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ABSTRACT Semi-supervised learning (SSL) is a machine learning approach that integrates supervised and
unsupervised learning mechanisms. This integration may be done in different ways and one possibility is to
use a wrapper-based strategy. The main aim of a wrapper-based strategy is to use a small number of labelled
instances to create a learning model. Then, this created model is used in a labelling process, where some
unlabelled instances are labelled, and consequently, these instances are incorporated into the labelled set.
One important aspect of a wrapper-based SSL method is the selection of unlabelled instances to be labelled
in the labelling process. In other words, an efficient selection process plays an important role in the design
of a wrapper-based SSL method since it can lead to an efficient labelling process, and in turn, the creation of
efficient learning models. In this paper, we propose the use of three selection methods that can be applied to
wrapper-based SSLmethods. Themain idea is to use two different selection criteria, prediction confidence or
classification agreement with a distance metric, to perform an efficient selection of the unlabelled instances.
In order to assess the feasibility of the proposed approach, the selection methods are applied in two well-
known wrapper-based SSL methods, which are: Self-training and Co-training. Additionally, an empirical
analysis will be conducted in which we compare the standard Self-training and Co-training methods against
the proposed versions of these two SSL methods over 35 classification datasets.

INDEX TERMS Artificial intelligence, machine learning, semi-supervised learning, self-training semi-
supervised method, co-training semi-supervised method.

I. INTRODUCTION
In the last decades, Machine Learning (ML) techniques have
gained considerable relevance in many real-world problems
since they offer a fantastically powerful framework for solv-
ing complex systems in an efficient way [1]. An ML tech-
nique is capable of creating a hypothesis (learning model)
or function capable of solving the problem to be addressed
based on past experiences. In these techniques, a learning
model is created in a training phase and assessed in a testing
phase [2].

In relation to the degree of supervision used during
the training phase, ML techniques can be divided into
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three categories: supervised, unsupervised and semi-
supervised [3], [4]. In these three types, ML algorithms learn
from past experience and from the implicit knowledge present
in existing data. Nevertheless, the main difference among
these three categories is the fact that the data which these
techniques use have information that may or may not be
labelled. The supervised learning (classification system), for
instance, uses only labelled data. In this category, an instance
of a given problem is analysed by a learning model, aiming to
define a label for this instance (class label) [5]. The efficiency
of a classification system is usually related to the knowledge
distribution which is spread among data points. In addition,
it may need a large number of labelled instances to create an
efficient learning model. Nonetheless, the amount of labelled
data is usually limited in several classification problems.
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In fact, for some problems, it is expensive or difficult to
manually label instances [4], [6].

In order to smooth out the problems raised by the limited
amount of labelled data, the semi-Supervised Learning (SSL)
category has been proposed [6]–[9]. With the development of
different SSL methods, these methods were grouped accord-
ing to their characteristics [4], [6], [10], [11]. In [11],
for instance, the SSL methods were divided into inductive
and transductive methods. Among the inductive methods,
a wrapper-based SSLmethod trains a classification algorithm
(model or classifier) with a small amount of labelled data
and a large amount of unlabelled data. The main aim of
these methods is to iteratively create a learning model from
a labelled set, select and label new instances (unlabelled)
to be included into the labelled set. Several methods have
been proposed in the literature and, among them, we can
mention Self-training [12] and Co-training [13]. In this paper,
the proposed selection procedure is applied to wrapper-based
SSL methods.

In an SSL method, it may occur that wrongly classified
instances are added to the labelled set, deteriorating the sys-
tem performance. In other words, the automatic labelling
process (selection and label) of unlabelled instances plays an
important role in the design of SSL methods. In this sense,
the use of an efficient selection process can produce efficient
SSL methods.

In order to increase the robustness of SSL methods, this
paper proposes a selection approach for choosing unlabelled
instances. In this proposed approach, a selection criterion
(prediction confidence or classification agreement) is com-
bined with a distance metric, in an approach called Distance-
weighted Selection (DwS) criterion. The main aim of this
proposed selection approach is to perform an efficient selec-
tion of the unlabelled instances and, in this sense, to lead
to a robust labelling process. Additionally, in order to eval-
uate the feasibility of the proposed approach, an empirical
analysis will be performed. This analysis will compare the
performance of six versions of each SSLmethod (Co-training
and Self-training). Moreover, 35 classification datasets will
be used for evaluating the performance of all versions of the
aforementioned methods.

