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ABSTRACT The localization of wireless devices in indoor scenarios presents a major challenge because
of multipath propagation. Hence, the majority of the research community has focused on increasing the
available bandwidth of localization systems, leading to the emergence of the ultra wide band (UWB)
radar. However, the hardware implementation of UWB transceivers is challenging itself and, hence, their
utilization in commercial low-cost wireless devices is not to be expected in the near future. Hence, instead
of evaluating frequency dependent phases via UWB, the measurement of spatially distributed phases rep-
resents a valuable alternative. Therefore, this article presents a comparison of phase-difference-of-arrival
(PDOA) and time-of-arrival (TOA) systems. For this purpose, we compare the measurement sensitivity,
the effects of multipath propagation, and the hardware complexity. Based on the results, the applicability
of typical position estimators is discussed. Thereby, we argue that PDOA-based localization with large
receiver arrays appears to be the better choice to localize wireless devices, because it enables highly
accurate positioning using narrow band signals without elaborated transmitter—receiver synchronization. To
validate this, indoor localization measurements are presented and compared with UWB results in extant
literature.

INDEX TERMS Radar, indoor localization, antenna array, ultra wide band, 5G, massive MIMO, Kalman
filter.

I. INTRODUCTION

Nowadays, wireless localization systems are used in various
applications, such as navigation, industrial automation, auto-
motive radar, and service systems in for example hospitals or
museums [1]. However, particularly in indoor and numerous
urban scenarios, accurate localization represents a major chal-
lenge, because multipath propagation degrades the localiza-
tion accuracy [2]. In particular, the localization of consumer
electronic devices such as mobile phones within established
communication standards is both of outstanding importance
and rather challenging [3].

To collect information about a transmitter’s position, dif-
ferent operation principles are possible [4]. The simplest
principle measures the receive-signal strength (RSS), which
decreases with increasing transmitter-receiver distance. Un-
fortunately, the constructive and destructive superposition of
multipath propagation results in strong variations of the RSS
and, hence, the localization accuracy is poor [5].

The distance estimation accuracy can be improved by mea-
suring the wave’s time-of-arrival (TOA) between the emission
of the transmitter and reception of the receiver. For this pur-
pose, a transmitter-receiver synchronization is necessary [6].
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FIGURE 1. Illustration of the measurement environment, consisting of two
receivers, which can either be used for TOA or PDOA measurements.

Alternatively, the time-difference-of-arrival (TDOA) can be
evaluated using several synchronized receivers [7]. Most of-
ten, the TOA or TDOA is measured either using frequency-
modulated-continuous-wave (FMCW) [8] or impulse-based
systems [9]. Basically, TOA systems evaluate the frequency-
dependent phase difference of a time delay. Thus, the local-
ization accuracy depends strongly on the used bandwidth and
therefore, ultra wide band (UWB) systems are employed in
an attempt to increase the bandwidth as much as possible [7],
[10]-[16]. In doing so, UWB systems both attempt to in-
crease the measurement sensitivity and separate the line-of-
sight (LOS) from the multipath propagation. Fig. 1 depicts
an exemplary measurement environment with one beacon and
two receivers. Here, TOA measurements provide horizontal
beacon position information via receiver (RX) 1 and ver-
tical position information via RX 2. Hence, by combining
the measurements of several receivers via multilateration, the
beacon’s position can be estimated, as in [7].

