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ABSTRACT Ferromagnetic materials, such as ferrites, are employed for magnetically tuned radio frequency
(RF) circuits. Ferrites exhibit both electric permittivity and magnetic permeability and independent RF
characterization of these two properties is crucial for accurate design and modeling of RF circuits. A
method that independently extracts each property over Wi-Fi frequencies is presented here, where complex
permittivity and permeability of ferrite nano-particles are extracted using resonance frequency sensitivity of
a 3D printed metallic cavity to various samples under test and their placement in the cavity. Air-filled 3D
printed rectangular cavity using acrylonitrile butadiene styrene (ABS) are shielded using copper sheets; the
structure of air-filled cavity is designed to excite TE101z as the dominant resonance mode that resonates at
2.4 GHz. A cylindrical shape material under test (MUT) was added to the cavity at different positions for
high electric and magnetic fields, while the resonant frequency change and degradation in quality factor of
the resonant cavity are employed for accurate independent extraction of electric permittivity and magnetic
permeability of MUT. The sample was prepared with volumetric distribution of 60:40 nanoparticles to glue
ratio. In particular, a 3D printed composite sample of ABS with NiFe2O4 magnetic nanoparticles is placed
in positions of high electric or high magnetic energy densities of the metallic cavity, while any changes in
resonant frequency and its frequency selectivity are observed from the cavity insertion loss characteristics.
Both perturbation theory (as analytical) and finite element method (as numerical) techniques are employed for
extraction of complex permittivity and permeability of NiFe2O4. The perturbation theory provides accurate
extraction, which is also numerically confirmed using curve fitting of the full wave simulated scattering
parameters to the measured results.

INDEX TERMS Magnetic nanoparticles, NiFe2O4, magnetic permeability, electric permittivity, 3D printing,
ABS, resonant cavity, perturbation theory, numerical extraction, finite-element method (FEM), resonant
frequency, quality factor.

I. INTRODUCTION
Tunable radio frequency (RF) circuits are of great interest for
advanced telecommunication systems. Tuning the resonance
frequency of RF components extends the operating frequency
range and enhances information security using frequency hop-
ping techniques. In order to mitigate loading parasitic ef-
fects of frequency control circuits, it is prudent to employ

ferromagnetic materials as tunable elements since it could
be tuned by an externally applied magnetic field. Utilization
of such materials is shown as self-biased by applying dif-
ferent thickness of NiCo ferrite film on patch antenna [1]–
[2]. Another paper uses FeCo for antenna tuning after per-
forming extraction using annular ring resonator [3]–[4]. The
most important and common step among all reported papers

This work is licensed under a Creative Commons Attribution 4.0 License. For more information, see https://creativecommons.org/licenses/by/4.0/

VOLUME 1, NO. 2, APRIL 2021 639

https://orcid.org/0000-0002-1780-2857
https://orcid.org/0000-0002-3293-8947
https://orcid.org/0000-0003-3681-1748
mailto:daryousa@drexel.edu


ALHASSOON ET AL.: COMPLEX PERMITTIVITY AND PERMEABILITY EXTRACTION OF FERROMAGNETIC MATERIALS

dealing with ferromagnetic materials is the characterization
of the material at high frequency before proceeding with the
design of RF circuits for different applications [5]–[6]. There
are various materials that have been studied and used for
RF applications such as Fe60Co40, NiFe2O4, and NiZnFeO
magnetic nanoparticles as reported in the literature [7]–[8].
These physical characteristics of these materials vary based
on the compound material, nanoparticle size, and the prepared
ferromagnetic samples’s structures.

Several approaches have been recently employed for char-
acterization of all physical properties at radio frequencies:
specifically, the extraction of ferromagnetic materials at
high frequencies. The LCR Meter, Impedance Analyzer, and
Nicholson-Ross-Weir (NRW) waveguide methods are well-
known techniques that have been utilized to characterize ma-
terials at low frequency bands of under 1 GHz [9]. Malal-
lah et al. reported microstrip transmission line and annu-
lar ring resonator to characterize ferromagnetic properties
of Fe60Co40 nanoparticles material, since their permittivity
is negligible [3]. The extraction of complex permeability of
Fe60Co40 magnetic nanoparticles was achieved using best fit-
ting of simulated to measured scattering (S)-parameters re-
sults of an enclosed annular ring resonator, while others em-
ployed TEM transmission line, such as coaxial discontinuity,
test fixture, strip line [10]–[14] for extraction of permeabili-
ties. Each method has a percentage error associated with the
extraction procedure; for example, NRW method has reported
an error of 5.8% over 1–10 GHz [9]. The TEM line extraction
techniques are not convenient for accurate characterization
of permittivity and permeability since electric and magnetic
parameters and their contributions to electromagnetic energies
are indistinguishable in TEM line printed circuit topologies.
The proposed characterization method in this paper is based
on rectangular metallic resonant cavity, where either elec-
tric or magnetic energies dominates at different positions.
The placement of the ferrite sample accordingly could be
employed to independently quantify electric permittivity or
magnetic permeabilities.

