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ABSTRACT This article considers an interference-based radio-frequency energy harvesting (RF-EH)-
empowered wireless dual-hop amplify-and-forward relaying system in which an ambient interferer is
beneficially utilized as the solely free power source for EH and detrimentally considered as the dominant
factor that corrupts its receivers. Three EH modes are considered and analyzed separately. In mode I,
energy is harvested only by the source; in mode II, energy is harvested only by the relay; and in mode
III, energy is harvested concurrently by both the source and relay. Under these modes, exact and approximate
analytical expressions are derived for the system’s outage probability, which are directly used to determine
the system’s delay-limited throughput as a performance figure of merit. Thorough numerical and simulation
results are presented to verify the analytical work and to demonstrate the system’s throughput performance
under different system and channel parameters. For example, results reveal that for given channel conditions,
increasing the interferer’s power reduces the throughput in case of modes I and II, and has no effect on it in
case of mode III. Also, for given interferer’s power, improving the channel conditions between the interferer
and a harvesting node, improves the throughput, while improving them between the interferer and a receiving
node, degrades the throughput.

INDEX TERMS Energy harvesting, fading channels, interference, relaying systems, performance analysis.

I. INTRODUCTION
Employing green communication technologies has become
an urgent need to enhance the self-sustainability and to
prolong the lifetime of the ever-growing modern wireless
networks. In general, attaining green communications is pos-
sible through several approaches including adopting energy-
efficiency communication schemes, using extreme low-power
consumption devices, and advocating wireless energy harvest-
ing (EH) methods [1], [2], [3], [4], [5]. Among the diverse
wireless EH methods, wireless radio frequency (RF) EH
(RF-EH) has been shown as one of the most significant solu-
tions toward green communications especially in large-scale
and large-dense wireless Internet-of-Things (IoT) networks,
and hence, it has gained noticeable interest in the research

community [5], [6], [7]. In wireless RF-EH, propagating RF
signals are utilized by energy constrained network devices
that are equipped with dedicated EH circuits to harvest en-
ergy needed to support their own communication operations
and/or to recharge their batteries [8]. Wireless RF-EH can
be classified into three paradigms; namely, wireless power
transfer (WPT), wireless-powered communication networks
(WPCNs), and simultaneous wireless information and power
transfer (SWIPT) [9]. In WPT, dedicated RF power transmit-
ters are deployed to broadcast downlink non-informative RF
signals to be utilized for energy harvesting by neighboring
energy constrained users [10]. In WPCN, dedicated RF power
transmitters are used with two active links, the downlink and
the uplink. As similar as the WPT scheme, the downlink is
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used by surrounding users only for energy harvesting pur-
poses, while the uplink is used by the same users to traverse
their own information signals through [11], [12]. In SWIPT,
the downlink of classical centralized base stations is used to
simultaneously carry information and energy to surrounding
users equipped with energy harvesting and information decod-
ing circuits [13], [14], [15]. The SWIPT paradigm is further
categorized into three modes of operation; the time-splitting
(TS) mode, the power-splitting (PS) mode, and the hybrid TS-
PS mode [13], [16], [17], [18]. In the TS mode, the signaling
period of the transmitted RF information signal is divided into
two fractions; the first fraction is used for energy harvesting
and the second one is used for information decoding. In the
PS mode, and over the whole signaling period, the power of
the RF information signal is divided at the receiving user into
two fractions; the first fraction is used for energy harvesting
and the remaining fraction is used for information decoding.
In the hybrid TS − PS mode, the TS mode is employed as
described above, but, over the second time fraction, the power
is divided in accordance to the PS mode [18].

It should be noted that in the three aforementioned wire-
less RF-EH paradigms, dedicated and non-free power sources
or centralized base stations are required. In this regard,
and for the sake of improving green communication ef-
ficiency, the interest towards utilizing non dedicated and
free RF power sources is currently increasing. Among such
sources, ambient interferers, which are strongly inherited
in wireless networks (especially in the modern ultra-dense
5G-based IoT ones [19]) have been recently suggested to
be utilized as non-dedicated free power sources for RF-EH
purposes [20]. In such interference-based RF-EH systems,
energy constrained terminals can follow the TS-based harvest-
then-transmit mode, in which the signaling period is divided
into two fractions; one is allocated for RF-EH from the
ambient interferer and the other is allocated to complete
data transmission [21]. However, in real-world scenarios, im-
plementing interference-based EH have practical challenges
and limitations [20]. For example, despite that interference
can be beneficially exploited for energy harvesting, it has
the negative impact of corrupting received signals at sys-
tem’s receivers, which results in reducing system’s reliability.
Therefore, efficient and reliable interference mitigation and
management techniques are recommended to be employed in
such networks. Another key challenge is related to the fact that
the amount of the harvested energy from interference signals
is limited, which would not be enough to boost some critical
communication operations. However, this limitation can be
addressed by developing more energy-efficient beamforming
algorithms to save energy at system’s receivers. Further, the
amount of the harvested energy from the interference is spec-
ified only by the interferer transmit power and the fading
channel conditions between the interferer and the harvesting
node, which are not guaranteed and not under control by any
of the system’s communicating devices (i.e., interferer is an
unstable power source). Addressing this issue is also possi-
ble by developing adaptive EH algorithms that can switch to

harvest energy from dedicated power sources when interfer-
ences signals are disappeared.

Because of its remarkable efficiency in reducing deep
fading effects, augmenting network coverage, and increas-
ing diversity gain and throughput, the technique of relaying
has been considered among the emerging communication
solutions that have paved the way to attain the growing
demands on higher wireless access data rates [22], [23],
[24], [25]. Thus, it has gained huge attraction in both re-
searches and implementations and become among the core
specifications in variant evolving technologies including 5G,
IoT, device-to-device (D2D), vehicle-to-vehicle (V2V), non-
orthogonal-multiple-access (NOMA), and unmanned aerial
vehicle (UAV) networks and others [22], [23], [24], [26], [27],
[28], [29], [30], [31], [32]. In relaying based wireless commu-
nication systems, a relaying node is dedicated to assist data
traversal between two communicating nodes where two mod-
els are commonly used; dual-hop relaying (also called Type-I
relaying) and dual-hop cooperative relaying (also called Type-
II relaying) [33]. Dual-hop relaying is employed when the
direct link between the two communicating nodes is blocked
due to huge distance separation or deep fading where the
relaying node is used to create alternative indirect commu-
nication link between the two blocked terminals. It has been
shown that dual-hop relaying can significantly improve data
throughput of receiving terminal [34]. Dual-hop cooperative
relaying is used to create additional relay-aided indirect link
to boost the already existing unblocked direct link between
the two communicating nodes where both links are combined
via certain diversity combining scheme. In accordance to
the way of processing signals at the relaying node, relaying
techniques are further classified as decode-and-forward (DF)
and amplify-and-forward (AF) [35], [36], [37], [38]. With
DF relaying, the relaying node decodes the received signal
and then re-encodes it for transmission to the final receiving
node. With AF relaying, the relaying node just re-transmits an
amplified version of the received signal without any attempt
of signal decoding. Hence, AF relaying offers less processing
and implementation complexity and lower delay as compared
to DF relaying, which makes it more attractive in the re-
search community, see [39] and list of references therein.
However, analytical performance investigation of AF-based
relaying systems is more complicated as compared to that of
DF relaying.

