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ABSTRACT In this paper, we derive accurate outage probability and bit error rate expressions for a
high altitude platform station (HAPS) assisted terrestrial communication system. In particular, HAPS is
deployed as a relay node to assist two ground stations for data transmission. Each ground station-to-HAPS
communication link works on a hybrid radio frequency (RF) and free space optics (FSO) mode. Selection
combining is performed at the HAPS and the destination ground station to select either RF or FSO link based
on the instantaneous channel signal-to-noise ratio (SNR). The accuracy of the derived outage probability
and bit error rate expressions are validated with extensive computer simulations. We further develop an
optimal power allocation scheme that optimizes the transmit power of source-ground-station and HAPS
while satisfying practical energy consumption constraints. The derived expressions provide more insights
on system design and assist analyzing HAPS-terrestrial integrated network supported by hybrid RF/FSO
system.

INDEX TERMS High altitude platform station, free space optics communication, hybrid RF/FSO, outage

probability, bit error rate, power allocation.

I. INTRODUCTION

Compared to radio frequency (RF) transmission, free space
optics (FSO) communication has several advantages. FSO
communications, for instance, can offer high transmission
bandwidth, directivity, and security while operating on unli-
censed spectrum and using less power. Despite these ben-
efits, the FSO link’s performance is frequently limited by
air channel turbulence, which can cause beam scintillation
and hence degrade the end-to-end system’s performance [1],
[2]. Furthermore, mechanical vibrations at the transceiver
nodes cause the transmitter and receiver to become mis-
aligned (known as pointing error). However, unlike FSO
communication systems, RF communication technologies
rarely encounter similar problems.
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There have been numerous contributions in the litera-
ture to alleviate the constraints of FSO links. When RF
technologies are used as a backup infrastructure for FSO
communications, both communication systems complement
each other and results in an efficient and robust system. The
RF/FSO hybrid communication system has been shown to
have a wide range of applications in a variety of communica-
tion networks, including ground-station satellite links, inter-
satellite links, and so on. [3], [4]. Relay-assisted RF-FSO
communication systems have also been proven to be an effec-
tive way to improve the performance of FSO links. [5]-[9],
and [10] study the performance of mixed RF/FSO commu-
nication networks in various cooperative communication cir-
cumstances. An outage probability (OP) for a mixed RF/FSO
amplify-and-forward (AF) communication system was cal-
culated in [7] while considering M -distributed fading for the
FSO link. Moreover, accurate error rate and OP expressions
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were derived in [8] for an asymmetric dual hop fixed-gain
AF cooperative RF/FSO system. The performance analy-
sis framework developed in [8] was extended for decode-
and-forward (DF) communication system in [9]. In [10], a
switching scheme was proposed and the pertinent outage per-
formance was analyzed for a hybrid RF/FSO DF cooperative
communication network. The designed system operates in
the FSO mode when the received signal-to-noise ratio (SNR)
stays over a certain threshold SNR but switches back to
the RF transmission mode when the SNR drops below the
threshold value of SNR [11], [12].

Aerial communication systems [13] have been proposed
by third generation partnership project (3GPP) in its release
17 to be adopted in cellular communication systems for fifth
generation (5G) or beyond 5G (B5G) systems in order to pro-
vide an ad-hoc coverage to ensure the seamless or on-demand
emergency communications [14]. Aerial networks can be
configured with low altitude platform station/unmanned
aerial vehicle (UAV) [15], [16] or high-altitude platform
station (HAPS) [17]. In particular, HAPS has generated sig-
nificant attention in recent years to provide connectivity
services both in rural and urban areas and for achieving
disaster-tolerant network applications [18]-[20]. Due to the
unique properties of the stratosphere, HAPS can stay at
a quasi-stationary position and can contribute significantly
to the goal of ubiquitous connectivity [19]. HAPS is a
quasi-stationary aerial platform that operates in stratosphere
at an altitude mostly in the range of 18-21 km [18]. HAPS
can be deployed both as aerial relays to enhance connectivity
of terrestrial wireless systems and flying base stations to
provide communication to the ground station users [21]—
[23]. In general, HAPSs are deployed in the stratosphere in
such a way so that the line-of-sight (LOS) link between the
transmitter and the receiver is highly achievable [24], [25].
Therefore, the atmospheric turbulence, which is an inherent
and unavoidable detrimental impact in FSO communications,
has lower impact on HAPS.

Motivated by the combined advantages of HAPS and
hybrid RF/FSO links, in this work, we consider the deploy-
ment of a HAPS as the relay node to assist terrestrial com-
munication networks with hybrid RF/FSO systems [26]-[28]
to enhance the network coverage as shown in Fig 1. The
proposed design approach can be considered as a potential
candidate for future integrated aerial-terrestrial networks in
line with the B5SG cellular communication paradigm [29].
In this regard, recently, a HAPS integrated hybrid RF/FSO
communication system has been envisaged in [30], where the
performance of a terrestrial-aerial-satellite uplink communi-
cation network has been investigated by developing end-to-
end symbol error and system OP expressions.

In this article, we consider the integration of HAPS
with existing terrestrial communication systems where the
deployed HAPS will act as a DF [13], [31]-[33] relay node
between the ground stations acting as the source and the des-
tination. We considered DF approach to achieve considerable
better performance than AF at low SNR. In particular, hybrid
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FIGURE 1. DF based dual hop Hybrid RF/FSO communication system for
aerial-terrestrial integrated network.