In [14], a Distance-Weighted Selection was proposed that
combines prediction confidence and distance metric. The
obtained results were promising, showing that the using of
a selection criterion (prediction confidence) combined with
distance metric led to a more efficient selection procedure.
In this sense, a more exploratory analysis needs to be done
and it will be performed in this paper. Therefore, this paper
is an extension of the work proposed in [14], and its main
contributions are:
• The proposal of a new Distance-Weighted Selection,
which combines classification agreement and a distance
metric;

• The improvement of the empirical analysis, including
more selection criteria and increasing the number of
datasets from 20 to 35;

• The inclusion of a comparative analysis, comparing the
performance of the proposed method with existing SSL
methods.

The Distance-Weighted Selection (DwS) was initially pro-
posed in [14], in which prediction confidence and distance
metric were used as parameters in a DwS method. Addition-
ally, in [15], a selection criterion using only classification
agreement was proposed. This paper extends the DwS inves-
tigation, using classification agreement or prediction confi-
dence combined with distance, in a DwS approach. In this
sense, we will have two DwS versions in this paper, DwS-C
that uses prediction confidence (originally proposed in [14])
and DwS-A that uses classification agreement (originally
proposed in [15]), proposed in this paper.

This paper is divided into seven sections and organised
as follows. Section 2 describes the main concepts related to
semi-supervised learning methods while Section 3 presents
some important studies in the SSL literature, focusing on
Co-training and Self-training methods. Section 4 presents the
proposed approach, describing the main differences to the
corresponding standard methods. The experimental method-
ology is presented in Section 5 while the computational
results are illustrated in Section 6. Finally, Section 7 presents
the main conclusions and some directions for future work.

II. BACKGROUND
This Section presents the SSL methods that will be
used as basis in this paper, Co-training and Self-training
(Section II-A). In addition, two extended versions of these
methods using an ensemble-based selection criterion are also
described (Section II-B).

A. STANDARD SSL METHODS
The next subsections will present two semi-supervised meth-
ods (Self-Training and Co-Training). In these SSL methods,
the following acronyms and names are used: L: labelled set;
i: instance; U: unlabelled set; and C: classifier.

1) SELF-TRAINING
The Self-training SSL technique, which was originally pro-
posed in [12], is a simple and an efficient way to label
unlabelled instances. Algorithm 1 presents the main steps of
this method.

Algorithm 1 Self-Training

1 while U is not empty do
2 train C with L;
3 label U using C ;
4 select the best labelled-instances of U and join them

to L;
5 end

In this method, the first step is to train a classifier (model
learning) using the available set of labelled instances (line 2).
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Once the classifier is trained, it labels the whole set of unla-
belled instances (line 3). Then, the best labelled instances are
selected to be added to the labelling set (line 4). This selection
is based on the confidence prediction delivered by the unla-
belled instances. The loop containing these three steps (train,
label and select) stops when the unlabelled set (U ) is empty.

2) CO-TRAINING
Co-training [13] is a semi-supervised method that iteratively
applies two different views of an instance in the labelling
process. In order to do this, it trains two classification algo-
rithms, each onewith a different attribute subset. Then, it uses
the predictions of one classification algorithm to choose the
unlabelled instances that will be added to the labelled set of
the other algorithm. Themain steps of the Co-trainingmethod
are described in Algorithm 2. The Co-training functioning
is similar to the Self-training, but it uses two classification
algorithms instead of only one.

Algorithm 2 Co-Training Algorithm

1 create L1 and L2 with a vertical split in L;
2 create U1 and U2 with a vertical split in U;
3 while U1 and U2 are not empty do
4 train C1 with L1 and C2 with L2;
5 apply C1 in U1 and C2 in U2;
6 select the best instances from U1 and include them

to L2;
7 select the best instances from U2 and include them

to L1;
8 end

In the first step of the Co-training algorithm, the input
attributes are divided into two sets (one for each classification
algorithm). In this sense, both instance sets, labelled (L) and
unlabelled (U ), will have two different views of the instances,
L1 and L2 (line 1) as well as U1 and U2 (line 2). The next
step is to train two classification algorithms, C1 and C2,
using L1 and L2, respectively (line 4). Once the classification
algorithms are trained, the unlabelled instances, U1 and U2,
are labelled by their corresponding classification algorithms,
C1 and C2 (line 5). In the last step, the most confident
instances from U1 and U2 are incorporated to L2 and L1
(lines 6 and 7), respectively. This is an iterative process and
continues until both unlabelled sets are empty.

