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ABSTRACT Reproducing Kernel Hilbert Space (RKHS) subspace learning is very popular among the
domain adaption, which learns a latent RKHS subspace for the source domain and target domain, so that
their distribution gap becomes smaller than in the original data space. There is a famous probability theory:
two second-order moment random variables are equal if and only if their mean squared error (MSE) is
zero. In this paper, firstly, we use second-order moment random variables to model the source domain and
target domain. Then, we prove that a second-order moment random variable is still second-order moment
after it is transformed into the RKHS subspace. Finally, we propose the MSE criterion to measure the
distribution difference between source domain and target domain. To our best knowledge, we are the first
to apply the MSE to RKHS subspace learning. And the experiments show the superiority of MSE criterion,
which performs better than the common Maximum Mean Difference (MMD) and the Covariance Matrix
(CovM) criteria. Furthermore, considering the robustness of the RKHS subspace learning framework to the
data dimension, we propose the domain adaption framework of the progressive RKHS subspace learning
(pRKHS-DA), which continuously updates the learned RKHS subspace. Each update takes the previous
learned subspace as the starting point. The idea of pRKHS-DA is proposed for the first time in this paper.
Finally, this paper proposes MSEpRKHS_DA model based on MSE criterion and pRKHS-DA framework.
And experiments show that our model achieves higher classification accuracy than some state-of-the-art
methods.

INDEX TERMS Domain adaption, MSE criterion, RKHS subspace learning.

I. INTRODUCTION
In the era of information explosion, the traditional statistical
machine learning has been difficult to meet the need of the
emerging applications, because it has two too big faults to
ignore [1]: 1) it needs a large number of labeled samples
to train models, which costs a lot of manpower to label
samples; 2) it is based on the premise that source domain and
target domain obey the same distribution, which varies from
the reality. It’s more common and practical that the source
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domain and the target domain have different distributions
in real-world applications. For example, in the application
of object recognition, the distribution of object images will
change due to the changing light and different camera angles.
Due to this undeniable fact, the trained-well model on source
domain data often cannot achieve the expected results when it
is directly applied to the target domain data, which obviously
limits the generalization ability and knowledge reuse ability
of the trained-well model [2]. In order to improve the perfor-
mance of model in cross-domain tasks, domain adaption [1],
[2] is proposed. Domain adaption aims to reduce the distri-
bution difference between the source domain and the target
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domain that different from but related with source domain,
so that the knowledge obtained in the source domain can be
well generalized in the target domain to realize the cross-
domain migration [3], [4]. Domain adaption could improve
the classification performance of the transferred trained mod-
els on target domain data, which avoids the need to train a new
model on target domain data. In addition, if target domain
has few or no labeled samples and is unable to train models
with good performance, we can consider adopting the domain
adaptionmethod to pre-train the model in different but related
source domain with a large number of labeled data, and then
apply the trained model to the target domain with fine tuning.
So, domain adaption overcomes the dilemma that the labeled
data of the target domain is rare and difficult to obtain in
practical applications.

The domain adaption based on ReproducingKernel Hilbert
Space (RKHS) subspace learning is very common [5], [6],
[7]. In this method, first, the source domain data and the target
domain data are transformed into RKHS; second, a RKHS
subspace is learned by using the domain adaption criterion,
that is, the criterion to measure the distribution difference;
and then the source domain data and the target domain
data on RKHS are projected into the learned subspace of
RKHS, where their distributions can be same as much as
possible. At present, theMaximumMeanDifference criterion
(MMD) [8] based on the first-order moment and the Covari-
ance Matrix criterion (CovM) [9] based on the second-order
moment are the most common domain adaption criteria used
for measuring the distribution gap. Since Gretton [8] in
2006 proposed MMD to measure distribution divergence in
RKHS, many papers [12], [14], [15], [16], [5] used MMD
criterion to discover a latent RKHS subspace. Besides, the
proposed CovM criterion [9], [10] measures the distribution
divergence between source domain and target domain. Since
the first-order moment and second-order moment cannot
represent non-Gaussian distribution totally and the domains
usually obey non-Gaussian distributions in real applications,
MMD criterion and CovM criterion have poor performance
on measuring the non-Gaussian distribution gap. In order
to solve the limitation of the MMD criterion and CovM
criterion, we propose a new domain adaption criterion based
on Mean Squared Error (MSE), which is fit for Gaussian and
non-Gaussian distribution. The main aim of RKHS subspace
learning is learn a RKHS subspace to decrease the distribu-
tions gap between source domain data and target domain data.
However, no matter how to learn a subspace, the difference
between source domain data and target domain data always
exists. Then, in light of the robustness of data dimension in
RKHS subspace learning framework, we propose a domain
adaption framework based on the progressive RKHS sub-
space learning (pRKHS-DA). Unlike most existing RKHS
subspace learning based domain adaption methods, which
only learn the RKHS subspace once, pRKHS-DA framework
repeatedly learns and optimizes the RKHS subspace, so that
the distribution difference between the source domain data
and the target domain data on RKHS subspace is gradu-

ally reduced. Our contributions in this paper are listed as
follows:

1) We prove the RKHS subspace transformation validity,
that is, the second-order moment random variables are
still second-order moment after they are transformed
into RKHS and then projected into RKHS subspace.

