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ABSTRACT This paper considers the problem of user subset (US) selection for minimizing the bit
error rate (BER) of multi-user space-time line code (MU-STLC) multiple-input multiple-output systems
with fairness-aware per-user power allocation. The optimal selection criterion suitable for MU-STLC
transmissions based on zero forcing (ZF) precoding is given and two efficient algorithms are then proposed.
First, an incremental search approach is presented for US selection in the MU-STLC systems. The proposed
suboptimal solution to BER minimization starts an empty US and adds users one by one, where the low-
complexity recursive computation of the block matrix inverse is further performed. Second, by avoiding
recurring matrix computations in each incremental procedure of the first algorithm, a more efficient
algorithm is developed. It is observed through simulation results that the proposed incremental-based
algorithms achieve most US selection gains with very low complexity. In addition, it is demonstrated that
when there are N7 transmit antennas, U users (each user has 2 receive antennas), and K selected users, the
achievable upper diversity order of the ZF precoding-based MU-STLC systems with optimal US selection
is given as 2(Nt — K + 1)(U — K + 1). The analytical diversity order is well-matched with simulation
results.

INDEX TERMS User selection, multiple input multiple output (MIMO), precoding, multiuser diversity,

space-time line code.

I. INTRODUCTION

Recently, a space-time line code (STLC) in [1] has been
designed as a novel transmission approach. In a STLC
scheme achieving a full spatial diversity gain, two infor-
mation symbols are encoded by channel gains coming
from multiple receive antennas and are sent consecutively
in time [1]-[3]. It requires the perfect knowledge of the
full channel state information (CSI) at the transmitter
and utilizes a simple STLC combining structure with-
out CSI at the receiver. Furthermore, a multi-user (MU)
STLC system, which can simultaneously deliver multiple
STLC streams to multiple users, has been proposed for
multiple-input multiple-output (MIMO) downlink transmis-
sions [4], [5]. By employing a zero-forcing (ZF) pre-
coder, the MU-STLC system with fairness-aware per-user
(FAPU) power allocation has been shown to be capable
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of offering near optimal performance in terms of the sum
achievable rate.

In wireless communication systems, the number of down-
link multiple users (U) is often larger than the number of
transmit antennas (N7) and/or the number of users that can
be served at the same time. Then, the base station has to
perform user subset (US) selection based on the CSI of
all the available users in an MU MIMO communication
system where ZF-based precoding is employed in downlink
transmissions [6]-[15]. The optimal US selection can be
performed by using an exhaustive search, but due to its
impractical computational complexity, the development of
efficient suboptimal selection algorithms has drawn great
attention. Several suboptimal US selection algorithms fall
into two categories such as incremental search-based algo-
rithms and decremental-based algorithms. In [7], suboptimal
greedy US selection schemes based on ZF dirty-paper (DP)
precoding and simple ZF beamforming without DP coding
have been considered for wireless broadcast channels. Since
the linear ZF precoding has many advantages over DP coding

47687


https://orcid.org/0000-0002-4048-2177
https://orcid.org/0000-0003-0619-0338

IEEE Access

S. Kim: Efficient User Subset Selection for Multiuser Space-Time Line Code Systems

in practical systems, much of the existing US selection
algorithms are based on ZF precoding. In [8] and [9],
a semi-orthogonal US (SUS) selection algorithm has
been developed under a ZF beamforming strategy. Low-
complexity SUS incrementally selects a new user with the
largest effective channel norm that is nearly orthogonal
to the channels of the other selected users. In [11],
a decremental US selection algorithm based on ZF beam-
forming has been proposed when the number of users
is less than the number of transmit antennas. In [12],
a novel greedy US selection procedure with swap has been
presented.

Although various US selection schemes have been pre-
sented for MU MIMO transmissions, they are unsuitable
for the MU-STLC MIMO systems owing to different
transmission methods. To the best of our knowledge, no study
has been previously made for US selection in the MU-
STLC systems. Moreover, previous works on US selection
for different MIMO systems have mainly focused on the
problem of achieving the maximum sum rate. Although
the sum achievable rate could be employed as an US
selection criterion in terms of information-theoretic point of
view, it would be more practical to use a minimum error
probability for a given modulation scheme and a MIMO
detector [16], [17]. It should be noted that one key problem
in US selection is to optimally design a proper selection
criterion.

In this paper, an US selection criterion suitable to the
ZF-based MU-STLC MIMO systems with FAPU power
allocation is first presented to minimize the bit error
rate (BER) performance. It has been shown in [4] that the
FAPU power allocation in the MU-STLC systems is able
to offer fairness in terms of allocated power as well as
low-complexity power allocation. Thus this work assumes
a simple FAPU power allocation. Efficient incremental
search-based suboptimal algorithms are proposed to greatly
reduce the computational complexity of the optimal US
selection algorithm. Furthermore, the original SUS selection
algorithm of [8] with low-complexity is not suitable for
the MU-STLC transmission systems. It should be adapted
for use by MU- STLC systems. Therefore, we present a
modified SUS algorithm with lower complexity for MU-
STLC, which is simulated as a benchmark for compar-
ison with the proposed incremental-based US selection
algorithms. By exploring an analytical bound on pairwise
error probability (PEP), the achievable diversity order is
derived. We demonstrate that the ZF-based MU-STLC
MIMO systems with FAPU power allocation can achieve
an upper diversity order of 2(Ny — K + )(U — K + 1),
where K users are selected, which simultaneously achieves
both receive/transmit and MU diversity. Simulation results
verify that the achievable diversity order matches well with
the analytical one. The analytical and numerical results show
that the proposed incremental US selection strategy can
efficiently decrease the computational complexity to yield
an US.