Themain objective of the Co-trainingmethod is to promote
cooperation between both classification methods by crossing
the acquired knowledge [13]. In thismethod, theC2 algorithm
selects the most confident instances to be incorporated in L1,
and vice-versa. In doing this, it aims at cooperating with the
quality of the other classification algorithm (C1). With this
crossing distribution, it is expected that these added instances
are not biased and it will improve the classifier performance.

In summary, it is possible to observe that Self-training
(Algorithm 1) and Co-training (Algorithm 2) have similar
labelling processes. However, they differ in two different

ways. The first one is the attribute distribution performed
by the Co-training method. It is important to emphasise that
the attribute selection needs to assure that an attribute is
put in only one subset (null intersection) and all attributes
have to be placed in the subsets (total union). These two
conditions will lead to two different subsets and it is expected
to improve the classification efficiency of the Co-training
method. The second difference is related to the addition
of the unlabelled instances. In Self-training, the unlabelled
instances are selected and added to the unlabelled set of one
classifier. On the other hand, in the Co-training method, one
classification algorithm labels an instance and it is added to
the unlabelled set of the other classifier.

B. ENSEMBLE-BASED SELECTION CRITERION
Classifier ensembles are classification structures composed
of a set of base classifiers. These systems have a two-layer
structure in which all base classifiers receive input data and
predict a class for a new instance in the first layer. These
predictions are sent to a combination module in the second
layer, which combines all received predictions into a single
predicted class for each instance (e.g. via majority voting).
The output combination performed by an ensemble usually
surpasses the performance of individual classification algo-
rithms [16], [17]. The ensemble structure makes this sys-
tem an interesting alternative for the selection of unlabelled
instances in semi-supervised methods. By using ensemble
as part of a selection technique, it allows the reduction of
errors provided by the selection based on only one classifier
or metric.

The Ensemble-based Automatic Labelling (EbAL) is an
approach to select instances from unlabelled set more effi-
ciently, and also it uses an ensemble-based selection criterion
in the labelling process [15]. This approach uses classification
agreement from a pool of classifiers (ensemble) for selecting
and labelling instances in SSL methods. In fact, the EbAL
approach can have two main versions. In the first version,
named EbAL-v1, the pool of classifiers is used for select-
ing instances with higher classification agreement from the
unlabelled set. In the second version (EbAL-v2), besides the
use for selecting instances, it also uses the ensemble output
for labelling instances. Although both versions of EbAL
approach were originally applied to the Self-training method,
it can be applied to any wrapper-based SSL method.

1) SELF-TRAINING WITH EbAL
In this extended work, both EbAL versions for Self-training
were originally presented in [15] and they will be named
as Self-training with EbAL - version 1 (St-EbAL(v1)) and
Self-training with EbAL - version 2 (St-EbAL(v2)). Algo-
rithms (3 and 4) will describe both versions, defining themain
steps of them. For simplicity reason, both algorithms use the
following names and acronyms: i: instance; L: labelled set;
U: unlabelled set; C: main classifier; PC: pool of classifiers;
n: pool size; A: classification agreement; and t: threshold for
classification agreement (in percentage).
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Algorithm 3 Self-Training With EbAL - Version 1
(St-EbAL(v1))

1 while U is not empty or no instances were included to L
do

2 train PC with L
3 train C with L
4 for i in U do
5 Using PC assign n pseudo-labels to i
6 Compute A of i using the pseudo-labels
7 if A of i ≥ t then
8 remove i of U
9 assign class label to i using C

10 add i to L
11 end
12 end
13 end

The main difference between the standard Self-training
method and St-EbAL(v1) is related to the selection criterion.
While Self-training uses the confidence prediction as selec-
tion criterion, St-EbAL(v1) applies the classification agree-
ment of a PC (agreement defined by the set of classifiers of an
ensemble) to select the most prominent unlabelled instances.