RF/FSO communication systems [34], [35] are deployed in
both the source-to-HAPS and the HAPS-to-destination links
and selection combining (SC) scheme is applied at HAPS
and destination node [36], [37]. FSO link has practical
limitations like beam alignment, beam wander, scintillation,
and changes caused by receiver’s orientation deviations. The
consequences of such degradation factors are considerable
on long-range FSO links since they are dependent on the
distance. As such, these factors are important to analyze the
HAPS based FSO systems. In the previous works, researchers
have used simple Gamma-Gamma channel model for char-
acterizing the FSO channel which excludes the angle-of-
arrival (AOA) fluctuations of the HAPS. In our study, we have
considered the recent channel model [36] for HAPS based
FSO propagation channel that incorporates all the possible
factors, which may affect an FSO environment. To maintain
the reliability of the system, we have used the RF link as a
back-up for the considered system. Using hybrid link both
at first ground station to HAPS and HAPS to second ground
station provides new insights to our study. The performance
of such system is analyzed in terms of OP and bit-error rate
(BER). The analytical expressions are derived in terms of
Meijer-G and Extended Bi-variate Meijer-G functions. In the
numerical results, the dominating factors of the FSO link like
beam width, instantaneous position fluctuation of the HAPS,
atmospheric turbulence, and the shadowing parameters of the
RF link are discussed. Furthermore to provide an insight-
ful analysis, we have conducted the asymptotic analysis of
the system. Moreover, the closed-form performance-indicator
expressions are developed to design a power allocation algo-
rithm to optimize the power of the transmitter and HAPS in
our study. A similar model is considered in our previous work
in [38], where some initial results are shown.

The contributions of this paper are summarized as follows:

o We propose and analyze a HAPS-assisted terrestrial
communication system where each ground station-to-
HAPS communication link works on a hybrid RF/FSO
mode.
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o To validate the performance of the proposed system,
we derive an accurate system OP and BER expressions
considering commonly used linear modulation tech-
niques while leveraging the derived statistical character-
istics of the instantaneous received SNR of the system.

« In addition, we derive the asymptotic BER and outage
expressions that assist in rapid performance evaluation
by providing insights into system design.

o We develop an optimal power allocation scheme by
exploiting the derived closed-form OP expression. The
proposed scheme jointly allocates the transmit power of
the source-ground-station (SGS) and HAPS by minimiz-
ing the OP while satisfying practical energy consump-
tion constraints.

From the obtained results, we demonstrate that the OP and
the BER performances of the proposed system depends on
different parameters, e.g., different RF fading parameters,
different turbulence conditions of the FSO links, instanta-
neous position fluctuation of HAPS and the beam width of
the transmitter, etc. Moreover, the asymptotic results truly
resemble the derived analytical results for the sufficiently
high SNR region. Simulation results reveal that the derived
optimal power allocation scheme shows more than 3 dB SNR
improvement over the equal power allocation scheme.

The rest of the paper is organized as follows. System
and channel models are described in Sections II and III,
respectively. The OP and error rate expressions are derived
in Section I'V. The statistical characteristics of system SNR
is derived on Section V. The asymptotic analysis and opti-
mal power allocation schemes are discussed in Section VI
and VII, respectively. The analytical and simulation results
of the considered system are shown in Section VIII, and the
conclusions are made in Section IX.

Il. SYSTEM MODEL

In this paper, we consider a HAPS assisted DF based dual-hop
hybrid RF/FSO system, where an SGS communicates with
the destination-ground-station (DGS) via HAPS (see Fig. 1).
The overall data transmission is organized in two phases.
The SGS communicates with the HAPS using a hybrid
RF/FSO subsystem during the first phase, whereas the HAPS
communicates with the DGS using another hybrid RF/FSO
subsystem in the second hop. It is worth stating that SGS
and DGS are assumed to be the components of a terrestrial
communication network. However, we assume that the direct
communication link between SGS and DGS is potentially
hampered by blockage and strong shadowing effects. There-
fore, HAPS works as a relay in DF mode between SGS and
DGS nodes. The hybrid RF/FSO systems incorporate SC
technique, which selects the signal with the best SNR at both
HAPS and DGS. As HAPS works in DF mode, the signal
with higher SNR in SGS-HAPS link is first decoded, then
re-encoded and forwarded to DGS using the hybrid RF/FSO
system. Like HAPS node, DGS selects the signal with higher
SNR in HAPS-DGS link and decodes the signal.
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The RF path for both SGS-HAPS and HAPS-DGS links are
considered to follow Shadowed-Rician fading [30], whereas
the FSO link is characterized by atmospheric attenuation,
Gamma-Gamma (GGQG) distributed turbulence, Rayleigh dis-
tributed pointing errors, and the impacts of hovering fluctua-
tions of the considered HAPS. It is worth mentioning that the
position vibrations of the optical receiver as well as the AoA
fluctuations of the received optical beam are lumped together
in hovering fluctuations. Let us denote the received signal at
HAPS transmitted by SGS via RF link as

YH,r = hixs +ny, (1

where h; represents the Shadowed-Rician distributed channel
gain of the RF link and xg denotes the signal transmitted by
SGS. Furthermore, ny is the complex valued additive white
Gaussian noise (AWGN) with zero mean and variance Unz -

The instantaneous and average SNRs of SGS-HAPS RF link
Py | [? Pr Ellh[*]
2

can be expressed as y,f;, = -7 and I'yy; =

nH . Gn,H ’
respectively. Here, E[-] represents the expectation operator,

E[|h1|1? indicates the average power of LOS and non-line-of-
sight (NLOS) or scattered components of the complex-valued
channel gain, and P,, denotes the RF transmit power of SGS.
Similar to RF, the received signal at HAPS transmitted by
SGS via FSO link is given by

YHf = N181Xs + e, 2)

where 71 is the photo-electronic conversion ratio of the con-
sidered photo detector (PD) at HAPS, g; is the FSO chan-
nel co-efficient, and e is the complex valued AWGN with
zero mean and variance oﬁ - The instantaneous and average
optical-equivalent electrical SNRs of the SGS-HAPS FSO

. P g1
link can be represented as yfo, = -

1P Ellg1|*]
2

and pgpo, =

p , respectively, where P;, denotes the equivalent

electreigal transmit power of SGS node for FSO mode trans-
mission.

