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ABSTRACT This paper presents a novel approach to full-duplex (FD) massive multiple-input multiple-
output (mMIMO) systems using hybrid beamforming (HBF) architecture, enabling simultaneous uplink
(UL) and downlink (DL) transmission within the same frequency band. The proposed solution aims to
mitigate strong self-interference (SI) and maximize the total achievable rate based on over-the-air (OTA)
measurements of the SI channel. Our objective is to leverage the spatial degrees of freedom (DoF) in
mMIMO systems to enhance FD capacity without the need for expensive analog SI-cancellation circuitry.
To address this challenging issue, we employ a sub-array configuration for transmit and receive antennas
at the base station (BS) and design the RF stages using non-orthogonal beamforming (NOBF) in both UL
and DL user directions. Additionally, sub-array selection (SAS) is utilized to identify the optimal Tx-Rx
antenna pair. To solve the non-convex multi-objective optimization problem (MOOP), we propose a swarm
intelligence-based algorithmic solution to determine the optimal perturbations in user directions jointly
with Tx-Rx sub-array indices while satisfying directivity degradation constraints. The illustrative results
show that the proposed NOBF scheme with SAS can achieve an SI suppression of −78 dB. Furthermore,
in FD mMIMO systems, this approach can effectively double the capacity compared to half-duplex (HD)
transmissions.

INDEX TERMS Full-duplex (FD), hybrid beamforming (HBF), massive MIMO, multi-objective
optimization problem (MOOP), self-interference suppression.

I. INTRODUCTION

MASSIVE multiple-input multiple-output (mMIMO),
which is a pivotal enabler of fifth-generation (5G)

networks, utilizes large array structures at the base station
(BS) to serve multiple users via spatial multiplexing. Full-
duplex (FD) communications offer significant performance
gains compared to half-duplex (HD) communications by
offering simultaneous uplink (UL) and downlink (DL)
transmission of signals at the same frequency and time
resources. Thus, FD communications have the potential to
meet the ever-increasing demand of data traffic for future
wireless communications systems [2]. However, to fully
exploit the advantages of FD communications, the key
challenging issue is to suppress the strong self-interference

(SI) due to the coupling of the transmit signal with the
receiver chains [3]. The use of large array structures both at
the transmitter (Tx) and receiver (Rx) in FD communications
can provide additional spatial degrees of freedom (DoF),
which can help to suppress strong SI and can double the
capacity. Thus, FD and mMIMO can fulfill the throughput
and latency demands of future wireless communications
systems with limited spectrum resources [4].

Many research studies have focused on SI suppression
to fully utilize the FD technology [5], [6], [7]. The Tx and
Rx antenna sub-systems can be designed in such a way
to isolate the transmit and receive RF chains as much as
possible [8], [9], [10]. The practical demonstrations show
SI suppression between -60 and −70 dB based on antenna
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isolation [11]. On the other hand, active SI cancellation
refers to mitigating SI by subtracting a processed copy of
the transmitted signal from the received signal. Then, based
on the signal domain, where the SI signal is subtracted,
active cancellation is divided into digital and analog SI
cancellations. Analog SI cancellation requires the use of
specially designed circuitry to reconstruct the SI counterpart
and subtract it from the received signal at the analog front-
end of the local Rx [12], [13], [14]. Digital SI cancellation
techniques are considered to be the simplest forms of active
cancellation techniques. However, the amount of SI cancel-
lation achieved through digital techniques is quite limited
due to hardware imperfections, particularly transceiver phase
noise and non-linearities that restrict the performance of
traditional digital cancellation techniques [15]. Therefore,
antenna isolation, analog SI suppression/cancellation, digital
SI cancellation, and their combinations have been used to
suppress the strong SI signal below the Rx noise floor in
FD communications [16], [17], [18].
In 5G and beyond 5G (B5G) systems, there is a growing

trend towards utilizing an increased number of antennas at
BS. For instance, the third-generation partnership project
(3GPP) has been considering configurations with 64-256
antennas [19]. However, the increased number of antennas
introduces additional challenges for analog SI cancellation
in FD mMIMO systems. This results in high analog
complexity, which is not affordable. An alternative approach
relies exclusively on transmit beamforming to suppress SI,
thereby completely obviating the need for analog cancel-
ers [20]. In mMIMO HD systems, fully-digital beamforming
(FDBF) and hybrid beamforming (HBF) are two common
approaches for reducing interference. Recent studies, for
instance, SoftNull [20], have exploited the availability of
multiple antennas in FD mMIMO systems to achieve SIC
via FDBF, known as spatial suppression. However, FDBF
becomes infeasible for mMIMO systems with very large
array structures due to prohibitively high cost, complexity
and energy consumption. On the other hand, HBF, which
combines both radio frequency (RF) and baseband (BB)
stages, can approach the performance of FDBF by reducing
the number of energy-intensive RF chains, thus minimizing
power consumption.

A. STATE-OF-THE-ART AND MOTIVATION
Several HBF approaches have been investigated for both
HD and FD transmissions in related research [21], [22],
[23], [24], [25], [26], [27], [28], [29], [30], [31], [32],
[33], [34], [35], [36], [37], [38]. In HD transmission
studies [21], [22], [23], [24], [25], [26], [27], [28], [29],
hybrid precoding in DL and hybrid combining in UL have
been examined. In particular, the authors in [21] propose
a joint design of RF and BB stages using full channel
state information (CSI) to maximize the system’s total sum-
rate. Reference [22] employs singular value decomposition
(SVD)-based HBF for millimeter-wave (mmWave) mMIMO
systems, whereas an alternating optimization approach is

proposed in [23] for fully-connected (FC) and sub-array-
connected (SC) HBF structures. An angular-based HBF
technique is proposed in [24], where the RF-stage is
constructed utilizing users’ angular information only. In [25],
the authors propose a sub-connected HBF structure where
each Tx and Rx consists of several sub-arrays, and the
total achievable rate is maximized using the successive
interference cancellation technique. An eigen beamforming-
based HBF techniques are developed in [26], [27], [28],
utilizing the channel covariance matrix. These techniques
investigate different two-dimensional (2D) array structures
with full and low-resolution hardware components. The
authors then extend their work in [29] for different
three-dimensional (3D) array configurations in mMIMO
systems, where HBF is designed using SVD of the channel
matrix.
Regarding the FD communications in mMIMO systems,

an 8×8 Tx/8×8 Rx antenna array prototype is designed
in [30] for sub-6GHz frequency band, which can
achieve an average SI suppression of -65.6 dB. A hybrid
precoding/combining (HPC) technique for mmWave FD
mMIMO systems is proposed in [31], which uses the angle-
of-departure (AoD) and angle-of-arrival (AoA) information
to suppress SI while also reducing the number of RF
chains. The authors show that the power of far-field SI
channel is suppressed by -81.5 dB, whereas the near-field SI
power is reduced by -44.5 dB in point-to-point FD mMIMO
systems. In [32], separate and joint FD beamforming
algorithms based on sequential convex programming are
presented to maximize the sum-rate for both single-user
(SU)- or multi-user (MU)-MIMO FD systems. In [33], a
FD mmWave relaying system is considered to suppress SI
while maximizing spectral efficiency using an orthogonal
matching pursuit-based SI-cancellation algorithm. Similarly,
a HPC design for FD amplify-and-forward (AF) mmWave
relay system is considered in [34], introducing a zero-
space SI cancellation method based on correlated mmWave
channel estimation errors. A FD mmWave HBF scheme is
introduced in [35] for a MU-mMIMO systems, where the
non-orthogonal beams are generated to serve multiple users
while suppressing the near-field component of the SI channel
and maximizing the sum-rate capacity. The authors show that
the proposed HBF scheme can reduce SI by 78.1 dB in FD
mMIMO systems. In [36], the authors proposed an iterative
FD HBF scheme to mitigate SI by jointly designing the
transmit and receive RF beamformer weights, the precoder,
and combiner matrices and achieving SI suppression by up
to 30 dB. The authors in [37] designed the analog and
digital beamformers of a FD mMIMO systems based on
the practical constraints of RF chains, channel knowledge,
beam alignment, and a limited receive dynamic range. A
two-timescale HBF scheme for FD mmWave multiple-relay
transmission is investigated in [38], where the analog and
digital beams are updated based on channel samples and
real-time low-dimensional effective channel state information
(CSI) matrices, respectively.
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The existing research studies, for instance [31], [32],
[33], [34], [35], [36], [37], [38], consider HBF in FD
mMIMO systems to mitigate the strong SI from Tx to Rx.
However, the SI suppression evaluation in these studies relies
exclusively on the theoretical SI channel models. In other
words, the studies in [31], [32], [33], [34], [35], [36], [37],
[38] do not consider the experimental evaluations to validate
the theoretical doubling of capacity/throughput. Instead, the
studies assume both residual near-field SI channel via line-of-
sight (LoS) paths and the far-field SI channel via the reflected
non-line-of-sight (NLoS) paths in a simulated manner. In
practical implementations, real-world platforms inevitably
experience a signal-to-interference-plus-noise ratio (SINR)
loss due to the impact of strong SI. Therefore, it is important
to develop a robust understanding of beamforming-based
SI suppression capabilities by utilizing the experimentally
measured SI channels. Therefore, investigating the effective-
ness of beamforming-based SI suppression in the real-time
implementation of FD mMIMO systems becomes essential
to bridge this gap between theory and practical performance.
Additionally, most existing FD studies primarily consider

FC-HBF architectures. In the FC-HBF scheme, each RF
chain is connected to all antenna elements, which allows
the RF chain to exploit the full beamforming capability of
the antenna array. However, this leads to increased cost and
complexity. On the other hand, SC-HBF architectures require
the connection of each RF chain to a subset of antennas,
significantly reducing the connectivity and implementation
cost/complexity. Thus, SC-HBF utilizes fewer RF phase
shifters (PSs) circuits compared to FC-HBF, and its use
can reduce power consumption at the expense of some
performance degradation. However, SC-HBF can provide a
better spectral-energy efficiency tradeoff [39], [40]. Thus,
it is more suitable to deploy SC-HBF structure for future
key enabling technologies, for instance, mmWave and sub-
Terahertz (THz) communications [41], [42], [43]. It is worth
noting that the SC-HBF architecture is mainly considered
in HD transmission studies, while most research in FD
communications has focused on the use of FC-HBF [31],
[32], [33], [34], [35], [36], [37], [38]. Therefore, it is
important to explore SC-HBF architecture’s potential in FD
mMIMO systems in order to reveal its advantages and enable
its deployment in emerging technologies.