Circular or rectangular [15]–[16] cavity structures have
been utilized to characterize materials. The rectangular cavity
resonator from a standard X-band waveguide was utilized
to perform the measurement with and without the sample to
extract the complex permeability of Nickel-Zinc ferrite-epoxy
composite by perturbation technique [16]. The modified
waveguide cavity was manufactured to have a slot on the top
side to insert a rectangular shape sample. The measurement
was performed on the sample that was placed in the middle
of the cavity at odd and even modes [16]–[23]. This method
of measurement and extraction was also reported by Zhu
[11] where a slab was used instead of a rectangular sample.
However, the same approach but with a cylindrical sample
and a small radius in comparison to the cavity size is believed
to have more accurate results. Another reported result show
that performing the measurements at the same mode but
at different sample positions based on the field strength of
mode TE104 could be implemented [24]. It was found that the

FIGURE 1. The air filled rectangular metallic cavity resonates at 2.4 GHz
for dominant TE101z mode. a) Cavity dimensions and model; b) comparison
of insertion loss of the first three modes using a bulk copper (σcopper) as
material covering cavity versus a copper sheet metal with the fitted
conductivity (σcopper/100).

least square fit technique is the most reliable characterization
procedure [25]. An improved rectangular cavity approach
was reported by Jha [26], where the sample was placed
horizontally to have higher field interaction. In this paper, a
characterization procedure by using perturbation theory and
curve fitting is reported. This is based on the measurement
performed with 3D printed metallic cavity before and after
introducing the ferromagnetic material under test (MUT).

II. DESIGN AND MODELING OF 3D PRINTED CAVITY
The design of air-filled metallic cavity was performed at
2.4 GHz, where dominant mode of TE101 is excited as TEz.
The dimensions of the cavity were calculated initially based
on [26]:

f0 = 1
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( pπ

d
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where a, b, and d are the dimensions of the cavity as shown in
Figure 1a; while m, n, and p are integer numbers designating
the number of half cycles of the standing waves in x, y, and
z directions. Two SMA connector soldered along the z axis
to excite transverse plane electric fields required for TEz in
the metallic cavity. For this specific excitation there is limited
information in the literature in regard to the optimum method
of excitation. To maximize the coupled power to the cavity,
the excitation is supposed to be strategically located for the
optimum excitation of TE10z traveling mode; the first three
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TABLE 1. Calculation Of The Dominant Mode Of Electric And Magnetic
Energy Densities For 1W Power Excitation

modes are shown in Figure 1b, when b<a<d. The unperturbed
electromagnetic fields expression for the dominant TE101z for
the air-filled cavity is expressed as:
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It is important to note that the insertion loss reduces with
lossy conductive materials. For example, Figure 1b depicts
this phenomenon after considering the ohmic losses due to
the lower conductivity of the oxidized copper sheet used to
shield the 3D ABS printed cavity [27]. This is a crucial step
as it will affect the curve fitting procedure later by reducing
the achieved quality factor. The estimated conductivity of the
copper sheet enclosure is lower by two orders of magnitude
compared to the non-oxidized copper conductivity of 5.8x105

S/cm; hence, the skin depth increases to be 13μm which is
ten times higher than the non-oxidized copper skin depth. As
a result, extra loss is introduced due to leakage of electromag-
netic fields to the ABS enclosure. The comparison between
the numerical and analytical approach in term of electric and
magnetic field and related energy densities are listed in Ta-
ble 1, where analytical expressions 2 and 3 are used for these
calculations. Our numerical modeling of the perturbed cavity
with ferrite samples is based on the full wave modeling using
finite element method (FEM) simulations; particularly our
FEM modeling of cavity structures are based on the Ansoft’s
high frequency structure simulator (HFSS).