On the other hand, in the second hop, the signal received
at DGS originated from HAPS while passed through the RF
link is given by

yp,r = h2Xs + np, 3)

where h; represents the Shadowed-Rician distributed channel
gain for the considered RF link and xs denotes the detected
signal at HAPS. We assume that HAPS node applies appro-
priate error correction coding scheme and hence ensures
error-free detection. Therefore, we assume that xg = xg.
Moreover, np is the complex valued AWGN with zero mean
and variance a,i p- The instantaneous and average SNRs of

2
the HAPS-DGS RF link are denoted by y,5, = Pyl

—4— and

) %n.D
P,y Ellh2|”]
2

L =

G}l,
power of HAf’S. Again, the signal received at the DGS
through HAPS-DGS FSO link is given by

, respectively, where P,, is the transmit

Ypf = M282%s + ep, “4)
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FIGURE 2. Schematic of optical uplink [41].

where 73 is the photo-electronic conversion ratio of the con-
sidered PD at DGS, g, is the FSO channel co-efficient, and
ep is the AWGN with zero mean and variance o2 oD

The instantaneous and average optical- equlvalent electrical
SNRs of the (HAPS-DGS) FSO link are ys0, = 27552 and

%.D

2P, Ellg2)? .
Mfso, = nz'zgf”gﬂ], respectively. Here, P;, represents the

e,D
electrical equivalent transmit power of HAPS for FSO mode
of data transmission. Finally, DGS performs SC and detects
the signal transmitted from the HAPS.

Ill. CHANNEL MODELING
This section explains the considered channel models used for
the RF and FSO links along with pertinent factors influencing
the channel characteristics.

A. RF CHANNEL MODEL

In this work, we consider Shadowed-Rician distribution for
both SGS-HAPS and HAPS-DGS links. This is a generalized
RF fading channel model, which incorporates Rayleigh and
Rician fading models as its special cases [30]. The probability
density function (PDF) of the instantaneous SNR of the RF
link vz, 7 € {1, 2} is given by [30]

QP; QiS2y,f; Q8iyy;
Sy, (V) = —— exp <——" Fi| mi; 1; ——), (5)
T Ty, Ty, Ty,
(thb m )mf
where Q = Q; + 2b;, P; = L , 01 = 2})1,, 8 =
0.5

ETEmre 2b; is the average power of the NLOS compo-
nehts, ; is the average power of the LOS component, 0 <
m; < oo is the Nakagami-m fading severity parameter, and
F1(.; .; .) is the confluent hyper-geometric function [39]. The

cumulative distribution function (CDF) of y,y. using Kummer
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transformation [30], [40] is given by

mi—1

QP Q(Qi—38)yr,
Fy (ri) = }j—,y(kﬂ,— (6)
PITIT La(i — sp@R T Tkr,
k1 k1
. — D181 QY
where i € {1,2}, Y = WW and y(., .) represents

the lower incomplete gamma function.

B. FSO CHANNEL MODEL

H. Safi [41] proposed an FSO channel model that incorpo-
rates four channel parameters into g; namely attenuation loss
gal, atmospherlc turbulence g/, geometric loss g! ol and AOA
fluctuations g af We have considered simplex data transmis-
sion as a point to point communication for the considered
two hops, where the source is connected to destination via
a HAPS assisted DF relay, so the channel model for uplink
and downlink are both characterized by Gamma-Gamma tur-
bulence model. For uplink the turbulence condition is taken
as mentioned in [41], whereas for downlink the turbulence
model is taken as mentioned in the study [42], [43].We have
considered the this model for both the links as it takes into
account the receiver’s position vibrations, pointing jitter vari-
ance induced by beam wander, detector aperture size, and
received optical beam-width into account. Based on these
defined parameters, the PDF of g;, i € {1, 2} is given by [41]:

205,41 753 3

—1
2 Ci, et Cay (2054240
fgi(gi) = (4Oti,3i)csi+l ( 2 )
—p2 —02
2Cerrifia F(Q)V,‘ F(;Vi
(e e
Here, C), = 2(;% )2 Cy = 2/wy, C3; = 2021,-03’ Co =
aj ﬂt
203, (i) 2 i+hi—2C5 2 i
2W5aif) 2 g Cs, = MT% Moreover, T'(-) is

C3 ’
8qa L@l (Bi) ) . .
the Gamma function, §(-) represents the impulse function, r,

corresponds to radius of the receiver with variance o2, o, is
the orientation deviation of the HAPS, and w7 denotes the
beam waist at distance Z as shown in Fig. 2. Scalers «; and g;
denote effective numbers of large scale and small scale eddies
as per GG model for turbulence [41], and Orgy, represents the
angle of field of view (FOV).