Instead of evaluating the frequency-dependent phase rela-
tionship, spatially distributed phases at each receiver can be
evaluated. This measurement concept is a well known one
from the field of interferometry [17], particularly in terms
of synthetic aperture radar (SAR) [18], [19]. However, SAR
performs a coherent phase evaluation of multiple successive
measurements, which is not possible for incoherent beacons.
Hence, phase-difference-of-arrival (PDOA) systems evaluate
the relative phase relation of impinging waves. For this pur-
pose, spatially distributed measurements at coherently evalu-
ated antennas within antenna arrays are evaluated [20]. Here,
the transmitter’s signal can be arbitrarily modulated and,
hence, PDOA systems enable localization within common
narrow band communication standards. Assuming the imping-
ing wave to be plane, the angle-of-arrival (AOA) can be esti-
mated at each array in an interferometric manner [21]-[23], in
which the angle estimation accuracy depends on the positions
of the RX antennas [24]. In Fig. 1, PDOA measurements
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provide information on the vertical beacon position via RX
1 and on the horizontal position via RX 2. Therefore, the
beacon’s position can be estimated via multi-angulation [25].
Hence, PDOA and TOA systems provide fairly similar in-
formation regarding the beacon’s position, when RX1 and
RX2 are exchanged in Fig. 1, but their measurement accuracy
depends on different system parameters. Therefore, for an
indoor localization system, either a PDOA or a TOA system
is the better choice, depending on the environmental condi-
tions as well as the receiver’s geometry and bandwidth. In
order to evaluate the accuracy of AOA and TOA systems,
their geometric dilution of precision and Cramer-Rao bounds
were studied in [26]-[29]. However, the investigations assume
AOA and TOA measurements, which are corrupted by zero-
mean uncorrelated normally distributed errors, which is not
valid for the PDOA based AOA estimations [30] and TOA in
indoor environments [2], [7]. In order to enable fast accurate
sensor fusion and the incorporation of movement statistics,
commonly recursive filters estimate the position of the beacon
by evaluating the raw measurement [31], [32]. Since the ex-
act measurement errors for arbitrary indoor environments are
difficult to model, the filters commonly assume uncorrelated
normally distributed noise. Hence, standard indoor localiza-
tion systems fundamentally violate these conditions.
Therefore, the main contribution of this paper is a thor-
ough assessment of PDOA and TOA based localization sys-
tems with respect to their measurement sensitivity, resis-
tance against multipath propagation, hardware implementa-
tion complexity, and their interaction in 3D position estima-
tion filters. For this purpose, in Section II the measurement
sensitivity of PDOA and TOA systems is studied using a far
field assumption, which yields an easily interpretable rule of
thumb for the direct comparison of PDOA and TOA systems,
depending on the environment and the receivers’ bandwidth
and size. In comparison to wide band TOA systems, whose
implementation is challenging and often limited due to gov-
ernmental restrictions, narrow PDOA systems with large aper-
tures can be easily implemented. However, the indoor local-
ization with large arrays violates the far field assumption and,
hence, the receivers evaluate circular instead of plane waves.
As a favorable consequence, the wave forms of the LOS and
the multipath propagation differ and, thus, the degradation
of the 3D position estimation due to multipath propagation
reduces, which is discussed in Section III. In Section IV, the
established relationships are used to assess the applicability
of the TOA and PDOA measurement principles with respect
to the assumptions of established 3D position estimators, that
are receivers at exactly known positions, which are impaired
by zero mean uncorrelated normally distributed noise. Here,
PDOA localization systems appear to be the better choice
for the indoor localization of wireless devices, particularly
because no elaborated hardware is necessary at the trans-
mitter. Hence, the common trend of increasing the antenna
number in communication systems, as within the massive
multiple-input multiple-output (MMIMO) systems in 5G [33],
[34] or particularly 6G [35]-[37], will enable highly accurate
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FIGURE 2. lllustration of the assumed measurement scenario used for
comparison of PDOA and TOA. The array of size Lg receives a plane wave
from the angle #5, emitted by a beacon in distance djp.

PDOA-based user localization without the synchronization
efforts of UWB measurements and by solely evaluating the
communication signals. To validate our TOA-PDOA assess-
ment, PDOA indoor localization results using the holographic
extended Kalman filter (HEKF) [38] are presented and com-
pared to the UWB literature in Section V.

Notation: In this paper, ) represents a vector and matrices
are denoted in bold letters. arg(-) evaluates the phase of a
complex number and | - | the absolute value. The conjugate of
a complex number is calculated by (-)*. A normal distribution
with mean s and variance o2 is denoted as A (j1, o2). To map
the ambiguous phase ¢ to (—m, 7],

moda (¢) ifmoday (@) <7

mody, (¢) — 27 M

d- = .
mod;r (¢) { ifmody; (@) > 7

is used.

Il. COMPARISON OF MEASUREMENT SENSITIVITY
In this section, the measurement sensitivity of PDOA and
TOA systems is compared with respect to a beacon position
change, thereby yielding an easily interpretable rule of thumb.
For this purpose, the configuration illustrated in Fig. 2 is
examined. Generally, a continuous wave signal (CW), which
is emitted by the beacon, can be described at a distance d as
S, d) = Ap e T, @
where Ap denotes the complex valued unknown beacon phase
and amplitude, f the frequency, and ¢ the speed of light [39].
The signal is received by a receiver in a distance dg. A TOA
measurement determines information regarding the position
of the beacon by evaluating the relative phases for different
frequencies f within a limited bandwidth B, thereby yield-
ing information regarding the distance dg. Note that this is
valid independent of the exact radar implementation. Since
the maximal measurement sensitivity is given by evaluating
the phases at the maximally distant frequencies, fy — B/2 and
fo + B/2, where fj denotes the radar’s center frequency, the
relevant phase difference is evaluated as

Agroa = arg(s(fo — B/2, dg)) — arg(s(fo + B/2, dg))
2w

= —dgB. 3)
co
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Note that the phase difference is 27 ambiguous in general,
which can be ignored here to discuss the measurement sen-
sitivity. In order to evaluate the measurement sensitivity re-
garding a beacon position change in the range direction, the
derivative of (3) is calculated, thereby yielding

dA 2
dagroA _ T p (4)
ddB Co

Hence, the measurement sensitivity of TOA systems is solely
influenced by the bandwidth and therefore, UWB localization
systems continuously attempt to increase the available band-
width.