Communicating devices in wireless relaying systems no
wonder need energy to support signal processing and forward-
ing, where the heavily depending on classical battery-based
powering and recharging methods would be infeasible, espe-
cially, in large-dense and large-scale IoT and sensor networks.
Thus, employing RF-EH harvesting approaches in wireless
relaying systems is particularly important and has become an
active area of research [18], [40], [41], [42], [43], [44], [45],
[46], [47], [48], [49]. In [40], the authors have proposed the
first RF-EH based dual-hop relaying communication system
in which a source node is communicating with a destination
node through an energy constrained AF relay that harvests
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energy from the source information signal on the basis of the
SWIPT protocol. Further, inspired by the TS and PS SWIPT
protocols proposed for non relaying point-to-point systems,
the authors have proposed two RF-EH protocols for their
considered relaying system; namely the time switching-based
relaying (TSR) and the power splitting-based relaying (PSR).
In the TSR protocol, each signaling period is divided into
three fractions; the first fraction is used by the relay to harvest
energy from the source information signal, the second one
is used by the relay to process the signal incoming from
the source, and the remaining fraction is used to forward
the relay’s processed signal to the destination. In the PSR
protocol, the first half of a signaling period is used for both
EH and source to relay transmission and the second half is
used for relay to destination transmission. During the first half,
the received signal power is divided into two fractions, one
for EH and one for source to relay transmission. The perfor-
mance of the proposed system in [40] has been investigated
by deriving approximate closed-form outage probability and
approximate integral-form ergodic capacity expressions con-
sidering Rayleigh fading, which are also used to compute the
system’s delay-tolerant and delay-limited throughputs. Later
in [18], [41], [42], [43], [44], [45], the RF-EH SWIPT based
dual-hop relaying communication system proposed in [40]
has been extended considering different system and channel
assumptions. In [41], the authors have considered a dual-hop
cooperative relaying system with DF energy constrained relay,
where the system’s outage probabilities for the TSR and PSR
SWIPT RF-EH protocols have been derived in exact integral-
form expressions considering Rayleigh fading. In [42], the
authors have considered multiple DF energy constrained re-
lays with best relay selection and hybrid TSR/PSR SWIPT
RF-EH protocol, where the system’s outage probability and
ergodic capacity have been derived approximately based on
the extreme value theorem in infinite series representation.
In [43], the authors have considered a dual-hop cooperative
relaying system with multiple energy constrained relays that
harvest energy from the source information signal using the
TSR SWIPT RF-EH protocol. The signal forwarded from
the best relay is selected and combined with the direct-path
signal via selection combining scheme. For both AF and
DF relaying protocols, the system’s outage probability has
been derived in tight lower bound approximate expressions
considering Nakagami-m fading. In [44], the authors have
considered a dual-hop relaying communication system with
energy constrained fixed-gain AF relay that harvests energy
from the source information signal using the TSR SWIPT pro-
tocol subject to asymmetric Nakagami-m and α − μ fading
models. For such a system, the symbol error probability and
the ergodic capacity have been derived in exact closed-form
expressions in terms of the Fox’s and the bivariate Fox’s
H-functions. In [45], the authors have considered a dual-hop
cooperative relaying system with energy constrained AF relay
that harvests energy from the source information signal using
SWIPT protocols. For the TSR and the PSR protocols and

considering Nakagmi-m fading, the authors have derived the
exact expression for the system’s bit error probability in terms
of several special functions including the Meijer-G, the con-
fluent hypergeometric and the Whittaker functions. In [18],
the authors have considered a two users NOMA-based dual-
hop cooperative relaying system with energy constrained DF
relay that harvest energy from the source information signal
using the hybrid TSR/PSR SWIPT protocol. The authors have
derived exact closed-form outage probability expressions in
terms of some special functions including the exponential in-
tegral function. It should be noted that in [40], [41], [42], [43],
[44], [45], the energy constrained relay is assumed to har-
vest energy form the source information signal in accordance
to the SWIPT protocol. In other words, the relay harvests
non-free power from the source node, which is waste of al-
located power resources. Thus, the interest towards proposing
dual-hop relaying systems in which the relays harvest energy
freely from ambient interferers has also gained attention [46],
[47], [48], [49]. In [46], the authors have proposed a dual-hop
relaying communication system in which the relay harvests
energy from the source information signal (non-free energy)
and from some ambient interferers (free energy) considering
Rayleigh fading. They have also assumed that the interference
signals corrupt the relay’s received signal but not the desti-
nation’s one. However, for the considered system, they have
derived the outage probability and the delay-tolerant through-
put in exact closed-form expressions. In [50], the authors have
extended the EH based relaying system in [46] considering
spectrum sharing environment. It should be noted that in [46]
and [50] the authors have adopted the DF relaying protocol.
In [47], the authors have reconsidered the model in [46] but
with adopting the AF relaying protocol and with Nakagami-
m fading. They have assumed that the relay generates the
non-optimal variable amplification gain and the energy is har-
vested only by the relay while the source has its own power
source. For such a system, the authors have derived the exact
outage probability and the delay-tolerant throughput in double
integral-form expressions. In [48], the authors have extended
the work in [47] considering multiple AF relays with best
relay selection scheme and Rayleigh fading, where the energy
is also assumed to be harvested only by the relay. For this
system, the authors have derived only upper bound expression
for the outage probability and asymptotic expression for the
throughput using the extreme value theorem. In [49], the au-
thors have extended the work in [47] considering multi-hop
relaying; however, they have derived the approximate outage
probability using the upper bound SNR approach.

Although the previous works added significant insights,
we can observe that most of them mainly focus on RF-EH
based relaying systems in which only the relay is energy con-
strained and harvests whole or portion of its energy from the
incoming source information signal. In this paper, and unlike
previous literature works, we propose and study a Rayleigh
fading RF-EH-enabled dual-hop AF relaying communication
system in which some ambient interferer is considered as
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the solely free source for energy harvesting.1 As well, its
detrimental effect on the system received signals at the relay
and destination are taken into consideration. The AF relay is
assumed to generate the optimal variable amplification gain.
In addition, for sake of generic performance comparisons and
gaining useful insights, we propose and separately investigate
three energy harvesting modes. In mode I, it is assumed that
only the source does not have constant power supply and
needs to harvest energy from the ambient interferer. In mode
II, it is assumed that only the relay does not have constant
power supply and needs to harvest energy from the ambient
interferer. In mode III, it is assumed that both the source and
the relay do not have constant power supplies and need to
harvest energy concurrently from the ambient interferer. In
these three modes, we follow the TSR EH relaying scheme
previously proposed in [40], i.e., each full signaling period
is divided into three fractions, the first one is allocated for
RF-EH (again, only from the interferer RF signal), the second
one is for source-to-relay transmission, and the third one is for
relay-to-destination transmission.

In particular and in this clause, we can summarize the con-
tributions of this work as follows:
� The system end-to-end effective signal-to-interference-

ratio (SIR) at the destination is first obtained for the three
EH modes of interest.

� Starting from the obtained end-to-end SIRs, correspond-
ing exact outage probability expressions are analytically
derived in infinite-series representation for mode I and in
integral-form for mode II and mode III.

� By lower-bound approximating the system end-to-end
SIRs, tight lower-bound outage probability expressions
are derived in closed-form for the three EH modes.

� The derived outage probability expressions are easy to
compute via common computer softwares like MATA-
LAB or MATHEMATICA, and they are given in terms
of several significant system and channel parameters
including the energy harvesting period, the energy con-
version efficiency, the ambient interferer transmit power,
the fading channel conditions of all system information
and interference links.

� Correspondingly, the derived outage probability expres-
sions are directly used to compute the system exact and
upper-bound delay-limited throughput for the three EH
modes and used as a figure of merit for performance
investigation and comparisons.

� Comprehensive numerical and Monte-Carlo simulation
results are provided to verify the analytical derivations
and to gain insightful observations about the proposed
system throughput performance subject to variant sys-
tem and channel parameters.

The rest of the paper is organized as follow. Section II
presents the system, channel, signaling, power generation and

1It is worthy noting that our proposed energy harvesting model is more
energy efficient and offers less processing complexity as energy is harvested
only from the ambient interferer and not from the source incoming informa-
tion signal.

FIGURE 1. System model illustration.

energy harvesting models for the proposed interference-based
energy harvesting dual-hop relaying system. In Section III,
the system outage probability is derived exactly and approx-
imately for the different proposed energy harvesting modes.
In Section IV, the system delay-limited throughput is de-
termined. Numerical and Monte-Carlo simulation throughput
results are presented in Section V. Finally, conclusions are
drawn in Section VI.

II. SYSTEM MODEL
A. SYSTEM TOPOLOGY AND CHANNEL MODEL
As depicted in Fig. 1, we consider an AF dual-hop relaying
communication system in which the source S is communi-
cating with the destination D through a dedicated relaying
terminal R under the effect of a single dominant ambient
interferer I . The direct link between S and D is assumed to
be absent due to the assumption of large distance separation
or deep fading. Each of the system’s operating terminals S,
R, D and I is assumed to be equipped with single antenna
and operates in the half-duplex mode. In Fig. 1, the dashed
red lines refer to the interference channels from the interferer
I to both S and D, the dashed green line refers to the in-
terference channel from I to the R, and the solid blue lines
refer to information channel links from S to R and from R
to D. Whenever needed, the terminals S and R are assumed
to be capable of harvesting energy from the broadcasted RF
signal of the interferer I . Moreover, the broadcasted signal of
I is assumed to corrupt the receiving portions of R and D as
interfering signal.

All system wireless fading channels are assumed to be
flat and quasi-static. It is also assumed that the channel state
information (CSI) is perfectly known at the system receivers
R and D.