Following (7), we obtain the PDF and the CDF of y,, as

C3 _72

R: Cgl—i-lyj \ R;S;8 <C3 — (mel )2>
f)/fsogyfs"i): C3 + 2C 1)( )— ®)
Cs, 2 3 + D(WiVfso;)?
2(C3,4+1) 3’11«,2 i¥fso
Ric3i+1 C5/2
and Fyfml.()/fmi) = c Lo Gy /2 +Si, 9
(C3l‘ + 1) 3i C3,'/Ll' !
2C5.+1C’C3,-C
. ! 1; 4; 2C5i+2+(xi—/3,'
respectively. Here, R, = (4a,ﬁ,)c5 - F( 5 )
*HFOV *"%ovi

X F(w><l —e 203 ) and Si = e 2(73 for i €
(1,2).
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IV. STATISTICAL CHARACTERISTICS OF THE SNR FOR
HAPS ASSISTED HYBRID RF/FSO SYSTEM

As SC is used at the HAPS and the DGS to combine two
received signals via RF and FSO links, the SNR of the signals
received at HAPS and DGS individually is given by

)/T = max(y}’fi’ yf:&‘(),')s (10)

where T € {SH, HD }, SH = source-to-HAPS, HD = HAPS-
to-destination and i € {1, 2}. Hence, the CDF of yr is given
by

Fyr(v) = Fy (V)Fy, (V). Y

The end-to-end (SGS-HAPS-DGS) instantaneous SNR of the
considered DF based dual-hop communication system can be
stated as [9]

Ye = Min(ysy , YHD)- (12)

Lemma 1: The CDF of y, can be represented by (15), as
shown at the bottom of the page.
Proof: The CDF of y, can be expressed as

Fy(y) = 1= = Fyg (¥ = Fyp (). (13)

Now by substituting (11) in (13), we can write the close form
expression for system CDF in (14) as.

Fye()/) = Fyr_fl (V)F}(fsol )+ Fy,fz (V)Fyfmz(y)
Fyy Py, Dy, () ). (14)

Exgloiting (6) and (9) in (14) results in (15), where & =
w [
Lemma 2: The PDF of y for the considered system can be
represented by (17), as shown at the bottom of the page.
Proof:
Differentiating (13) with respect to y,, the PDF of y, can
be expressed as follows:

Fre @) = Fosu V) = Frsr V) Fyin (V) + frup (V)

~yip VI ysu (V)5 (16)

where fyg, (v) Ty, Fvpo, )+ S, WIFy,, (v) and
fyHD(V) = fy,fz F}/wa ) +fyfwz(y)Fy,f2 (y). Now by substi-
tuting (5), (8), and (11) in (15), we obtain (17). |

Note that we exploit F),(y) and f,(y) depicted in
Lemma 1 and 2, respectively to obtain the closed-form
expressions of OP and BER for the considered HAPS assisted
hybrid RF/FSO system in the Section V.

V. PERFORMANCE ANALYSIS

In this section, we derive the closed-form expressions of the
OP and BER for the considered system that help the system
designers to evaluate the performance of the considered sys-
tems while assisting in the design and the optimization of the
communication nodes.

A. OUTAGE PROBABILITY (OP)

We define the OP of the considered HAPS assisted hybrid
RF/FSO system as the probability of the event where the
end-to-end instantaneous SNR y falls below a predetermined
threshold value yy,. In particular, we represent the OP as
P, = Prly < yul, where Pr[A] defines the probability
of an event A. Following Lemmas 1 and 2 results in OP as
represented by (18), as shown at the bottom of the next page.

B. BIT ERROR RATE (BER)
The BER of the considered system can be expressed

using [44] as

P, =

- / TRy, (19)
2F(M) 0 ¢ ¢

where u and v are the modulation specific parameters repre-
senting different baseband modulation schemes as shown in
Table 1. After substituting (14) in (17), P, can be re-written
as

2 Cy+1 G mi—1
Ry i QP
i A ) (R g o))
=1 (C + DS Cyu b0 T
fyg()/)
G G C3+1 G372 .e.5(Ri ( 5
2 QPif% > Q6;y R; W, =t i31+ y 2 RlSla(C:;i‘i’l %01)2)
= Z F_e iF(my; 1; T ) o, +S;| + e, T
=1 R RE: (C3i+1)c3i Gsibtfso; 2 @3+ 1)C3"rbtfsoiT 2(C3’+1)(Fﬂoiy)2

mi—1 QP

G341 &

— L, R0Qi-&)y R;
* };«Qi—&)mkﬁl Xyé"“’ Trr, )}[1_(

mzfl'—l
Yz F QP3_j .
@ +S)< 2 ((Qa_i—aa_osz)fﬁly(”'“’&‘»]'

(C3,+ DS C3,1,° 7i=0
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TABLE 1. BER parameters for various modulation techniques [24].