47688

The main contributions of this study are summarized as
follows:

« The efficient US selection algorithm based on the incre-
mental search approach is developed for the MU-STLC
systems. Another proposed incremental US selection
can reduce efficiently the computational complexity by
exploiting the orthogonal STLC encoding structure as
well as the recursive block matrix inversion operations.
To our knowledge, the proposed efficient US selection
algorithms are the first efforts in the MU-STLC systems
to provide a low computational complexity.

o The computational complexity of the proposed US
selection algorithms is analyzed and compared to the
optimal and conventional SUS selection schemes.
The complexity comparison proves the efficiency of
the proposed algorithms.

e The overall diversity order achieved in the ZF-
based MU-STLC system with optimal US selection
is analytically provided and verified by simulation
results.

The remainder of this paper is organized as follows.
In Section II, a system model for the MU-STLC transmission
with US selection, based on the ZF precoder, is briefly
presented. In Section III, three efficient US selection algo-
rithms for MU-STLC systems are presented together with the
computational complexity analysis. The achievable diversity
order is analyzed in Section IV. The simulation results are
presented in Section V. Finally, some conclusions are drawn
in Section VL.

Notation: Throughout this paper, the boldface lower-case
and upper-case letters represent the vectors and matrices,
respectively. We use the superscripts (-)*, ()7, and (-)"
to denote the complex conjugate, the transpose, and the
Hermitian transpose operations, respectively. #r(-) and (-)~!
represent the trace operation and inverse operation, respec-

tively. E[-], |||, and ||-]| denote the statistical mean, the
Euclidean norm, and the Frobenius norm, respectively. I,;x,
0,xm, |-|, and Q(-) are the n x n identity matrix, the n

X m zero matrix, the absolute value, and the Q function,
respectively. In addition, X(k : k + 1, :) denotes the k-th and
(k + 1)-th two row vectors of matrix X. X([1 : 2k — 2)
2k + 1 end], :) represents the remaining submatrix
obtained by deleting the (2k — 1)-th and 2k-th two row vectors
in matrix X.

Il. SYSTEM MODEL OF MU-STLC WITH
US SELECTION
We consider a downlink MU-STLC time division
duplex (TDD) system, which has Nt transmit antennas and U
users. Each user has two receive antennas for STLC [1]-[6] as
shown in Fig. 1. In this work, it is assumed that K (<U) users
are selected from the U users. Let x; ; be the #-th transmitted
symbol of the k-th user, with E [Xk,lef,,] = axz. Then the
MU-STLC signal matrix is defined as

Us =[u w] 2 WsXe V2 ()
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FIGURE 1. Block diagram of an MU-STLC TDD system with user subset
selection.

where w, = [u1, up;--- uny 7 € CN>1 ¢ = 1,2, with

ups, b =1,2,---, Nr, denoting the (b, ¢)-th element of the

matrix WgX and
X=X X Xg)T e X2 )

Xk, 1 Xk,2
Xi = [_x; o } e C? 3)
k,2 k,1

and Wy € CN7*2K i5 the MU-STLC precoding matrix for all
users such that ||W5||12.; =1.
The received signals with US selection are represented as

r] 1] =HsUs +Z e c?K*2 )

T T r 1" 2K x1
where r;, = ry T, - th] e C**'. Here
re = |, r,gt] e C?*! is the received signal vector

where r, is the received signal at the a-th receive antenna
of the k-th user at time 7. Hg € C*X*NT denotes the channel
submatrix obtained by selecting K users from the full channel
matrix H = [H]T Hg e HE]T € C2UXNT whichis assumed
to be perfectly known at the transmitter. In TDD mode,
channel reciprocity between uplink and downlink channels
can be exploited to estimate the CSI by using the pilot/training
signals from all the available users [4], [18]. Here
H, € C2*Nr_yy =1,2,--., U, is a channel matrix between
all transmit antennas and each user, which is static for t = 1
and + = 2, and whose elements are independent and
identically distributed (i.i.d.) circularly symmetric complex
Gaussian random variables with zero mean and unit variance.
Z=1[2127, - Zx]" € C*2 with Zy = [z1 7] € C**?
and z, = [z1; 22417 € C**!, ¢t = 1,2, is an i.i.d. additive
white Gaussian noise (AWGN) matrix whose elements are the
zero-mean circular complex white Gaussian noise component
of a variance of ozz.
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For the MU-STLC decoding, the received signal matrix of
(4) is re-expressed in a linear form as [5]

r= [rlT rg]T

HsW

= [(HSWSS)*SQZK]X+ZE C4KX1 (5)

where
X2 X1 X2 - Xkl Xko xe1 xial”
(6)
Q2x = blkdiag{Qa, -+, Q) € R2Kx2K ™

0 -1

Q= [1 0 } ®

and z € C*>1 i5 the AWGN vector with E[z 2/ ] = O'Z214K.

By the simple STLC combining procedure at the receiver,
which is described in [5], user k conducts STLC combining as
re1 + Qg rz’z. Therefore the MU combined-STLC received
signal vector can be given as

y= [Izksz Q§K] r

= HsWyx + 2/ € C2Kx1 9)

where the expression (5) is used and
Hs 2 [Hy QIcHS| e c2oav (10)
Wy 2 [WhQhwl] ecraan

and the combined AWGN vector zZ € CZK*! follows the
distribution CA(02k x 2, 20 2ok x2k ). Here the MU-STLC
ZF precoding matrix W can be given by