B. CONTRIBUTIONS
This research aims to perform a data-driven analysis of the
FD architecture proposed in [35]. Based on the extensive
experimental data, our main contribution lies in enhancing
the capacity of a practical FD system by mitigating SI
through the beamforming capability of the SC-HBF archi-
tecture. In [1], a novel sub-array selection (SAS) scheme
is proposed, which minimizes the SI for a single-objective
optimization problem (SOOP) in FD mMIMO systems.
This research work addresses a multi-objective optimization
problem (MOOP) of reducing SI while maximizing the
total achievable rate in real-time FD mMIMO systems.

Compared to the existing studies based on theoretical SI
channel models, we leverage over-the-air (OTA) measured
SI channel data. To the best of our knowledge, this is the
first work to consider SI suppression and achievable rate
maximization exclusively through the design of Tx and Rx
RF beamforming stages jointly with SAS, and employs a
measured SI channel in an anechoic chamber. Our objective
here is to show that only using the spatial DoF provided due
to the use of large array structures is capable of bringing
the SI level down to the noise floor, thus avoiding the use
of costly/complex analog cancellation circuits. Also, unlike
prior literature for FD studies, which consider FC-HBF, this
study considers a SC-HBF architecture, which can reduce
power consumption and can contribute towards understand-
ing beamforming-based SI suppression capability for future
mmWave and sub-THz systems using SC architectures. The
main contributions of this work are summarized as follows:
1) We formulate a multi-objective optimization

framework that focuses on maximizing the total
achievable-rate and SI minimization in FD mMIMO
systems. To solve this challenging non-convex MOOP,
we propose swarm intelligence-based SI suppression
scheme that optimizes the beam perturbations in the
UL and DL UE directions and find the best Tx and Rx
sub-arrays while satisfying the directivity degradation
constraints.

2) We propose two different SI suppression schemes
for the design of UL/DL RF beamformers, namely
orthogonal beamforming (OBF) and non-orthogonal
beamforming (NOBF) incorporating SAS for MOOP.1

The OBF scheme optimizes the RF beamformers by
maximizing the intended signal power and suppressing
SI leakage power using orthogonal beams. In the joint
NOBF with SAS scheme, we introduce perturbations
to the orthogonal beams to enhance SI suppression.
Compared to the NOBF scheme in [35], which uses
phase-range constraints, the proposed NOBF scheme
uses directivity-loss constraints, which offer greater
flexibility in perturbing the orthogonal beams while
maintaining low directivity loss. Additionally, we
jointly select the best Tx and Rx sub-arrays, optimizing
the UL and DL beam directions to further enhance SI
suppression by leveraging the spatial DoF.

3) For the practical application purpose, we implement
a testbed in an anechoic chamber to measure the SI
channel in the sub-6GHz band. The experimental setup
considers 64 Tx and 64 Rx antenna elements as per
3GPP [19] and the measurements are done without
external surrounding reflections (i.e., SI channel is
mainly due to “internal” coupling between Tx and
Rx antenna arrays) for a frequency band between
3 GHz and 4 GHz. We formulate RF beamforming

1It must be noted that the OBF and NOBF RF beamformers design
in [1] reduces SI only, whereas, in this work, the OBF and NOBF RF
beamformers formulation is based on a multi-objective design criteria, i.e.,
reducing SI and maximizing the total rate.
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stages using the proposed perturbation-based NOBF
schemes using the measured SI channel for 20 MHz
bandwidth (BW). Moreover, we employ a SC-HBF
architecture for both Tx and Rx arrays, and investigate
SI suppression for the measured SI channel. The
illustrative results show the significant SI suppression
achieved using the proposed joint NOBF with SAS
scheme compared to the OBF scheme. We also
demonstrate that using only 4 (1×4) or 8 (1×8)
antenna elements, SI value can be brought down to
−78 dB, which shows the spatial suppression abilities
of FD mMIMO systems.

4) We provide a realistic capacity gain in FD commu-
nications compared to HD transmissions in mMIMO
systems. Specifically, we consider the extreme case
when both UL and DL users are at same angular
locations. Our results show that FD performance
degrades significantly when using OBF scheme due
to inter-user interference (IUI). However, using the
proposed joint NOBF with SAS scheme can achieve
approximately 1.85 times more capacity than HD
communications in real-time implementations.

C. ORGANIZATION
The rest of this paper is organized as follows. Section II
presents the system and channel models for the FD mMIMO
systems. Section III discusses the Tx and Rx sub-array
mapping and the problem formulation. Section IV presents
the proposed HBF schemes using OBF and NOBF RF
beamformers jointly with SAS, followed by the illustrative
results in Section V. Finally, Section VI concludes the paper.
Notation: The following notations are used throughout

this paper. Boldface lower-case and upper-case letters denote
column vectors and matrices, respectively. (·)T , (·)H and ‖.‖
represent the transpose, complex-transpose, and the 2-norm
of a vector or matrix, respectively. Ik, E [.] and tr(.) denote
k× k identity matrix, the expectation operator and the trace
operator, respectively. We use xk ∼ CN (0, σ ) when xk is
a complex Gaussian random variable with zero-mean and
variance σ .

II. SYSTEM AND CHANNEL MODEL
In this section, we present the system and channel models
for the FD mMIMO systems using SC-HBF architecture.

A. SYSTEM MODEL
We consider a single-cell FD mMIMO systems for joint
DL and UL transmission as shown in Fig. 2. Here, the
BS is equipped with transmit/receive uniform rectangular
arrays (URAs), and operates in FD mode to simultaneously
serve KD DL and KU UL single-antenna users over the
same frequency band, while the users operate in HD mode
due to the hardware/software constraints (e.g., low power
consumption, limited signal processing and active/passive SI
suppression capability). Specifically, the transmit (receive)

FIGURE 1. FD mMIMO system using SC-HBF architecture.

URA has MD = M(x)
D × M(y)

D (MU = M(x)
U × M(y)

U ) anten-
nas, where M(x)

D (M(x)
U ) and M(y)

D (M
(y)
U ) denote the number

of transmit (receive) antennas along x-axis and y-axis,
respectively.
For the proposed FD mMIMO systems, we consider

the DL signal is processed through DL BB stage BD =
[bD,1,bD,2, . . . ,bD,KD ] ∈ C

ND×KD and DL RF beamformer
FD ∈ C

MD×ND , where ND is the number of RF chains such
that KD ≤ ND � MD and bD,k ∈ ND is the BB stage vector
for kth DL UE. Similarly, the received UL signal at BS is
processed through UL RF beamformer FU ∈ C

NU×MU and
UL BB combiner BU = [bU,1,bU,2, . . . ,bU,KU ]T ∈ C

KU×NU
by utilizing KU ≤ NU � MU RF chains. To further reduce
the complexity and cost, we consider a SC-HBF architecture
as shown in Fig. 2, where the Tx (Rx) URA is divided
into LD(LU) different sub-arrays in the form of uniform
linear array (ULA). Hence, compared to MD × ND PSs for
Tx (MU × NU PSs for Rx), only Mds × ND(Mus × NU)
PSs are required as RF chain s is connected to a specific
sub-array, comprising a distinct set of antenna elements.
Here, Mds(Mus) represents the number of Tx (Rx) antenna
elements for RF chain s, where

∑LD
s=1 Mds = MD and

∑LU
s=1 Mus = MU . The lthD Tx sub-array, for instance, consists

of Mds antenna elements numbered from 1 to Mds, ensuring
a sequential distribution of elements within each sub-array.
Similarly, the lthU Rx sub-array comprises antenna elements
numbered from 1 to Mus. This approach ensures an orderly
arrangement of antenna elements within each sub-array. We
assume that Mds(Mus) is an integer value such that each Tx
(Rx) sub-array has the same number of antennas. It must
be noted that each sub-array is independent of each other.
Thus, we can write the DL and UL RF beamformers as
follows:

FD =

⎡

⎢
⎢
⎢
⎢
⎣

f(1)D 0 . . . 0
0 f(2)D . . . 0
...

...
. . .

...