Binary Modulation techniques u v
Coherent binary frequency shift keying (CBFSK) 0.5 | 0.5
Coherent binary phase shift keying (CBPSK) 0.5 1
Non-coherent binary frequency shift keying (NBFSK) 1 0.5
Differential binary phase shift keying (DBPSK) 1 1

e Fy, (V)Fy, (V) + Fyp (v)

~ 2N ()
X Fy, (V) = Fyp (WFy, (VFy, (V)Fy, (V1dy.
(20)
P, can be further expressed in a simplified form as
Pe=h+1h -1, 1)

where I1, I>, and I3 are expressed as follows:

i =

1,— e
2T (u) ¢ Fyy (V) Fy, (V)y. (22)

where ie{1, 2, 3}.
Combining (6) and (9) in above equation [; can be re-
written as

Ci+1 53

X( RiC3i+1yC3'/2 )(le—:I
2

(C3, + DSy i/ k=0

—1

2 m,
. QP
ki+1,& S; —
: y( i 5)) +11 (,;) (0 — oSt

Xy(k,'-l— 1,§j>>i|d)/. (25)

I; in (23) can be further simplified by converting exponen-
tial and lower incomplete gamma function into their equiv-
alent Meijer-G function by exploiting e™ = G(l) ?(xT())

y(o,x) = G};(x’ 10) and then utilizing [45, Eq

07.34.21.0011.01], as

—%; C3 +1 L—u-3)
=R e ()] ]

C3;

QP
((Qi — 8kl

20 (u)C3,(C3, + DS, >
omsend ()]G 0]

ki+ 1,0
_ m,-—l QP,‘I//
where A.J- = Zk1.=0 T 2
G-function as defined in [45].

(26)

and G’" ”[ ] is the Meijer’s

R yz
Ilj = 2 () v [( : G, > Moreover, I3 can be further expressed as
(C3, + DG, ”
mi—1 op =L +Ly+ L3+ La, 27)
(5 i (e 1a))
o ((Qi — 8n)Q)yfai-1+ where
mi—1 Cy+1 ¢y 2
QP R y G
Si ki+1,&)))|dy. i
" l< Z ((Qi — 8)Q)kai-1+1 y( i+ 5)))] v L 2F(u) < c %
ki=0 ’3 (C3,+ 1) 3 C3i/“L1
(23) 1 -
here j € {1, 2} and, X — (k~+1,$->>>d ,
where j € {1, 2} an (,;)((Qi—(si)ﬂ)k’Hy i i 14
— 1 —vy
L= T e " Fy (VFy, (v) 28)
) F]/rfz (y)Fstoz ()/)dJ/- @4 N oo . Rf31+1yC31/2
After substituting (6) and (9) in (20), I3 can be written as L = 2T () /(; v e_vy( Cs, )
G+l ey 2 (G3, + I)C ! C31M :
u—1 e~V Ri y
L= 2[‘(u)/ V[ ( c3.> my—1 Py
Cs, + DSiCa 1 (k+ 1.8
_ G+ D g ( 2 @ —81>s2>'<1+ly< v g’)
x ( > @ y(ki+ 1,&)) -
ki=0 QPYr
X 82 Z—;QHV ko +1,§ ) )dy,
i miz_l QP o (@2 —82)8)
+ Si( —My(ki+1,§i>)
P P ((Qi — 8)K2)"i (29)
C3,+1 C3,/2 _
2 3t 3;/ m; QP
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l_< ] th +S>X<
C3./2 Z
H]( (5, + DS Cypy ! o

(Qi — spQ)kai 1

V(kZi—l Ll Q(Q; ;&')Vzh))). (18)
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i o] RC32+1)/C32/2
L3 = / yu—le—vy 2 .
2T (w) Jo 3
(C3, + D231,
mp—1
QPY
X ( Z —k+1y(k1 + sz‘)
& (@ = sDh
mp—1
QP
X Sl( Z Py V(kl + 1»§i>>d%
2 (@1 - )@k
(30)
and,
Ly

M|—l
_ W o —VVS< QP1y
st dy 7S ,qZ:O«Ql — st

my—1
QP> Y
ki+1,&))S E ———— v k+1,§ .
X(1+ 5)) z(kz_o«Qz—az)sz)kﬂlV(” 5))”

€1y}

Further simplifications of L; can be accomplished by
converting exponential and lower incomplete gamma func-

tion into its equivalent Meijer-G function by using e™ =

Gé?(x‘ 0), yla,x) = G% é(x . This approach will
incorporate three Meijer-G functlons i.e., one for exponen-
tial function and others for two lower incomplete gamma
function. Then by leveraging [45, Eq 07.34.21.0081.01],
we can write L in the form of extended generalized bi-variate
Meijer G-function. The final expression of L; is given
by (32), as shown at the bottom of the next page. Fol-
lowing the similar approach, Lo, L3 and L4 lead to (33),
(34), and (35), as shown at the bottom of the next page.
Here, Gy, o gs 2[I.1.].] represnts the extended gener-
alized bi-variate Meijer G-function [44]. The closed-form
expression for BER of the considered system can be obtained
by substituting (26) and (27) in (21).

VI. ASYMPTOTIC ANALYSIS

In this section, the asymptotic expressions for OP and BER
are derived in closed-form for the considered hybrid RF/FSO
dual-hop systems. Note that these expressions provide more
insights on the system design. The asymptotic outage prob-
ability expression for the dual-hop hybrid FSO/RF HAPS
system when I'; — oo is given by

P3Y = Fy> (ym), (36)

Here, the asymptotic expression for CDF of the consid-
ered system is obtained by converting lower incomplete
gamma function into its equivalent Meijer-G function using

y(a,x) = G%é(x !