Ws = BsHY (HHY)~! (12)

where the power normalization factor related with the
selected US is given as

Bs = (13)

tr I:(I:Isﬁgl)fljl

Ill. US SELECTION ALGORITHMS

In this section, we present optimal and two suboptimal
incremental US selection algorithms for the ZF-precoded
MU-STLC systems. It can be easily shown from (9) that
maximizing the received signal-to-noise ratio (SNR) of the
ZF-precoded MU-STLC systems is equivalent to maximizing
the term ,5§ of (13). It is pointed out that the US selection
design objective of max ,5§ is identical to minimizing the
error probability from the PEP expression (55), which will
be presented in section IV. Then the optimal US selection
algorithm for the ZF-precoded MU-STLC system can be
described as

arg min
Se{Sp.n=1,2,--,c¥}

Sopt = tr [(ﬁsﬁg’ )—1] (14)
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where S, is the n-th enumeration of the set of all available
USs. Here C ,l(] is the total number of combinations of
selecting K users out of U available users. Obviously, the
exhaustive search algorithm to solve (14) requires C }(] matrix
inverse operations, whose computational complexity is huge,
especially when the number of all the possible USs is large.
To evaluate its computational complexity, we take account
of the number of real multiplications (RMs) and the number
of real summations (RSs). Here a complex multiplication
corresponds to 4 RMs and 2 RSs whereas a complex
summation employs 2 RSs. By performing the similar
computational complexity analysis used in [6], [19]-[23],
they are given as

N(ﬁ‘/{mal = C[[(](16NTK2 + 8NTK + 16K3 + 24K2) (15)
N(ﬁiimal = C{(16N7K? + 8N7K + 16K + 24K* — 2K)

(16)

It should be pointed out that US selection algorithms are
closely coupled with an employed transmission method.
The conventional low-complexity US selection algorithms
are based on the channel Hg(or H), not ﬁs(or ﬁ) and
thus unsuitable for US selection in the MU-STLC systems.
Because of the difference between two channel matrices of
Hg € CZKXXNr and Hg € C2K*2NT they are inappropriate for
direct use in the MU-STLC systems. The succeeding efficient
US selection algorithm (Algorithm 5 in subsection III.D)
designed for the MU-STLC systems by effectively utilizing
the orthogonal STLC encoding structure of the definition (10)
in this work is distinct from the conventional US selection
algorithms.

Algorithm 1 Original SUS Selection

Inputs: H, U, K

LW = 02pxn;

2:fori=1:K

3: forj=1:(U—-i+1)

4 T = Oy <Ny

5 for p=1:(G—-1)

6: O=¥v2p—-1:2p,)

7: T=T+07ee")'e

8: end

9: F2j—1:2j,)=HZj—1:2j,)Inyxny = T)

10: o =tr(F(2j — 1:2j, )F7(2j — 1:2j,2)
11: end

12: v(i) = arg max {o1, @2, -+ , ¢y—it1}

13: Hg2i —1:2i,:) =HQRv(@E) — 1:2v(i),:)
14: WQ2i—1:2i,:) =FQv@Q) —1:2v3Q),:)
15: H=H(1:2v(i) —22v(i) + 1 : end], :)

16: end

Output: Hg

A. ORIGINAL SUS SELECTION ALGORITHM
The semi-orthogonal US selection method with the full
channel matrix H € C2?Y*NT originally proposed in [8]
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Algorithm 2 SUS Selection for MU-STLC
Inputs: H, Q2y, U, K
1: H=[HQ}, H*]
2: W = O0ap 50wy
3:fori=1:K
for j=1:(U—-i+1)

4
5 T = Oy xony

6: forp=1:G@—-1)

7 O=V2p—1:2p,)

8 T=T+6"©6")16

9: end

10 FQj— 1:2j,)= I:I(2j~— 1:2j, )Ty sony —T)
11 o= r(FQ2j—1: 2, OFF (2 — 1:2), )

12: end

13: v(i) = arg max{oy, @2, -+, Xy—it1}

14: Hg(2i — 1:2i,:) = H2v(i)) — 1 : 2v(i), 2)

15: W(2i —1:2i,:) =FQv(i) — 1:2v(30), )

16: H = H([1 : 2v(i) — 2 2v(i)) + 1 : end], ;)

17: end

Output: Hg

can be described as Algorithm 1, termed as SUS. It can
incrementally find K best users with large channel gains that
have also a good level of orthogonality. In the i-th iteration,
the components of channel vectors, {H(2j — 1,:), H(2j, 1)},
of the j-th user orthogonal to the subspace spanned by {W¥(1, :
), W(2,:), -, ¥(2i—1,:), ¥(2i,:)} can be obtained by [8]

i—1
F2j—1:2j,)=HZj—1:2,:) | Ingxny — ZTP
p=1
(17)

where

_ wH2p—1,)%2p—1,:)
Ie@p — 1.9

W (2p, )W (2p, :)
e (2p, )II?

p
(18)

and W(2p —1:2p,:) =H2v(p) — 1 : 2v(p), )Inyxny —T)
has been computed at the (i — 1)-th iteration as presented in
lines 9, 12, and 14 of Algorithm 1. Note that each user in the
MU-STLC system has 2 receive antennas. That’s why two
channel vectors are selected for each user at any given time.
It is noted that Algorithm 1 does not force semi-orthogonality
among users for simple use and comparison. It means that
we do not adopt the step of measuring the orthogonality of
H®2j—1:2j,:)and ¥(2p — 1 : 2p,:) and comparing it to
a predetermined threshold, which has been employed in [8].
It is shown in Section V that the modified low-complexity
SUS selection algorithm (Algorithm 3) without this step has
negligible difference in BER performance compared to the
proposed incremental-based algorithms.
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Algorithm 3 LC-SUS Selection

Algorithm 4 Inc-US Selection

Inputs: H,Qyy,U,K
1: H=[HQ}, H"]
2: ¥ = 02y 5oy

3: T = Oy x2ny

d:for i=1:K

5. ifi>1

6: ©=W2i—3:2i—2,)
7. T=T7+6"©6")16
8: e:nd

9: V=D ony — T

10: for j=1:(U—-i+1)