2) In light of MSE theorem and the RKHS subspace
transformation validity, we apply theMSE theorem into
RKHS subspace learning and then propose an effective
domain adaption criterion MSE. The experiments pro-
vided show that MSE criterion achieves better results
than MMD and CovM criteria.

3) We propose a new domain adaption framework based
on the progressive RKHS subspace learning (pRKHS-
DA), which gradually reduces the difference between
source domain data and target domain data by continu-
ously learning a new subspace.

4) We propose MSEpRKHS_DA model based on MSE
criterion and pRKHS-DA framework. And the experi-
ment results show that the our model outperforms some
other state-of-the-art methods.

The rest of this paper is organized as follows: In Section II,
we briefly review partial works related to domain adaption;
In Section III, we introduce some necessary background
of second-order moment random variable, RKHS subspace
learning and domain adaption based on RKHS subspace
learning; In Section IV, we give the proof of the transforma-
tion validity of RKHS subspace, propose the MSE criterion,
pRKHS-DA framework, and MSEpRKHS-DA model which
combines the MSE criterion and pRKHS-DA framework
together. In Section V, the experiments show the validity
of MSE criterion and MSEpRKHS_DA model respectively;
And the conclusion is made in Section VI.

II. RELATED WORKS
The transformation-based domain adaption methods are one
of the important types of domain adaption. Generally speak-
ing, the transformation-based aims to learn a representation
space by using embedding or transformation, where the dis-
tribution of the target domain data could be more similar
to that of source domain. In 2006, Gretton [8] put forward
the MMD criterion to compare the distributions of samples
in RKHS. Since then, the MMD criterion has been widely
applied into transformation-based domain adaption methods
to calculate the distribution divergence of domains. Pan et al
proposed theMMDE [11] approach based onMMD criterion,
which learns a low-dimensional space via the optimization
of kernel matrix K to reduce the distribution gap of the
projected source domain samples and target domain samples.
However, MMDE needs the considerably expensive com-
putation overhead to learn the kernel matrix K from data.
In 2011, Pan and Yang proposed TCA [12]. TCA firstly maps
the source and target domain into the RKHS through the
kernel function. Secondly, it minimizes the MMD between
the subspace representations of source domain samples and
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target domain samples to learn some transferable compo-
nents across domains. Then these components are used to
construct the RKHS subspace, where the distributions across
domains are close to each other. Finally, the classification
models trained on source domain samples in this subspace
directly are applied on transformed target domain data. Com-
pared with MMDE, TCA learns a RKHS subspace with low
calculation, that is, low-rank matrix W , instead of the K .
In addition, in order to further improve the transferring com-
ponent performance of TCA, Pan proposed a semi-supervised
TCA approach (SSTCA) [12]. The SSTCA contains two
optimization objectives: one is the MMD minimization as
in TCA, the other is the embedding and labels indepen-
dence maximization and this independence is measured by
Hilbert–Schmidt Independence Criterion (HSIC) [13]. Since
then, domain adaption based on RKHS subspace learning
has received considerable attention from the domain adaption
community, which learns a suitable RKHS subspace and
then maps the source domain data and the target domain
data into this subspace to reduce the difference of the two
domains’ distributions. The key of the domain adaption based
on RKHS subspace learning is to find an appropriate domain
adaption criterion to measure the distributions gap between
domains, so as to realize the distribution alignment of the
source domain and the target domain [5]. Jiang et al proposed
IGLDA [14] to uncover a latent RKHS subspace where the
distributions of the source domain and target domain could be
more similar and local geometries of labeled source domain
data could be retained. Specially, IGLDA not only considers
the global information of domains by minimizing the MMD
to reduce the inter domain distribution difference, but also
maintains the local geometry properties of the source domain
by maximizing the intraclass distance of the labeled source
domain data which improves the dependency between the
labels and data, and also makes it easier to separate the
samples in the latent subspace. In the same year, Yan et al pro-
posed an unsupervised domain adaption method MIDA [15],
which considers minimizing distribution difference between
domains via MMD criterion and maximizing the distance
between different classes of source domain data. Further-
more, Yan extended the MIDA to semi-supervised version
(SMIDA) [15] via feature augmentation strategy to learn
a better RKHS subspace. In 2019, Li et al proposed TIT
approach [16]. On the one hand, TIT reduces the distri-
bution gap by MMD criterion; on the other hand, it also
proposes an effective and fast landmark selection method
based on graph to reweigh the samples to enhance the ability
of knowledge transfer. What’s more, TIT extends RKHS
subspace learning into unsupervised heterogeneous domain
adaption (HDA) [17] by using multiple transformations to
map different domains into a common and latent subspace.
The LPJT [18] proposed by Li et al considers the knowledge
transfer both feature level (aligning the distributions byMMD
criterion) and sample level (preserving the neighborhood
relationship of samples by landmark selection) in a unified
framework. What’s more, as in TIT, LPJT also utilizes the