0) and thereby applying [45, Eq
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€q.(07.34.06.0040.01)] in (15) as follows:

ﬁ R_C3i+1,le3 /2
Fiy) =1-— (1—( i +:)
Ye /2
il (Cs, + DC Caypuy
i—1
5 <’"Z Py é_k,+1xr[1 + ki]>>
o (@i = sp@)ftt I+k )]

(37

The asymptotic BER expression can be obtained by putting
asymptotic CDF i.e., (37) in (19) as [8], [44]

asy __
P, =

1 —Vy asy d
2T [u] e v (Ye)dy

8
=Y B (38)

i=1

where

o)
u—1_—vy p/.,C3,/2
e VP y¥/ed
21—,[“]/0 14 4 14

wt P ot
wP (1 7 T2 Cs,
=l Clu+ —2

2] 2 +ky+ 1] x

k2 +1’
(39)

By, =

o
v+ky—1 - Z/d
s [ yretesiziay

$,7' (1) TRt
= Vz“rzu]( ) Clu+ ks + 1] x

1
— 40
P

B; = u+k1+1—le—vyyC3|/2dy

2F[u]

VuxZ 1“+T+"‘+1 C3, 1
u

- Tlu+ —L 4k ,
2F[u]<) [+ =5 k41T x ki+1

(41)

o
By = / YMIxZ x X'Z/ e dy
0

2T [u]

vuxe’Z/(1>M 1
=22 (2) M) —0 (42)
2[u] \v (k1 + D2 + 1

oo
M—-1 Izl —V

AW vd

2F[u]f0 14 XLy L e 4

vuny/Z’<1)M
—— (- ) TM] X —m———,
2] \v (k1 + Dka + 1

()
u -1 —
7 u+ki+1-1 vvd
T[] /0 y£y e Y

vaovZ (1 u+k1+1r[ k] 1
= - u X 3
2T [u] ! ki + 1

Bs =

(43)

Be =

(44)

B; = M=1y'7'yvze™"" dy

2T [u]
_wx'Z'yZ (1

—> ''M] x —, 45)
2Tl \v (i Dk + 1
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and
Bs = 7Zy'Z e V" d
8 2””] “xyzy'Z'e™ dy
Z’Z’ 1
- M(-) F[M] X ——————. (46)
2I'[u] \v (k1 + Dk + 1
C3 +1 C31/2
In B,k € {1,2}, x = —1 ¥ Ly = Si,xp, =

(€3 +DP1 sy !

. _ yvm—l QPYTk+1]
Y =82 = Yl (@ —sn@Fitt X

C3,+1 3 12
3 3
R2 y 2

[& [&)
(Ca,+1)32C3 g 2

ki1 _ (Q,-f(S,-)Q ;_ ~m—1 QP yTlk+1] ko+1
x .4 = »Z Zkz OC((Q2 —8,)Q)f2t1 X &
gy = @i ‘3)9 andM_u+ 3‘—i— L+ ki + o+ 2.

Vil. OPTIMAL POWER ALLOCATION FOR HAPS AIDED
RF-FSO SYSTEM

In this section, we exploit the derived closed-form
performance-indicator expressions to develop an optimal
power allocation (OPA) algorithm that jointly optimizes the
transmit power of SGS and HAPS while satisfying individual
and total power constraints. The developed power alloca-
tion framework is general enough to incorporate per node
or network-wide power budgets depending on the system
requirements. Our objective is to formulate an optimization
framework while leveraging the derived OP expression and
thereby solve the problem in polynomial time so that the
solution algorithm can compute optimal transmit powers for
SGS and HAPS in real-time data transmission. We assume
SGS is the central node' of the hybrid RF/FSO network
that collects all the pertinent information and statistics from
HAPS and DGS through the control channel to calculate
the derived OP in (36). Once collected, SGS applies the
OPA scheme, calculates the optimal transmit powers (of
RF and FSO links) for itself (SGS) and HAPS, and then
broadcasts this information (optimal transmit power) prior
to data transmission.

THAPS and DGS can run OPA scheme as well in the considered system
model.

A. PROBLEM FORMULATION FOR OPA

In particular, we minimize the derived asymptotic OP P>
in (36) by optimally allocating RF and (electrical equivalent)
FSO transmit powers of both SGS and HAPS. We formulate
an optimization problem as follows:

min P 47
[Py, Piy sPry Py 120
s.t. Pr <E, (48)
Py < E, (49)
Py, < Ey, (50)
P, <E,, (51)
P, + Py < E, (52)
Pr, + Py, < Ea, (53)
Py, +Py +P,+P, <Er, (54)

where E,,, E;,, E,,, and E;, represent the maximum power
budget for RF transmitter at SGS, FSO transmitter at SGS,
RF transmitter at HAPS, and FSO transmitter at HAPS,
respectively. Moreover, Ey, E», and E7 denote the total max-
imum power budget at SGS, total maximum power budget at
HAPS, and total power budget for SGS and HAPS, respec-
tively. It is worth mentioning that the solution of problem
(47)-(54) results in optimal transmit power of RF and FSO
transmitters for SGS and HAPS, i.e., P¥ , P* and P*

ry* T o tl’

B. SOLUTION APPROACH FOR OPA

Note that objective function (47) and constraints (52)—(54)
can be classified as posynomials, whereas constraints (48)—
(51) are regarded as monomials [46], [47]. Therefore, the
optimization problem defined in (47)-(54) can be classi-
fied as a geometric program [46]. It is worth pointing that
any geometric program can be converted into an equiva-
lent convex optimization problem by applying logarithmic
transformation via change of variables [48]. Once trans-
formed, the equivalent convex optimization problem can
be solved optimally and in polynomial time complexity
using well-defined and robust algorithms, e.g., interior-point
method, gradient-descent approach, etc. [48]. We leveraged