11:  FQj—1:2j,)=HQ2j—1:2j,)V
12: oy =r(FQj—1:2, )F Q2 —1:2),)
13: end

14: v(i) = arg max{oy, o2, -+ , Cy—it+1}

15: HgQi —1:2i,:) = HQv(@E) — 1:2v(i),:)
16: W(2i—1:2i,:)=FQv(i)—1:2v3i),:)
17: H=H([1: 2v(i) — 2 2v(i) + 1 : end], )
18: end

Output: Hg

B. MODIFIED SUS SELECTION ALGORITHM WITH
LOW-COMPLEXITY
The original SUS selection approach in Algorithm 1 is based
on the full channel matrix H € C?Y>*NT_ It will be shown
through simulations in Section V that its performance is very
poor. Therefore, it should be modified using the channel
H e C2Ux2Nr o apply to the MU-STLC systems for a fair
comparison. Then the SUS selection algorithm for MU-STLC
signals can be presented as Algorithm 2.

The computational complexity of the SUS selection
algorithm in terms of the RMs and RSs, respectively, can be
obtained as

K U—i+l

NEE =37 3" (i~ (32N} + 56N +40) + 24N7)
i=1 j=1

(19)
K U—-i+1

NEs =30 3 (= DE2NF + 48Ny +18)
=1 j=1
+ 32N]2~ + 18N — 5) (20)

To reduce the computational complexity of Algorithm 2,
a step to make up the subspace {\il(l, ), \fl(2, D, e,
\il(Zi - 1,9, \il(Zi, )} can be relocated outside from inside
of ‘a for-loop with index j” as shown in Algorithm 3, which is
a low-complexity SUS (called LC-SUS) selection algorithm
for the MU-STLC. Then

N gy = (K — (32N + 56N7 + 40)

K
+ Y (U =i+ 1)(32N7 + 24Nr) 1)
i=1
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Inputs: H, Q2p, Q2, U, K

I: w(1) = argmin #r(H,HT)
ue{l,2,---,U}

2: Hs(l : 2, :) = Hv(l)

3:Hg(1:2,:) = [He(1:2,:) QYHE(1 : 2,1)]

4: V) = Hg(1: 2, )HE (1:2,:)7!

5:Hg = H([1 : 2v(1) —22v(1) + 1 : end], ?)

6:for i=2:K

70 Hgomp = QL (1:2i—2,1:2i —2)HL(1 : 2i — 2,2)
8: Hg = [Hs(1:2i—2,:) Hg romp]

9: forj=1:(U—-i+1)

10:  Hp = [Hp(2j — 1:2j,:) QTH(2j — 1: 2], 1)]
11: Aij = {](i—l)ﬁSﬁg

12: élj = (I:IRI:I;{ - ﬁRﬁgAU)_l

130 Q= Vo + AByAy — Ehy: —A 8,8,
14: oj=1r(R)

15: end

16: v(i) = arg min{oey, 02, - -+ , Xy —i+1}

17: Vi) = Qi

18: Hg(2i — 1:2i,:) = Hr2v(i) — 1 : 2v(i), ?)

19: Hp = Hr([1 : 2v(i) — 22v(i) + 1 : end], )
20: end
Output: Hg

N{E_sus = (K = 1)32N} + 48N7 + 18) + 2KN1
K
+ Y (U — i+ DE2NE + 16N7 —5)  (22)
i=1

C. INCREMENTAL US SELECTION ALGORITHM

For the US selection with reduced complexity, another
incremental user selection strategy is introduced. Note
that this work focuses on the incremental-based selection
algorithm because its complexity is substantially smaller than
the decremental method when the number of all the available
users is large and simultaneously much larger than K. An US
is constructed by adding users one by one in the incremental
manner. Assuming that (i — 1) users are selected, the i-th user
is selected according to the following criterion.

v(i) = argmin  tr [(f’f’H)*]] (23)
jell,2, U—it1)
where P = [ﬁS,(i—1)§ I:IRJ] e (C2x2Nr, ﬁS,(i—l) €

C2(=Dx2NT ¢corresponds to the channel submatrix selected
during (i — 1) iterations and ﬁR is the channel submatrix
remained after removing the row vectors associated with the
users selected up to the (i — 1)-th iteration. Thus, IjIR,.,' is
the j-th block matrix of ﬁR formed after (i — 1) iterations.
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Algorithm 5 R-inc-US Selection

Inputs: H, Q2p, Q2, U, K

1:

w(l) = argue{l 5.....yymax tr(H,HT)

2:Hg(1:2,:) =Hyq
3: Hg(l 2,0 =[Hs(1:2, )Q2TH§(1 2,9)]

4: Vi = (Hs(1, )HH(1 Nax2) ™!
S:Hg = H([1 : 2v(1) — 2 2v(1) + 1 : end], :)