two different transformations for subspace learning, one for
each domain, so LPJT can be applied in HDA too. For the
SDRKHS-DA method [19], it also considers aligning the
distributions by MMD criterion, in the meantime, introduces
the dictionary learning into the RKHS subspace learning
framework. That is, SDRKHS-DA uses source domain data
as dictionary to code the target domain data and keeps the
coding as sparse as possible at the same time, which makes
the same kind of source domain data and target domain data
close to each other in subspace to improve the performance
of domain adaption. The CDSPP [20] algorithm extends the
locality preserving projection [21] intoHDA through themul-
tiple transformation matrices and is able to learn a subspace
of better separability. In addition to MMD criterion based
on first-order statistics, the domain adaption criterion CovM
based on second-order statistics to measure the distribution
difference is proposed. For instance, the DACoM model [9]
is designed to align the different domains’ distributions by
minimizing the distance between the covariance matrix of
source domain data and that of target domain data. At the
same time, the local geometric structure and discriminative
information are preserved in DACoM model.

III. PRELIMINARY
In this section, some related background knowledge are intro-
duced. First of all, we give some related contents of the
second-order moment random variable. Next, we review the
framework of the RKHS subspace learning. What’s more,
we introduce the concept of domain adaption based on RKHS
subspace learning.

A. SECOND-ORDER MOMENT RANDOM VARIABLE
Given a random variableX which obeys the distribution p (x),
it becomes a second-order moment random variable if the
condition E

[
|X |2

]
=

∫
�
x
2
p (x) dx < +∞ is satisfied.

From the view of physics, a second-order moment random
variable is the limited-energy random signal. Since all signals
have limited energy in the real life, we can use second-order
moment random variables to model them. So, the source
domain data and target domain data in original data space can
be treated as the samplings from two second-order moment
random variables with different distributions respectively.

Assuming that a set H1 contains all second-order moment
variables:

H1 =

{
X
∣∣∣E [|X |2] < +∞} (1)

According to [22], H1 is a L2 space that belongs to Hilbert
space and its inner product is defined as

(X ,Y )H1 = E
[
XY ∗

]
,

where ∀X ,Y ∈ H1, the star denotes the complex conjugate,
and the inner product specified by round brackets on L2

space.
In light of the positive definiteness of inner product defined

in Hilbert space L2, any two elements from L2 are equal if the
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norm of their difference is zero, which can be formulated as
follows [23]:

X1 = X2 ⇔ ‖X1 − X2‖2H1
= (X1 − X2,X1 − X2)H1

= E
[
‖X1 − X2‖2

]
= 0, (2)

where X1 and X2 are second-order moment random variables
from the H1 space. So, we can see that the necessary and
sufficient condition for two second-order moment random
variables to be equal is that the MSE between them is zero,
which is famous in probability theory.

B. THE FRAMEWORK OF RKHS SUBSPACE LEARNING
The space H2 includes all square integrable functions and its
mathematical expression is given by

H2 :

{
f

∣∣∣∣f : �→ R,
∫
�

|f (x)|2dx < +∞
}
.

H2 is a Hilbert space and the inner product of H2 space is
defined as

〈f , g〉H2
=

∫
�

f (x) g∗ (x)dx,

where the star denotes the complex conjugate.
In particular, if there is a binary function k(x ′, x) : � ×

�→ R that satisfies [24]:
1) For ∀x ∈ �, k (·, x) ∈ H2;

2) For ∀f ∈ H2 and ∀x ∈ �,

f (x) = 〈f , k (·, x)〉H2
.

Then, we can call k(x ′, x) as reproducing kernel.
And we can define a mapping function ϕ (x) : � → R.

For ∀x ∈ �, we have ϕ (x) = k (·, x) ∈ H2. According to the
property of the reproducing kernel, we have〈

ϕ (x) , ϕ
(
x ′
)〉
H2
= k

(
x ′, x

)
.

Given a set of samples X = {x1, . . . , xN } ⊆ � and the
reproducing kernel k , we can transform X into the Hilbert
space H2 to get ϕ (X) = {ϕ (x1) , . . . , ϕ (xN )} ⊆ H2. And the
new orthogonal basis ϑi of RKHS subspace Hs can be con-
structed through linear combination of these non-orthogonal
feature vectors:

ϑi =

N∑
j=1

wjiϕ
(
xj
)
, i = 1, . . . , d, (3)

where d is the dimension of RKHS subspace.
Eq.(3) can be cast into the matrix form as follows

2 = 8W , (4)

with

W =

w11 · · · w1d
...

. . .
...

wN1 · · · wNd

 , 2 =
[
ϑ1 . . . ϑd

]
,

8 =
[
ϕ (x1) . . . ϕ (xN )

]
.

The orthogonality of the new basis 2 satisfies the follow-
ing condition:〈ϑ1, θ1〉H2 · · · 〈ϑ1, ϑd 〉H2

...
. . .

...

〈ϑd , ϑ1〉H2 · · · 〈ϑd , ϑd 〉H2

=2T2 = W TKW = Id .

(5)

where K is the kernel matrix given by

K =

k (x1, x1) · · · k (x1, xN )
...