_ C3,+1 C3,+1 &
L =9 C31A1A2<< R X( R," ) o GOLLILT (V)‘l—u—% 1 32)
- 2 1,0:1,2:1,2
20 NC3, + D61 3y NG, + 1) Oy (%) kil 0Tkt 1.0
7C3 C 1 r E —_
VTIAIAZ R13|+ 0,1:1,1:1,1 (71) 1—u-— 0.503 1 1
L= " Ga%2 ) X Clonaiz | ko + 1,0k +1,0[" 53
(C3, + D1 Cay (72) 2+ 1,0]k + 1,
-G C3,+1 (& ]
VTZAIAZ R232+ 0,1:1,1:1,1 (71) 1—u-— 05C3 1 1
b= "rw & o, 2% ) X Clonziz | o ki+1,0/k + 1,0 G4
(C3, + D)2 Caypay ™ (2) 1+ 1.0k + 1,
ALA (S—'> 1 1 1
142 0,1:1,1:1,1 v —u
_ 818y x GUELLL : 35
()12 U022 (g)‘ ki+1,0[k 41,0 (35)
v
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FIGURE 3. OP vs. average SNR for single FSO, RF and hybrid RF/FSO
system.
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FIGURE 4. OP vs. average SNR for different RF shadowing parameter.
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FIGURE 5. OP vs. average SNR for different values of angle of deviation
o4 and beam width ;.

open-source tool, CVX on MATLAB platform [49] to solve
the geometric program for the proposed OPA scheme in
Section VIII. The optimal transmit powers can be calculated
once in every coherence-time or once in the order of multiple
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FIGURE 6. Asymptotic analysis for OP as a function of average SNR.
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FIGURE 7. BER vs. average SNR for both strong and moderate turbulence
condition and different shadowing parameters.

coherence-time intervals depending on the system require-
ments. It is worth mentioning that the defined optimization
problem represents a large class of power allocation problems
by adopting different values of E,,, E;,, E,,, E,, E1, E>, and
Er. For instance, if SGS and HAPS have enough sources of
energy, E, , Ey,, E,,, E;,, E1, and Ey possess very high val-
ues and thereby constraints (48)—(53) can be discarded from
optimization problem (47)-(54). On the other hand, if SGS
and HAPS are designed to operate independently, constraint
(54) can be removed from the optimized framework.

VIil. NUMERICAL RESULTS

In this section, the analytical expressions derived in the pre-
vious section for HAPS assisted dual-hop hybrid RF/FSO
communication system are evaluated and validated by Monte
Carlo simulations. In MATLAB, there are 10° samples used
per simulation to generate the simulated results.The system
performance is evaluated in terms of systems OP and BER.
In particular, we study the impact of different system param-
eters e.g., RF fading, FSO fading, angle of deviation, beam
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FIGURE 8. BER vs. average SNR for different modulation schemes.
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FIGURE 9. Asymptotic BER as a function of average SNR.
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FIGURE 10. OP vs. average SNR for optimal and equal power allocation
schemes. OPA and EPA stand for optimal power allocation and equal
power allocation, respectively.

width, etc. on outage and error rate performances in this
section. Here, we set the variance of AOA o, = 16 mrad, the
beam width at the transmitter w, = 0.6 m, the instantaneous
position fluctuation of the HAPS o; = 0.4, the FOV of the
receiver Orgy = 75 mrad and 2, = 0.6m for producing
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FIGURE 11. OP vs. average SNR for optimal and equal power allocation
schemes with different shadowing parameters.

different numerical results, as the link performance is sen-
sitive to the amount of the receiver FOV. For given AOA,
we considered the optimal value of FOV to achieve minimum
outage and BER for a given orientation deviation. Moreover,
we set the aperture radius of the FSO system, r, = 5 cm,
the orientation deviation, op = 15 mrad and the link length,
Z =20 km.

In Fig. 3, the OP vs. average SNR is plotted for single RF,
single FSO, and the hybrid RF/FSO system. In this figure,
our objective is to compare the performances among different
configurations of RF and FSO links. Here, we observe that the
hybrid system results in a better performance compared to the
single RF or FSO schemes over the entire range of considered
SNR. The objective of this comparison is to demonstrate the
effectiveness of hybrid RF/FSO system.

In Fig. 4, the OP of the considered HAPS associated
hybrid RF/FSO system for different RF fading parameters are
evaluated. All the simulated results confirm the theoretical
outcomes over the considered range of average SNR. In this
figure, we have considered strong turbulence condition for
the FSO signal for both SGS-HAPS and HAPS-DGS links.
Precisely, we set @; = 4.2 and §; = 1.4. We consider
three scenarios of RF fading by changing b;, m;, and w;,
i € {1, 2}. It is evident from Fig. 4 that the system is in more
outage when we consider the heavy shadowing as compared
to the average and light shadowing. It is worth pointing out
that in case of heavy shadowing, the presence of multi-path
components are more prominent than the presence of the LOS
component.

Fig. 5 shows OP vs. average SNR while considering dif-
ferent FSO channel parameters, i.e., instantaneous position
fluctuation of HAPS o, and the beam width of the transmitter
w,. The atmospheric turbulence for FSO signal is considered
to be strong (¢« = 4.2 and B8 = 1.4) and the RF signal
undergoes heavy shadowing (b; = 0.063, m; = 1 and
©; = 0.0007) in this case. From Fig. 5, it is evident that the
OP of the system increases when the instantaneous position
fluctuations of the HAPS increases. The figure shows that
the OP of the system also depends on w,, and increasing w,
does not necessarily decrease the system outage. Moreover,
we observe from Fig. 5 that the effect of beam wander on
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the OP is significant at low SNR. For example, in case of
10 dB SNR, the outage probabilities of the system are 5.97 x
1072, 6.76x1072,7.95%x 1072, and 4.7 x 10~ for (04, w,) =
(0.4, 0.6), (0.4, 0.8), (0.6, 1), and (0.8, 2), respectively.