The fading channel coefficients from S to R and from R to
D are denoted by hsr and hrd , respectively, while those from
I to S, R and D are denoted by hIs, hIr and hId , respectively.
All of the system fading channels are assumed to follow the
Rayleigh distribution, i.e., hab is distributed as ∼ CN (0, λab)
and |hab|2 is exponentially distributed (∼ exp(0, λab)) with
probability density function (PDF) of

f|hab|2 (x) = λabe−λabx, x > 0, (1)
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FIGURE 2. Time-frame structure for the proposed energy harvesting
dual-hop relaying system with TSR protocol.

where ab ∈ {sr, rd, Is, Ir, Id} and λ−1
ab = E [|hab|2] ac-

counts for the large-scale average fading power of the a-to-b
link.

B. TSR EH PROTOCOL
As depicted in Fig. 2, a time period of T seconds in required to
complete the transmission of one information block from S to
D via R. According to the time-switching based EH protocol
proposed in [40] for relaying systems, the time period T is
divided into two fractions. A time fraction of τT seconds
is used for EH either by S, R or both, where 0 � τ < 1.2

The remaining time fraction (1 − τ )T seconds is divided into
two equal sub-fractions. The first sub-fraction (1−τ )

2 T is al-
located for S to R transmission. The remaining sub-fraction
(1−τ )

2 T is allocated for the R to D transmission. It is assumed
that all energy harvested over the period τT is consumed,
hence, S and R do not need batteries to store the energy they
harvest.

C. POWER GENERATION
Let us first denote P∗

s for the transmit power of S and P∗
r for

the transmit power of R.

1) POWER GENERATION AT SOURCE S
We consider two separate power generation methods that can
be employed at S. In the first method, S can traditionally gen-
erate its own predetermined transmit power of Ps watts, i.e.,
no energy is harvested and P∗

s = Ps. In the second method,
S is considered an energy constrained terminal and, over the
time period τT seconds, can harvest energy from the ambient
interferer I to generate its transmit power, where the amount
of the harvested energy can be computed by

Ehs = ζsτT PI |hIs|2, (2)

where 0 < ζs ≤ 1 is the energy conversion efficiency at S and
PI is the transmit power of the interferer I . The amount of har-
vested energy in (2) is then used to complete the information
transmission from S to R over the time fraction (1−τ )

2 T with
transmit power of

P∗
s = Ehs

(1−τ )
2 T

= 2ζsτPI |hIs|2
(1 − τ )

. (3)

2The case τ = 1 is not considered because it implies no information trans-
mission.

In summary, the transmit power of S can be given as

P∗
s =

{
Ps , (No energy harvesting at S)
2ζsτPI |hIs|2

(1−τ ) , (Energy is harvested at S from I ).

(4)

2) POWER GENERATION AT RELAY R
Similarly, we consider two separate power generation meth-
ods at R. In the first method, R generates its own prede-
termined transmit power of Pr watts, that is, no energy is
harvested and P∗

r = Pr . In the second method, and over the
EH time fraction τT , R harvests its energy from the ambient
interferer I with amount of

Ehr = ζrτT PI |hIr |2, (5)

where 0 < ζr ≤ 1 refers to the energy conversion efficiency
at R. Then, over the second time half (1−τ )

2 T , R uses this
harvested energy to complete the information transmission
from R to D with transmit power of

P∗
r = Ehr

(1−τ )
2 T

= 2ζrτPI |hIr |2
(1 − τ )

. (6)

In summary, the power generated at R can be given as

P∗
r =

{
Pr , (No energy harvesting at R)
2ζrτPI |hIr |2

(1−τ ) , (Energy is harvested at R from I ).

(7)

D. PROPOSED EH MODES
In this paper, we separately consider three EH modes:

1) MODE I: ENERGY HARVESTING ONLY AT SOURCE S
In this mode, we assume that the source S is energy con-
strained device and can harvest its energy from the interferer

I over the EH time period τT (i.e., P∗
s = 2ζsτPI |hIs|2

(1−τ ) ). On the
other hand, the relay R is assumed to have its own power
sources and can generate its own transmission power inde-
pendently (i.e., P∗

r = Pr).

2) MODE II: ENERGY HARVESTING ONLY AT RELAY R
In this mode, we assume that the relay R is energy constrained
device and can harvest its energy from the interferer I over the

EH time period τT (i.e., P∗
r = 2ζrτPI |hIr |2

(1−τ ) ), while the source S
is assumed to have its own power sources and can generate its
own transmission power independently (i.e., P∗

s = Ps).

3) MODE III: ENERGY HARVESTING AT BOTH S AND R
In this mode, we assume that both the source S and the relay
R are energy constrained devices and can harvest their energy
concurrently from the interferer I over the same EH time

period τT (i.e., P∗
s = 2ζsτPI |hIs|2

(1−τ ) and P∗
r = 2ζrτPI |hIr |2

(1−τ ) ).

E. SIGNALING MODEL AND END-TO-END SIR
The relaying link S-to-R-to-D accomplishes two transmission
stages, which are described in the sequel. In the first stage, the
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source S transmits its information signal, say xs, to the relay
R where the received signal is corrupted by both the AWGN
noise and the interfering signal from the interferer I , that is

yr = √
P∗

s hsrxs + √
PI hIrxI + nr, (8)

where P∗
s is given by (4) in accordance to the power gener-

ation method used at S, xI is the interferer signal, and nr ∼
CN (0, No) is the AWGN noise sample with double-sided PSD
of No. In the second transmission stage, the relay R employs
the AF relaying scheme and amplifies yr in (8) by amplifica-
tion gain G. For sake of restricting the relay’s transmit power
by P∗

r and under the assumption that the interference power
dominates the noise power (i.e., No

PI
→ 0 [21], [49], [51]), the

gain G is produced as

G =
√

1

P∗
s |hsr |2 + PI |hIr |2 . (9)

Then, the relay R forwards the amplified signal Gyr to the
final destination D where the received signal is also affected
by the AWGN noise and the interfering signal from I , hence,
D receives the signal

yd = √
P∗

r hrd Gyr + √
PI hId xI + nd , (10)

where nd ∼ CN (0, No) is the AWGN noise sample. Consid-
ering (8) in (10) gives yd as

yd = √
P∗

s

√
P∗

r hsrhrd Gxs + √
PI
√

P∗
r hIrhrd GxI

+ √
P∗

r hrd Gnr + √
PI hId xI + nd . (11)

Now, under the above assumption that No
PI

→ 0, the end-to-end
SIR at the destination D can be obtained from (11) as

X = P∗
s P∗

r G2|hsr |2|hrd |2
PI P∗

r |hIr |2|hrd |2 G2 + PI |hId |2 . (12)

Substituting (9) into (12) along with doing some simplifica-
tions gives X as

X = P∗
s P∗

r |hsr |2|hrd |2
PI P∗

r |hIr |2|hrd |2 + PI P∗
s |hsr |2|hId |2 + P2

I |hIr |2|hId |2 .

(13)

In the following section, the system outage probability is ana-
lyzed.

III. OUTAGE PROBABILITY ANALYSIS
Assuming a fixed source transmission rate of R bits/sec/Hz,
the outage probability can be evaluated by

Pout = Pr {X < γth} , (14)

where X is the end-to-end SIR in (13) and γth = 2R − 1 is the
threshold SIR value for correct data detection at the destina-
tion D. In the sequel, we use (13) and (14) to derive the system
outage probability for the three EH modes of interest.

A. MODE I: ENERGY HARVESTING ONLY AT SOURCE S
1) EXACT OUTAGE PROBABILITY
Theorem 3.1: The exact outage probability of the considered
interference-based dual-hop AF relaying system with energy
harvesting mode I in which energy is harvested only at S can
be computed by

PI
out = λIsγth(1 − τ )λsr

2ζsτλIr
e
−
(

(1−τ )λsrλIsγth
2ζsτλIr

)

× Ei

(
(1 − τ )λsrλIsγth

2ζsτλIr

)
+ λIsγ

2
th(γth + 1)(

γth + PrλId
PIλrd

)2

×
∞∑

n=0

[
βn

n∑
k=0

(
n

k

)
υk,n

× 	

(
k + 2, 1 + k − n; (1 − τ )λsrλIsγth

2ζsτλIr

)]
,

(15)

where

βn = (2)n ((2)n + (1)n(1 + γth))

2(3)nn!