In comparison, PDOA systems evaluate the relative phase
for different receiver antenna positions. The measurement
sensitivity is maximized by evaluating the phase difference
between the most distant antennas. Assuming the receiver to
be a linear array of aperture size Lr and the beacon to be in
the far field of the array [40], the impinging wave can be fully
characterized via a plane wave that arrives from angle ¥, with
respect to the horizontal axis, as depicted in Fig. 2. Then, the
difference of the wave’s traveled distance at the array’s outer
antennas is Ad = sin(¥g)LRr. An evaluation of the emerging
phase difference at the array’s outer antennas yields

Agppoa = arg(s(fo, dp — Ad/2) — arg(s(fo, d + Ad/2))

2
= 22 L sin(p). (5)
€0

Here, the maximal sensitivity, given by the derivative of (5),
is yielded for ¥g = 0. In this case, in contrast to a TOA eval-
uation, a beacon position change, x, orthogonal to the wave’s
direction of propagation and, hence, parallel to the array for
B = 0 can be detected. Using a small-angle approximation
for ¥ ~ %, the maximum measurement sensitivity with re-
spect to a beacon position change is approximated by

—dA*giDOA ~ T =R, (©)
CQ dB

Hence, the PDOA localization accuracy is influenced by the

operating frequency because it is directly proportional to the

phase sensitivity and the relative aperture size with respect

to the beacon distance 5—: Comparing (4) and (6) enables to

define an equivalent bandwidth for a PDOA system as

Lr

(7

Bppoa,eq = fo ,
dmax

where dpax 1s an approximate value for the maximal mea-
surement distance. Hence, (7) enables a direct comparison
of arbitrary localization systems using the TOA bandwidth B
and the equivalent bandwidth Bppoa,eq of PDOA localization
systems. Assuming that both systems operate in the same fre-
quency band, that is the usage of the same center frequency fp,
(7) can be reordered, thereby indicating that a PDOA system
can be assumed to outperform a TOA system whenever the
relative array size is greater than the relative bandwidth, as

Lr B
> —,
Jo

®)

dmax
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FIGURE 3. Illustration of the relationship between TOA and PDOA
localization systems. The dashed and dashed dotted lines indicate the
equivalent bandwidths Bppon, eq Of hypothetical 5G and 6G systems of
indoor localization systems with maximal distances of 10 m and 50 m
depending on the aperture size, Lg. Further, the bandwidths of different
established wireless systems are also depicted.

On the other hand, the beacon was assumed to be located
directly in front of the array and, hence, the sensitivity will
be slightly less in most situations. On the other hand, a 3D lo-
calization within a room requires several receiving arrays and,
therefore, the beacon will most often be located closer than
dmax to certain receivers. Further, in a 3D localization system,
one PDOA receiver can collect information in two angular
directions, while a TOA receiver can only collect information
in range direction. Overall, (7) provides an easy rule of thumb
for the circumstances, in which a PDOA localization system
outperforms a TOA localization system. Since a TDOA eval-
uation cannot outperform a TOA evaluation within the same
error-free system setup, the developed relationship is similarly
applicable.

To illustrate the relationship between TOA and PDOA lo-
calization, Fig. 3 shows the equivalent bandwidth of a 28 GHz
and a 110 GHz wireless PDOA localization system, which
correspond to hypothetical 5G and 6G indoor communication
systems, ina 10 m and a 50 m environment as a function of the
aperture size Lr. For comparison, the maximally available 5G
user bandwidth Bs g = 400 MHz and the bandwidth of a typi-
cal UWB system with Byws = 2 GHz are plotted. According
to (7), the equivalent bandwidth of a PDOA system decreases
with increasing beacon distance and increases with increasing
operating frequency and aperture size. Consequently, within
the considered wireless systems, the bandwidth of every TOA
system can be outperformed by sufficiently increasing the
aperture size Lr. For example, within the 5G communication
standard in a 10 m office, a PDOA system with aperture
size Lr > 14.3 cm is sufficient to outperform a 5G TOA
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FIGURE 4. Illustration of the assumed measurement setup to discuss the
decorrelation properties of circular waves. The array of size L receives a
circular wave, emitted by the beacon at distance dg, and a plane multipath
wave, which impinges from 9.

measurement, thereby eliminating the necessity for time syn-
chronization.