0 0 . . . f(LD)D

⎤

⎥
⎥
⎥
⎥
⎦

∈ C
MD×ND , (1)
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FU =

⎡

⎢
⎢
⎢
⎢
⎣

f(1)U 0 . . . 0
0 f(2)U . . . 0
...

...
. . .

...

0 0 . . . f(LU)U

⎤

⎥
⎥
⎥
⎥
⎦

H

∈ C
NU×MU , (2)

where f(lD)D ∈ C
Mds is the DL RF beamformer associated

with lthD Tx sub-array. Similarly, f(lU)U ∈ C
Mus is the UL RF

beamformer associated with lthU Rx sub-array. Here, the UL
and DL RF beamforming stages (i.e., FU and FD) are built
using low-cost PSs, which brings the constant-modulus (CM)
constraint due to the use of PSs. Then, the DL channel matrix
is denoted as HD = [hD,1,hD,2, . . . ,hD,KD ]T ∈ C

KD×MD

with hD,d ∈ C
MD as the dth DL UE channel vector. Similarly,

HU = [hU,1,hU,2, . . . ,hU,KU ] ∈ C
MU×KU is the UL channel

matrix with hU,u ∈ C
MU as the uth UL UE channel vector.

Due to the FD transmission, the SI channel matrix HSI ∈
C
MU×MD is present between Tx and Rx antennas at the

BS. For the DL transmission, the transmitted signal vector
at the BS is defined as sD = FDBDdD ∈ C

MD , where
dD = [dD,1, . . . , dD,KD ]T ∈ C

KD is the DL data signal
vector such that E{dDdHD} = IKD . The transmitted signal
vector satisfies the maximum DL transmit power constraint,
which is E{||sD||2} = tr(FDBDBHDF

H
D) ≤ PD, where PD

is the total DL transmit power. The IUI channel HIUI =
[hIUI,1, . . . ,hIUI,KD ]T ∈ C

KD×KU exists between DL and UL
UEs, where hIUI,d denotes the channel vector from all UL
UEs to the dth DL UE. For the practical FD implementation,
we consider the scenario of a single UL UE and a single DL
UE (i.e., KD = KU = 1) to understand how close the FD
systems can achieve in terms of theoretical doubling of the
sum-rate capacity by suppressing strong measured SI based
on beamforming capability of mMIMO systems.2 Then, the
received signal at the DL UE is given as follows:

rD = hTDfDbDdD︸ ︷︷ ︸
Desired Signal

+ hTIUIdU︸ ︷︷ ︸
IUI by UL UE

+ wD︸︷︷︸
Noise

, (3)

where dU is the UL data signal, fD ∈ C
Mds×ND is the DL RF

beamformer, and wD ∼ CN (0, σ 2
w) is the additive circular

symmetric Gaussian noise. The received signal includes the
desired DL signal, IUI generated by UL UE as well as
the noise. Thus, the DL UE is exposed to IUI from UL
UE due to the FD transmission. After some mathematical
manipulations, we derive the instantaneous SINR at the DL
UE as follows:

SINRD = |hTDfDbD|2
PU||hIUI||2 + σ 2

w
. (4)

2In this real-time FD implementation, we consider the scenario of single
UL and a single DL UE to understand how effective SI suppression can
be achieved solely based on beamforming capability with SAS based on a
measured SI channel. The proposed perturbation-based NOBF scheme can
be applied to the case of multiple UL and DL UEs in real-time systems,
which is left as our future work.

Here, PU is defined as the transmit power of UL UE. Similar
to the DL data signal, the UL received signal at BS can be
written as follows:

r̃U = bTUfUhUdU︸ ︷︷ ︸
Desired Signal

+bTUfUHSIfDbDdD
︸ ︷︷ ︸

SI

+ w̃U︸︷︷︸
Modified Noise

, (5)

where w̃U = bUfUwU , wU ∼ CN (0, σ 2
wIMus) is the

complex circularly symmetric Gaussian noise vector and fU
∈ C

NU×Mus is the UL RF beamformer. If HSI = fUHSIfD ∈
C
NU×ND is the effective SI channel seen from the BB-

stage after applying DL and UL RF beamformers, then the
instantaneous SINR for the UL UE can be given as:

SINRU =
PU |bTUfUhU |2

||bTUfU ||2
||bTUHSIbD||2

||bTUfU ||2 + σ 2
w

. (6)

B. CHANNEL MODEL
In this subsection, we present the intended channel, measured
SI channel in an anechoic chamber, and IUI channel.

1) INTENDED CHANNEL

Based on the geometry-based 3D channel model [44], the
channel vector between the BS and UE is given by:

hTi =
L∑

l=1

τ
−η
il
zilφi

(
θil , ψil

) = zTi �i ∈ C
Mi , (7)

where τ−n
il

and zil ∼ CN (0, 1
L ) are the distance and complex

path gain of the lth path, η is the path loss exponent and
φi(..) is the array steering vector with i = {D,U} is the DL
phase response vector for i = D or the UL phase response
vector for i = U. Here, the angles θil ∈ [θi − δθi , θi + δθi ]
and ψil ∈ [ψi − δ

ψ
i , ψi + δ

ψ
i ] are the azimuth AoD (AAoD)

and elevation AoD (EAoD) for lth path in ith channel,
respectively. θi(ψi) is the mean AAoD(EAoD) with angular
spread δθi (δ

ψ
i ). Then, the ith instantaneous channel vector

for the user is represented via the fast time-varying path
gain vector zi = [τ−η

i1
zi1 , . . . , τ

−η
iL
ziL ]T ∈ C

L and the slow
time-varying phase response matrix as:

�i =
⎡

⎢
⎣

φTi
(
θi1 , ψi1

)

...

φTi
(
θiL , ψiL

)

⎤

⎥
⎦ ∈ C

L×Mi, (8)

where Mi ∈ {Mds,Mus} is the Tx/Rx antenna elements.

2) IUI CHANNEL

Based on the array phase response vectors φD and φU (as
given in (8)), the IUI channel for single antenna uth UL UE
and dth DL UE can be written as [35]:

HIUI(u, d) = τ
−η
IUIu,d

zIUIu,d , (9)

where τIUIu,d and zIUIu,d ∼ CN (0, 1) are the distance and
path gain for the UL and DL UEs, respectively.
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FIGURE 2. Antenna mapping. (a) 64 Tx and 64 Rx antennas index. (b) 1×4 Tx and Rx
sub-array mapping. (c) 1×8 Tx and Rx sub-array mapping.

III. SUB-ARRAY MAPPING AND PROBLEM
FORMULATION
In this section, we discuss the Tx and Rx sub-array mapping
for the measured SI channel as well as the problem
formulation using multiple optimization objectives.

A. SUB-ARRAY MAPPING
In Fig. 2(a), the antenna mapping is shown for both Tx
and Rx of BS, which consists of 8×8 = 64 elements at
BS and separated by an antenna isolation block. We present
the sub-array mapping for our FD mMIMO setup in an
anechoic chamber by using the following two different sub-
array configurations for Tx and Rx: 1) 1×4 sub-array; and
2) 1×8 sub-array. Given 64 Tx and 64 Rx antenna elements,
we can have 16 distinct Tx sub-arrays and similarly 16 Rx
sub-arrays, each of 1×4 elements, which are arranged in the
form of ULA. The mapping of the 1×4 sub-arrays for Tx and
Rx ends can be represented mathematically as: Let Tx(i, j)

represent the (i, j)th element of the 8×8 Tx antenna array,
where i denotes the row index and j denotes the column
index. The mapping of the pth 1×4 Tx sub-array, denoted
as Txsub,4(p), can be expressed as follows:

Txsub,4(p) = [
Tx(i, j); (i, j) ∈ Sp4

]
, (10)

where Sp4 represents the set of indices corresponding to
the elements in the pth 1×4 Tx sub-array. Similarly, let
Rx(i, j) represent the (i, j)th element of the 8×8 Rx antenna
array. The mapping of the qth 1×4 Rx sub-array, denoted as
Rxsub,4(q), can be expressed as follows:

Rxsub,4(q) = [
Rx(i, j); (i, j) ∈ Sq4

]
, (11)

where Sq4 represents the set of indices corresponding to
the elements in the qth 1×4 Rx sub-array. Fig. 2(b) depicts
the mapping of 16 distinct 1×4 sub-arrays for both Tx and
Rx. For instance, sub-array 1 for Tx and Rx constitutes
antenna elements with index values 1,9,17,25. It can be seen
that using 1×4 sub-arrays at Tx and Rx can give rise to
16 × 16 = 256 possible combinations for the Tx and
Rx sub-array pair selection. Thus, the use of a particular
or a fixed Tx and Rx sub-array in FD mMIMO can not
suppress the strong SI effectively and limits the potential of
utilizing the spatial DoF provided due to the use of large
array structures in mMIMO. Hence, finding the optimal Tx
and Rx sub-array combination can result in enhanced SI
suppression, which can lead to significant performance gains
in FD communications.
To further explore the realm of sub-array configurations,

we consider the use of 1×8 Tx and Rx sub-arrays. The
mapping of the pth 1×8 Tx sub-array, denoted as Txsub,8(p),
can be expressed as follows:

Txsub,8(p) = [
Tx(i, j); (i, j) ∈ Sp8

]
, (12)

where Sp8 represents the set of indices corresponding to the
elements in the pth 1×8 Tx sub-array. Similarly, for the qth

1×8 Rx sub-array, we can write as follows:

Rxsub,8(q) = [
Rx(i, j); (i, j) ∈ Sq8

]
, (13)

where Sq8 represents the set of indices corresponding to
the elements in the qth 1×8 sub-array. Fig. 2(c) depicts the
mapping for different 1×8 sub-arrays for both Tx and Rx.
For instance, sub-array 1 for Tx and Rx now constitutes
antennas with indices 1,9,17,25,33,41,49,57. The selection
of 1×8 Tx and 1×8 Rx sub-array gives rise to 8 × 8 = 64
possible combinations for SAS.