6:for i=2:K
7o My emp = Qb (1:2i —2,1:2i — 2)HE(1: 2i — 2, )
8: Hg = [Hs(1:2i—2,:) Hs temp]
9: forj=1:(U—-i+1)
10: Hg = [Hr(2j—1:2/.1) QIH{(2j — 1:2/.)]
11 HSR remp = Hg(1:2: Q2> — 1) — 1), )HH
12: Hgg =]
13: forp=1:G—-1)
14 AR = [Bsgnp, Dlskenp(p. 2) |
. (2)
15: HSR - [ SR temp(p 2)HSR temp(p’ 1)]
16: I:ISR = I:I:ISR; ﬁ&), I:I‘(SZR):I
17 end
18: u( )= Vi 1)HSR( 9]
19: 1/ =H R( 1)A1/( D)2k
20: HRR = (Hg(1, )HR (1, Nax2
21 Ej=(Hrr — Oy
22:  aj=tr(Ey)
23: end
24: v()) = arg min{ay, o2, -+, du—it1}
25: Wi =11, Zivg) = (1
26: for q:l:(i—l)
27 Ri@a—1.9=[AuoCq—1, - A} 2g, 1]
28 R4, 9 =[R2 DAL = 1, 1]
- ~H
29: V(1) = Bai(1 DA 2g — 1.0
- ~H
30: - Vg = a9 )
31 Vtemp —[ f,i,))(l Q)Vi%l))(l 9;
2 1
VoV ()
32 Wy = I:‘i’iv(i)vlemp:l
33: Ziv(i) = [Ziv(i) [\iv(z’)vtemp]
34: end _ 5
35: Vi = [Vo b+ Zivty — iri; =¥ Eiv(z‘)]
36: Hg(2i — 1:2i,:) = HRQ2v(i) — 1:2v(i), :)
37: Hr = Hr([1:2v(i) — 22v(i) + 1:end], :)
38: end
Output: Hg

Furthermore, (23) can be re-expressed as
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~ ~ —1
HA_ B
vi)= argmin tr en v (24)
i+1}

Bj; Dj;

jell,2,+ .U~ if

where
1) = Hg -y HY ;_, (25)
ﬁS,(i—l) = [Hs(l 12i—2,7) QgK(l 12i—2,1:2i—2)
x Hi(1:2i = 2,)] (26)
B; = Hy ) Hf; (27)
0y, = [HR(ZJ‘— 1:2j, ) QTHL(Q2j — 1:2), :)] (28)
D;; = Hg Hy; (29)

To further reduce the computational complexity, we employ
the block matrix inverse [12] and then have the following

result.
- L a1 .
M1y By _ Ajj _H(l 1)Bt/S
B D -§'B0M,, ;!

where we assume that TI(;_1) and S;; are both nonsingular and
= - —1 R e |
~ ~ ~ ~ —1 ~
Sij = Djj — BffHaanzj (32)

Here l:I(_iil) needed for the i-th user selection has been
updated without matrix inversion at the (i — 1)-th iteration.
The proposed incremental US selection algorithm with low-
complexity is summarized in Algorithm 4 and called as inc-
US, where the first user is determined by maximizing the
trace of the Gram matrix HMH{Z ,u=1,2,--., U other than
minimizing (HMHZI )~! for the complexity reduction. Note

. . =1 . ; .
in Algorithm 4 that IT;_,, is replaced with another matrix

symbol notation of \~7(,-_1). The RM and RS complexity of the
inc-US, respectively, can be evaluated as

ch us = 12N7U + 24N7 + 40
K

+ ) (U —i+1)(64 i+ (32N7 — 64)i
i=2
— 8N7 + 40) (33)

NES ¢ = (12Nr — 5)U + 24N7 + 18
K
+ ) (U —i+1) (561 + (32N7 — 70)i
i=2
— 8N + 33) (34)

D. INCREMENTAL US SELECTION ALGORITHM WITH
REDUCED COMPLEXITY

In the incremental US selection algorithm proposed in
subsection 3.C, the block matrix computation of (30) is
involved with several matrix-by-matrix multiplications at
each incremental step (for double for-loops in Algorithm
4). By exploiting the definition of (10) used for the STLC
encoding, we can reduce the computational complexity for
the matrix-by-matrix multiplications.
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First of all, we can easily show from (10) that
2 Nr

He(1:2,907(1:2,5) = <ZZ \hs,ubyz) L. (35)
a=1 b=1

where hg 4 is the (a, b)-th element of the channel matrix
Hs(1:2,:) € C2*NT  Thus the computation of ﬁs(l 12,
)I?I? (1 : 2,:) can be reduced by calculating only |hs,ab|2~
The RM and RS computations of ﬁs(l 12, :)I:I?(l : 2,0
by the matrix-by-matrix multiplication are given as 24Nt
and 24Nt — 6, respectively, whereas (35) requires 8Nt and
8Nt — 2, respectively, in terms of the RM and RS.

Next, let Hg(2i — 3 : 20 —2,:) = [h{ | h{,]T e CM
where hg | and hg > are the first and second row vectors of
Hg(2i — 3 : 2i — 2,:). Further, let Hg; = [h,?l h,Tm]T €
C2*NT where hr1 and hg are the first and second row
vectors of Hg ;. Then we have

Hg(2i —3:2i—2,:)
= [HS(Zi —3:2i-2,7) QVHEQi—3:2i—2, :)]

- o AT
= [h%, B,] (36)
- . -

Hp; = [HR,j QgHZ,j:I = [hITe,l hiTe,z] (37)
where

hs; =[hs; hj,] (38)

hs = [hsy —hj,] (39)

hg = [hg h}kg,z] (40)

hgo = [hgo - h;‘g,l] (41)

Then it can be easily shown that the (i — 1)-th block submatrix
of (27) is expressed as

L h h
Hs(2i —3,2i — 2 )HY = [_lfﬁf’l hi’“} 42)
’ SR,2 SR, 1
where
hsg1 = hs,lhgl + h§,2h1€,2 (43)
hsg > = h§ hg , — b by (44)

Thus the computation of ﬁ5(2i —-3,2i—2 :)I:IIF{’ ; can be
reduced by obtaining only hgsg | and hgg > instead of per-
forming a matrix-by-matrix multiplication. Then, to reduce

the computational complexity of ﬁg ﬁ(_iil)ﬁij in (32), it can
be represented as

Hg /HY (20 - 3,2i — 2 )AL Hs(2i - 3,2i — 2 HHY,

_ [ hgg, 1 hSR,21|H |:K 0} |: hgg | hSR,21|
_th,z hf;R,l 0 « _th,z hf;R,l

= i (hsr bl + hsr2hlh ;) Tz (45)