Term ZTE is defined in terms of resonant frequency of
cavity and is expressed in unit of � as 377/

√
1 − fc/ f0. It

can be seen clearly that simulation and the analytical cal-
culations are matched for the air-filled cavity, which is the
baseline for our measurement [28]. The dominant excited
mode was TE101z which was used for extraction since it is
suitable for perturbational method because the maximums of
electric and magnetic fields are at 2 different locations in the
cavity. Therefore, based on the measurement type that is going

FIGURE 2. The simulated strength of perturbed electromagnetic fields for
resonant cavity with cylindrical 3D printed ABS sample of r=4mm, h=5mm
placed for 1 W excitation; a) MUT placed at peak electric field of P1. Red is
peak of 3kV/m and dark blue is 0 V/m in steps of 0.4kV/m.; b) MUT placed
close to wall at position P2. Red is peak of 8A/m and dark blue is 0 A/m in
steps of 1 A/m.

to be performed, the sample could be inserted at maximum
electric field intensity (P1: center) or magnetic field intensity
(P2: close to walls), as shown for fields in Figure 2.

This characterization technique has the advantage of ex-
tracting complex permittivity and permeability individually
using perturbation theory, as long as sample volume is sig-
nificantly smaller than cavity volume. However, the volume
of the sample must be small with respect to the cavity which
means it has to be less than one tenth the volume of the cavity.
The perturbation theory is based on approximating the revised
field intensity due to placement of sample remains very sim-
ilar to the empty cavity case. By measuring the change in
the resonance frequency and quality factor, when the MUT
is placed at either maximum electric or magnetic fields [29]
for the dominant mode, then the complex permeability and
permittivity could be quantified. This change in resonance
frequency due to a sample is represented [29]

ω − ω0

ω0
= −

∫∫∫
VS

(
�εE.E∗

0 + �μH.H∗
0

)
dV∫∫∫

V0

(
ε0E.E∗

0 + μ0H.H∗
0

)
dV

(4)

where E0 and H0 represent the un-perturbed electric and
magnetic fields, and ω0 resonance frequency of the air-filled
cavity; while E, H and ω correspond to the perturbed case.
�ε and �μ are the change in the permittivity and permeability
after introducing the MUT. V0 and Vs are the volumes of the
full cavity and sample, respectively. This is the starting step
to quantify the complex permittivity and permeability. Pertur-
bation technique is based on the assumption that the fields
remain almost the same after introducing the small sample.
Moreover, once the sample is placed at either maximum elec-
tric or maximum magnetic field intensities, the corresponding
magnetic or electric energy densities are very small and can
be ignored.

Based on the resonance principle, an equi-partition of the
electric and magnetic energy densities correspond to We =
Wm:

ε0

∫∫∫
V0

(|E0|2
)

dV = μ0

∫∫∫
V0

(|H0|2
)

dV (5)
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Thus, using equipartition of energy and recognizing sample
is placed at high electric energy density and zero magnetic
energy (i.e., position P1), then (4) is approximated:

ω − ω0
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≈ −

∫∫∫
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�ε
(
E0.E∗

0

)
dV

2ε0
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dV
(6)

Meanwhile, the difference in permittivity is represented by
�ε = ε − ε0 with ε = εrε0, while the complex relative per-
mittivity is εr = ε′

r − jε′′
r . Therefore, (6) is approximated to

even a simpler expression for a sample placed in the position
P1 of a maximum electric energy, while magnetic energy is
minimized:
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Adding the sample into the air-filled cavity introduces ad-
ditional losses to the system. In fact, a complex angular fre-
quency represented as ω = ωr − jω j , which relates real part
of electric permittivity to change in resonant frequency and
imaginary part of electric permittivity to the cavity quality
factor as Q ≈ ωr/2ω j , then the following relationship exists:

δω

ω
= ωs − ω0

ωs
= fs − f0

fs
+ j

2

(
1

Qs
− 1

Q0

)
(8)

where ω = 2π f , Q0 ≈ f0/� f is the quality factor of air-filled
cavity, and Qs ≈ fs/� f the quality factor of the perturbed
cavity with subscript “s” signifying cavity with the sample.
We can establish the link between theory of perturbation (7)
and bandwidth (8), as shown in (9):
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Thus, a filling coefficient of N is defined as:
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which depends on the cavity and sample volumes. Since, the
electric field of TE101 mode is in the y-axis direction and as
indicated in (2), then this equation can be rewritten as:

−Np1 (εr − 1) = 2
fs − f0

fs
+ j
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)
(11)