υk,n =
(

2ζsτλIr

(1 − τ )λsr

)k−n−1
(

γth − γth(γth + 1)

γth + PrλId
PIλrd

)n−k

× 
(k + 2)

(
(1 − τ )λsrγth

2ζsτλIr

)k−n

,

where γth = 2R − 1 with R is the transmission data rate,
Ei(x) = − ∫ ∞

−x
e−t

t dt refers to the exponential integral func-
tion [52, 8.211], 	(·, ·; ·) is the Tricomi hypergeometric
function [52, Eq. (9.211–4.8)], (a)n = 
(a+n)


(a) denotes for the
Pochhammer symbol, (·)! is the factorial operator, and 
(·) is
the gamma function.

Proof: See Appendix A. �

2) APPROXIMATE OUTAGE PROBABILITY
Theorem 3.2: The outage probability of the considered
interference-based dual-hop AF relaying system with energy
harvesting mode I in which energy is harvested only at S can
be computed using the following tight lower-bound closed-
from expression.

PI
out,Low = 1 −

[
PrλId

PIλrdγth + PrλId

]
γth(1 − τ )λIsλsr

2ζsτλIr

× 	

(
2, 2; γth(1 − τ )λIsλsr

2ζsτλIr

)
. (16)

Proof: See Appendix B. �

B. MODE II: ENERGY HARVESTING ONLY AT RELAY R
1) EXACT OUTAGE PROBABILITY
Theorem 3.3: The exact outage probability of the considered
interference-based dual-hop AF relaying system with energy
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harvesting mode II in which energy is harvested only at R can
be computed by

PII
out = γth

γth + βs
−

∫ ∞

0

βsαr

(z + γth + βs)2

(z + γth + 1)γth

z

× e

(
αr

(z+γth+1)γth
z

)
Ei

(
−αr

(z + γth + 1)γth

z

)
dz,

(17)

where

βs = λIrPs

λsrPI

αr = (1 − τ )λrdλIr

2ζrτλId
. (18)

Proof: See Appendix C. �

2) APPROXIMATE OUTAGE PROBABILITY
Theorem 3.4: The outage probability of the considered
interference-based dual-hop AF relaying system with energy
harvesting mode II in which energy is harvested only at R can
be computed using the following tight lower-bound closed-
from expression.

PII
out,Low = 1 − λIr
(2)

λrdγth

λId

1 − τ

2ζrτ

× 	

(
2, 2; λrdγth

λId

1 − τ

2ζrτ

(
λIr + PIλsrγth

Ps

))
.

(19)

Proof: See Appendix D. �

C. MODE III: ENERGY HARVESTING AT BOTH SOURCE AND
RELAY
1) EXACT OUTAGE PROBABILITY
Theorem 3.5: The exact outage probability of the considered
interference-based dual-hop AF relaying system with energy
harvesting mode III in which energy is harvested at both S and
R can be computed by

PIII
out = 1 −

∫ ∞

0
αr

(z + γth + 1)γth

z
e
−
(
αr

(z+γth+1)γth
z

)

× Ei

(
−αr

(z + γth + 1)γth

z

)
αs	 (2, 1;αs(z + γth)) dz,

(20)

where

αr = (1 − τ )λrdλIr

2ζrτλId

αs = (1 − τ )λIsλsr

2ζsτλIr
. (21)

Proof: See Appendix E. �

2) APPROXIMATE OUTAGE PROBABILITY
Theorem 3.6: The outage probability of the considered
interference-based dual-hop AF relaying system with energy
harvesting mode III in which energy is harvested at both S
and R can be computed using the following tight lower-bound
closed-from expression

PIII
out,Low = 1 − λIs


(2)λrd (1 − τ )3γ 2
th

8ζrζsτ 3λId

n∑
k=0

(−1)k (2)k (1)k

k!

×
(

4ζsζrτ
2λId
(k + 3)

λrd (1 − τ )2γth

)k+2

× 	

(
k + 3, 2; λIsλsrγth(1 − τ )

λIr2ζsτ

)
. (22)

Proof: See Appendix F. �

IV. DELAY-LIMITED THROUGHPUT
In the delay-limited transmission scheme, the outage proba-
bility is the essential quantity to compute the delay-limited
throughput. Provided that the source is communicating R
bits/sec/Hz and, as deposited in Fig. 2, (1 − τ )T/2 is the
effective end-to-end communication time from the source S to
the destination D in the block of T seconds, the delay-limited
throughput at the destination can be computed as [40]

RDL (τ ) = (1 − Pout) R
(1 − τ )T/2

T
= (1 − Pout) R

(1 − τ )

2
,

(23)

where Pout is given exactly and approximately in the previous
section for the three EH modes under study. Notice that com-
puting (23) using the lower-bound outage probabilities results
in upper-bound delay-limited throughput.

It is worth pointing out that the throughput-optimal energy
harvesting time, denoted by τ ∗, can be obtained according to
the following problem

τ ∗ = arg max
τ

RDL (τ )

s.t. 0 < τ < 1. (24)

Correspondingly, the optimal throughput is RDL (τ ∗). Un-
fortunately, utilizing the analytical expressions for RDL (τ )
derived for the three modes will not lead to closed-form so-
lution for τ ∗. Hence, we resort to numerical solution where
τ ∗ can be efficiently computed using exhaustive search.

V. NUMERICAL AND SIMULATION RESULTS
In this section, we numerically investigate the delay-limited
throughput of all Modes for different system parameters. The
correctness of obtained analytical results is validated using
extensive Monte Carlo simulations, where the throughput is
being evaluated by averaging one million independent real-
izations. For simplicity but without loss of generality, the
throughput evaluation considers the following default val-
ues: λsr = λrd = 1, and ζr = ζs = 1. For the simulation setup
under consideration, we find that the infinite series in the
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FIGURE 3. Delay limited throughput of mode I versus the energy
harvesting time τ for different values of PI at λIs = 4, λsr = 1, λrd = 1,
λIr = 3, and λId = 4.

exact outage probability expression in (15) is truncated with
accuracy using the first 74 terms, which confirms its quick
convergence. The integrals in Theorems 3.3 and 3.5 do not
admit analytical solutions, hence, we resort to numerical inte-
gration for evaluating the exact outage performance.

In Fig. 3, the delay-limited throughput of Mode I is depicted
against τ for different values of PI . We first note that the
exact throughput accurately matches with the Monte-Carlo
simulations. We also observe that the upper bound is rea-
sonably tight for all 0 < τ < 1. It can be also seen that the
throughput improves as PI decreases. This can be justified as
follows: although the source can harvest more energy when PI

increases, higher values of PI will result in higher interference
power at the relay and destination, which inevitably leads to
worse throughput performance. Furthermore, we can observe
that increasing τ , increases the throughput starting from zero
up to its maximum value at some specific τ value. Then,
over this specific value of τ , the throughput starts decreasing
back to zero. This is due to the fact that for small values of
τ , there is less time allocated for energy harvesting, which
means less harvested energy (or less transmit power), and
thus, less throughput attained at the final destination. On the
other hand, for large values of τ , more time is consumed
on energy harvesting and less time is allocated for actual
information transmission, which also reduces the throughput
at the destination node. More results on optimal delay-limited
throughput are presented in Fig. 13.

Fig. 4, illustrates delay-limited throughput of Mode I
against λId for different values of λIs. We note that the
exact throughput matches perfectly with the Monte Carlo
simulations. It is evident from this figure that the through-
put improves as λId increases. This is expected, since larger
values of λId imply less interference power at the destination.
Nevertheless, we can observe that after some higher λId value
(for e.g. 20 dB), the throughput enhancement with it becomes
slow. We also observe that the throughput improves as the

FIGURE 4. Delay limited throughput of mode I versus λId for different
values of λIs at PI = 1, λsr = 1, λrd = 1, and λIr = 3.

FIGURE 5. Delay limited throughput of mode II versus the energy
harvesting time τ for different values of PI at λsr = 1, λrd = 1, λIr = 3, and
λId = 4.

λIs decreases. This is because smaller values of λIs will lead
to better channel conditions between the interferer and the
source, which results in higher harvested energy at the source.

In Fig. 5, the delay-limited throughput of Mode II is plotted
against τ for different values of PI . We confirm the correctness
of the exact throughput using Monte-Carlo simulations. It can
be seen from the figure that the throughput improves as PI

decreases and the upper bound is reasonably tight for all 0 <

τ < 1.
Fig. 6, illustrates delay-limited throughput of Mode II

against λId for different values of λIr . As expected, the
throughput improves as λId grows large. In addition, the
throughput improves as λIr decreases. This is due to the fact
that smaller values of λIr will result in better channel condi-
tions between the interferer and the relay, which leads to larger
harvested energy at the relay.

Figs. 7 and 8 depict the delay-limited throughput of Mode
III against τ for different values of λIs and λId , respectively.
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FIGURE 6. Delay limited throughput of mode II versus λId for different
values of λIr at PI = PS = 1, λsr = 1, and λrd = 1.