. . .
...

k (xN , x1) · · · k (xN , xN )

 (6)

According to the subspace projection theorem in Hilbert
space [24], the corresponding coordinates yi of ϕ(xi) in the
RKHS subspace basis Hs with 2 is given by

yi =

〈ϕ (xi) , ϑ1〉H2
...

〈ϕ (xi) , ϑd 〉H2

 = W TKiCol ∈ Rd . (7)

where d is dimension of the RKHS subspace Hs, and KiCol
represents the ith column vector of the kernel matrix K .

C. THE DOMAIN ADAPTION BASED ON RKHS SUBSPACE
LEARNING
In domain adaption, the labeled Xs =

{
xs1, · · · , x

s
ns

}
and

the unlabeled Xt =
{
x t1, · · · , x

t
nt

}
are from source domain

and target domain respectively, which obey different distri-
butions.
Domain adaption based on RKHS subspace learning tries

to find a latent RKHS subspace to minimize their distribution
difference. First, the kernel transformation ϕ (x) = k (·, x)
maps the data samplesX = Xs∪Xt into the RKHS spaceH2 to
get ϕ (X). Then, ϕ (X) are projected into the RKHS subspace
Hs. Specifically, the source and target domain samples on Hs
are denoted as Ys and Yt respectively, where

Ys =
[
ys1, . . . , y

s
ns

]
= W TKs ∈ Rd×ns ,

Yt =
[
yt1, . . . , y

t
nt

]
= W TKt ∈ Rd×nt , K = [Ks,Kt ]

and

K =

k (x1, x1) · · · k (x1, xN )
...

. . .
...

k (xN , x1) · · · k (xN , xN )

 , N = ns + nt (8)

Generally, the MMD criterion measures the distribution
gap between the source domain data Ys and the target domain
data Yt written as [12]

MMD (Ys,Yt) =

∥∥∥∥∥∥ 1
ns

ns∑
i=1

ysi −
1
nt

nt∑
j=1

ytj

∥∥∥∥∥∥
2

H2

,

where ‖·‖H2 is the RKHS norm.
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In addition, the formulas of CovM criterion for the Ys and
Yt is [9]

CovM (Ys,Yt) =
∥∥∥∑ s −

∑
t

∥∥∥2
F
,

where ‖·‖F is Frobenius norm,
∑

s and
∑

t represent the
covariance matrices of Ys and Yt .

IV. OUR WORKS
In this section, we give the proof of the validity of RKHS
subspace transformation for second-order moment variables.
Then, based on this proof, we propose an effective MSE cri-
terion to match distributions. In addition, we propose a novel
domain adaption model named MSEpRKHS-DA shown in
Fig.1: First, the framework of domain adaption based on
the progressive RKHS subspace learning (pRKHS-DA) is
introduced. So far as we know, we are the first to propose
the idea of pRKHS-DA framework. Then, we combine the
MSE criterion with pRKHS-DA framework to put forward
the MSEpRKHS-DA model.

A. RKHS SUBSPACE TRANSFORMATION VALIDITY
Supposing that X is a random variable, its samplings
{x1, · · · , xN } come from the original data space �, and the
new representation of X in H2 subspace is a random vector Y
according to section III-B:

Y =

Y1...
Yd

 =
〈ϕ (X) , ϑ1〉H2

...

〈ϕ (X) , ϑd 〉H2

 .
Now, we prove that if X is a second-order moment random

variable, Y is a second-order moment random vector by
proving that each component Yi of Y is second-order moment.
Theorem 1: If X is a second-order moment variable, then

ϕ (X) is the second-order moment random process, that is,
∀x ∈ X , ϕ (X) (x) = k (x,X) is a second-order moment
variable.

The proof of Yi is second-order moment is showed in
Appendix A.

B. MSE DOMAIN ADAPTION CRITERION
Given source domain data Xs =

{
xs1, · · · , x

s
ns

}
∼ p(x)

and target domain data Xt =
{
x t1, · · · , x

t
nt

}
∼ q(x) where

p(x) 6= q(x). In line with Section III-A and Section IV-A,
we can get the corresponding second-order moment Ys and
Yt respectively. According to Eq.(2), we put forward theMSE
criterion to measure the distribution discrepancy between Ys
and Yt , which could find a shared latent RKHS subspace
where the distributions of source and target domain can align
better. And the MSE criterion for Ys and Yt is:

MSE (Ys,Yt) = E
[
‖Ys − Yt‖2

]
. (9)

Due to Ys =
{
ys1, · · · , y

s
ns

}
and Yt =

{
yt1, · · · , y

t
nt

}
. So, the

Eq. (9) can be rewritten as:

MSE (Ys,Yt) =
1
nsnt

ns∑
i=1

nt∑
j=1

∥∥∥ysi − ytj∥∥∥2
= tr

(
W T9W

)
(10)

For the specific derivation of the Eq.(10) is shown in
Appendix B.

