, running Windows 7. The computational
times for the provided design examples, Design I and De-
sign II, were 7.6 and 8.2 s, respectively. It is worth noting that
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TABLE II Main Parameters of the Designed Machines

FIGURE 16. Distribution of magnetic flux density in the machine.
(a) “Design I.” (b) “Design II.”

the inner diameter of the rotor for each design was set to zero.
These results demonstrate the efficiency of the proposed siz-
ing approach, highlighting its suitability for rapid preliminary
design iterations.

A. FINITE-ELEMENT VALIDATION
As the first step of evaluation, the designed machines were
modelled at no-load and load conditions by means of numeri-
cal 2D-FEM and their main parameters were calculated.

Fig. 16 shows the magnetic flux distribution of three de-
signs at no-load conditions for “Design I” and “Design II.”
The maximum permissible values of flux density in the stator
yoke and stator teeth are in the range of input design parame-
ters as reported in Table 1.

The two design models have been also assessed at load
condition varying the phase of the vector current from zero
degrees, where phase A is aligned with the q-axis at 90°,

FIGURE 17. Comparison of torque–current angle characteristic curves of
“Design I” and “Design II,” obtained by analytical procedure and FEM.

FIGURE 18. Distribution of mechanical stress in “Design I” at 9 k(r/min).
(a) Von Mises stress. (b) Displacement.

where phase A is aligned with the d-axis, and torque were
calculated.

Fig. 17 shows the output torque versus the current angle
of the designed models as determined both through numerical
FEM simulations. Clearly, the estimated torque aligns excep-
tionally well with the FEM results.

Upon comparing the outcomes presented in Fig. 16 with
the specifications outlined in Table 2, it becomes apparent
that the computational error for the designed models remains
below 3%. This difference highlights the remarkable preci-
sion of the design process. However, it is important to state
that this computational difference might slightly increase for
extremely small and large values of β.

It is worth highlighting that the torque calculation is capa-
ble to compute both reluctance and PM torque components
precisely. In addition, it offers the ability to swiftly determine
the angle at which the maximum torque occurs.

Furthermore, the torque ripple of the machines is evaluated
using both analytical and FEM methods, with a calculation
error of around 6%. This calculation error can be reduced by
considering higher harmonics during the calculation.

The machines have also been simulated in ANSYS Me-
chanical to assess structural integrity of the rotors and ascer-
tain the maximum stress levels and displacements occurring
within the rotor. Figs. 18 and 19 demonstrate the distribution
of Von Mises stress and rotor displacement resulting from
centrifugal forces within the rotor structure of “Design I” and
“Design II,” respectively.

The computed maximum Von Mises within the machines
are consistently below the yield stress of the lamination mate-
rials, remaining under 315 MPa. In detail, the maximum Von
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FIGURE 19. Distribution of mechanical stress in “Design II” at 10.5
k(r/min). (a) Von Mises stress. (b) Displacement.

TABLE III Temperature in Different Parts of the Machine Calculated
Analytically and by Motor-CAD

Mises stress are concentrated in the central bridges, where
substantial centrifugal forces are at play. For Design II, the
maximum stress reaches 298 MPa, while for Design I, it is
312 MPa.

The presented results can show the effectiveness of the
proposed calculation methodology for the stress concentration
factor. It should be mentioned that no safety factor was applied
for the design examples. Applying a safety factor can maintain
the possible discrepancies during the sizing stage.

It is worth emphasizing that the determination of the thick-
ness for both central and bilateral bridges take into account
the material properties and maximum rotational speed of the
rotor. In practice, specific fillet radii are implemented along
sharp edges, and certain bumps are usually placed near the
corners of cavities to mitigate stress concentrations.

B. THERMAL EVALUATION
The steady-state temperatures across various machine parts
were calculated using the presented LPTN and compared with
a commercial software. Due to the dependency of thermal
analysis on machine losses, material volumes, and their prop-
erties, only “Design I” was assessed to validate the thermal
model. Table III presents a comparison of average temper-
atures values for critical machine parts (including magnets,
winding, stator, and housing) calculated by the LPTN model
and ANSYS Motor-CAD. Strong agreement is observed be-
tween the results.

VIII. CONCLUSION
This article proposed a comprehensive multidomain sizing al-
gorithm tailored for V-shape IPM machines. The methodology
combines geometric design principles, magnetic equivalent
circuit analysis, mechanical stress calculations, and torque es-
timation within a cohesive framework. A versatile geometric
model, driven by mathematical equations, integrates with an
efficient stress calculation algorithm, finetuned through FEM-
based design of experiments. To validate the precision of the
proposed sizing methodology, two examples of V-shaped IPM
machines were sized and subjected to FEM assessment. The
successful achievement of target torque and maximum me-
chanical stress values validates the accuracy of the proposed
sizing algorithm, firmly establishing its effectiveness for the
initial stages of IPM machine design.
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