=—1 . . . . .
where II;_;) is a diagonal matrix with the same diagonal
element «. Therefore, the matrix-by-matrix multiplications

of f}{j ﬁ(jil)ﬁy in (32) can be obtained by the expression
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of (45). Thus the RM and RS computations of lines 11 and
12 in Algorithm 4 by the matrix-by-matrix multiplication
are calculated as 32i% + (32Np — 32)i — 8Ny + 40 and
32i2 + (32N7 — 48)i — 8Nt + 34, respectively, whereas
utilizing (45) the RM and RS complexities of lines 11, 18,
19, 20, and 21 in Algorithm 5 are obtained as 162+ (16Nt —
24)i — 8Ny + 48 and 16i> + (16Np — 32)i — 8N + 37,
respectively.
In a similar way to the expression (35), we get

2 Nt

D; = Hy,HE; = (Z Z VlR,ah|2> Lo = érbhxa  (46)

a=1 b=1
where hg 4 is the (a, b)-th element of the channel matrix
Hr(2j — 1 : 2j,:) € CPN7 and & is the squared sum of
absolute values of all elements of Hg ;.
The proposed incremental US selection algorithm using
the above-mentioned complexity reduction methods is
described in Algorithm 5 (named as R-inc-US), where \~7(i_1)

takes replace of I:I(_ill). In the algorithm, the optimization
criterion of (24) is modified for further reduction of the
complexity. The US selection criterion of (24) and (30) can
be rewritten as

v(i) =

arg min
jel1,2,- . U—i+l1

tr (A,-j) +1tr (S;‘) 47)
}
where
~ ~ ] T Ry |
o (Ay) = o (L) +or (1L B8 BT @9)
The second term of (48) can be rewritten as
P T Iy v |
[ R ~ L]~ _
=1r (51%H(i_1)HS,(i—l)(12x2 - Hg(,-_l)n(i_UHS,(i—l)) !
~ I ~ —1
X HS,(i—l)H(ifl)) (49)
By exploiting Lemma 2 in [24], it can be verified that (49)

is positive. It is also obvious that tr (l:[(_iil)> > 0. Then the
following inequality is satisfied.

tr (Au) + tr (S;1> > tr (ggl) (50)
Then the optimization problem can be formulated as

Wi)= argmin (Sl;l) (51)
jel1,2, , U~i+1}
Finally, it should be noted that to compute the updated
= —1 . . .
I1;) such as the right side of (30), the same complexity-
reduction approach as before is employed after finding
the user index v(i) = argmin{oy, a2, - ,@y—_i+1} as

-]

in line 24 of Algorithm 5. In the updating step of IT;),
the recurring matrix computations can be avoided and
the final step to obtain the matrix ;) given in line
17 of Algorithm 4 can be described in lines 25~35
of Algorithm 5.
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Then, the RM and RS complexities of the R-inc-US,
respectively, are expressed as

NEM o = 12N7U + 8N7 + 1

K
+ ) {(U — i+ 1)(16 2 + (16Ny — 24)i
=2

— 8N +48) + 322 — 48i + 16 (52)
Nihevs = 12Nr = 5)U +8Nr — 1

K
+3 {(U — i+ 1)(16 & + (16Ny — 32)i
=2

— 8N +38) + 322 — 52i + 20} (53)

IV. ACHIEVABLE DIVERSITY ORDER

Using the combined symbols in (9) and (12), the maximum
likelihood (ML) detection can be performed at the receiver
side by minimizing the following metric:

2
| (54)

y— 5snX

X = argming px

where A is the set of user message symbols from the M-
ary signal constellation. To derive the achievable diversity
order of the MU-STLC system with optimal US selection,
we consider the PEP of detecting X when x is transmitted
with the assumption that the optimal US for a given channel
realization Hg is denoted by S;, which is given as

PEP(x — X) =

IA

(55)

Here, to examine the distribution of 1/[(I:IS;IITI§ )_1]q,q,

where [-],,4 denotes the (g, g) entry of matrix [-], ,ég can be
re-expressed as

o 1 B I
'35;1 2K - L - -
T e
=1 0.4
1 -
= oE {ﬂgﬁ,q} (56)
where
3 1 .
ﬂgﬁ,q = —————=h[Tsh]
s, )1
q.9
2Nt

= h,U{ A5, Us, bl = Z Ames (57)
m=1

and flq € CI*2Nr ig the r-th row vector of IjISﬁ and f‘gﬁ
is an 2N7 x 2Nr non-negative Hermitian matrix formed

47694

from ﬁl, . ,flq,l, flq+1, e ,flzK and thus is independent
of ﬁq. It is shown that E{flgﬁq} = diag[1,1,---,1] and
Us;hl = ¢, where ¢, = [g1 &2+ Cqony]”, with
a unitary matrix fJSﬁ. In [25], ¢ym» m = 1,2,---,2Nr,
is approximately modeled as the zero-mean Gaussian ran-
dom variable with unit-variance. Also, we have ]\S;, =
diag[)»f;) Aflz) )»;3) )»ffNT_l) AEIZNT)] where )»%m) is the
eigenvalue of the matrix f‘Sﬁ and A;Zb_l) = )»51 b), b =
1,2,---,Nr. Thus, it can be verified as in [25] that the
eigenvalues of f‘sﬁ with 2N7 — 2(K — 1)) are equal to 1 and
the others with 2(K — 1) eigenvalues are 0. Hence, the Bgn q
of expression (57) can be rewritten as

INF—2(K—1)

Bs.= Y. (58)

m=1

Therefore, the variate Bgn is a central-chi-square distributed
random variable with 2(Ny — K + 1) degrees of freedom.
It is also noted as in [26] that ,3§n can be approximated
by a Gamma distribution. Given an optimally selected US
consisting of K users, the MU-STLC system with N7 transmit
antennas and 2 receive antennas per user can achieve the
diversity order of 2(Ny — K + 1).