C. pRKHS-DA FRAMEWORK
Given the source domain Xs and target domain Xt , the goal
of domain adaption based on RKHS subspace learning is
to learn a latent RKHS subspace W , where the distribution
discrepancy between the corresponding transformed Ys and
Yt can be smaller than in original data space, that is:

|prob (Ys)− prob (Yt)| ≤ |prob (Xs)− prob (Xt)| ,

where the prob (·) represents the probability distribution.
Obviously, the closer the distribution of Yt to that of Ys,

the higher the classification accuracy can be achieved by
directly transferring the classifier trained on labeled Ys to Yt .
In this paper, we propose the framework of domain adaption
based on progressive RKHS subspace learning (pRKHS-
DA), which reduces |prob (Ys)− prob (Yt)| gradually by
treating the learned subspace as a new data space for the next
subspace learning and repeating this process. Specifically,
pRKHS-DA framework has the following characteristics:

1) Consider the original data space �0, the ith data space
�i, and RKHS subspace W (i) learned for the i time.
First, we transform the source domain data Xs and
target domain data Xt in �0 into the learned subspace
W (1), and we get Y (1)

s and Y (1)
t respectively. Second,

we regard the W (1) as the new data space, and Y (1)
s

and Y (1)
t as the new source domain data X (2)s and tar-

get domain data X (2)t . Mathematically, �1 = W (1),
X (2)s = Y (1)

s , and X (2)t = Y (1)
t . Then, repeat this subspace

learning many times. And in the repeated process, the
distributions of the transformed source domain and
target domain will be closer. In addition, the process
of pRKHS-DA framework can be expressed as:

�0
W (1)

→ �1 = W (1)
→ · · · → �k = W (k) W

(k+1)

→ �k+1

= W (k+1)

At present, this paper cannot theoretically prove the
convergence of the pRKHS-DA framework. However,
the experiments provided later in this paper show that
pRKHS-DA framework can effectively improve the
classification accuracy of target domain data.

2) pRKHS-DA framework benefits from the framework of
RKHS subspace learning. In the framework of RKHS
subspace learning, the dimension of the mapped data
on subspace can be set artificially. Therefore, as long
as the fixed subspace dimension remains unchanged,
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FIGURE 1. The process of MSEpRKHS-DA model which reduces the distribution gap between the projected source domain and target domain gradually.
Firstly, we project all samples in the original data space into the learned subspace W (1) by minimizing the MSE criterion; Secondly, we learn a new
subspace W (2) based on the previous subspace learningW (1); Then, we constantly learn a better subspace W (k+1) based on the W (k).

the problem of smaller and smaller data dimension will
not occur in pRKHS-DA framework.

3) In fact, pRKHS-DA is a framework of domain adaption
based on RKHS subspace learning, and the rules used
for each subspace learning is optional.

D. MSEpRKHS-DA MODEL
Based on all the above works, we propose a MSEpRKHS-
DA model, which combines MSE criterion and pRKHS-DA
framework.

Given the RKHS (H2, k) generated from the original data
space �0, where k represents the reproducing kernel, the
labeled-well source domain data Xs =

{
xs1, · · · , x

s
ns

}
⊆ �0,

and unlabeled target domain data Xt =
{
x t1, · · · , x

t
nt

}
⊆ �0.

Now, we elaborate the procedure of the MSEpRKHS-DA
model in detail.

1) We first construct the subspace W (1) of H2 via MSE
criterion, and the optimization problem is formulated
as follows:

argmin
W (1)

µ1MSE
(
Y (1)s ,Y (1)t

)
+ µ2tr

(
W (1)TW (1)

)
s.t. W (1)TK (1)W (1)

= Id (11)

where

K (1)
=

k (x1, x1) · · · k (x1, xN )
...

. . .
...

k (xN , x1) · · · k (xN , xN )

 , N=ns + nt
According to section III-B, we get the Y (1)s and Y (1)t
on the optimized subspace W (1). Specifically, the first
term MSE

(
Y (1)s ,Y (1)t

)
is the MSE criterion between

the Y (1)s and Y (1)t , the second term tr
(
W (1)TW (1)

)
is

used to limit the complexity ofW (1).

2) Let �1 = W (1), X (2)s = Y (1)s , and X (2)t = Y (1)t . Then we
use the clustering method ADPC-KNN [30] to label the
Y (1)t data, so we get the labeled data Y (1) = Y (1)s ∪Y

(1)
t .

In order to improve the performance of the domain
adaption classification, we make further efforts to learn
a new subspace W (2) based on W (1). We not only
consider reducing the distribution difference via MSE
criterion, but also consider maximizing LDA

(
Y (2)

)
[31], so that the projected samples with same labels
are as close as possible and the projected samples with
different labels are as far away as possible. And the
optimization problem can be written as:

argmin
W (2)

µ1MSE
(
Y (2)s ,Y (2)t

)
+ µ2tr

(
W (2)TW (2)

)
−λLDA

(
Y (2)s ∪ Y

(2)
t

)
s.t. W (2)TK (2)W (2)

= Id (12)

3) Based on W (2), we repeat the above subspace learning
Eq. (12) that gradually reduces the distribution gap, and
then we get the ideal subspaceW (i) and the correspond-
ing Y (i)s and Y (i)t .

4) Train the classifier on the projected samples Y (i)s , then
use the trained classifier to label the projected samples
Y (i)t .