In Fig. 6, we validate the developed asymptotic expressions
for OP for sufficiently high average SNRs. It is worth pointing
out that the asymptotic expressions of OP and BER assist
the system designers for more intuitive analysis. In Fig. 6,
we have obtained the asymptotic results for OP by varying
different RF fading parameters and FSO turbulence parame-
ters. Moreover, it is evident from the figure that at high SNR
the asymptotic results match with the analytical results.

Fig. 7 shows the BER vs. average SNR of the considered
HAPS associated hybrid RF/FSO system for different atmo-
spheric turbulence conditions of the FSO systems and differ-
ent shadowing parameters of RF links for both SGS-HAPS
and HAPS-DGS links. For all the considered cases in this
figure, we have incorporated the moderate and heavy shad-
owing effects for the RF link. It is observed from Fig. 7
that the system yields a better performance in case of weak
turbulence as compared to the strong atmospheric turbulence
while considering moderate shadowing effect.

Fig. 8 shows the BER vs. average SNR of the consid-
ered HAPS associated hybrid RF/FSO system for different
binary modulation schemes e.g. CBFSK, CBPSK, DBPSK,
and NBFSK. Recall that u and v in Table.1 represent the mod-
ulation specific parameters. In this figure, we have considered
the moderate shadowing effect for the RF link and strong
atmospheric turbulence for the FSO link. It is evident from
the figure that CBPSK yields the lowest BER amongst all the
considered modulation schemes.

In Fig. 9, the asymptotic results for BER of the considered
system is obtained for different binary modulation schemes.
The FSO turbulence parameter is considered to be strong and
RF fading is considered to be heavy shadowing. It is observed
from the figure that the system shows better performance
while considering CBPSK modulation scheme. Moreover, the
asymptotic result match with the analytical for high average
SNR values.

We show the effectiveness of the proposed OPA scheme
developed in Section VIl in Figs. 10 and 11 by demonstrating
the OP (calculated based on optimized transmit powers) as
a function of average SNR. In particular, we compare the
performance of the OPA scheme with equal power allocation
(EPA), which is adopted as a baseline scheme for the con-
sidered system. In EPA, we set equal transmit powers for RF
and FSO links for SGS and HAPS nodes without applying
any optimization scheme. Our objective is to show a practical
application of the derived performance analysis tools (e.g.,
OP expression) and thereby to demonstrate the advantages
of OPA scheme in optimizing the system performance. For
the considered use-case, we assume that the total power
budget is 7 W. In particular, we set E;; = 0.0149 W and
E;,» = 0.0117 W for the FSO links and E,; = 3.8981 W
and E,, = 3.0753 W for the RF links while evaluating
OPA scheme. While considering the EPA scheme we assume
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that the total power budget is 7 W as well (to accurately
compare OPA with EPA) and hence we allocate equal power
to the all links, ie., E;y = Eyp = E,1 = Epp = 1.75 W.
In Fig. 10, we have obtained the results for both OPA and EPA
by varying the beamwidth at the transmitter w,. Moreover,
the strong turbulence for FSO links and heavy shadowing
for the RF links are assumed for the considered use cases.
In case of Fig 11, the OP for OPA and EPA is obtained
by varying the RF shadowing parameters. The FSO turbu-
lence parameters are considered to be strong in this case.
‘We observe that for all the considered use cases, OPA scheme
yields lower OP as compared to EPA over the considered
range of SNR. Also, we achieve more than 3dB gain with
the developed OPA scheme over the baseline EPA scheme.
These findings demonstrate the effectiveness of the proposed
OPA for different use cases and make it a strong candidate for
power allocation in the considered hybrid RF/FSO system. As
described in Section VII, the proposed OPA scheme requires
a geometric program to solve [46] and the program can be
solved in polynomial time complexity, the proposed power
allocation scheme can be readily implemented in real-time
data transmission.”

IX. CONCLUSION

HAPS has generated significant attention in recent years
to improve the connectivity services in terrestrial networks.
In this article, we have presented the mathematical model to
verify the OP and BER performances of a HAPS assisted
dual-hop hybrid RF/FSO communication network, where
HAPS works in the DF mode to assist two ground stations
of the terrestrial network. We also investigated the optimal
power allocation scheme for the proposed model. SC is per-
formed at HAPS and DGS to select the better communication
link (in between RF and FSO link) that yields better local
channel state information. While deriving the OP and BER
expressions, we obtained closed-form expressions of the
PDF and the CDF of the end-to-end instantaneous channel
SNRs for the considered system. Simulation results confirm
the accuracy of the proposed analytical results. From the
obtained results, it is observed that the OP and the bit error
rate (BER) performances of the proposed system depends
on different parameters, like different RF fading parameters,
different turbulence conditions of the FSO links, instanta-
neous position fluctuation of HAPS, and the beam width of
the transmitter, etc. Moreover, the asymptotic results truly
resembles the derived analytical results for the high SNR
region. Additionally, the derived optimal power allocation
scheme shows more than 3 dB SNR improvement over the
baseline equal power allocation scheme.

2For instance, the proposed optimization approach is applicable in fourth
generation (4G) long-term evolution (LTE) or 5G new radio (NR) communi-
cation systems, where the transmission time interval (TTI) for resource block
allocations are in the order of milliseconds.
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