To enable highly accurate TOA positioning, the UWB band
of 3.1 GHz-10.6 GHz provides a bandwidth of 7.5 GHz.
However, while the relative aperture size in (8) can be eas-
ily increased, systems with a high relative bandwidth cause
implementational issues. Hence, strong scientific effort has
been spent to advance UWB radars [10], [13]-[16]. To be
able to combine the information of several UWB radars to
a 3D position, all receivers are assumed to be fully modeled
by a fixed location, which represents the antenna position.
Hence, antennas are necessary, which combine a constant be-
havior for all angular directions and a high relative bandwidth.
Generally, small antennas, which could be easily described
via one fixed 3D receiver position, are fundamentally lim-
ited in their achievable bandwidth, unless they become dis-
proportionately inefficient [41]-[43]. Hence, UWB antennas
typically become physically large [39], [44]. Unfortunately,
then the antenna’s phase centers and transfer functions be-
come direction-dependent [12], [45]-[47], which contradicts
the requirement of a constant angular behavior. In contrast
to UWB radars, PDOA localization systems do not require
large bandwidths and, therefore, the required constant angular
behavior is easily achievable.

Thus far, the calculations were performed in the far field
domain, which is only an approximation but provides intuitive
formulas. However, the far field approximation is not valid for
large arrays in indoor environments. On the one hand, the re-
ception of circular waves slightly decreases the measurement
sensitivity. On the other hand, the localization within near
field of the array helps to suppress the effects of multipath
propagation, which will be discussed in the next section.

1Il. MULTIPATH PROPAGATION PROPERTIES OF
CIRCULAR WAVES IN LOCALIZATION SYSTEMS

In this section, the effect of multipath propagation on indoor
localization is discussed for TOA and PDOA systems. In
this process, the advantage of antenna arrays, which measure
within their near field, are discussed in an heuristic manner.
The assumed environment is depicted in Fig. 4, consisting of
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areceiver, which is illuminated by a beacon located in front of
the receiver at g = 0. Again, (2) is used for LOS propagation
with distance dp. Further, we assume a multipath propagation
signal to arrive as a plane wave from 9y with distance dy,
where dy1 > dp holds. Thereby, the plane wave assumption
is justifiable, because the path of the multipath propagation
is longer than the LOS. Note that multipath propagation is
most often described via several impinging plane waves [48].
However, in this study, we only discuss the interaction of the
LOS with a single multipath, because the effects superpose for
more complex environments. Generally, the multipath propa-
gation might influence the localization in two ways. First, the
multipath propagation signal might falsely be detected as the
LOS, thereby severely degrading the localization. However,
this effect can easily be avoided within recursive filters. Sec-
ond, the multipath propagation might distort the LOS signal’s
evaluation, which is examined in the following account. First,
a TOA system is considered, where the receive signal is given
by

sr(f) = sLos(f) + sm(f)
_iog L _ing L
= Apose T 4 Aye M, )

where A os = Ap/dp and Ay is the complex receive ampli-
tude of the multipath propagation. Since every least squares
position estimation is essentially performed by a correlation
receiver, as in [49], the correlation between spos(f) and
sm(f) is examined, as in [50], to study the influence of sy (f)
on the distance estimation, thereby yielding

Corr = —
| TOA | B

fo+B/2
/, stos () sm(f)df

0—B/2

. B
sinc <—Ad)
co

with Ad = dyt — dg. Note that |[Apos| = |[Am| = 1 was as-
sumed to reduce the notational complexity. Hence, for small
distance differences Ad, the multipath propagation influences
the distance estimation. Because of the multipath propaga-
tion’s causality, that is Ad > 0, the distance is systematically
estimated to high, as in [2], [7]. Here, UWB systems seek to
maximize the bandwidth B, thereby enabling the separation of
the LOS from the multipath propagation.