B. PROBLEM FORMULATION
We aim to address a multi-objective optimization framework
that involves two primary design objectives: 1) minimizing
self-interference; and 2) maximizing achievable rate in FD
mMIMO systems. To achieve this, we present a formulation
that balances these objectives within a MOOP framework.
Objective 1 - Minimizing Self-Interference: We consider

minimizing the strong SI caused by simultaneous transmis-
sion and reception in the FD system. We quantify SI by
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considering the average power of the interference signal
between UL and DL channels. Based on the DL and UL
RF beamforming stages, we can express the total achieved
SI for FD mMIMO system as follows:

ASI = −10 log10

( 1

N

∑

n

∣
∣fTU

(
θ̂U

)
HSI(:, :, n)fD

(
θ̂D

)∣
∣2

)
.

(14)

Lemma 1: If FD and FU are the DL and UL beamforming
stages, respectively. Then, for a given (i, j)th DL-UL pair
{θDi , θUj} in large array structures, the following holds:

FUHSIFD ≈ 0. (15)

Proof: See the Appendix.
By steering the UL and DL beams to the desirable

directions (i.e., θ̂U = θU , θ̂D = θD), we can get maximum
directivity in DL and UL directions, which can be given as:

|�T
D(θD)fD

(
θ̂D

)
|2 = Mds, |fTU

(
θ̂U

)
�U(θU)|2 = Mus. (16)

For a FD mMIMO system consisting of DL and UL RF
beamformers fD and fU , and using sub-array structures at
Tx and Rx of BS, the total achieved SI can be minimized
by the optimization of UL and DL perturbation angles θ̂U ,
θ̂D jointly with finding best combination of Tx and Rx sub-
arrays. Let p and q represents the sub-array index for Tx and
Rx, respectively, then, we can formulate the optimization
problem for achieved SI as follows:

min{
θ̂D,θ̂U ,p,q

}
1

N

∑

n

∣
∣fTU

(
θ̂U

)
HSI,p,q(:, :, n)fD

(
θ̂D

)∣
∣2

s.t. C1: MD − |�T
D(θD)fD

(
θ̂D

)
|2 ≤ ε,

C2: MU − |fTU
(
θ̂U

)
�U(θU)|2 ≤ ε,

C3:
∑

q

xpq = 1 ∀p,

C4:
∑

p

xpq = 1 ∀q, (17)

where C1 and C2 refers to the directivity degradation
constraints in DL and UL directions, respectively. In other
words, the constraints mean that we limit the degradation
of directivities from the main beam directions θD and θU
to a small value ε. The constraints C3 and C4 ensure that
exactly one Tx sub-array is selected for each Rx sub-array
and vice versa, resulting in a one-to-one mapping between
the Tx and Rx sub-arrays. The optimization problem defined
in (17) is non-convex and intractable due to the non-linearity
constraints.
Objective 2 - Maximizing Total Achievable Rate: The

second objective is to maximize the total achievable data rate
in FD system. Using the SINR expressions for both DL and
UL (as given in (4) and (6)), we can write the achievable
rate for the DL and UL UE as follows:

RD = log2(1 + SINRD)

RU = log2(1 + SINRU)

RT = RD + RU, (18)

where RD and RU are the achievable rates for DL and UL
UE, respectively. Then, the optimization problem can be
expressed as follows:

max{
θ̂D,θ̂U ,p,q

} RT

(
θ̂D, θ̂U, p, q

)

s.t. C1 − C4. (19)

Multi-Objective Optimization Problem: To balance the
conflicting objectives of minimizing self-interference and
maximizing achievable rate, we formulate a multi-objective
optimization problem. We introduce a weighting factor, α,
to adjust the trade-off between the objectives. Then, the
problem can be expressed as follows:

min{
θ̂D,θ̂U ,p,q

}
1

N

∑

n

∣
∣fTU

(
θ̂U

)
HSI,p,q(:, :, n)fD

(
θ̂D

)∣
∣2 − αRT

s.t. C1 − C4. (20)

In this formulation, the objective combines the minimized
SI term with the weighted negative logarithm of the total
achievable rate to balance the objectives. By varying the
weighting factor α, we can explore different trade-offs
between self-interference and achievable rate.3

Remark: This problem formulation is tailored to address
the objectives of minimizing SI and maximizing total
achievable rate in an FD communications system. It accounts
for the UL/DL RF beamforming vectors, interference thresh-
olds, and SINR values to guide the optimization process.
The multi-objective optimization approach allows for using
mMIMO spatial DoF to achieve different trade-offs between
the objectives.
Our objective in this research work is to consider the

practical FD mMIMO implementation using OTA measured
SI channel and to study the capacity gains of FD mMIMO
system over HD transmissions using the data-driven analysis.
Therefore, the proposed solution can help to understand how
close the FD systems can achieve in terms of theoretical
doubling of the achievable rate by suppressing strong SI
based on beamforming capability of mMIMO systems. Then,
the phase response vectors can be written as follows:

φD(θD) =
[
1, e−j2πdcos(θD), . . . , e−j2πd(Mds−1)cos(θD)

]T ∈ C
Mds×1, (21)

φU(θU) =
[
1, ej2πdcos(θU), . . . , ej2πd(Mus−1)cos(θU)

]T ∈ C
Mus×1. (22)

IV. PROPOSED HBF WITH SAS
In this section, our objectives are to suppress strong SI and
maximize the total achievable rate solely by utilizing the
spatial DoF of the large array structures, which can avoid the
use of costly analog SI-cancellation circuits. In particular,
we use a swarm intelligence-based algorithmic solution

3Here, our objective is to enhance FD capacity while suppressing SI.
Therefore, the optimization of α is beyond the scope of this paper.
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and present the HBF design based on beam perturbations
jointly with SAS approach, where the Tx and Rx sub-
arrays are selected jointly with perturbed UL and DL
RF beam angles to minimize MOOP (as given in (20))
while satisfying the directivity degradation constraints in the
respective directions.

A. RF STAGES DESIGN
In the rest of this section, we discuss the proposed HBF
with following two schemes: 1) OBF RF beamformer; and
2) NOBF RF beamformer with SAS.

1) OBF RF BEAMFORMER DESIGN

In this scheme, our aim is to suppress the strong SI and
maximize RT via designing the DL RF stage fD, which
steers the beam at DL user jointly with the design of
UL RF stage fU for UL user. The objective here is to
generate the orthogonal beams, which are steered at the
desired DL and UL user, which are located at θD and θU ,
respectively. In particular, we use the measured SI channel
HSI, which consists of LoS path components. Then, the
effective reduced-size SI channel matrix as seen from the
BB-stages can be written as follows:

HSI(:, :, n) = fTUHSI(:, :, n)fD. (23)

Based on the orthogonality principle, we can generate
Mds(Mus) orthogonal DL (UL) beams. Here, the design of
DL and UL OBF RF stages, which satisfies the orthogonality
property, can be given as follows [35]:

fOBFD (θD) = 1√
Mds

[
1, ej2πdcos(θD), . . . , ej2πd(Mds−1)cos(θD)

]T
(24)

fOBFU (θU) = 1√
Mus

[
1, e−j2πdcos(θU), . . . , e−j2πd(Mus−1)cos(θU)

]T
.

(25)

The use of SC architecture for beamforming simplifies the
design of fOBFD and fOBFU as it requires only log2(Mds) and
log2(Mus) PSs at Tx and Rx, respectively when compared to
log2(MD) and log2(MU) PSs when using FC antenna array.
The OBF RF stages are formulated using the DL/UL angle
pair while satisfying CM constraints.