Algorithm 4 Self-Training With EbAL - Version 2
(St-EbAL(v2))

1 while U is not empty or No instances were added to L do
2 train PC with L
3 for i in U do
4 Using PC assign n pseudo-labels to i
5 Compute A of i using the pseudo-labels
6 if A of i ≥ t then
7 remove i of U
8 assign the class with the highest A to i
9 add i to L
10 end
11 end
12 end
13 train C with L

As previously mentioned, the main difference between St-
EbAL(v2) and St-EbAL(v1) is that the St-EbAL(v2) labelling
step is also performed by a classifier ensemble combined by
a majority voting method. In other words, in St-EbAL(v2),
an ensemble is used to select and label unlabelled instances.

2) CO-TRAINING WITH EbAL
The Co-training versions using EbAL approach follow the
same flow presented in the standard Co-training (Ct-std),
but using two Pools of Classifiers (PCs) and classifica-
tion agreement in both PCs. In this sense, Co-training has
also two EbAL versions to be introduced. In the first ver-
sion, named Co-training with Ensemble-based Automatic

Labelling - version 1 (Ct-EbAL(v1)), each pool of classi-
fiers (one at each side) is responsible for selecting the best
instances according to classification agreement; In the sec-
ond one, named Co-training with Ensemble-based Automatic
Labelling - version 2 (Ct-EbAL(v2)), the pools of classifiers
are responsible for the selection and also the labelling of
instances. It is important to emphasise that the use of EbAL
in the Self-training method was originally presented in [15].
However, the combination of EbAL for the Co-training
method is new, and also it represents one of the selection
methods proposed in this paper.

C. SELECTION CRITERIA OF SELF-TRAINING AND
CO-TRAINING METHODS
As it could be observed from the previous sections, prediction
confidence is used as a selection criterion in the standard
versions of both SSL methods (one classifier for St-std or
two classifiers for Ct-std). This criterion describes the con-
fidence level in which a classification algorithm assigns an
instance to a class. Two main aspects can strongly affect
this confidence: 1) the class distribution of the training set;
and 2) the characteristics of the used classification algorithm.
An alternative approach that can be used in the selection of
unlabelled instances is by calculating the similarity between
instances that can be performed by a distance metric. Hence,
the selection the unlabelled instances is based on the similar-
ity information of labelled and unlabelled instances.

As presented in Algorithms 3 and 4, both approaches use
the classification agreement from a pool of classifiers as
selection criterion and/or labelling instances. This criterion
brings to wrapper-based SSL methods the benefits of using
classifier ensemble in the selection process. As an example of
one possible benefit, the diversity promoted by different clas-
sifiers within the pool can lead tomore accurate precision. For
both EbAL versions, classification agreement has similar role
as confidence in the standard versions, as the instances with
classification agreement equals or greater than a threshold (t)
are selected to be included in the labelled set.

One drawback of a semi-supervised method is the effect
of including a wrongly classified instance in the labelled set.
This error is usually carried out throughout the following
iterations (snowball case), resulting in weak models (low
accuracy). Because of this, efficient approaches for the selec-
tion process must be used, aiming to smooth out the selection
errors that may occur in the processing of a wrapper-based
semi-supervised method.

III. RELATED WORK
Semi-supervised learning (SSL) is, as previously mentioned,
a combination of supervised and unsupervised learning cate-
gories. Since SSL has emerged as a robust attempt to handle
problems with a small number of labelled instances, several
real-world problems can be efficiently solved using SSL.
Therefore, many application domains can benefit from the
use of SSL methods, such as: audio and acoustics [18];
bio-informatics [19]; image processing and classification
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[20]–[22]; text classification and natural language process-
ing [23], [24]; industry [25], transport [26], among others.

The functioning of SSL methods are grounded on
some assumptions (e.g. smoothness assumption, low-density
assumption, manifold assumption and cluster assump-
tion) [11]. These assumptions are conditions that make
possible the use of unlabelled data along with labelled
data to improve the accuracy of supervised methods [4].
As already mentioned, the literature has divided the SSL
methods into groups and these groups are divided by the way
an SSL method uses labelled and unlabelled data. In [11], for
instance, a taxonomy is presented that divides the SSL meth-
ods into Transductive methods (e.g. graph-based methods,
as Mincut [27], Gaussian Random Fields (GRF) [28], and
Learning with Local and Global Consistency (LLGC) [29]);
and Inductive methods - wrapper (e.g. Self-training [12],
Co-training [13], Boosting [30], Tri-training [9]).