V. EXPERIMENT
In this section, we have three types of experiments in total:
first, we compare our MSE criterion with the common MMD
and CovM criteria on four dataset; second, we compare
our MSEpRKHS-DA model with seven domain adaption
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FIGURE 2. The headphone samples selected from the four domains in
Office-Caltech10 dataset.

methods on other four dataset; finally, we conduct the abla-
tion studies of kernel function and RBF kernel size for the
MSE criterion.

A. THE COMPARISON WITH MMD AND CovM CRITERION
We evaluate the proposed MSE criterion on four popular
dataset: Office-Caltech10 dataset, handwritten digits dataset,
text dataset, and VLSIC dataset. And we compare our cri-
terion with the popular criteria: MMD criterion and CovM
criterion. The four dataset used all downloaded from this
website address.1 The related instructions of this experiment
are as follows:

1) We use the RBF kernel [25], k (x1, x2) = e−
‖x1−x2‖

2δ2 and
δ = 10, to map samples into the RKHS.

2) The dimension of the RKHS subspace Hs is set to d =
30 for the handwritten digits dataset and d = 100 for
the other three dataset.

3) k-Nearest Neighbor method (knn) is used as the classi-
fier. The principle of knn classifier is that the label of x
is determined by the labels of the nearest k samples, that
is, the label with the most occurrences in the k labels
is the prediction label of x. And the experiments are
carried out on k = 1, 3, 5, 7.

1) OFFICE-Caltech10 DATASET
Office-Caltech10 dataset [29] consists of four domains: Ama-
zon (A), DSLR (D), Webcam (W), and Caltech (C). Each
domain contains 10 same classes, such as backpack, monitor,
headphone and so on. Examples of headphones from A, D,
W, and C domains are shown in Fig. 2.
According to IGLDA [14], the Speed Up Robust Features

(SURF) [26] of this dataset are first extracted; then the SURF
of each domain are normalized. For each domain adaption
classification task, we randomly selected two domains as
the source domain and target domain respectively. In total,
we carried out eight tasks: A→C, A→D, C→A, D→A,
D→C, D→W, W→A, W→C. For instance, A→C means
that Amazon domain is the source domain and Caltech
domain is the target domain. And the results shown in Table 1
and Fig.3 indicate that MSE criterion outperforms MMD and
CovM criteria on Office-Caltech10 dataset.

1https://github.com/jindongwang/transferlearning/tree/mas

TABLE 1. The knn (k = 1,3,5,7) classification accuracy comparison of
MSE, MMD, CovM respectively on Office-Caltech10 dataset.

FIGURE 3. The knn (k = 1,3,5,7) classification performance of MSE, MMD,
CovM respectively on Office-Caltech10 dataset.

2) TEXT DATASET
In fact, the used text dataset is a pre-processed subset of
Reuters-21578 dataset,2 which is divided into three domains:
orgs, places, and people, and each domain contains two
classes [14]. For this dataset, one classification task are set,
that is, orgs domain is the source domain and places domain is
the target domain. And this task is denoted by orgs→ places.
As shown in the Table 2 and Fig.4, the MSE criterion has

better classification performance than the other two criteria
on k = 1, 3, 5, 7. Our criterion achieves the most significant
improvement over MMD criterion on k = 7 and CovM
criterion on k = 3, which is 5.66% higher than MMD
criterion and 4.62% higher than CovM criterion respectively.

2http://www.daviddlewis.com/resources/testcollections/reuters21578/
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TABLE 2. The orgs → places domain adaption classification results of
MSE, MMD, CovM criterion respectively on the text dataset, where orgs
domain is the source and places domain is the target.

FIGURE 4. The classification accuracy of MSE, MMD, CovM criterion in
different k on text dataset.

3) HANDWRITTEN DIGITS DATASET
The handwritten digits dataset consists of MNIST [27] and
USPS [28] dataset with different distributions, which include
handwritten 10 digits from 0 to 9. MNIST dataset contains
70000 sheets of 28 × 28 gray images, and the USPS dataset
contains 11000 sheets of 16 × 16 gray images. Since the
large amount of samples in this dataset and the limited pro-
cessing power of our device, the subset of handwritten digits
dataset is used in following experiments, which consists of
2000 images from MNIST and 1800 images from USPS that
are all randomly selected. Then, some data preparation are
done for this subset, which contain the uniformly scaling
these gray images to 16 × 16 images, and then flattening
each image into 256 dimensional vector. Some examples
of the handwritten digits dataset are shown in Fig. 5. And
MNIST and USPS dataset are taken as source and target
domain by turns. Compared with MMD and CovM criteria,
MSE criterion on MNIST → USPS task achieves 47.14%
and 24.19% improvement in average classification accuracy.
And for USPS→MNIST task, the average accuracy of MSE
criterion is 13.64% higher than MMD and 24.10% higher
than CovM criterion.

4) VLSIC DATASET
The VLSIC dataset consists of 5 domains from different
distributions: VOC2007(V), LabelMe(L), SUN09(S), Ima-
geNet(I), and Caltech101(C). Since the original data have
very high dimension, we firstly applied principal component
analysis (PCA) to reduce the dimension of original data from
4096 into 300. And we only selected the 5 classes shared by

FIGURE 5. The samples from the handwritten digits dataset.