2) NOBF RF BEAMFORMER WITH SAS DESIGN

The simulation results in [35] show that HBF based on
NOBF RF beamformer stages can achieve better SI suppres-
sion than OBF RF stages, where the latter is formulated using
the orthogonal angle pairs. In this proposed HBF scheme
using NOBF RF stages, our motivation is to suppress the
strong SI while maximizing the total achievable rate for
a FD mMIMO system using a measured SI channel (i.e.,
real-time implementation). Particularly, we introduce beam
perturbations jointly with Tx-Rx SAS to design the RF
beamforming stages.
Remark 1: The orthogonality constraint limits the number

of orthogonal UL and DL beam pairs that can be supported
in a given system, which can become a bottleneck in

scenarios of high user density. As the number of UL
and DL users increases, the available orthogonal resources
may be exhausted, leading to reduced system capacity and
throughput.
Remark 2: Compared to the NOBF scheme in [35], which
introduces phase-range constraint scheme, the proposed
directivity-loss constraint NOBF scheme allows a more
freedom to perturb the orthogonal beams while keeping the
directivity loss to a small value. Moreover, the proposed
NOBF scheme in [35] is limited by the quantized angle
pairs, where the users’ AoD and AoA have to be quantized,
and then the DL and UL beams are steered within the
boundary of the quantized angles. Thus, for a small number
of antennas, the quantization process can introduce large
errors, which can result in reduced directivity gain. On the
other hand, the quantization error can be low for large
number of antennas, however, the non-orthogonal beams can
only be steered within tight boundaries, so the beamforming-
based SI suppression might be limited.
Remark 2: The use of SC Tx and Rx structures enable

the creation of a reduced-size SI channel matrix based
on the chosen Tx and Rx sub-array configuration. This
reduced-size matrix captures the SI channel characteristics
specific to the selected antennas. By leveraging the spatial
properties of the sub-arrays, the SI channel exhibits improved
isolation and reduced coupling, leading to a lower level
of SI. By choosing the best subset of antennas, we can
increase the spatial separation between the desired signal
and the interfering signals, thereby augmenting the system’s
capability to support multiple independent spatial channels
simultaneously. This increased spatial DoF translates into
higher capacity, improved system performance, and efficient
management of interference in FD mMIMO systems.
As a continuation to the SI suppression scheme in [35], we
propose to explore the HBF with NOBF RF beamformers
jointly with SAS to minimize SI and maximize capacity.
Instead of using the quantized angle pairs, we allow the
DL and UL beams to be slightly steered away from
the AoD and AoA angles to minimize the SI power
while maintaining possible degradation in directivity within
affordable constraints. In particular, the proposed NOBF with
SAS approach optimize the UL and DL RF beamformers via
new non-orthogonal angles as well as selects the best Tx-Rx
sub-array pair for enhanced SI suppression in FD mMIMO
systems. For a given orthogonal angle pair {θD, θU}, we
introduce a perturbation to make them non-orthogonal angle
pair to suppress SI (i.e., the UL and DL RF beamformers
steer the non-orthogonal beams at {θ̂D, θ̂U}).
We propose a swarm intelligence inspired particle swarm

optimization (PSO)-based perturbation scheme to solve the
challenging non-convex optimization problem (as given
in (20)), which can find the optimal DL and UL beam
directions θ̂D, θ̂U jointly with Tx and Rx best sub-array pair
{p, q} to minimize SI and maximize total achievable rate
while satisfying the corresponding directivity degradation
and SAS constraints C1 − C4. The algorithm starts with a
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swarm of Z particles, each with its own position, velocity,
and fitness value, which are randomly placed in optimization
search space of perturbation coefficients. During a total of T
iterations, the particle z communicates with each other, and
move for the exploration of the optimization space to find the
optimal solution. Let X(t)z be the perturbation vector of zth

particle during tth iteration, which consists of optimization
variables, and can be given as follows:

X(t)z =
[
θ̂ zD, θ̂

z
U, p

z, qz
]
, (26)

where z = 1, . . . ,Z and t = 0, 1, . . . ,T . For each zth particle,
by substituting (26) in (24) and (25), the DL and UL NOBF
RF beamformers fD(X

(t)
z ) and fU(X

(t)
z ) can be obtained as

function of perturbation angles θ̂ zD and θ̂ zU , respectively. By
using (14), MOOP can be written as:

1

N

∑

n

∣
∣fTU

(
X(t)z

)
HSI

(
X(t)z

)
fD

(
X(t)z

)∣
∣2 − αRT

(
X(t)z

)
(27)

Based on the sub-array mapping as discussed in
Section III-A, each zth particle finds the best Tx-Rx sub-
array indices pz, qz, and uses the corresponding measured SI
channel HSI(X

(t)
z ) instead of using the complete measured

SI channel HSI,ALL, which greatly reduces SI. Then, the
personal best for the zth particle and the current global best
among all particles at the tth iteration, are respectively found
as follows

X(t)best,z = arg min
X(

t∗)
z ,∀t∗=0,1,...,t

1

N

∑

n

∣
∣fTU

(
X(t)z

)
HSI

(
X(t)z

)
fD

(
X(t)z

)∣
∣2 − αRT

(
X(t)z

)

(28)

X(t)best = arg min
X(t)best,z,∀z=0,1,...,Z

1

N

∑

n

∣
∣fTU

(
X(t)best,z

)
HSI

(
X(t)best,z

)
fD

(
X(t)best,z

)∣
∣2 (29)

− αRT

(
X(t)best,z

)

The convergence of the proposed joint NOBF scheme with
SAS for enhanced SI suppression depends on the velocity
vector vz for both personal best Xbest,z and global best Xbest
solutions, which is defined as follows:

v(t+1)
z = �1

(
X(t)best − X(t)z

)
+�2

(
X(t)best,z − X(t)z

)
+�

(t)
3 v(t)z ,

(30)

where v(t)z is the velocity of the zth particle at the tth

iteration, �1,�2 are the random diagonal matrices with
the uniformly distributed entries over [0, 2] and represent
the social relations among the particles, and the tendency
of a given particle for moving towards its personal best,
respectively. Here, �3 = (T−1

T )I(2ND+2NU) is the diagonal
inertia weight matrix, which finds the balance between
exploration and exploitation for optimal solution in search
space. By using (30), the position of each particle during tth

iteration is updated as:

X(t+1)
z = clip

(
X(t)z + v(t+1)

z ,XLow,XUpp

)
, (31)

where XLow ∈ R
(2ND+2NU) and XUpp ∈ R

(2ND+2NU) are the
lower-bound and upper-bound vectors for the perturbation
coefficients, respectively, and are constructed according to

Algorithm 1: Proposed Swarm Intelligence-Based
NOBF RF Stages With SAS
Input: Z,T , Mds, Mus, HSI , (θD, ψD), (θU, ψU).
Output: θ̂D, θ̂U .
for t = 0 : T do

1 for z = 1 : Z do
2 if t = 0 then
3 Initialize the velocity as v(0)z = 0.
4 Initialize X(t)z uniformly distributed in

[XLow,XUpp].
5 else
6 Update the velocity v(t)z via (30).
7 Update the perturbation X(t)z via (31).
8 end
9 Find the personal best X(t)best,z via (28).
10 end
11 Find the global best X(t)best as in (30).
12 Design RF stages fD, fU via (32),(33).
13 end

the earlier defined boundaries of each perturbation coef-
ficient given in C1 − C4. Here, we define clip(x, a, b) =
min(max(x, a), b) as the clipping function to avoid exceeding
the bounds. Furthermore, different from the sub-optimal
approach, we here consider each perturbation coefficient as a
continuous variable inside its boundary. Then, we can design
the NOBF RF stages with SAS as follows:

fNOBFD

(
θ̂D, p

)
= 1

√

M(p)
ds

[

1, e
j2πdcos

(
θ̂D

)

, . . . , e
j2πd

(
M(p)
ds −1

)
cos

(
θ̂D

)]T
(32)

fNOBFU

(
θ̂U, q

)
= 1

√

M(q)
us

[

1, e
−j2πdcos

(
θ̂U

)

, . . . , e
−j2πd

(
M(q)
us −1

)
cos

(
θ̂U

)]T
.

(33)

The design of proposed swarm intelligence-based NOBF
RF stages utilizing beam perturbations jointly with SAS is
summarized in Algorithm 1.

B. BB STAGES DESIGN
After designing the RF beamformers fD and fU , the BB
precoder stages BD and BU only employ the reduced-
size effective downlink channel matrix HD = HDfD ∈
C
KD×ND and uplink channel matrix HU = fUHU ∈ C

NU×KU ,
respectively. Therefore, it remarkably reduces the channel
estimation overhead size in the FD mMIMO systems with
large antenna arrays. Considering that the number of RF
chains in the proposed FD SC-HBF scheme is significantly
smaller than the number of antennas (i.e., ND � Mds and
NU � Mus), the utilization of effective DL/UL channel
matrices reduces the total CSI overhead size from Mds ×
KD + Mus × KU to ND × KD + NU × KU . It is important
to highlight that the instantaneous SI channel matrix HSI
is not required in the proposed BB precoder/combiner
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FIGURE 3. OTA FD mMIMO lab setup for SI measurement. (a) Anechoic chamber. (b) Tx and Rx setup.

design. We here develop BB precoder/combiner via applying
regularized zero-forcing (RZF). Here, the primary objective
is maximizing the intended DL and UL signal power while
suppressing the IUI power. According to the well-known
RZF technique, we first define the BB DL stage as follows:

BD = κDX
−1
D HH

D ∈ C
ND×KD (34)

where κD =
√
PD/ tr(HDX

−1
D fHDfDX

−1
D HH

D) is the normal-
ization scalar satisfying the maximum DL transmit power
constraint of PD as indicated in Section II-A. According
to the RZF technique, we here define XD = HH

DHD +
σ 2
w

PD/KD
IND ∈ C

ND×ND , which aims to eliminate IUI by taking
noise power σ 2

w into account for the regularization. Similarly,
the UL BB stage BU is also designed as:

BU = HH
UX

−1
U ∈ C

KU×NU , (35)

where XU = HUHH
U + σ 2

w
PU

INU ∈ C
NU×NU according to the

RZF technique.