As a result of algebraic manipulations on (11), the calcu-
lated complex relative permittivity using perturbation theory
is:
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To extract the complex permeability, the same concept will
be applied but by placing the sample at the position P2, which
is close to the cavity’s side wall as shown Figure 2b. However,
at this position electric field is non-zero. As a result, the

change in (4) with respect to the magnetic field is related by:
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The electric field impacts on the sample is small and does
not alter the extracted results at position 2. Table 1 shows
that the We < Wm and electric energy contributions has limited
effect on the change in resonance frequency or quality factor.
Thus, the following equations assume E0 is very small and
ignored for position P2. Also, the filling factor based on (3) is:

Np2 = πr2

ad

2

1 + (d/a)2 (14)

Therefore, the calculated complex relative permeability is:
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By applying the perturbation theory analysis, both permit-
tivity and permeability of any material could be extracted at
any desired resonance frequency. Moreover, by taking ad-
vantage of the flexible manufacturing of 3D printing, cavity
fabrication is repeatable at wide range of frequencies. This
procedure provides option to extract electric permittivity and
magnetic permeability of ferrites. The second approach of ex-
traction is based on curve fitting of simulated to measured in-
sertion loss using full-wave numerical simulation using FEM
(e.g., Ansoft’s HFSS). This accurate extraction procedure is
performed iteratively by starting from the approximate analyt-
ically calculated values until the least square error is achieved
between the measured and simulated insertion loss of cavity
with sample under test. The process of curve fitting was pre-
viously reported in detail [30]–[33] for extraction of various
material properties, such as dielectric (RT/Duroid, PLA, ABS,
…), magnetic nano-particles (FeCo), and metals (copper, MX-
ene, …), but not to ferrites thus far.

III. 3D PRINTING OF CAVITY AND CHARACTERIZATION
OF THE MAGNETIC NANOPARTICLES
The fabrication of metallic cavities using additive manufac-
turing provides an independent and flexible way to realize
different geometrical shapes. Fabricating the metallic cavity
is achieved by 3D printing the mold of the cavity first after
modelling it with CAD software; then it is shielded with cop-
per sheets. The required 3D printing time depends on the infill
percentage of filament to air. For example, the printed cavity
with 100% infill takes approximately 4-6 hours. However, this
time can be adjusted by changing different settings of the 3D
printer, such as their printing pattern.

The cavity with dimensions shown in Figure 1a was printed
in 2 stages: i) the basic rectangular shape of cavity enclosure
is printed first with appropriate holes for connecting SMA
connectors as probe, ii) print 3 different shape lids. These lids
are associated with 4 different cover cases of cavity: i) empty
cavity cover as the baseline design, ii) a cover with cylindrical
sample holder using ABS for position P1 of cavity without
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FIGURE 3 Fabrication process of 3D printed metallic cavity with
dimensions of a= 8cm, b= 2cm, d= 10cm and perturbed by samples under
test; a) lid with metallic enclosure; b) base with SMA probes ;c) lid for a
sample placed at the center (position P1); d) lid for sample placed at the
edge of cavity (position P2).

TABLE 2 Comparison Of Measured And Simulated Resonance Frequency
And Quality Factor Of The Unperturbed Rectangular Metallic Cavity

ferromagnetic sample inside, iii) a cover of (ii) filled with
ferromagnetic material also located at P1 of cavity, iv) a cover
with cylindrical sample holder filled with ferromagnetic mate-
rial and placed at the edge of cavity in position P2. This means
with 4 different covers with the same base of the cavity will
provide four separate measurements and the only difference
is in the cover lid structure. This reduces the error associated
with using different cavities and reconnecting cables.

Table 2 tabulates performance of the unperturbed cavity
at 2.4 GHz with a narrow bandwidth, which implies a high
quality factor. Figure 3 describes the fabrication process. The
lid and base are printed with ABS filament. Then copper sheet
tape is attached to the ABS lid of the cavity, as depicted in
Figure 3a. Afterward, the SMA connectors are inserted and
soldered to the base, as shown in Figure 3b. Finally, the lid
with copper sheet tape attached on the inside encloses the cav-
ity. Meanwhile, the other two lids were loaded with nanopar-
ticles as shown in Figure 3c and Figure 3d. The nanoparticles
of NiFe2O4 were mixed with Norland glue before loading it
into the sample container on the lids. The mixture is volumet-
rically distributed with 60% nanoparticles and 40% Norland
glue; Norland glue is solidified by UV light exposure. Various
sizes of the cylindrical sample container were also studied
to achieve optimum extractions results. The optimum volume