FIGURE 7. Delay limited throughput of mode III versus the energy
harvesting time τ for different values of λIs at λsr = 1, λrd = 1, λIr = 3, and
λId = 4.

FIGURE 8. Delay limited throughput of mode III versus the energy
harvesting time τ for different values of λId at λsr = 1, λrd = 1, λIr = 3, and
λIs = 1.

FIGURE 9. Delay limited throughput of all modes versus the energy
harvesting time τ at PI = 10, λsr = 1, λrd = 1, λIr = 3, λId = 4, and λIs = 1.

FIGURE 10. Delay limited throughput of all modes versus the energy
harvesting time τ at PI = 1, λsr = 1, λrd = 1, λIr = 3, λId = 4, and λIs = 1.

It is evident from Fig. 7 that larger values of λIs will result
in throughput degradation since the source will harvest less
energy as λIs increases. It can be also shown from Fig. 8 that
the throughput improves as λId increases, as expected.

In Figs. 9, 10 and 11, we study the throughput of all modes
against τ when PI = 10, PI = 1, and PI = 0.1, respectively.
It can be observed from Fig. 9 that when PI is large (i.e.,
PI = 10), mode III is the best in terms of throughput for
τ > 0.3. This is an evident that Mode III is of more practical
interest at larger values of PI . This is due to the fact that when
the energy harvesting is employed at either only the source
(Mode I) or the relay (Mode II), higher values of PI causes
higher interference power at the destination, which leads to
throughput degradation.

In Fig. 10, we observe that Mode I achieves the best
throughput performance when PI = 1 for τ < 0.75 and Mode
III achieves the best throughput for τ > 0.75. We also observe
that Mode III achieves much better than Mode II for τ > 0.35.
Accordingly, it can be concluded that Mode I and Mode III
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FIGURE 11. Delay limited throughput of all modes versus the energy
harvesting time τ at PI = 0.1, λsr = 1, λrd = 1, λIr = 3, λId = 4, and λIs = 1.

FIGURE 12. Delay limited throughput of all modes versus interferer
transmit power for energy harvesting time τ = 0.6 and 0.9 at λsr = 1,
λrd = 1, λIr = 3, λId = 4, and λIs = 1.

are of more practical interest at moderate values of PI (i.e.,
PI = 1).

In Fig. 11, we note that Mode I achieves the best through-
put performance when PI = 0.1 for all 0 < τ < 1. We also
observe that Mode II achieves much better than Mode III for
all 0 < τ < 1. Accordingly, it can be concluded that Mode I
and Mode II are of more practical interest at lower values of
PI (i.e., PI = 0.1).

In Fig. 12, depicts the delay-limited throughput of all modes
versus the interferer power PI for two τ values of 0.6 and 0.9.
It is clear from this figure that the throughput of Mode I and
Mode II decreases with PI while that of Mode III is invariant
with it. We can also notice that Mode III is the best for high
PI values, and hence, it is recommended to be used in such
interferer scenarios.

Fig. 13 depicts the optimal delay-limited throughput
RDL (τ ∗) of all Modes against PI , where RDL (τ ∗) is being
evaluated by solving the optimization problem in (24).

FIGURE 13. Optimal delay-limited throughput of all Modes versus PI ,
λsr = 1, λrd = 1, λIr = 3, λId = 4, and λIs = 1.

FIGURE 14. Delay limited throughput of mode III versus the energy
harvesting time τ considering AF and DF protocols for different values of
λIr at λsr = 1, λrd = 1, λId = 1, λIs = 1, and PI = 10.

Fig. 14 compares the delay-limited throughput (against τ )
of Mode III using the AF protocol with that using the DF
protocol considering different values of λIr (i.e., different in-
terferer to relay channel conditions).3 From this figure several
novel insightful comparative observations can be obtained.
When λIr is low (i.e., strong interferer to relay channel), the
DF outperforms the AF. This is due to the fact that in the AF
relaying, the interference term at the AF relay is amplified
along with the desired signal and forwarded to the destination,
which results in throughput reduction even though the amount
of the relay harvested energy from the same interference is
high; while, in the DF protocol, this is not happening but
rather the stronger the interference, the more harvested energy
at the DF relay and the higher throughput at the destination.

3The throughput results using the DF protocol are obtained via simulation.
For more details about EH-based DF relaying system set ups, readers can
refer to [46].
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FIGURE 15. Delay limited throughput of mode III versus the energy
harvesting time τ considering AF and DF protocols for different values of
λId at λsr = 1, λrd = 1, λIr = 3, λIs = 1, and PI = 10.

Now, increasing λIr to medium values (i.e., moderate inter-
ferer to relay channel strength, improves the throughput of the
AF protocol due to the reduction in the received interference
power at the AF relay, and reduces the throughput of the DF
protocol due to the reduction in the amount of the harvested
energy at the DF relay. Increasing λIr more to high values
(i.e., extremely weak interferer to relay channel), reduces the
overall throughput of both protocols, which is due to the huge
reduction in the amount of the harvested energy at the relay.
Thus, based on these observations, it would be recommended
to employ the DF protocol when the interferer to relay channel
is strong and the AF protocol when it is moderate or weak.

Fig. 15 presents the same comparison as in Fig. 14 but for
different values of λId (i.e., different interferer to destination
channel conditions) and moderate λIr value of 3. First, it is
clear that increasing λId , increases the throughput for both
protocols, which is due to the reduction of the harmful effect
of the interference signal at the destination. It is also clear that,
over medium and high τ values, the AF protocol outperforms
the DF protocol for all λId values, however, the gap between
them reduces over the high λId values.

VI. CONCLUSION
In this paper, an energy harvesting based Rayleigh fading
dual-hop amplify-and-forward relaying system has been con-
sidered, where the source and the relay are capable to harvest
energy only from an ambient interferer that also corrupts the
received signals at both the relay and destination. Under these
considerations, the system outage probability has been derived
in novel exact analytical expressions and in lower-bound ap-
proximate closed-form expressions considering three modes
of energy harvesting; mode I (energy is harvested only at
the source), mode II (energy is harvested only at the relay),
and mode III (energy is harvested simultaneously at both the
source and the relay). Subject to fixed source transmission
rate, the derived outage probabilities have been directly used

to compute the system’s delay-limited throughput for the en-
ergy harvesting modes under study. Under diverse system and
channel parameters, comprehensive numerical and simulation
results have been provided to corroborate the conducted ana-
lytical derivations and to gain useful insightful observations
and comparisons into the system throughput performance.
Results have shown that (i) subject to fixed channel con-
ditions, the throughput of mode I and mode II is inversely
proportional with the interferer transmit power while that of
mode III is independent of it, (ii) subject to fixed interferer
transmit power, better interferer to harvesting node channel
conditions improves the system throughput while better in-
terferer to receiving node channel conditions degrades the
system throughput, (iii) for large interferer transmit power
values, mode III offers the best throughput.

APPENDIX A
THEOREM 3.1 PROOF
When energy harvesting is employed at S but not at R, the
source transmit power (according to (4)) is given as P∗

s =
2ζsτPI |hIs|2

(1−τ ) , while, as in (7), the relay transmit power P∗
r is fixed

and equals Pr . Considering this in (13) gives the SIR for this
energy harvesting mode as in (25).

X I =
2ζsτ

(1−τ ) PI Pr |hIs|2|hsr |2|hrd |2
PI Pr |hIr |2|hrd |2 + 2ζsτ

(1−τ ) P2
I |hIs|2|hsr |2|hId |2 + P2

I |hIr |2|hId |2 .

(25)

The outage probability at D for energy harvesting mode I, say
PI

out, can be obtained by

PI
out = Pr

{X I < γth
}
, (26)

where γth = 2R − 1 is a predetermined threshold and R is the
transmission data rate at S. Due to the intractable form of the
R.V X I in (25), we propose to evaluate PI

out as

PI
out =

∫ ∞

0
f|hIs|2 (q)Pr

{X I
∣∣ {|hIs|2 = q

}
< γth

}
dq, (27)

where X I
∣∣{|hIs|2 = q} is X I conditioned on |hIs|2 = q, which

is given as in (28).

X I
∣∣{|hIs|2 = q} =

2ζsτ
(1−τ ) PI Prq|hsr |2|hrd |2

PI Pr |hIr |2|hrd |2 + 2ζsτ
(1−τ ) P2

I q|hsr |2|hId |2 + P2
I |hIr |2|hId |2 .