V. ILLUSTRATIVE RESULTS
In this section, we present the Monte Carlo simulation results
to illustrate the performance of the proposed HBF with
NOBF RF beamformers and SAS scheme in FD mMIMO
systems. In particular, we consider the measured SI channel
in an anechoic chamber to provide realistic SI suppression
capability and capacity gain of a practical FD mMIMO
system over HD mMIMO system. We consider ND = NU
= 1 RF chain to serve a single UL and DL UE with 1×4
and 1×8 sub-array configurations for the results presented
hereafter. It is important to mention that the proposed HBF
scheme requires only 1 RF chain as compared to FDBF,
which need 4 or 8 RF chains to support single UL and
single DL UE. Thus, the proposed HBF scheme significantly
reduces the number of RF chains, especially when the
number of served users increases. For PSO, we use the
following values: Z = 20,�1 = �2 = 2, and �3 = 1.1.

A. MEASURED SI CHANNEL
We consider a measured SI channel based on the mea-
surement setup designed in an anechoic chamber (i.e.,
without external surrounding reflections) as shown in Fig. 3.
The OTA FD lab setup has following internal dimensions:
1) length = 20 ft (6.096 m); 2) width = 8 ft (2.438 m); and
3) height = 8 ft (2.438 m). This non-reflective space was
large enough to place our antenna array under test (measuring
84 cm × 32 cm, W×H) on a positioner, approximately 4
ft away from each of C-RAM SFC-48 absorber covered
five walls (reflection < −45 dB at 3.5 GHz). We did not
observe significant changes to the measured SI channel when
slightly rotating the antenna under test. The antenna arrays
consisted of 64 right-hand circular polarization Tx elements
and 64 left-hand circular polarization Rx elements. These
elements were designed to minimize cross-polarization, and
all antenna elements shared a common ground plane. Both
the Tx and Rx antenna arrays were arranged in an 8×8
URA configuration, with a spacing of 20 cm between these
two arrays, enhancing passive isolation. Fig. 3 illustrates
the mapping of the 64 Tx and 64 Rx antenna arrays.
The S-parameters were measured with vector network
analyzer (VNA) Keysight PNA N5247A, configured with
an output power of 10 dBm. To reduce the effect of noise
on the expected high isolation measurements, intermediate
frequency (IF) BW should be set 300 Hz (resulting in an
integrated thermal noise power of -149 dBm), and trace
smoothing function was set to 1%, the averaging was
turned off. The measurement bandwidth was 1 GHz, from
3 GHz to 4 GHz, with a step size of 625 kHz (resulting in
1601 measurement points). The sweep time for each antenna
elements pair was ∼10 sec, thus total measurement time for
64 × 64 = 4096 combinations, was expected to be 11.5 hrs.

The Tx and Rx antennas were connected to the VNA via
5m long coaxial cables, and MCL USB-1SP16T-83H RF
absorptive switches, with approximate total insertion loss of
12.5 dB, on both the Tx and Rx sides. To construct the full
64×64 s-parameters matrix, the measurements were done
using two SP16T RF switches (one for Tx and one for Rx)
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FIGURE 4. Achieved SI suppression using 1×4 sub-array with 20 MHz BW. (a) Proposed NOBF with SAS. (b) OBF. (c) SI suppression gain.

connected to each 4×4 sub-section at a time. The obtained
s-parameters were transmitted to a PC via Ethernet and post-
processed in MATLAB, to de-embed all insertion losses of
the test setup, and to construct 64 Tx by 64 Rx SI channel
matrix for further use in analysis and simulations of the FD
mMIMO testbed system. The detailed results of the measured
64 Tx by 64 Rx SI channel, such as magnitude, phase, and
delay are discussed in detail in [45]. The individual isolation
between each Tx and Rx element ranged from approximately
37 dB to 80 dB, thus the resulting minimum SNR, in front
of the VNA receiver, was expected to be approximately
54 dB (10dBm – 12.5dB – 80dB – 12.5 dB + 149dBm).
The observed trace variations over frequency, for fixed RF
attenuator of 100dB at VNA ports, were approximately
±0.75 dB, ±3◦, and ±100ps for group delay. This setup is
used for SI channel measurement.
The resulting parameters in the form of.S2P file are used

to get a 64x64 SI channel matrix, which is mainly due
to internal coupling between Tx and Rx antenna elements
(i.e., consisting of only LoS path components). Then, the
complete SI channel matrix HSI, ALL has dimensions of
64 × 64 × 1601 for a total of 1601 different frequency
points. As mentioned earlier, we consider a ULA sub-array
configurations of 4 and 8 antenna elements for both Tx
and Rx. Hence, the corresponding SI channels for 1×4 and
1×8 sub-array configurations can be represented as HSI ∈
C

4×4×1601 and HSI ∈ C
8×8×1601, respectively. As per 3GPP

specification, the UL and DL channel BW can vary from
5 MHz to 100 MHz [46], then the corresponding SI channel
for the given BW can be written as: HSI,B = HSI(:, :, n)
∈ C

i×i×n, where i = {4, 8}, B is the given BW, and n =
1, 2, . . . ,N is the sample frequency point for a total of N
frequency points in a given BW. For instance, for a BW
of 20 MHz, n = 1, 2, . . . , 33 for the frequency range from
3.49 GHz to 3.51 GHz. Similarly, for a BW of 100 MHz,
n = 1, 2, . . . , 161 for the frequency range from 3.45 GHz
to 3.55 GHz.

B. SELF-INTERFERENCE SUPPRESSION
In this subsection, we first present the results of achieved SI
using the proposed HBF scheme for NOBF RF beamformers

with SAS, and compare it to HBF scheme with OBF RF
beamformer. In Fig. 4, we consider six different angular
UE locations (i.e., {θD, θU} ∈ {15◦:30◦:180◦}) and generate
the results using 1×4 sub-arrays for Tx and Rx antenna
elements with a maximum directivity degradation ε =1 dB
and a bandwidth of 20 MHz. In OBF scheme, the beams
generated by the UL and DL RF beamformers are steered
at exact UE locations (i.e., both fD(θD) and fU(θU) steer
the beams at θD and θU , respectively). It can be seen that
the design of RF beamformers fD(θD) and fU(θU) using
OBF can achieve SI suppression ranging from -38.74 dB to
-75.05 dB for different UL/DL UE angle pairs. On the other
hand, the proposed NOBF scheme with SAS can achieve
SI suppression ranging from -61.59 dB to -77.57 dB. This
shows that the design of RF beamformers fD(θ̂D), fU(θ̂U)
using the proposed NOBF RF beamformers with SAS can
provide an additional SI suppression gain of 19 dB on
average when compared to OBF, and can further reduce SI
by a maximum of 33.04 dB (e.g., for θD = 135◦, θU = 45◦,
SI suppression improves from -39.91 dB to -72.96 dB). In
other words, by introducing beam perturbation in both UL
and DL directions and the selection of the best Tx-Rx sub-
array pair can improve SI suppression capability by more
than 82% using the proposed NOBF with SAS HBF scheme.
The use of a larger sub-array at Tx and Rx can generate

narrower beams and can serve large number of users. In
Fig. 5, we compare the achieved SI suppression results
using 1×8 sub-array for six different UL and DL UE
angular locations and compare the performance of HBF
scheme with NOBF and SAS versus HBF scheme with
OBF RF beamformers. It is noteworthy to mention that,
even though using a larger array structure can narrow the
mainbeam width, however, due to the orthogonality, there
is still a limitation on the number of orthogonal UL/DL
beams that can be generated with such large array structures.
As a result, using OBF restricts the maximum number of
UL and DL users that can be served simultaneously in
FD mMIMO systems. The proposed HBF with NOBF RF
beamformers and SAS can achieve SI suppression ranging
between −51.93 dB and −77.45 dB, where the achieved
SI suppression for OBF RF beamformers varies between
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FIGURE 5. Achieved SI suppression using 1×8 sub-array with 20 MHz BW. (a) Proposed NOBF with SAS. (b) OBF. (c) SI suppression gain.

FIGURE 6. FD-to-HD rate ratio versus BS/UE transmit power using OBF with 1 × 4 sub-array at 20 MHz. (a) Total. (b) DL. (c) UL.

−37.35 dB to −69.05 dB. Thus, the proposed HBF scheme
with NOBF RF stages and SAS can provide an additional
SI suppression gain of around 15.43 dB (on average) with a
maximum SI suppression improvement of around -31.11 dB,
which represents an enhanced SI suppression capability of
78.69%.