Still according to the taxonomy presented in [11], the
inductive methods are further divided into three sub-classes,
which are: wrapper methods, unsupervised pre-processing
methods and intrinsically semi-supervised methods. This
work presents a selection approach of unlabelled instances
to be used in wrapper-based SSL methods due to the that
fact that the predictions of a base classifier is used to gen-
erate additional labelled data. Additionally, Self-training and
Co-training are two well-known semi-supervised methods
that belong to the wrapper-based SSL sub-class. Therefore,
the selection approaches proposed in this paper will be
assessed in these two wrapper-based SSL methods. There-
fore, for simplicity reason, hereinafter, the terms SSL meth-
ods and wrapper-based SSL methods will be used inter-
changeably.

The majority of the studies related to Self-training and
Co-training present different ways to select and label the
unlabelled instances [21], [31]–[35]. In this sense, we divide
the SSL methods based on the used selection criterion and
they are classified into two groups, which are: confidence-
based methods and distance-based methods. To the best of
the authors knowledge, there is no study using an agreement-
based selection (only the previous study of the authors).

A. CONFIDENCE-BASED METHODS
As an example of the use of confidence-based selection, the
studies presented in [21], [26], [31]–[33], [36] used predic-
tion confidence as the unique criterion to select unlabelled
instances. In [31], for instance, the authors combined a Deci-
sion Tree algorithm with a threshold value as a way to define
the number of labelled instances to be selected in a Self-
training method.

An interesting selection strategy was presented in [36],
in which the authors proposed a new semi-supervised learn-
ing algorithm that dynamically selects the most promising
learners for a classification problem from a pool of classifiers
based on a Self-training. They assume a strategy based on
Darwinism, in which a classifier that labels few instances is
not useful for the pool. In other words, they generate a pool of

classifiers and repeat the classification process, dropping the
worst classifier until only the best classifier for the problem
remains.

A domain-based study was presented in [26], in which a
second-order inference methodology was proposed to take
advantage of the Self-training method to predict the missing
destinations for urban transportation systems. The proposed
method uses two phases: a base learner to predict the missing
destinations based on the statistics of a selected similarity-
based ‘‘training set’’, and the selection of data with high
prediction confidence to update the training set.

In [37] the authors propose the CPSSDS, which uses the
Self-training in the data stream context. In that approach, the
authors combine inductive conformal prediction of base clas-
sifiers with the Self-training algorithm to determine the most
reliable unlabelled samples. These selected instances were
used to update the model during the evaluation phase. The
results point out that their approach was proposed for improv-
ing the classification performance of the semi-supervised
Self-training approach in non-stationary environments.

In another study, [32], the authors proposed a Self-training
extension based on density peaks of data, being an approach
in which the concept of differential evolution was employed.
It is used as a way to both discover the data structure for
a better classifier training and to improve the placement of
labelled data. In addition to this, the authors carried out an
empirical analysis, comparing the accuracy results obtained
to the standard Self-training version.

Still in the context of confidence-based selection, there are
some attempts to incorporate a confidence-based selection
criterion in the functioning of a Co-training method. For
instance, in [33], the authors proposed a Co-training method
with confidence-based selection for sentiment classification
of Massive Open On-line Course (MOOC) posts. Addition-
ally, this method used a mixed loss function computed over
labelled and unlabelled data. According to the authors, the
results were better than those obtained by methods trained
with massive labelled data.

Another study with Co-training was presented in [24].
In the cited paper, a multi-Co-training method was proposed
and its objective is to improve semi-supervised document
classification performance. This work used three document
representation techniques to increase the diversity of the fea-
tures. The selection criterion of this method is based on the
confidence of a instance. Only the instances with the highest
confidence are added at each iteration.

In [21], several deep neural networks were combined with
the general concept of co-training as a way to create a deep
multi-view of image datasets. A confidence-based selection
criterion was also used to select the unlabelled instances.
According to the authors, the proposed method yielded good
results, when compared to state-of-the-art SSL methods.