Similar to the TOA analysis, the influence of the multipath
propagation on a PDOA system is discussed below. Here, the
received signal, with the LOS impinging from angle ¢ = 0, is
evaluated at different antenna positions Ir € [—Lr/2, Lr /2],
yielding

, (10)

sR(IR) = sLos(IR) + sm(R)

4/lz-¢—d2 sin(h)l
_2 ~ R B _.2 sin! M R
= Arose TG L Aye TN T

Again, the correlation of s ps(/r) and sy (/R ) is used to study
the influence of the multipath propagation on the localization
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FIGURE 5. Absolute correlation |Corrppoa| of the receiving signal of a
beacon, located in front of an array with size Lz = 301, at distance dg, and
a plane wave coming from 9.

accuracy. This yields

1
|Corrppoal = —

Ir/2
/ sLos(IR)*sm(lr)dIR
Ly

—LR/2

IR/2 .o .
/ R/ e_J%O( /1§+d§—sm(z9M)1R)le"

—Lg/2

1
=

(12)

with Lo = co/fo. Generally, (12) is not solvable in closed
form. However, assuming the far field condition dg >> Lr as
a special case, (12) reduces to

LR/2 .oy .

dg>Ly 1 <L sin(dwm )l

|C0rrpD0A| BZR / CJAO ( M)Rle’
LR |J -1z )2

. Lr .
sinc (— sm(z?M))‘ .
Ao

Hence, similar to TOA systems, where the correlation de-
creases for high distance differences, in PDOA systems, the
correlation decreases for high angle differences. Thus, in the
far field domain, multipath propagation strongly distorts the
localization, whenever the multipath wave impinges from an
only slightly different direction than the LOS, such as reflec-
tions on the ground, as in [51]. Unlike TOA systems, the mul-
tipath can distort the position estimation toward all directions,
depending on the direction of the impinging wave, as in [7].
In order to increase a receiver’s capability to separate the LOS
from the multipath, large arrays are useful. However, large
arrays in indoor environments will not operate under far field
conditions and, therefore, an analysis of (12) in the array’s
near field is necessary. Since (12) cannot be solved in closed
form, its behavior will be studied in a heuristic manner. For
this purpose, Fig. 5 depicts the correlation (12) for an array of
size Lr = 30A¢ depending on the distance of the beacon. As
expected, for large dp the sinc(-) function in (13) appears, as
the far-field condition is met. For small beacon distances, the
absolute correlation is spread over the entire angular range.
On the one hand, this implies that impinging waves from all
directions distort the localization process. On the other hand,
the influence of strong reflectors, as the ground in [51], is

(13)
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FIGURE 6. Absolute correlation |Corrppoa| of the receiving signal of a
beacon, located in front of an array with size Ly at distance dg, and a plane
wave coming from behind the beacon.

reduced. Further, the influence varies for small beacon move-
ments, which can be well utilized in recursive filters. Overall,
the impact of multipath propagation on the localization pro-
cess is reduced. From Fig. 5, it can also be concluded that
the absolute correlation behavior can be well approximated
by inspecting the correlation for ¥y = 0. Therefore, Fig. 6
depicts the correlation for 9y = 0 for different array sizes,
LR, and beacon distances, dg. Because of the nonlinear phase
behavior of circular waves, particularly for very large arrays,
the LOS and the multipath propagation can be well decorre-
lated even for large beacon distances. Note that the correlation
was evaluated for an array, which continuously evaluates the
receive signal over the array size. Hence, the behavior will
vary for sparse arrays, as in [24].

IV. DISCUSSION ON THE IMPLICATIONS FOR 3D

INDOOR LOCALIZATION

Thus far, TOA and PDOA measurements have been com-
pared for single measurements. While TOA systems evalu-
ate frequency-dependent phase differences, PDOA systems
evaluate position-dependent phase differences. Hence, both
approaches follow fairly similar measurement concepts. Since
the measurement sensitivity of PDOA systems is particularly
high for beacons located close to the receiver, as discussed
in Section II, they are very suitable for indoor localization
systems. Thereby, assuming the two localization concepts to
operate at the same center frequency, fy, the PDOA system
outperforms the TOA system whenever the relative aperture
size LR/dmax 18 higher than the relative bandwidth B/ fj.
Hence, the design goal is to increase the size of the receiver
to the fullest extent possible. As discussed in Section III,
these large arrays also enable the suppression of the effects
of multipath propagation, which is commonly considered the
main problem for indoor localization systems [2]. This effect
is similarly valid for moving receivers or transmitters, thereby
creating a synthetic aperture, which can is examined in [51].
Note that the same effect also enables the in-situ calibration
of antenna arrays in indoor localization systems, as in [52].
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To combine the information of several receivers, typically
recursive filters are used for sensor fusion and the incorpora-
tion of the beacon movement statistics [7], [16], [38], [51],
[53], [54]. For this purpose, the measurement error statistics
must be modeled as precisely as possible. Commonly, the
measurement errors are modeled zero-mean, normally dis-
tributed, and uncorrelated both between the receiving units
and for different time instances. Here, especially biased mea-
surements automatically result in biased estimations [55].
Hence, the TOA measurements, which are impaired by a dis-
tance offset due to multipath, as well documented for different
UWRB systems in [7], depict a strong challenge for 3D local-
ization. Further, antenna modeling issues further deteriorate
the localization results, which can barely be modeled zero
mean and uncorrelated. In contrast, the multipath propagation
can impinge from arbitrary directions and, hence, their influ-
ence is bias-free in rich scattering environments. However,
even for multipath propagation with a single dominant reflec-
tion, for example the ground in [51], the influence of the mul-
tipath propagation can be decreased by increasing the aperture
size. In addition, PDOA receivers are easy to implement using
small narrow band antennas that provide high directional cov-
erage with almost constant radiation patterns. Hence, PDOA
systems provide measurements that are extremely sensitive to
beacon position changes and are affected by errors, which can
be assumed to be zero mean for rich scattering conditions and
are far less correlated, thereby providing appropriate condi-
tions for 3D position estimation.