(28)

The target now is to determine Pr{X I
∣∣{|hIs|2 = q} < γth}. To

attain this, we first define the following R.Vs

X1 = 2ζsτ

(1 − τ )
PI q|hsr |2 (29)

X2 = Pr |hrd |2 (30)

	1 = PI |hIr |2 (31)
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	2 = PI |hId |2. (32)

Considering this in (28) gives

X I
∣∣ {|hIs|2 = q

} = X1X2

	2X1 + 	1X2 + 	1	2
. (33)

Further, by dividing the numerator and denominator of (33)
by 	1	2, we may have

X I
∣∣ {|hIs|2 = q

} =
X1
	1

× X2
	2

X1
	1

+ X2
	2

+ 1
. (34)

From (34), we can obtain

Pr
{X I

∣∣ {|hIs|2 = q
}

< γth
} = Pr

{ X1
	1

× X2
	2

X1
	1

+ X2
	2

+ 1
< γth

}
,

(35)

which can be computed as in (36).

Pr
{X I

∣∣ {|hIs|2 = q
}

< γth
}

= 1 −
∫ ∞

γth

f X1
	1

(x)dx +
∫ ∞

γth

f X1
	1

(x)Pr

{X2

	2
<

(x + 1)γth

x − γth

}
dx.

(36)

According to (1) and (29) to (32), we have

X1 ∼ exp

(
0,

(1 − τ )λsr

2ζsτPI q

)
(37)

X2 ∼ exp

(
0,

λrd

Pr

)
(38)

	1 ∼ exp

(
0,

λIr

PI

)
(39)

	2 ∼ exp

(
0,

λId

PI

)
. (40)

Based on this, and with the help of [53], the PDF and CDF of
X1
	1

and X2
	2

can be obtained respectively as

f X1
	1

(x) = 2ζsτλIrq

(1 − τ )λsr

(
x + 2ζsτλIrq

(1−τ )λsr

)2 (41)

FX1
	1

(x) = x

x + 2ζsτλIrq
(1−τ )λsr

(42)

f X2
	2

(x) = PrλId q

PIλrd

(
x + PrλId q

PIλrd

)2 (43)

and

FX2
	2

(x) = x

x + PrλId
PIλrd

. (44)

Substituting (41) and (44) into (36), solving for the first inte-
gral, and doing some simplifications gives (45). Simplifying
with z = x − γth gives (46).

Pr
{X I

∣∣ {|hIs|2 = q
}

< γth
} = γth

γth + 2ζsτλIrq
(1−τ )λsr

+
∫ ∞

γth

(x + 1)γth

(x + 1)γth + PrλId
PIλrd

(x − γth)

× 2ζsτλIrq

(1 − τ )λsr

(
x + 2ζsτλIrq

(1−τ )λsr

)2 dx. (45)

Pr
{X I

∣∣ {|hIs|2 = q
}

< γth
} = γth

γth + 2ζsτλIrq
(1−τ )λsr

+
∫ ∞

0

γthz + γth(γth + 1)

(γth + PrλId
PIλrd

)z + γth(γth + 1)

× 2ζsτλIrq

(1 − τ )λsr

(
z + γth + 2ζsτλIrq

(1−τ )λsr

)2 dz. (46)

Pr
{X I

∣∣ {|hIs|2 = q
}

< γth
} = γth

γth + 2ζsτλIrq
(1−τ )λsr

+ γ 2
th(γth + 1)B(2, 1)(

γth + PrλId
PIλrd

)2

2ζsτλIr
(1−τ )λsr

q(
2ζsτλIr

(1−τ )λsr
q + γth

)2

× F

⎛
⎝2, 2; 3; 1 − γth(γth + 1)(

γth + PrλId
PIλrd

) (
2ζsτλIr

(1−τ )λsr
q + γth

)
⎞
⎠

+ γ 2
th (γth + 1)2 B(1, 2)(

γth + PrλId
PIλrd

)2

2ζsτλIr
(1−τ )λsr

q(
2ζsτλIr

(1−τ )λsr
q + γth

)2

× F

⎛
⎝2, 1; 3; 1 − γth(γth + 1)(

γth + PrλId
PIλrd

) (
2ζsτλIr

(1−τ )λsr
q + γth

)
⎞
⎠ . (47)

By solving the integral in (46) with the help of [52,
Eq. (3.259-3)], we can obtain the ultimate exact expression for
Pr{X I

∣∣{|hIs|2 = q} < γth} as in (47) where B(·, ·) is the Beta
function [52, 8.380-1] and F (α, β; γ ; z) is the hypergeometric
function [52, (9.100)]. Now, by substituting (47) and (1) (with
ab = Is) into (27), we may have PI

out as in (48) shown at the
bottom of the next page. With the help of [52, Eq. (3.352-4)],
we can have I1 as

I1 = −λIsγth(1 − τ )λsr

2ζsτλIr
e

(
(1−τ )λsrλIsγth

2ζsτλIr

)

× Ei

(
− (1 − τ )λsrλIsγth

2ζsτλIr

)
, (49)

With regard to I2 and I3, we are unaware of a closed-form
solution for them even in well-known integral tables. Thus,
our proposition to solve for them is as follows. First, mak-
ing use of the hypergeometric function series expansion [52,
Eq. (9.14.1)]

F (α, β; γ ; z) =
∞∑

n=0

(α)n(β )n

(γ )n

zn

n!
(50)
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in I2 given in (48) along with some arrangements yields

I2 =
∞∑

n=0

(2)n(2)n

(3)nn!

∫ ∞

0

2ζsτλIr
(1−τ )λsr

q(
2ζsτλIr

(1−τ )λsr
q + γth

)n+2

×
(

2ζsτλIr

(1 − τ )λsr
q + γth − γth(γth + 1)

γth + PrλId
PIλrd

)n

e−λIsqdq,

(51)

where (a)n = 
(a+n)

(a) denotes for the Pochhammer symbol.

Expanding (
2ζsτλIr

(1 − τ )λsr
q + γth − γth(γth + 1)

γth + PrλId
PIλrd

)n

using the power series expansion gives

I2 =
∞∑

n=0

(2)n(2)n

(3)nn!

n∑
k=0

(
n

k

)(
2ζsτλIr

(1 − τ )λsr

)k+1

×
(

γth − γth(γth + 1)

γth + PrλId
PIλrd

)n−k∫ ∞

0

qke−λIsq(
2ζsτλIr

(1−τ )λsr
q + γth

)n+2 dq.

(52)

Solving for the last integral in (52) using [54, Eq. (2.3.6.9)]
ultimately gives I2 as

I2 =
∞∑

n=0

(2)n(2)n

(3)nn!

n∑
k=0

(
n

k

)(
2ζsτλIr

(1 − τ )λsr

)k−n−1

(
γth − γth(γth + 1)

γth + PrλId
PIλrd

)n−k


(k + 2)

(
(1 − τ )λsrγth

2ζsτλIr

)k−n

× 	

(
k + 2, 1 + k − n; (1 − τ )λsrλIsγth

2ζsτλIr

)
, (53)

where 	(α, β, γ ) is the Tricomi hypergeometric function [52,
9.211-4.8]. Similarly, I3 can be obtained by

I3 =
∞∑

n=0

(2)n(1)n

(3)nn!

n∑
k=0

(
n

k

)(
2ζsτλIr

(1 − τ )λsr

)k−n−1

(
γth − γth(γth + 1)

γth + PrλId
PIλrd

)n−k


(k + 2)

(
(1 − τ )λsrγth

2ζsτλIr

)k−n

× 	

(
k + 2, 1 + k − n; (1 − τ )λsrλIsγth

2ζsτλIr

)
(54)

Finally, substituting (49), (53) and (54) into (48) along with
some simplifications and manipulations gives (25), which
completes the proof.

APPENDIX B
THEOREM 3.2 PROOF
First, the conditional SIR in (34) can be approximated by the
following tight upper bound

X I
∣∣ {|hIs|2 = q

} ≤ X I
up

∣∣ {|hIs|2 = q
} = min

(X1

	1
,
X2

	2

)
.

(55)

As X1
	1

and X2
	2

are two independent R.Vs, we can have

Pr

{
X I

up

∣∣ {|hIs|2 = q
}

< γth

}
= 1 −

[
1 − FX1

	1

(γth)

]

×
[

1 − FX2
	2

(γth)

]
. (56)

Substituting (42) and (44) into (56) gives

Pr

{
X I

up

∣∣ {|hIs|2 = q
}

< γth

}
= 1 −

[
PrλId

PIλrdγth + PrλId

]

×
[ 2ζsτλIr

(1−τ )λsr
q

2ζsτλIr
(1−τ )λsr

q + γth

]
.