C. FD-TO-HD ACHIEVABLE RATE RATIO
In this subsection, we compare the achievable rate of FD
mMIMO system versus the HD mMIMO system for UL and
DL transmission. In particular, the UL and DL transmissions
are operated separately in the case of HD communications,
where the received DL signal given in (3) does not include
IUI by UL UE. Similarly, the received UL signal given in (5)
does not experience the strong SI. As a benchmark scheme,
we consider the angular-based HBF technique in [24], which
considers the DL transmission via applying OBF at the
RF-stage and RZF at the BB-stage. Similarly, for the UL
transmission, we develop the angular-based HC technique
using [24] to compare both HD UL and DL rate with FD
rate of the proposed HBF scheme. Since the HD DL and UL
transmissions are carried out over either different time-slots
or different frequency bands, therefore, the DL, UL and total
achievable rate in the HD transmission are normalized as:
RD,HD = 1

2RD, RU,HD = 1
2RU , and RTotal, HD = RD,HD +

RU,HD respectively. To better compare the achievable rate of

FD and HD transmission, we use the FD-to-HD rate ratio,
which is defined as RatioD = RD,FD

RD,HD
, RatioU = RU,FD

RU,HD
, and

RatioT = RT,FD
RT,HD

, where RD,FD, RU,FD and RT,FD are the DL,
UL and total achievable rates in FD communications and
can be calculated using (18). In Fig. 6, we compare the DL,
UL and total FD-to-HD rate ratio versus BS transmit power
PD and UL UE transmit power PU using the measured SI
channel. Given the maximum BS transmit power as 44 dBm
at sub−6 GHz band [47], the BS transmit power range is
considered as PD ∈ [0, 40] dBm. For simplicity, we consider
the same range for the UL UE transmit power (i.e., PU ∈
[0, 40] dBm) though BS and UE have different hardware
constraints. Here, we depict the results for the proposed HBF
scheme using OBF RF beamformers to compare the FD-to-
HD performance at different BS and UE power levels and
to provide understanding of how different power levels can
impact the FD achievable rate at a fixed angular location
(i.e., θD = 135◦, θU = 15◦).
In Fig. 6(a), the total rate ratio is analyzed, which shows

that FD transmission can double the capacity with respect to
the conventional HD transmission at low power levels of BS
and UL UE. Though the FD-to-HD total rate ratio (RatioT)
decays for very high UL UE transmit power, the proposed
HBF scheme can still provide higher capacity (≥ RT,HD)
even for the extreme case of very high UL UE power (i.e.,
at PU = 40 dBm, RatioT > 1.0). As shown in Fig. 6(b),
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FIGURE 7. FD-to-HD total rate ratio at different UL/DL UE angular locations with 1 × 8 sub-array at 20 MHz. (a) NOBF with SAS. (b) NOBF. (c) OBF.

the DL rate ratio improves when PD increases and only
drops below the unity ratio for PU ≥ 35 dBm and low
PD values (i.e., for PD ∈ [0, 10] dBm, RatioT ∈ [0.8, 1].
This means HD transmissions can provide higher capacity
than FD communications in such cases), where the large UL
power boosts the IUI power in comparison to the low DL
intended signal power (please see (3)). Similarly, the UL
rate ratio as depicted in Fig. 6(c) shows that the increased SI
power due to the high BS transmit power negatively affect
the UL transmission. For instance, at PU = 30 dBm, the
FD-to-HD uplink rate ratio (RatioU) is exactly 2.00 and 1.12
for PD = 0 dBm and PD = 40 dBm, respectively.

Fig. 7 depicts the FD-to-HD total rate ratio (RatioT) for
a fixed BS and UL UE transmit power (i.e., PD = 30 dBm
and PU = 20 dBm).4 Here, we consider six different angular
locations for the DL and UL UE (i.e., {θALLD , θALLU } ∈
{15◦:30◦:180◦}) and compares RatioT using 1×8 sub-arrays
with 20 MHz BW and maximum directivity degradation
ε =1 dB for the following three cases: 1) Proposed
HBF with NOBF RF beamformers with SAS (MOOP);
2) Proposed HBF with NOBF RF beamformers (SOOP)5;
and 3) Proposed HBF with OBF RF beamformers. Fig. 7
shows that HBF with OBF scheme results in poor FD-
to-HD rate ratio when both UL and DL UE have same
angular locations (on average the total rate ratio is around
0.74). By using the HBF with NOBF RF stages (SOOP) can
significantly increase the rate ratio at most angular locations,
however, due to SI channel characteristics and the use of a
fixed Tx-Rx sub-array pair, we can see that SOOP can still
result in low FD total rate at few angular locations (e.g.,
{θD, θU} = {75◦, 105◦}, and HD transmissions can provide
better total rate than FD communications at these angular
locations). Moreover, the use of a larger sub-array can still
suffer from low FD-to-HD total ratio at certain angular

4From Fig. 6, we can see that high values of BS and UL UE transmit
power can significantly reduce RatioT for OBF scheme. Our motivation is
to show that using the proposed HBF with NOBF and SAS scheme, we
can enhance the total rate in FD communications even for the extreme case
of very high power UL UE values, thus achieving RatioT close to 2.

5In this approach, we design NOBF RF beamformers for single objective
optimization problem (i.e., to minimizing SI). We consider fixed Tx-Rx
sub-arrays (without SAS) and find the optimal beam perturbations only.

FIGURE 8. FD-to-HD total rate ratio improvement with 1 × 8 sub-array at 20 MHz.
(a) NOBF with SAS. (b) NOBF.

locations, and the number of such angle pairs with low FD-
to-HD rate ratio can increase for even larger array structures.
This issue can be resolved by using HBF with NOBF RF
beamformer jointly with SAS, which can provide spatial
DoF to improve FD rate at all UL/DL UE angular locations.
In Fig. 7(a), we can see the mean total FD-to-HD rate
ratio is around 1.88 {θALLD , θALLU } and 1.79 {θSAME

D , θSAME
U },

which represents an increase of around 11.6% and 142.3%,
respectively when compared to OBF total rate ratio.
Fig. 8 plots the FD-to-HD total rate ratio improvement

using 1×8 sub-array. Fig. 8(b) shows the percentage gain in
FD-to-HD total rate ratio for the proposed HBF with NOBF
RF stages (SOOP) over OBF. We define the percentage
improvement in FD-to-HD total rate ratio as follows:

Ratio Gain(%) =
(RatioT,s − RatioOBF

RatioOBF

)
× 100, (36)

where s = {NOBF (SOOP),NOBF with SAS (MOOP)}.
We can see from Fig. 8 that compared to the mean gains
of 6.57% for {θALLD , θALLU } and 87.8% for {θSAME

D , θSAME
U }

with SOOP, MOOP can provide the mean gains of 11.6%
for {θALLD , θALLU } and 142.3% for {θSAME

D , θSAME
U }.

In Fig. 9, we present the FD-to-HD total rate ratio versus
the angular spacing between both UL and DL UE for a
fixed power levels using 1×4 sub-array. Here, we consider
the DL UE is located at fixed θD = 75◦ and the UL
UE varies its angular location (i.e., θU ∈ {75◦:1◦:135◦}).
Thus, the angle separation between UL/DL UE can vary
from 0◦ to 60◦. It can be seen that by using the proposed
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FIGURE 9. FD-to-HD total rate ratio versus angular separation with 1 × 4 sub-array
at 20 MHz. (a) NOBF with SAS. (b) OBF.

HBF with NOBF RF stages jointly with SAS (MOOP) can
achieve FD-to-HD total rate ratio ≥ 1.5 with minimum
angle separation of 0◦. In other words, the proposed NOBF
with SAS (MOOP) can give at least 1.5 times the total
achievable rate of HD transmissions irrespective of UL and
DL UE locations in FD mMIMO systems, whereas, with
OBF scheme, a minimum angle separation of 7◦ is required
to achieve the rate ratio of at least 1.5. For RatioT ≥ 1.8,
we need angle separation of at least 14◦ with OBF scheme.
However, with the proposed NOBF scheme, we require a
minimum angle separation of 3◦. Similarly, Fig. 10 compares
the minimum angle separation for the case when both Tx
and Rx are equipped with 1×8 sub-array for DL UE located
at fixed θD = 15◦ and the UL UE varies its angular location
(i.e., θU ∈ {15◦:1◦:75◦}). Compared to the minimum angle
separation of 3◦ and 6◦ for OBF scheme to achieve ratio
≥ 1.5 and 1.8, respectively, the proposed HBF scheme with
NOBF RF beamformers and SAS (MOOP) scheme only
requires 0◦ and 5◦ of UL/DL UE angular separation. It
must be noted that the use of larger sub-array can generate
narrow beams for UL and DL UE, which can reduce IUI,
and thus reducing minimum angle separation. In Fig. 11,
we compare the total achievable rate versus transmit power
of our proposed schemes (i.e., NOBF with SAS (MOOP)
and NOBF (SOOP)) with OBF as well as the HBF solutions
presented in [22], [23], [33]. We consider KD = KU = 1,
which are located at azimuth angle θD = 75◦, θU = 135◦.
By using 1 × 4 Tx and Rx sub-arrays, it can be seen that

FIGURE 10. FD-to-HD total rate ratio versus angular separation with 1 × 8 sub-array
at 20 MHz. (a) NOBF with SAS. (b) OBF.

FIGURE 11. Total achievable rate versus transmit power with 1 × 4 sub-array.

compared to OBF and HBF solutions in [22], [23], [33], the
proposed NOBF schemes can significantly increase the total
achievable rate by suppressing the strong SI. For example,
NOBF can provide an increase of 1-2 bps/Hz when compared
to OBF, however, by using the proposed NOBF with SAS, we
can achieve a gain of around 3-4 bps/Hz. It is noteworthy to
mention that our proposed NOBF with SAS can significantly
increase the total achievable rate, especially when operating
under the following conditions: 1) harnessing a larger sub-
array (i.e., 1 × 8); and 2) accommodating a greater number
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FIGURE 12. SI suppression bound comparison using 1×8 sub-array. (a) Achieved SI
versus θU . (b) Achieved SI versus θD .

of users. This highlights the scalability and adaptability of
our approach, offering promising performance enhancements
in FD mMIMO systems.