TABLE 3. The classification accuracy of MSE, MMD, CovM in handwritten
digits dataset.

the five domains to conduct the experiments. We have set
up six domain adaption tasks totally: C→L, C→S, C→V,
I→C, I→V, V→L, and the results of these tasks are showed
in Table 4 and Fig.7.

TABLE 4. The accuracy comparison of MSE, MMD, CovM on the VLSIC
dataset.

B. COMPARE MSEpRKHS-DA MODEL WITH SOME
STATE-OF-THE-ART METHODS
Here, we compare our MSEpRKHS-DA model with seven
methods on four real dataset to evaluate its performance.
And these methods are TCA [12], SSTCA [12], IGLDA [14],
TIT [16], CDSPP [20], SDRKHS-DA [19], and LPJT [18].
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FIGURE 6. The classification accuracy of MSE, MMD, CovM on
handwritten digits dataset; (a) MNIST dataset is the source domain, and
USPS dataset is the target domain; (b) the domain setting is just the
opposite of (a).

FIGURE 7. The performance of MSE, MMD, CovM on VLSIC dataset.

And the knn (k = 1) classifier is used. In addition, the
used reproducing kernel is Laplacian kernel k (x, y) =
exp

(
‖x−y‖
σ

)
. For convenience, we bold the highest classifi-

cation accuracy in each task.

1) MSRC-VOC2007 DATASET
MSRC-VOC2007 dataset [32] is a standard dataset for
object classification, including MSRC dataset and VOC2007

FIGURE 8. The samples of the five common categories in MSRC dataset
and VOC2007 dataset.

dataset. The MSRC dataset has 4223 RGB images of
18 objects, while the VOC2007 dataset has 5011 RGB images
of 20 objects. For this domain adaption classification experi-
ment, we select five categories common toMSRC dataset and
VOC2007 dataset: aircraft, bicycle, bird, car, cattle, sheep,
and select 50 images from each category for experiment.
Fig.8 shows the examples of the common categories of
MSRC dataset and VOC2007 dataset.

In the experiment, we record MSRC and VOC2007 as M
and V respectively, and these two dataset are used as source
domain and target domain in turn. Therefore, we totally have
two tasks: M→V and V→M. And the parameter settings of
MSEpRKHS-DA model are: µ1 = 10.0, µ2 = 1.0, λ = 0.4
The dimension of subspace is 40.

TABLE 5. The performance of MSEpRKHS-DA model and the
state-of-the-art methods in MSRC-VOC2007 dataset.

According to the classification accuracy of Table 5, our
model achieves higher classification accuracy than the other
seven methods in M→V and V→M, and the accuracies of
the two tasks are improved by 4.80%−17.10% and 4.00%−
12.40% respectively compared with the other methods.

2) PIE DATASET
There are 40000 32 × 32 gray images in the PIE dataset.3

These images record 68 volunteers’ different postures and
expressions under changing light conditions. In this exper-
iment, we use five subsets of this dataset: PIE05, PIE07,
PIE09, PIE27 and PIE29, where PIE05, PIE07, PIE09, PIE27

3http://www.cad.zju.edu.cn/home/dengcai/Data/FaceData.html
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FIGURE 9. The samples of the used five subsets of PIE dataset.

and PIE29 contain images of the face is towards the left,
the sky, the earth, the front, and the right respectively. And
each subset is treated as a domain. The samples of these five
subsets used in this experiment are shown in Fig.9.

TABLE 6. The classification accuracy of our model and the baseline
methods on 20 domain adaption tasks of PIE dataset.

In this experiment, we set up a total of 20 classification
tasks, and the five subsets are as source domain and target
domain in turn. Each task can be expressed as: source domain
→ target domain. And the parameters of MSEpRKHS-DA
model are set as: µ1 = 1.0, µ2 = 1.0, λ = 4.0. The
dimension of subspace is 150.

From Table 6, we can see that among the 20 clas-
sification tasks in the PIE dataset, the proposed model
has achieved the best accuracies in the 75% tasks. More-
over, the average classification accuracy of MSEpRKHS-
DA is 10.82%, 10.72%, 10.07%, 10.42%, 10.86%, 9.81%,
and 6.41% higher than that of TCA, SSTCA, TIT, IGLDA,
SDRKHS-DA, CDSPP, and LPJT respectively.

3) ORL DATASET
ORL dataset4 is a face dataset, which contains 400 gray
images with 92 ×112 size. In particular, this dataset is com-
posed of 400 images taken by 40 volunteers at different times
and each person took 10 pictures with different expressions.

4http://www.cl.cam.ac.uk/research/dtg/attarchive/facedatabase.html

FIGURE 10. The 10 different expressions of a volunteer in ORL dataset.

FIGURE 11. The 26 images of one volunteer in AR dataset. And 1.a-1.m
represent the images taken in the first day, 2.a-2.m represent the images
taken in the another day.