(57)

PI
out =

∫ ∞

0

λIsγth

γth + 2ζsτλIrq
(1−τ )λsr

e−λIsqdq

︸ ︷︷ ︸
I1

+ λIsγ
2
th(γth + 1)B(2, 1)(
γth + PrλId

PIλrd

)2

×
∫ ∞

0

2ζsτλIr
(1−τ )λsr

qe−λIsq(
2ζsτλIr

(1−τ )λsr
q + γth

)2 F

⎛
⎝2, 2; 3; 1 − γth(γth + 1)(

γth + PrλId
PIλrd

) (
2ζsτλIr

(1−τ )λsr
q + γth

)
⎞
⎠ dq

︸ ︷︷ ︸
I2

+ λIsγ
2
th(γth + 1)2B(1, 2)(
γth + PrλId

PIλrd

)2

×
∫ ∞

0

2ζsτλIr
(1−τ )λsr

qe−λIsq(
2ζsτλIr

(1−τ )λsr
q + γth

)2 F

⎛
⎝2, 1; 3; 1 − γth(γth + 1)(

γth + PrλId
PIλrd

) (
2ζsτλIr

(1−τ )λsr
q + γth

)
⎞
⎠ dq

︸ ︷︷ ︸
I3

(48)
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Now, considering the conditional upper bound SIR in (57)
along with (1) (with ab = Is) into (27) gives the following
lower bound for PI

out

PI
out,Low = 1 −

[
PrλId

PIλrdγth + PrλId

]

×
∫ ∞

0
λIse

−λIsq

[ 2ζsτλIr
(1−τ )λsr

q
2ζsτλIr

(1−τ )λsr
q + γth

]
dq

︸ ︷︷ ︸
I3

. (58)

Solving for I3 using [54, Eq. (2.3.6.9)] ultimately gives
PI

out,Low as in (16).

APPENDIX C
THEOREM 3.3 PROOF
With energy harvesting is employed only at R, the system SIR
can be obtained from (13) by setting P∗

s = Ps (as in (4)) and

P∗
r = 2ζrτPI |hIr |2

(1−τ ) (as in (7)), which gives (59).

X II =
2ζrτ

(1−τ ) PI Ps|hIr |2|hsr |2|hrd |2
2ζrτ

(1−τ ) P2
I |hIr |4|hrd |2 + PI Ps|hsr |2|hId |2 + P2

I |hIr |2|hId |2 .

(59)

Using X II, the outage probability for energy harvesting mode
II, say PII

out, can be computed by

PII
out = Pr

{X II < γth
}
. (60)

To simplify the problem of obtaining Pr{X II < γth}, we need
first to re-present X II in more helpful form, which can be done
as follows. First, dividing the numerator and the denominator
of (59) by |hIr |2 may give

X II =
2ζrτ

(1−τ ) PI Ps|hsr |2|hrd |2
2ζrτ

(1−τ ) P2
I |hIr |2|hrd |2 + PI Ps

|hsr |2|hId |2
|hIr |2 + P2

I |hId |2
.

(61)

By defining

L1 = Ps|hsr |2 (62)

Y2 = 2ζrτ

(1 − τ )
PI |hrd |2 (63)

�2 = PI
|hId |2
|hIr |2 . (64)

we may write

X II = L1Y2

�2L1 + 	1Y2 + 	1�2
, (65)

where 	1 is defined in (31). Now, dividing the numerator and
denominator of (65) by 	1�2 gives

X II =
L1
	1

× Y2
�2

L1
	1

+ Y2
�2

+ 1
. (66)

From (66), we can now have

Pr

{X II < γth

} = 1 −
∫ ∞

γth

f L1
	1

(x)dx︸ ︷︷ ︸
�FL1

	1

(γth )

+
∫ ∞

γth

f L1
	1

(x) Pr

{Y2

�2
<

(x + 1)γth

x − γth

}
︸ ︷︷ ︸

�FY2
�2

(
(x+1)γth

x−γth

)
dx, (67)

where

f L1
	1

(x) =
λIr Ps
λsr PI(

x + λIr Ps
λsr PI

)2 (68)

FL1
	1

(x) = x

x + λIr Ps
λsr PI

. (69)

and the CDF FY2
�2

(u) is given by the following proposition.

Proposition C.1:

FY2
�2

(u) = − (1 − τ )λrdλIr

2ζrτλId
u e

(
(1−τ )λrd λIr

2ζr τλId
u
)

× Ei

(
− (1 − τ )λrdλIr

2ζrτλId
u

)
. (70)

Proof:

FY2
�2

(u) = Pr

{Y2

�2
< u

}
= Pr

{
2ζrτ

(1 − τ )
|hrd |2 |hIr |2

|hId |2 < u

}
.

(71)

By defining � = 2ζrτ
(1−τ ) |hrd |2, which is exp(0,

(1−τ )λrd
2ζrτ

), we
can write

FY2
�2

(u) =
∫ ∞

0
f�(g)Pr

{
g
|hIr |2
|hId |2 < u

}
dg

=
∫ ∞

0

(1 − τ )λrd

2ζrτ
e− (1−τ )λrd

2ζr τ g u

u + gλId
λIr

dg.

(72)

By solving for the integral in (72) with the help of [3.352-4]
we can obtain (70), which completes the proof. �

Now, considering (68), (69) and (70) with u = (x+1)γth
x−γth

in
(67) yields (73).

Pr
{X II < γth

} = γth

γth + λIrPs
λsrPI

−
∫ ∞

γth

λIrPs
λsrPI(

x + λIrPs
λsrPI

)2

(1 − τ )λrdλIr

2ζrτλId

× (x + 1)γth

x − γth
e

(
(1−τ )λrd λIr

2ζr τλId

(x+1)γth
x−γth

)

× Ei

(
− (1 − τ )λrdλIr

2ζrτλId

(x + 1)γth

x − γth

)
dx.

(73)
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Letting z = x − γth gives (17).

APPENDIX D
THEOREM 3.4 PROOF
In analogy to (55), the conditional SIR in (66) can be tightly
approximated using the following upper bound

X II ≤ X II
up = min

(L1

	1
,
Y2

�2

)
. (74)

Thus, the lower bound outage probability for mode II can be
computed as

PII
out,Low = Pr

{
X II

up < γth

}
= Pr

{
min

(L1

	1
,
Y2

�2

)
< γth

}
.

(75)

Notice that L1
	1

and X2
	2

are not statistically independent

because they share the same random variable |hIr |2, and
thus, PII

out,Low cannot be obtained using the formula in (56).
However, our proposition to obtain it as follows. First we
may write

PII
out,Low = 1 − Pr

{L1

	1
> γth

⋂ Y2

�2
> γth

}
. (76)

Conditioned on |hIr |2 = f , we have

PII
out,Low

∣∣ {|hIr |2 = f
} = 1 − Pr

{L1

	1

∣∣∣∣ {|hIr |2 = f
}

> γth

}

× Pr

{Y2

�2

∣∣ {|hIr |2 = f
}

> γth

}
.

(77)

Then PII
out,Low can be obtained from PII

out,Low

∣∣{|hIr |2 = f }
as

PII
out,Low = 1 −

∫ ∞

0
Pr

{L1

	1

∣∣∣∣ {|hIr |2 = f
}

> γth

}

× Pr

{Y2

�2

∣∣∣∣ {|hIr |2 = f
}

> γth

}
f|hIr |2 ( f )df

= 1 −
∫ ∞

0

[
1 − FL1

	1

∣∣{|hIr |2= f }(γth)

]

×
[

1 − FY2
�2

∣∣{|hIr |2= f }(γth)

]
f|hIr |2 ( f )df . (78)

It can be shown that

FL1
	1

∣∣{|hIr |2= f }(γth) = 1 − e− λsr PI
Ps

γth f (79)

and

FY2
�2

∣∣{|hIr |2= f }(γth) = γth

γth + λId 2ζrτ
(1−τ )λrd

f
. (80)

Considering (1) with ab = Ir, (79) and (80) into (78) yields

PII
out,Low = 1 −

∫ ∞

0
λIre

−
[
λIr+ λsr PI γth

Ps

]
f

λId 2ζrτ
(1−τ )λrd

f

γth + λId 2ζrτ
(1−τ )λrd

f
df .

(81)

Solving for the last integral in (81) using [54, Eq. (2.3.6.9)]
along with some simplifications gives (19).