The discussed localization principles require different lev-
els of synchronization exactness. Since TOA systems estimate
the distance by measuring the time between the transmission
and reception of a wave, which translates to the distance
estimation via the speed of light, the tolerable timing synchro-
nization error fgyne, TOA 18 restricted to

(e
tsyne. ToA K =2, (14)
o

where o), represents the position deviation due to other im-
pairments as noise or multipath propagation. The most accu-
rate UWB systems localization systems [12], [13] achieve an
accuracy of several millimeters and, hence, the timing errors
are restricted to some picoseconds. In a TDOA localization
system, only the receivers have to be synchronized to that
extend, which is still very challenging [12]. Since in narrow
band systems small timing errors directly translate to phase
changes between each beacon—receiver pair, but do not affect
their phase difference measurement itself, the PDOA evalua-
tion is fairly resistant against synchronization errors. There-
fore, it is sufficient to synchronize the receivers such that the
position variation of the beacon within the maximal timing
error is less than the position deviation . Thus, the timing
synchronization error should satisfy

o
tsync,PDOA < L s (15)

UB, max
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FIGURE 7. Illustration of the measurement setup, which comprises three
receivers and one beacon.

where v max denotes the maximal beacon speed. Hence, tim-
ing errors up to 1 ms can be tolerated within typical measure-
ment conditions to achieve a localization accuracy of several
millimeters. Furthermore, the evaluated narrow band signals
can be arbitrarily modulated, because only relative phases
are evaluated. Thus, PDOA systems can be easily imple-
mented within established communication standards, for ex-
ample Bluetooth or wireless local area network (WLAN). The
most promising application of PDOA-based localization is
mobile radio communication, particularly in terms of 5G [33],
[34] and 6G [56], [57], which is used both outdoors and
indoors to enable high data rates in user hotspots [33]. Here,
MMIMO systems drastically increase the number of antennas
of the base station [37], [58], enabling very high data rate by
improving the spatial diversity of the base station [59]. In do-
ing so, MMIMO communication systems avoid the excessive
usage of bandwidth by increasing the number of receive an-
tennas and, thus, represent a direct counterpart of the analogy
between bandwidth and aperture size for localization systems
in Section II.

V. EXPERIMENTAL VERIFICATION

To demonstrate the feasibility of PDOA systems for indoor
localization, a 24 GHz CW beacon is localized within the
measurement setup, as depicted in Fig. 7. Note that the en-
vironment depicts a challenging multipath scenario with a
closely spaced metallic fence and reflecting walls. To localize
the beacon, three receiver arrays of size 25.4 cm x 9.1 cm ~
20.3 Ao x 7.3 Ag are available. The beacon is mounted on a
highly accurate robotic arm, which can be moved within a
cubic area under the arrays with edges of approximately 1
m. Although the localization area is less than the size of a
standard room, the results are easily transferable to a bigger
room using larger arrays. However, the limited area is selected
because of the availability of the highly accurate robotic arm,
which enables the localization verification. Evaluating the
equivalent bandwidth in (7) with dnax = 1 m and the longer
array side as LR yields Bppoa eq =~ 6.1 GHz, which lies within
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the area of the available bandwidth in the UWB band 3.1 GHz-
10.6 GHz and, therefore, the PDOA localization result can be
well compared to UWB localization results from literature.