Next, to obtain an additional diversity order of the MU-
STLC system achieved from the optimal US selection scheme
selecting K users among U users, the same analysis used
in [27] can be straightforwardly applied. Using the Craig’s
result, the conditional PEP between signal vectors x and X is
given as

. L2
. 1 r% H Bs,(x — X)H
PEP(x — x|Hg | = — exp | -————E£ |do
( | S") bid /(; P 802 sin” @
(59)

As shown in [27], the optimal US selection for ML detection
with respect to the additional diversity order is to determine
K users in the n-th US, which satisfies

~ 2
fs.x=%|  (©0)

n=arg  max min
ne{l,2,,CY} x.X#x

Thus the PEP between x and X for the MU-STLC system with
optimal US selection can be expressed as

- L2
|t | Bsix— %]
—/ exp _—-2F deo
T Jo 802 sin” 0

PEP (x — X) = E
(61)

Then, the diversity order of the optimal US selection can be

obtained by [27]
log PEP X
og (x — x):| )

gus = min |: lim 5
log o

X,X#X | 020

Therefore, by employing the same analysis in [27], it can be
easily shown from the lower bound on the PEP between x and
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X that the upper bound on gys is given as U —K + 1. Thus it is
concluded that the MU-STLC system with US selection can
support an overall achievable upper diversity order of G =
2(NT —K+1)(U—K + 1), where the product gain of 2(Ny —K
+ 1) is achieved by STLC full receive antenna diversity gain
of 2 and transmit antenna diversity gain of (Ny —K + 1) while
another of (U — K + 1) is offered by US diversity selection.

V. SIMULATION RESULTS

This section presents simulation results to evaluate the
BER performance of the proposed efficient US selection
algorithms such as inc-US and R-inc-US in static Raleigh
flat-fading channels. The ZF-based MU-STLC system with
N7 transmit antennas, U available users, and K selected
users is represented by (Nr, U, K). Recall that each user
has 2 receive antennas. The QPSK modulation is adopted.
The SNR is defined by oxz / azz. The optimal algorithm and
LC-SUS are simulated here as reference and benchmark,
respectively. In a case of U = K, no US selection is
performed. Moreover, the additional BER reference lines
are plotted using a form of c¢ / SNRC, where ¢ is an
appropriately selected positive constant and G is the diversity
order.

Fig. 2 shows the BER performance of the proposed US
selection algorithms for (2, U, 2) MU-STLC systems with
respect to SNR in dB. Here three different scenarios of 3,
4, and 6 users are considered for US selection. Note that the
(2, 2, 2) scenario representing no US selection is simulated as
other reference. It can be observed that as the total number of
all available users increases, the performance gets improved.
The (2,2,2), (2,3,2), (2,4, 2), and (2, 6, 2) systems have
the diversity orders of G = 2, 4, 6, and 10, respectively.
To draw the BER reference black solid lines, the constants
associated with G = 2, 4, 6, and 10, are selected as ¢ = 8.9,
950, 1.8 x 10°, and 1.9 x 1019, respectively. Given that the
analytical diversity orders are in good agreement with the
simulation results, we can verify the accuracy of our diversity
order analysis. It is shown that the proposed inc-US selection
algorithm offers a large BER performance gain compared
with no US selection case, which has only 2 receive diversity
gain. For example, the proposed US selection algorithm
for (2,6,2) yields about 8.3 dB gain at a BER of 1073,
It is obtained by the product of a diversity order of 5 (MU
diversity) and that of 2 (receive diversity). Although the
LC-SUS, inc-US, and R-inc-US selection algorithms display
worse performance than optimal one, their BER performance
gap is minor.

Fig. 3 considers the (2,4,2), (3,4,2), and (4,4,2)
systems, where the number of transmit antennas is different.
The achievable diversity orders of (3, 4, 2) and (4, 4, 2) are
given as G = 12 and 18, respectively, which are calculated
by MU diversity and receive diversity in addition to transmit
diversity. Here the constants ¢ = 2.3 x 10! and 3.8 x 100,
respectively, are used for G = 12 and 18. For a comparison
purpose, simulation results of the original SUS selection
scheme (Algorithm 1) are also presented. It is shown that the
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FIGURE 2. BER comparison of the proposed US and optimal selection
algorithms for (2, U, 2) MU-STLC systems.

= optimal

FIGURE 3. BER comparison of the proposed US and optimal selection
algorithms for (N7, 4, 2) MU-STLC systems.

proposed algorithms outperform the original SUS selection
algorithm, which cannot achieve the full diversity gain of the
MU-STLC transmission systems. Compared with the optimal
algorithm, the performance loss of the proposed algorithms is
small. Note that, as expected from the diversity order analysis,
the BER performance increases as the number of transmit
antennas grows.

Fig. 4 compares four different MU-STLC systems with
Nr = U. Thatis, (2,2,2), (3,3,2), (4,4,2), and (5,5, 2)
systems are considered. It is noticed that except for (2, 2, 2),
the other three systems can achieve three kinds of diversities.
Here (3, 3,2) and (5, 5, 2) can achieve the diversity orders
of G = 8 and 32, respectively, whose BER reference lines
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TABLE 1. Computational complexity of RMs plus RSs.