APPENDIX E
THEOREM 3.5 PROOF
With energy harvesting is employed at both S and R, the sys-

tem SIR can be obtained from (13) by setting P∗
s = 2ζsτPI |hIs|2

(1−τ )

(as in (4)) and P∗
r = 2ζrτPI |hIr |2

(1−τ ) (as in (7)), which gives (82)
shown at the bottom of this page. Now, the outage prob-
ability for this energy harvesting Mode, say PIII

out, can be
obtained as

PIII
out = Pr

{X III < γth
}
. (83)

However, to assist tractability, we manipulate it to be com-
puted by

PIII
out =

∫ ∞

0
f|hIs|2 (q)Pr

{X III
∣∣ {|hIs|2 = q

}
< γth

}
dq, (84)

where the conditional SIR X III
∣∣{|hIs|2 = q} is given by (85).

X III
∣∣ {|hIs|2 = q

} =
2ζsτ

(1−τ )
2ζrτ

(1−τ ) P2
I q|hIr |2|hsr |2|hrd |2

2ζrτ
(1−τ ) P2

I |hIr |4|hrd |2 + 2ζsτ
(1−τ ) P2

I q|hsr |2|hId |2 + P2
I |hIr |2|hId |2 .

(85)

By dividing the numerator and the denominator of (85) by
|hIr |2 along with some arrangements we obtain

X III
∣∣ {|hIs|2 = q

} = X1Y2

�2X1 + 	1Y2 + 	1�2
, (86)

where X1, 	1, Y2 and �2 are defined in (29), (31), (63) and
(64), respectively. Dividing the numerator and denominator of
(86) by 	1�2 gives

X III
∣∣ {|hIs|2 = q

} =
X1
	1

× Y2
�2

X1
	1

+ Y2
�2

+ 1
. (87)

X III =
2ζsτ

(1−τ )
2ζrτ

(1−τ ) P2
I |hIs|2|hIr |2|hsr |2|hrd |2

2ζrτ
(1−τ ) P2

I |hIr |4|hrd |2 + 2ζsτ
(1−τ ) P2

I |hIs|2|hsr |2|hId |2 + P2
I |hIr |2|hId |2 (82)
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Then

Pr
{X III

∣∣ {|hIs|2 = q
}

< γth
} = Pr

{ X1
	1

× Y2
�2

X1
	1

+ Y2
�2

+ 1
< γth

}

= 1 −
∫ ∞

γth

f X1
	1

(x)dx

+
∫ ∞

γth

f X1
	1

(x)

× Pr

{Y2

�2
<

(x + 1)γth

x − γth

}
dx.

(88)

Substituting (41) and (70) into (88) gives (89).

Pr
{X III

∣∣ {|hIs|2 = q
}

< γth
} = 1

−
∫ ∞

0

2ζsτλIrq

(1 − τ )λsr

(
z + γth + 2ζsτλIrq

(1−τ )λsr

)2

× (1 − τ )λrdλIr

2ζrτλId

(z + γth + 1)γth

z

× e
−
(

(1−τ )λrd λIr
2ζr τλId

(z+γth+1)γth
z

)

× Ei

(
− (1 − τ )λrdλIr

2ζrτλId

(z + γth + 1)γth

z

)
dz. (89)

Considering (1) (with ab = Is) and (89) in (84) gives PIII
out as

(90).

PIII
out = 1 −

∫ ∞

0
λIse

−λIsq

×
∫ ∞

0

2ζsτλIrq

(1 − τ )λsr

(
z + γth + 2ζsτλIrq

(1−τ )λsr

)2

× (1 − τ )λrdλIr

2ζrτλId

(z + γth + 1)γth

z

× e
−
(

(1−τ )λrd λIr
2ζr τλId

(z+γth+1)γth
z

)

Ei

(
− (1 − τ )λrdλIr

2ζrτλId

(z + γth + 1)γth

z

)
dzdq. (90)

PIII
out = 1 −

∫ ∞

0

(1 − τ )λrdλIr

2ζrτλId

(z + γth + 1)γth

z

× e
−
(

(1−τ )λrd λIr
2ζr τλId

(z+γth+1)γth
z

)

× Ei

(
− (1 − τ )λrdλIr

2ζrτλId

(z + γth + 1)γth

z

)
⎡
⎢⎢⎢⎢⎢⎢⎢⎣
∫ ∞

0
λIse

−λIsq 2ζsτλIrq

(1 − τ )λsr

(
z + γth + 2ζsτλIrq

(1−τ )λsr

)2 dq

︸ ︷︷ ︸
�I4

⎤
⎥⎥⎥⎥⎥⎥⎥⎦

dz.

(91)

Swapping the last two integrals in (90) yields (91). Finally,
solving for I4 using [54, Eq. (2.3.6.9)] along with some sim-
plifications gives (20).

APPENDIX F
THEOREM 3.6 PROOF
The conditional SIR in (87) can be upper bounded as

X III
∣∣ {|hIs|2 = q

} ≤ X III
up

∣∣ {|hIs|2 = q
} = min

(X1

	1
,
Y2

�2

)
.

(92)

Accordingly, the lower bounded outage probability of Mode
III can be obtained by

PIII
out,Low =

∫ ∞

0
f|hIs|2 (q)Pr

{
X III

up

∣∣ {|hIs|2 = q
}

< γth

}
dq,

(93)

where

Pr

{
X III

up

∣∣ {|hIs|2 = q
}

< γth

}
= Pr

{
min

(X1

	1
,
Y2

�2

)
< γth

}

= 1 − Pr

{X1

	1
> γth

⋂ Y2

�2
> γth

}
. (94)

It is clear that X1
	1

=
2ζsτ

(1−τ ) q|hsr |2
|hIr |2 and Y2

�2
=

2ζr τ
(1−τ ) |hrd |2|hIr |2

|hId |2 are

dependant. Thus, conditioned on |hIr |2 = f , we may obtain
(95) shown at the bottom of the page. Provided that

FX1
	1

∣∣{|hIr |2= f }(γth) = 1 − e− λsr (1−τ )
2ζsτq f γth (96)

and

FY2
�2

∣∣{|hIr |2= f }(γth) = γth

γth + λId 2ζrτ
(1−τ )λrd

f
(97)

Pr

{
X III

up

∣∣ {|hIs|2 = q
}

< γth

}
= 1 −

∫ ∞

0
Pr

{X1

	1

∣∣∣∣ {|hIr |2 = f
}

> γth

}
Pr

{Y2

�2

∣∣∣∣ {|hIr |2 = f
}

> γth

}
f|hIr |2 ( f )df

= 1 −
∫ ∞

0

[
1 − FX1

	1

∣∣{|hIr |2= f }(γth)

] [
1 − FY2

�2

∣∣{|hIr |2= f }(γth)

]
f|hIr |2 ( f )df (95)
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Pr

{
X II

up

∣∣ {|hIs|2 = q
}

< γth

}
= 1 − 
(2)λIrλrd (1 − τ )γth

2ζrτλId
	

(
2, 2; λrd (1 − τ )γth

2ζrτλId

(
λIr + λsr (1 − τ )γth

2ζsτq

))
. (99)

PIII
out,Low = 1 − λIs


(2)λIrλrd (1 − τ )γth

2ζrτλId

∫ ∞

0
e−λIsq	

(
2, 2; λrd (1 − τ )γth

2ζrτλId

(
λIr + λsr (1 − τ )γth

2ζsτq

))
dq

(100)

PIII
out,Low = 1 − λIs


(2)λIrλrd (1 − τ )γth

2ζrτλId

n∑
k=0

(−1)k (2)k (1)k

k!

(
4ζsζrτ

2λId

λrd (1 − τ )2γth

)k+2 ∫ ∞

0

e−λIsqqk+2(
λsrγth + 2ζsτλIr

1−τ
q
)k+2

(101)

gives

Pr

{
X II

up

∣∣ {|hIs|2 = q
}

< γth

}
= 1 −

∫ ∞

0
λIre

−
[
λIr+ (1−τ )λsrγth

2ζsτq

]
f

×
λId 2ζrτ

(1−τ )λrd
f

γth + λId 2ζrτ
(1−τ )λrd

f
df . (98)

With the help of [54, Eq. (2.3.6.9)] we obtain (99) shown at
the top of this page. Now, substituting (99) and (1) with ab =
Is into (93) gives (100) shown at the top of this page. The
integral in (100) has unknown closed-form solution. However,
using the fact that

	(a, b, z) ≈ 1

za

n∑
k=0

(−1)k (a)k (a − b + 1)k

k!

1

zk

for large z in (100) gives (101) shown at the top of this page.
Solving the integral in (101) using [54, Eq. (2.3.6.9)] finally

gives (22), which completes the proof.
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