We number the 10 expressions of each volunteer as A-J.
Therefore, each capital represents 40 images with the same
expression from the 40 volunteers. Fig. 10 shows the 10 dif-
ferent expressions of a volunteer in ORL dataset.

In this experiment, we do some preprocessing for the ORL
dataset. First, because the size of the original image is too
large, we resize the images to 32 × 32, and then vectorize
the resized images. Therefore, after the above processing, the
experimental data are 1024 dimensional vectors. We collect
images fromA and B together as source domain data, denoted
as AB. The remaining C-J are used as eight target domains,
with 40 photos in each target domain. And the parameters
of MSEpRKHS-DA model are set as: µ1 = 10.0, µ2 =

1.0, λ = 0.4. In addition, the dimension of subspace is 20.

TABLE 7. The performance of our model and the baseline methods on
8 domain adaption tasks of ORL dataset.

As shown in Table 7, our model has achieved the high-
est domain adaption classification accuracy except AB→F,
AB→G, and AB→I. But the proposed model has the
highest average classification accuracy, which is increased
by 0.94%, 24.06%, 3.13%, 3.26%, 3.44%, 13.19%, and
13.56% respectively compared with TCA, SSTCA, TIT
IGLDA, SDRKHS-DA, CDSPP, and LPJT.

4) AR DATASET
The AR dataset5 is an important standard dataset in
face recognition. The original AR dataset contains more
than 4000 RGB images of 126 persons. This experiment use
the most common subset of AR dataset, which consists of

5http://www2.ece.ohio-state.edu/ aleix/ARdatabase.html
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2600 images taken by 100 persons on two days and 14 days
apart. Each person takes 13 images each day under the chang-
ing light, face makeup, and expression. So each person has
26 images in total, and the image size is 165 × 120. In this
experiment, we number 26 different photos of each person as
1.a-1.m and 2.a-2.m. The 26 images of one volunteer in the
subset used are shown in Fig 11. 1.a-1.m are the 13 images
taken by the volunteer on the first day, and 2 a-2.m are taken
under the same conditions after 14 days.

We resize each gray image to 60 × 43. According to
Fig. 11, due to the images of 1.a and 2.a are taken under
normal circumstances and have more same facial features,
so 1.a and 2.a are merged into source domain a. For the
remaining images of 1.b-1.h and 2.b-2.h, we collect the
images taken under the same conditions together as one target
domain, so we can get 7 target domains b-h, and each domain
has 200 images. For example, target domain b includes 1.b
and 2.b images from 100 persons. And the parameters of
MSEpRKHS-DA model are set as: µ1 = 1.0, µ2 = 1.0, λ =
0.4. The dimension of subspace is 30.

TABLE 8. The performance of MSEpRKHS-DA and the baseline methods
on AR dataset.

Table 8 shows the results of our proposed model and
seven other methods on 7 different tasks in AR dataset.
According to the results, we can find that in more than
half of the tasks, our MSEpRKHS-DA model is the most
outstanding. And the final average classification accu-
racy of the proposed model is also the best. Compared
with TCA, SSTCA,TIT,IGLDA,SDRKHS-DA,CDSPP, and
LPJT, our model improves the average classification accu-
racy by 2.57%, 60.64%, 20.07%, 1.86%, 1.2%, 13.23%, and
17.64% respectively.

C. ABLATION STUDIES FOR THE MSE CRITERION
Here, we conduct some ablation studies about kernel function
and RBF kernel size for MSE criterion. First, we conduct
the ablation study about kernel function on orgs→places
classification task, where MSE, MMD, and CovM criteria
use different kernels. From the Table 9, we can see that MSE
criterion combined with different kernel functions all outper-
formMMDandCovMcriteria, while theMSE criterion based
on RBF kernel has highest classification accuracy among the
all kernels.

In addition, the ablation experiment about RBF kernel size
δ has been studied. We also conduct the classification task
on orgs→places, where the δ of RBF kernel changes from
10−3 to 103. As shown in Table 10, the classification accuracy
of MSE and CovM criteria varies from the RBF kernel size

TABLE 9. The classification accuracy of the MSE, MMD, and CovM criteria
on different kernels.

δ, but the classification accuracy of MMD criterion does not
change. At the same time, the accuracy of MSE criterion is
always higher than that of MMD and CovM in the process of
δ change.

TABLE 10. The classification accuracy of MSE, MMD, and CovM criteria on
different RBF kernel size δ.

So, the above ablation studies show that our criterion does
have better performance of measuring the difference gap than
MMD and CovM on different kernel functions and different
kernel sizes.

VI. CONCLUSION
In this paper, inspired by the validity of RKHS subspace
transformation, we propose a new and effective domain adap-
tion criterion MSE, which is more valid than MMD and
CovM criteria theoretically and experimentally. And then we
are first to propose the domain adaption framework based
on the progressive RKHS subspace learning pRKHS-DA,
which gradually reduces the distribution difference between
source and target domain by constantly learning new sub-
space. Finally, combining MSE criterion with pRKHS-DA
framework, we propose the MSEpRKHS-DA model. And
the experiment results on four dataset show that our model
outperforms some state-of-the-art methods.

APPENDIX A
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APPENDIX B
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