B. DISTANCE-BASED METHODS
Semi-supervised methods with distance-based selection are
the ones that apply a distancemetric (or a similarity metric) as
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basis to select the instances of the unlabelled set. The studies
presented in [34], [35], [38]–[40] are examples of distance-
based selection approaches for Self-training and Co-training
methods. In [38], for instance, a distance-based Self-training
is proposed. The main aim was to select the images of the
unlabelled set that were more similar to the labelled instances
in order to improve the video classification performance.

Another distance-based Self-training study was proposed
in [34], in which the k-NN classification algorithm k-NN was
used as a noise filter, allowing the aggregation only of the
nearest instances at the selection step. In [39], the authors pro-
posed a new SSLmethod based on self-training algorithm and
named as RDE_self-training. The main difference between
the original and the proposed approaches is the adjustment
of mislabelled instances (labelling step). This adjustment is
performed over mislabelled samples according to a nearest
neighbour voting rule. They use an SVM classifier to perform
the labelling process, achieving the best accuracy in 15 out of
18 cases.

A different example of distance-based selection for semi-
supervised methods was proposed in [41]. In this paper, the
authors use the neighbourhood close to the decision bound-
ary and assign the label of the selected instances using an
agreement between classifier and neighbourhood. Based on
the Apollonius circle approach, that proposal samples the
instances from unlabelled data and determines the label of
each instance in an iterative process. The results compare
their approach with supervised SVM, standard Self-training,
and other state-of-art methods and state that their proposal
achieves better results and superiority when few labelled
instances.

For Co-training, in [35], the authors proposed a distance-
based selection criterion for Co-training, using the K-means
clustering technique. This technique was applied to select the
closest instances that are capable of representing a cluster.
This concept was then employed to two Co-training steps,
data splitting and subsets crossing over. This cited work
also compared their approach with some state-of-the-art SSL
methods, and, according to the authors, it outperformed them
in all analysed metrics, such as unsupervised accuracy, nor-
malised mutual information and purity.

The authors in [40] proposed a variation of the Self-
Organizing Map (SOM) using the Co-training algorithm
and the Mahalanobis distance metric. In this approach, the
Co-training algorithm is used to create two views of the
same dataset. Then, a clustering process is performed until
convergence. The authors compared their proposal with three
other SOM-based methods, obtaining their proposal the best
results in both multi and single views.

Besides the previously mentioned studies, there are other
SSL studies that seek to strengthen the robustness of SSL
approaches. The improvements can be reached either by
switching the standard selection process [42] or applying
extra apparatus as a way to improve the selection step [32],
[43], [44]. In [42], for instance, an adjustable confidence

parameter was defined as a threshold to select unlabelled
instances. This parameter varies throughout the iterative pro-
cess and, according to the authors, it improved the perfor-
mance of a Self-training method.

An improved selection approach was also proposed in [45].
The authors proposed a pseudo-label aware robust sample
selection, a hybrid selection that combines the best from all
three most used selection strategies for large-scale datasets
(sample selection approaches, noise-robust loss functions,
and label correction methods) in a framework to achieve
robustness to noisy labels. The Self-training iterative process
performs the pseudo-labelling step to filter the ambiguous
instances. The results show that their proposal obtains sig-
nificant gains over state-of-the-art methods; in some cases,
the gains are 27% in the test dataset.

An example of a more robust Co-training was presented
in [46], which proposed an approach based on entropy and
multi-criteria. That proposal uses two views with the same
amount of information by entropy, then a clustering criterion
and confidence criterion are adopted to select unlabelled data
from both views. The results show that the multi-criteria
approach achieves good classification effectiveness when
compared with state-of-art.

In summary, it is evident that the use of confidence-based
or distance-based selection can be considered robust selection
approaches for wrapper-based SSL methods. Nevertheless,
there is still possible ways to improve the selection pro-
cess and the combination of these approaches can poten-
tially improve the performance of this class of SSL method.
Thus, this extended work proposes selection approaches for
wrapper-based SSL methods, distinctively Self-training and
Co-training methods. In this proposal, the confidence-based
selection criterion (or an agreement-based selection) is com-
bined with a distance metric (distance-based selection) as
a way to define a general parameter for the selection of
unlabelled instances, which has been named as Distance-
Weighted Selection (DwS).