D. CONSTRAINED VERSUS UNCONSTRAINED SI
SUPPRESSION COMPARISON
In this section, we compare the achieved SI using 1×8 sub-
array for the following schemes: 1) HBF with OBF
RF beamformers; 2) HBF with NOBF RF beamformers
(NOBF-SOOP); 3) HBF with NOBF RF beamformers
(NOBF-MOOP); and 4) HBF with NOBF RF beam-
formers jointly with SAS (NOBF-MOOP-SAS). For the
NOBF schemes, we compare the results for directivity
degradation of ε = 1 dB. In Fig. 12(a), we plot the
achieved SI versus different UL UE angular locations
(i.e., θU ∈ {15◦:30◦:180◦}) for a fixed DL UE location
(θD = 165◦). The results show that OBF scheme can
provide very low SI suppression with a minimum value
of around −55 dB. In comparison, both NOBF schemes
(NOBF-SOOP and NOBF-MOOP) can achieve better SI
suppression levels at all UL-DL UE angle pairs with a
minimum SI suppression of around −63 dB. However,
the use of SAS jointly with NOBF for MOOP (NOBF-
MOOP-SAS) can reduce SI as low as −76 dB, which
is very close to lower bound values of SI suppression.
Here, the lower bound for SI suppression level can be
achieved by considering the loose directivity degradation
limits (i.e., ε = ∞). In other words, this loose bound can

FIGURE 13. Achieved SI and FD-to-HD total rate ratio tradeoff using OBF and NOBF
with SAS schemes. (a) 1×4 sub-array. (b) 1×8 sub-array.

be considered as an unconstrained optimization, which can
allow beam perturbations in both UL and DL directions
with high directivity degradation. Our objective here is to
show that by using the proposed NOBF-MOOP-SAS with
a tight bound of ε = 1 dB, we can closely approach
the unbounded SI suppression (ε = ∞). Compared to
the mean difference of 28.3 dB, 24.1 dB of OBF and
NOBF-SOOP (NOBF-MOOP) schemes from the lower
bound, NOBF-MOOP-SAS has a mean difference of only
around 3.81 dB. Similarly, Fig. 12(b) depicts the bounded
versus unbounded SI suppression comparisons for different
DL UE angular locations (i.e., θD ∈ {15◦:30◦:180◦})
for a fixed UL UE location (θU = 15◦). Here, we
can see that NOBF-MOOP-SAS scheme can achieve SI
suppression level close to the bound with an average
difference of around 5.2 dB. Thus, we can see that
ASI,NOBF-MOOP-SAS(ε = ∞) � ASI,NOBF-MOOP-SAS(ε = 1)
� ASI,NOBF-SOOP(ASI,NOBF-MOOP) ≤ ASI,OBF.

E. ACHIEVED SI AND ACHIEVABLE RATE RATIO
TRADEOFF
In this section, we compare the achieved SI as well as FD-to-
HD total rate ratio for six different UL and DL locations (i.e.,
{θD, θU} ∈ {15◦:30◦:180◦}), which generates 36 possible UL-
DL angle pairs. Fig. 13(a) evaluates the frequency (number
of occurrences) of UL-DL angle pairs while satisfying certain
performance metric. For instance, using OBF scheme, we
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TABLE 1. Performance comparison: NOBF with SAS vs. OBF (1×4 and 20 MHz BW).

TABLE 2. Performance comparison: NOBF with SAS vs. OBF (1×8 and 20 MHz BW).

can achieve SI suppression < −50 dB together with FD-to-
HD total rate ratio > 1.5 for a total of 21

36 UL-DL angle
pairs, which represents 58.3% of the total available angle
pairs. However, there is 1

36 UL-DL angle pair to achieve
SI < −70 dB jointly with rate ratio > 1.5. On the other
hand, the proposed NOBF-MOOP-SAS scheme can provide
34
36 and 23

36 UL-DL angle pairs for (achieved SI < −50 dB &
Ratio > 1.5) and (achieved SI < −70 dB & Ratio > 1.5),
respectively. Similarly, Fig. 13(b) depicts the performance
tradeoff using 1×8 sub-array. The OBF scheme results in
0
36 UL-DL angle pairs to achieve SI < −70 dB & Ratio >
1.5, whereas, the proposed NOBF-MOOP-SAS scheme can
provide 20

36 UL-DL angle pairs to achieve SI < −70 dB &
Ratio > 1.5. Thus, the proposed NOBF-MOOP-SAS scheme
can achieve high SI suppression jointly with increased FD-to-
HD rate ratio for 55% of the UL-DL angle pairs as compared
to 0% in the case of OBF scheme. The detailed performance
comparison of the proposed NOBF schemes versus OBF for
1 × 4 and 1 × 8 sub-array is summarized in Table 1 and
Table 2, respectively.6

6Best or worst improvement is calculated by comparing the angular
location of the same uplink and downlink UE pair in both OBF and NOBF
schemes.

VI. CONCLUSION
This paper considers a FD mMIMO system using a sub-
array-based HBF architecture and investigates the capacity
gains of FD communications over HD transmissions in a
real-time implementation. In particular, the strong SI is
suppressed by designing the RF beamformers jointly with
SAS to utilize the spatial DoF in large array structures, thus
avoiding the use of costly analog SI-cancellation circuits.
To achieve capacity gains in FD communications, a multi-
objective design framework is considered to minimize SI and
maximize the total achievable rate. Based on OTA measured
SI channel, we have proposed a novel HBF scheme that
applies perturbations to the orthogonal beams in UL and
DL beam directions and jointly finds the best Tx-Rx sub-
array pair. To solve this challenging non-convex problem,
we have proposed a swarm intelligence-based algorithmic
solution to find the optimal perturbations and Tx-Rx indices
while satisfying the directivity degradation constraints for
the UL and DL beams. Illustrative results show that the
proposed HBF scheme with NOBF RF stages jointly with
SAS can achieve high SI suppression compared to OBF for
both 1×4 and 1×8 sub-array configurations and can mitigate
SI to −78 dB in real life implementations for FD mMIMO
systems. Moreover, the proposed HBF scheme can achieve an
average capacity gain of around 1.8 for any angular location
of UL-DL UE.
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APPENDIX
PROOF OF LEMMA 1
Let fU and fD be the UL and DL RF beamformers for ith

DL UE and jth UL UE, respectively. Then, we can express
the RF beamformers as:

fD
(
θDi

) = 1√
MD

[
1, ej2π�cos

(
θDi

)

, . . . , ej2π�(MD−1)cos
(
θDi

)]T
, (37)

fU
(
θUj

) = 1√
MU

[

1, e
−j2π�cos

(
θUj

)

, . . . , e
−j2π�(MU−1)cos

(
θUj

)]T
.

(38)

Then, we can rewrite the expression for fTUHSIfD as:

fTUHSIfD

= 1√
MD

fTUHSI

[
1, ej2πd cos

(
θDi

)

, . . . , ej2πd(MD−1) cos
(
θDi

)]T

= 1√
MU

[

1, e
−j2πd cos

(
θUj

)

, . . . , e
−j2πd(MU−1) cos

(
θUj

)]

HSI

1√
MD

[
1, ej2πd cos

(
θDi

)

, . . . , ej2πd(MD−1) cos
(
θDi

)]T

= 1√
MDMU

MU∑

mu=1

MD∑

md=1

hmu,mde
−j2πd

(
mu cos(θUj )−md cos(θDi )

)

,

(39)

where hmu,md is the (mu,md)-th element of HSI . Since
| cos(θUj)|, | cos(θDi)| ≤ 1, the term inside the exponent
of (39) is bounded as follows:

|mu cos
(
θUj

) − md cos
(
θDi

)| ≤ mu| cos
(
θUj

)| + md| cos
(
θDi

)|
≤ mu + md ≤ Mus +Mds − 2, (40)

where the last inequality follows because mu and md
both range from 1 to MU and MD, respectively. Now, let
us consider the term hmu,md . Considering the large array
structures, the path loss between the transmit and receive
antennas within the same device is generally low due to the
short distance between them. Thus, the SI channel, which
is the channel from the transmit antenna to the receive
antenna in the same device, is expected to be very strong
in magnitude. Hence, we can assume that hmu,md has non-
negligible values. Next, we analyze the magnitude of the
expression fTUHSIfD. Applying the triangle inequality, we can
write as follows:

|fTUHSIfD|

= 1√
MDMU

∣
∣
∣
∣
∣
∣

MU∑

mu=1

MD∑

md=1

hmu,mde
−j2πd

(
mu cos(θUj )−md cos(θDi )

)
∣
∣
∣
∣
∣
∣

≤ 1√
MDMU

MU∑

mu=1

MD∑

md=1

|hmu,md |

≤ 1√
MDMU

(MU +MD − 2) max
mu,md

|hmu,md |, (41)

where the last inequality holds due to the bounds on the
indices mu and md. Based on the assumption that the path

loss is significant and the SI channel is strong, we can
infer that the maximum absolute value of the SI channel
coefficients maxmu,md |hmu,md | is very small. Consequently,
we can approximate the expression as follows:

|fTUHSIfD| ≈ 0. (42)

This approximation is valid when SI channel is strong, the
path loss is significant, and the array dimensions MU and
MD are sufficiently large. It suggests that the design of DL
and UL RF beamforming stages, represented by FD and
FU respectively, can effectively eliminate the interference
caused by the SI channel. Hence, we conclude that for a
given UL-DL angle-pair θDi , θUj in large array structures,
the approximation FUHSIFD ≈ 0 holds, indicating the
suppression of SI interference.
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