A. HOLOGRAPHIC EXTENDED KALMAN FILTER
Generally, an efficient evaluation of spatially distributed
phases is difficult because of their ambiguity. The most estab-
lished processing method of spatially distributed phase mea-
surements estimates the AOAs at each receiver [20], thereby
providing unambiguous directional information. Then, the
AOA estimations of several receivers can be combined via
multiangulation, for example using an EKF [60]. Unfortu-
nately, the AOA estimation limits the achievable localization
accuracy, mainly because of two reasons. First, the AOA esti-
mation depicts a nonlinear preprocessing, which sporadically
yields high angle estimation errors [30], particularly under
multipath conditions [51]. The resulting error statistics are
no more normally distributed with known, constant variance
and, hence, are not suited for typical least square estimators
as the EKF [55]. Second, the AOA estimation requires the
incident wave to be plane and, consequently, the size of the
receiver arrays is limited. However, to enable highly accurate
PDOA-based indoor localization, large receiver arrays are
necessary, which provide high measurement sensitivity and
reduce the influence of multipath propagation, as discussed in
Sections II and III, respectively. In order to use large receiver
arrays and to avoid ambiguity issues, the HEKF, proposed
in [38], directly evaluates the phase differences in a recursive
predict-update manner without further preprocessing. Hence,
the HEKF avoids large angle estimation errors, because the
current beacon position is estimated by a direct phase dif-
ference evaluation in the surrounding of the previous beacon
position, and implicitly profits from the multipath decorre-
lation effect in Section III. Though the HEKF was already
proposed in [38], it is presented here for completeness. The
HEKEF evaluates the phase differences of Ngr receivers, where
the nrth array contains Ny ,, receive antennas, in a recursive
manner. In the respective measurement setup used for vali-
dation in this work and presented in Fig. 7, Nr = 3 receivers,
each evaluating Np ., = 12 antennas, are used. Hence, at each
array, a measurement vector )ﬁnrlf“}j consisting of Ny ,, phase
measurements
fo

Png.nak = _Znaan,nA,k + A(/’nR,k (16)
exists, where dy; ,, r denotes the distance between the bea-
con and the nath antenna of the nrth receiver and Agy, &
denotes the unknown phase difference between the beacon
and the nrth receiver in the kth sample. By stacking the mea-
sured phases at all receivers, the complete measurement vector
y'}(“eas, which contains all absolute phases, is constructed. To
eliminate the unknown phases Agy, i, the preprocessing ma-
trix D calculates Np ,, — 1 phase differences at each receiver
as

Sineas

VAR = mody, (D), (17)
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Algorithm 1: Holographic Extended Kalman Filter.

1. Prediction:

Xek—1 = FXp_1k—1

Py = FP_ 1 F" +02,GGT
2. Update:

—ineas

ymeas — Dy;(neas
dﬁ(ﬁqk—l) = mod,, (y?e;?b - ﬁA(ﬁ|k—1))

NG

H
k o5,

Xielk—1
T T -1
Ky =Py 1Hy (HPrx—1Hy +Ry)
Tk = Fek—1 + Ked (Fge—1)
Py = I — K Hp) P

where mod),,_(-) maps the ambiguous phases to (—m, 7], as
in (1). To evaluate the phase differences in a Kalman filter-
based manner, a constant velocity model with a state vector
Xk = [Px.k> Pyk» Pz k> Vx ks Uy ks Uzk ], containing the position
and velocity of the beacon, is assumed. Hence, the state tran-
sition function is given by

-f;c = F-f;cfl +GCBve],ka (18)
where F represents the constant velocity model’s state tran-
sition and @yej & ~ N(0, avze]I ) is the velocity noise, which
is mapped onto velocity and position changes using G, as
in [38]. To compare the measured phase differences with hy-
pothetical phase differences, the measurement is defined as

i = D(h(}) + i)
= Dh(%}) + Dt

= ha(%) + Dit, (19)
where ﬁ(fk) models the absolute phases, as in (16), h A(X) =
sz()f}() evaluates the hypothetical phase differences as in (17),
and 71, ~ N(0, 031 ), thereby yielding the phase differences
to be corrupted by correlated noise as Dty ~ N(0, Rp =
o(gDDT). Evaluating the phase difference measurements in an
extended Kalman filter-based manner [32] yields the HEKF,
which is presented in Algorithm 1. Note that here, the
mod),_(-) function from (1) is only applied in the final error
calculation to map the difference d_ii'k|k_ 1) between the pre-
diction and the measurement to (—, r]. Hence, the update
rate must be sufficiently high such that the absolute phase
differences are considerably less than 7 between successive
measurements.
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FIGURE 8. Localization result of a 24 GHz beacon, which drives a helix
trajectory, using three antenna arrays, each containing 12 antennas, within
the measurement setup depicted in Fig. 7.
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FIGURE 9. Localization result of a 24 GHz beacon, which drives a
trajectory consisting of several straight lines, using three antenna arrays,
each containing 12 antennas, within the measurement setup depicted in
Fig. 7.