IV. THE PROPOSED APPROACH
As mentioned previously, this paper proposes a different
selection approach for wrapper-based SSL methods. Our
approach uses confidence-based or agreement-based crite-
rion in the selection step. This criterion is then combined with
a distance metric in order to establish the overall parameter to
select unlabelled instances, in an approach called Distance-
weighted Selection (DwS). In [15], a DwS was proposed
that combined a confidence-based criterion with a distance
metric. In this paper, we proposed a new DwS that combines
an agreement-based selection criterion with a distancemetric.

The best way to combine a distance metric with any addi-
tional information (selection criterion) is through a weighted
sum. In Equation 1 formally defines how to compute the
Distance-weighted Selection for an instance i (DwS i).

DwSi = max(∀j∈J DwSij) (1)
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where:

DwSij =Wij ×
1
dij

(2)

where:
• DwSij is the distance-weighted selection of instance i to
class j;

• Wij defines the additional information (selection crite-
rion) for an instance i to the j-th class. In this paper,
we will use prediction confidence and classification
agreement as the selection criterion,W , in this equation;

• J represents the set of classes of a problem;
• dij represents the distance between the i-th instance and
the centroid of the j-th class.

As it can be observed in Equation 1, the Distance-weighted
Selection of an instance i is defined by the maximum value
among values of all classes. For each class, the Distance-
weighted Selection is defined by multiplying the distance of
this instance to the centroid of a class with its corresponding
weight. In this paper, we will use the Euclidean distance as
dij and it calculates the distance between the i-th instance
and the centroid of the j-th class. Additionally, we will use
two selection criteria as weight (Wij), prediction confidence
and classification agreement, leading to two DwS versions,
DwS-C and DwS-A. The next subsections will describe the
use of these selection approaches in both Self-training and
Co-training SSL methods.

A. SELF-TRAINING WITH DwS-C
Algorithm 5 shows the functioning of Self-training with
DwS-C (St-dws-C). Regarding the differences between St-std
and St-dws-C, the former uses a confidence-based selection
while the later uses a distance-weighted selection, combining
the confidence-based selection with a distance metric.

Algorithm 5 Self-Training With Distance-Weighted
(St-dws-C)

1 while U is not empty do
2 train C with L;
3 compute dij for all classes j using L;
4 label U using C ;
5 compute DwS-Ci for each i within U ;
6 select the best labelled-instances of U according

DwSi and join them to L;
7 end

Considering the following illustrative example: suppose
that we have two unlabelled instances u1 and u2 from U .
Let d1a and d2a be the distance from these instances to class
a, respectively. The steps described in Algorithm 5 are used
in this example and it selects only one instance at each iter-
ation. Then, suppose that a classification algorithm assigns
class label ‘‘a’’ for both instances u1 and u2 (line 4), with
the prediction confidences (confij) for these two instances
(u1 and u2) equal to 0.80 and 0.90, respectively. Based on

these confidence values, we can state that the classification
algorithm is more confident in assigning u2 to class a than u1.

Note that if the standard Self-training (St-std) is used, then
u2 would be selected. Nevertheless, for St-dws-C, suppose
that the Euclidean distance is used to calculate the distance
between an instance and the centroid of a class and we
obtained d1a = 1.58 and d2a = 2.73, for u1 and u2, respec-
tively. This shows that u1 is much similar to all instances of
class a than u2. Based on this, we can then calculate DwS ij
for u1 and class a, as follows

DwSu1a = conf_predi ×
1
d

,

DwSu1a = 0.80×
1

1.58
= 0.5063

For u2 and class a, the same equation (Eq. (2)) was applied
and DwS ij = 0.3297. Suppose that the results delivered by
DwSu1a and DwSu2a represent, respectively, the maximum
value achieved byDwS ij, for both instances. In this sense, the
DwS values for u1 and u2 would be, respectively, 0.5063 and
0.3297. Finally, based on the St-dws-C flow, the instance
selected in the selection step would be u1.
The DwS strategy focus on benefiting the unlabelled

instances which are closer to instances of the same class in the
labelled set. Consequently, we aim at decreasing the selection
of poorly labelled instances, which often happens with semi-
supervised methods, mainly in the beginning of the selection
process. In the empirical analysis of this paper, as in the above
example, the Euclidean Distance between an instance and the
centroid of a class will be used as distance metric, for all
methods that use a DwS approach.