TABLE 3. Characteristics Of Perturbed Rectangular Metallic Cavity With
ABS and Composite Nanoparticles Samples At The Positions P1 (center)
and P2 (edge) of the Cavity. M = Measured, S = Simulated Using HFSS
Curve Fitting Technique

FIGURE 4. Measured and simulated S21 of the unperturbed and perturbed
metallic cavity with ABS as MUT at the center of cavity.

has the same height as the unperturbed cavity with cylinder
radius of 4 mm.

IV. EXTRACTION OF COMPLEX PERMEABILITY &
PERMITTIVITY OF THE MUT
The next characterization step is to perform the measurement
of 3D printed ABS with and without composite nanoparticles
at different positions of the empty cavity. Cavity cover lids
of Figure 3c and Figure 3d are employed for NiFe2O4 sample
positions of P1 (high electric field) and P2 (dominant magnetic
field over electric field) in the cavity. Table 3 tabulates the
amount of change in the resonance frequency and quality
factor based on placing different MUT (ABS and ABS with
ferromagnetic nanoparticles samples) at positions of P1 and P2

based on the |S21| measurement results, as depicted in Figure 4
and Figure 5.

The overall resonance frequencies behavior of the per-
turbed cavity after introducing the samples are shifted down-
ward by different amounts. This is due to the change on the
refractive index. Moreover, the bandwidth increases as we in-
troduce samples due to the added dielectric loss. Comparison
of the curve fitted insertion loss of ABS with measurement is
depicted in Figure 4. Equations (12) and (15) are employed
to extract the complex permittivity and permeability - listed
in Table 3 – from resonance frequency tuning and changes in
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FIGURE 5. Insertion loss of metallic cavity empty and partially filled with
the 3D printed NiFe2O4 sample at positions P1(center) and P2 (edge),
where peaks of electric field and magnetic fields occurs respectively.

TABLE 4. Comparison of Extracted Properties of the MUT Samples at the
Positions P1 (Center) and P2 (Edge) of the Cavity By Utilizing Perturbational
Theory (A = Analytical) and Curve Fitting (N = Numerical) Techniques

quality factor. The real part of permittivity is higher than the
real part of permeability which explains a higher downward
shift in resonance frequency of P1 versus P2 positions for a
similar sample size. However, the imaginary part of perme-
ability is four times the imaginary part of permittivity, which
implies a lossy magnetically tuned circuit.

The extracted results using perturbation technique are used
as seed for more accurate full-wave numerical simulation of
the cavity. The simulated results were curve fitted to the mea-
sured S-parameters using HFSS simulation as shown in Fig-
ure 5. The curve fitted results were performed with extracting
the permittivity while the relative permeability was set to be
1-j0. This is because when the sample is at the center where
the highest electric field is, the impact on the permeability
due to the magnetic field is minimum or none. A similar
process was applied for extracting the permeability. From
Table 4, one can calculate the complex permittivity of 3D to
be 2.5-j0.06 using perturbational theory (13). Meanwhile, the
more accurate curve fitting extraction technique has a lower
complex permittivity with by 8% difference in comparison

with perturbation results. The calculated perturbational theory
results match the curve fitting technique results with less than
10% error for all the extracted values.

V. CONCLUSION
Tunable RF circuits play an important part in the secure
telecommunication systems such as frequency hopping and
use of tunable frequency selective surfaces. The composite
NiFe2O4 nanoparticles material was characterized at 2.4 GHz
using measurements of cavity resonance frequency and qual-
ity factor. The perturbation theory provides the ability to
characterize the complex permittivity and permeability in-
dependently by placement of sample in the regions of high
electric and magnetic field regions. Independent extractions
of complex permittivity and permeability can be used for RF
characterization of various ferromagnetic material for design
of magnetically tuned RF circuits [31].

Unfortunately, the lossy nature of the ferrite magnetic
nanoparticles limits RF circuit performance, which could be
only circumvented by material development of new magnetic
nanoparticles or engineering solutions of artificial materi-
als using electromagnetic bandgap engineering (EBG). The
slow-wave group velocity characteristics of EBG pattern of
NiFe2O4 is taken advantage of to enhance frequency tuning
responsivity of the magnetically tuned annular ring resonators
and antennas [34].
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