SYSTEM PARAMETERS CONVENTIONAL SUS LC-SUS INC-US R-INC-US
(N,,U,K) OPTIMAL (ALGORITHM 2) (ALGORITHM 3) (ALGORITHM 4) (ALGORITHM 5)
(2,3,2) 2,061 2,719 2,185 1,301 629
(2,4,2) 4,122 3,911 2,847 1,853 860
(2,6,2) 10,305 6,295 4,171 2,957 1,322
(3,4,2) 5,082 7717 5,795 2,333 1,116
(4,4,2) 6,042 12,803 9,767 2,813 1,372
(5,5,2) 11,670 24,957 18,353 4,253 2,075
(8,12,8) 17,613,585 1,278,292 334,978 256,142 102,612
(10,12,8) 19,767,825 1,933,028 514,706 287,278 117,556
(12,12,8) 21,922,065 2,722,932 732,834 318,414 132,500
(14,12,8) 24,076,305 3,648,004 989,362 349,550 147,444

- R-inc-US
10 - optimal

BER
=

10 12 14 16 18 20
SNR in dB

o
[}
-
@
o0

(=
[

FIGURE 4. BER comparison of the proposed US and optimal selection
algorithms for (N1, U, 2) MU-STLC systems with Ny = U.

are plotted with ¢ = 3.5 x 10° and 6.0 x 10%°. It is
clear that as the numbers of available users and transmit
antennas simultaneously increase, the diversity gain is greatly
improved. Especially in (5, 5, 2), the proposed efficient US
selection algorithms offers BER results very close to that of
optimal one.

The complexities of the proposed algorithms under the
scenarios considered in Figs. 2, 3, and 4 are described in
terms of RMs plus RSs in Table 1. We observe that the
proposed inc-US and R-inc-US selection algorithms yield a
complexity reduction compared to the LC-SUS and optimal
one. Especially, the complexity of the R-inc-US selection
algorithm is lowest for all the given systems and less than half
that of the inc-US. Moreover, as the system parameter values
increase, the rates of increase in complexity of the inc-US and
R-inc-US are substantially smaller than those in the LC-SUS
and optimal one.

In Fig. 5, the BER results of the proposed US selection
algorithm are given for (8, 12, 8), (10, 12, 8), (12, 12, 8),
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FIGURE 5. BER comparison of the proposed US and optimal selection
algorithms for (N7, 12, 8) MU-STLC systems.

and (14, 12, 8) systems with higher numbers of transmit
antennas. It is also found that the proposed algorithms make
a substantial performance gain over a (8,8, 8) scenario.
The SNR gains for (8, 12, 8), (10, 12, 8), (12, 12, 8), and
(14,12, 8) are about 6 dB, 10 dB, 12 dB, and 13.2 dB,
respectively, at BER = 1072. Further, the performance of
the proposed algorithms under (14, 12, 8) is close to that of
the optimal one. The complexity comparison in the scenarios
presented in Fig. 5 is also made in Table 1. Additionally, it is
observed that the original SUS selection scheme (Algorithm
1) yields significantly worse BER performance than other
algorithms especially for Ny < U. Compared to the
system parameters used in Figs. 2, 3, and 4, the system
parameter in Fig. 5 has larger values. In the scenarios with
large numbers of transmit antennas and users, the optimal
algorithm has a tremendous complexity. On the other hand,
the proposed inc-US and R-inc-US algorithms have much
smaller complexity than the LC-SUS. Furthermore, it is found
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FIGURE 6. Complexity comparison of the proposed LC-SUS, inc-US, and
R-inc-US selection algorithms for (N7, 12, 8) MU-STLC systems.
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FIGURE 7. Complexity comparison of the proposed LC-SUS, inc-US, and
R-inc-US selection algorithms for (30, U, 8) MU-STLC systems.

that the proposed R-inc-US algorithm can offer more than
2 times lower complexity than the proposed inc-US algo-
rithm. Hence the complexity reduction of the proposed R-
inc-US is remarkable for large numbers of transmit antennas
and users.

Next, we investigate the complexity of the proposed
algorithms in terms of the number of transmit antennas for
U = 12 and K = 8 in Fig. 6. It is obvious as expected
that the complexity of the proposed algorithms grows as
the number of transmit antennas increases. The complexity
slope of the LC-SUS is much steeper than the R-inc-US
and inc-US. The R-inc-US has the lowest complexity. Note
that since the optimal algorithm has a huge complexity, its
complexity is not included in the plot. Fig. 7 compares the
complexity of the proposed algorithms as a function of the
number of selected users for Ny = 30 and K = 8. It is found
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that the complexity of the inc-US and R-inc-US is lower
than that of LC-SUS and the R-inc-US has still the smallest
complexity.

VI. CONCLUSION

This paper examines the MU-STLC system based on ZF
precoding with US selection and it is shown that it can achieve
a large performance gain compared to the system without
US selection. The conventional SUS selection algorithm with
low-complexity has been modified to be acceptable to MU-
STLC transmission systems and thus used as a benchmark
for comparison. A more efficient incremental US selection
algorithm has been proposed by adopting an incremental
strategy in company with the recursive computation of the
block matrix inverse. The proposed inc-US algorithm is
capable of achieving near-optimal performance with very
low complexity. In addition, the inc-US selection scheme
has been modified to have more reduced complexity. It has
been achieved by exploiting the fact that the matrix-by-
matrix computation involved with MU-STLC transmission
has recurring operations at each incremental step, which is
due to the orthogonal STLC encoding structure. Moreover,
we have analyzed an achievable upper diversity order for
the MU-STLC system with optimal US selection, which
can offer receive and transmit antennas diversity as well as
MU diversity. Simulation results have verified the analytical
diversity orders.
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