B. MEASUREMENT RESULTS

To evaluate the PDOA localization capabilities, the antenna
arrays in Fig. 7 have been calibrated using the algorithm
in [52]. Then, the helix trajectory in Fig. 8, consisting of
100 successive beacon positions, and the trajectory in Fig. 9,
consisting of 330 successive beacon positions, were driven by
the robotic arm. At every position, each array performed an
individual measurement, which is then used for the HEKF-
based localization. Evaluating the localization results yields a
position root mean square error (RMSE) of 5.3 mm for the
helix trajectory and 4.8 mm for the trajectory in Fig. 9, when
the constant velocity model of the Kalman filter is activated.
The pure PDOA localization is evaluated by deactivating the
Kalman filter’s constant velocity model, that is avzel — 00,
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TABLE 1. Comparison With 3D UWB Localization Results

Publication | Technique B BpPDOA eq Error

This work PDOA ~0GHz (CW) | =~ 6.1GHz | 4-6mm
[12] TDOA >3 GHz =B 2-4mm
[13] TDOA 5.2 GHz =B 2-5mm
[14] TOA 7GHz =B 1-2cm
[15] TOA 0.5 GHz =B 1lcm
[16] TOA 0.9 GHz =B 20 cm
[7] TOA 0.9 GHz =B 59 cm

thereby yielding a RMSE of 5.8 mm for the helix trajectory
and 5.3 mm for the trajectory in Fig. 9. Here, the localization
accuracy of the helix trajectory is slightly worse, which can be
explained by the higher average distance between the beacon
and the receivers.

Table 1 presents the localization errors and bandwidths of
different 3D UWB localization systems in literature, thereby
enabling a direct comparison with the presented PDOA local-
ization results via the equivalent bandwidth Bppoa,eq. Note
that only 3D localization results are listed here. However, [10]
provides a broad overview for different UWB topics. Gener-
ally, a fair comparison is very difficult because of the strongly
varying measurement setups, including multipath conditions
and the 3D sizes of the measurement areas. The results in Ta-
ble 1 can be divided into two groups, one group [12]-[14] with
localization errors of approximately 1 cm and one group [7],
[15], [16] with errors of over 10 cm, which can easily be
explained via the used bandwidth of several GHz or less than
one GHz, respectively. In addition to the higher bandwidth, it
is noticeable that all publications of the first group [12]-[14]
vary the transmitter height only very little. This is reasoned
in modeling problems of the transmit and receive antennas of
TOA localization systems with very high relative bandwidths,
as discussed in Section II. In particular, the publications [12],
[13], which provide outstanding localization results, used
monopole antennas as transmitters, which can provide a con-
stant behaviour in horizontal direction. However, large height
changes or transmitter rotations and, hence, a practical 3D
localization is not possible. Further, the measurements are
conducted in low multipath environments, particularly in [12]
that used an anechoic chamber. Thus, although the results
are impressive, they cannot be easily translated into a gen-
eral indoor 3D localization scheme, particularly regarding the
localization of consumer devices.

In comparison, the depicted indoor PDOA measurements
with an equivalent bandwidth Bppoa,eq ~ 6.1 GHz in the
range of the UWB bandwidths of the exact group [12]-[14]
provides similar localization results, although the measure-
ments were conducted in a severe multipath environment.
Further, the transmitter can be freely moved in all directions,
because narrow band patch antennas with an almost constant
behavior for different directions are used. To enable similar
localization results in a larger area, the receiver array’s size
can easily be increased, thereby providing the same measure-
ment sensitivity with higher beacon-receiver distances, while
the multipath suppression capability is further improved, as
discussed in Section III.
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VI. CONCLUSION

In this paper, a basic comparison between TOA and PDOA
systems has been presented. In doing so, the similarity be-
tween bandwidth and aperture size was depicted, thereby
proposing to focus future research on the implementation of
physically large PDOA systems to advance indoor localiza-
tion. This will enable accurate positioning within current and
future communication standards without adopting their de-
vices. In this process, the incorporation of additional sensors
like inertial measurement units that are commonly available,
enables further improvements. A key challenge for the uti-
lization of PDOA in 5G and 6 G depicts the necessity for
array calibration, which has to be performed during receiver
installation and perhaps refreshed regularly. Hence, it is nec-
essary to conduct future research on sophisticated calibration
methods that can cope with challenging environments without
excessive measurements.
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