B. SELF-TRAINING WITH DwS-A
In this approach, the Self-training method uses a Distance-
weighted Selection in which an agreement-based selec-
tion criterion is combined with a distance metric. For the
agreement-based criterion, we use the ensemble-based agree-
ment criterion described in Section II-B (EbAL).
As shown in Algorithms 3 and 4, EbAL has two ver-

sions, v1 and v2. For each version, we implemented the
use of Selt-training with DwS, leading to St-dws-A(v1) and
St-dws-A(v2) SSL methods. It is important to emphasise that
the difference between St-dws-A(v1) and St-dws-A(v2) lies
only in the labelling phase (the selection phase is the same),
in which St-dws-A(v1) performs labelling using a single
classifier (C), and St-dws-A(v2) performs labelling using the
output of a classifier ensemble.

C. CO-TRAINING WITH DwS-C
Co-training standard version that uses the DwS-C approach,
named Co-training with Distance-weighted Selection
(Ct-dws-C), follows the same concept used in Self-training.
In addition, DwS-C values are calculated using Eqs. (1)
and (2) as well as the confidence prediction as theWij weight,
for both views (classifiers) of a Co-trainingmethod. Then, the
selection is performed based on the calculated DwS-C values.
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After the selection procedure, the same flow of a standard
Co-training method is used by Ct-dws-C, in which unlabelled
instances chosen by one classification algorithm are added to
the labelled set of the other one.

D. CO-TRAINING WITH DwS-A
Co-training with DwS-A versions follow the same idea of
St-dws-A(v1) and St-dws-A(v2), including the EbAL as the
agreement-based selection criterion and a distance metric.
Two versions have been implemented, one for each EbAL
version, Ct-dws-A(v1) and Ct-dws-A(v2). In these two ver-
sions of Co-training, after computing the classification agree-
ment for all instances from the unlabelled set, the DwS
process is applied for each view (classifier). Then, as in the
standard Co-training, the unlabelled instances selected by one
classifier is included in the labelled set of the other classifier.

V. EXPERIMENTAL METHODOLOGY
This section will present a detailed description of the exper-
imental framework performed in this paper. These details
include a description of the datasets employed in the empir-
ical analysis; the baseline methods used in the empirical
analysis; the predictive accuracy measures used to assess the
quality of the analysed methods; and other materials and
methods of this empirical analysis. The methodology and the
experimental framework used in this paper are based on the
experimental methodology presented in [15].

A. THE EXPERIMENTAL FRAMEWORK
The experimental methodology applied in this paper uses the
general functioning of a n-fold cross validation method, with
n = 10. The main steps are described as follows.

1) shuffle the original dataset;
2) divide the dataset into 10 stratified folds;
3) separate one fold for validation (Validation set - V) and

9 folds for training (Training set - T);
4) divide the Training set into labelled and unlabelled sets.

Usually, we use a small set of labelled instances. In this
paper, the proportion of initially labelled instances (L)
is 10%. Then, the proportion of initially unlabelled
instances (U) is 90%;

5) apply the semi-supervised method to create an ML
model, using L;

6) validate the created ML model with V;
7) repeat steps 3-6 (using a different fold for validation)

until all folds have been used as validation.

The above process is repeated 10 times and a different data
distribution for the 10 folds is applied each time. At the end
of this process, we will obtain 100 values (10×10-fold cross-
validation) and the overall result is defined by averaging these
values. Another important aspect of this methodology is that
the proportion between labelled and unlabelled instances is
set to 10% and 90%, respectively. These values were selected
based on previous experiments performed in our former stud-
ies, as in [14], [15]. In these experiments, methods using the

TABLE 1. Description of the datasets.

proportion 10-90 obtained the best results. Therefore, this
proportion has been selected as part of the configuration for
the experimental methodology of this paper.

B. DATASETS
In this empirical analysis, we aim at assessing the feasibility
of the proposed methods. In order to do this, a wide range
of classification problems is selected and it is represented in
35 datasets, which were selected from a well-known machine
learning repository.1 Table 1 illustrates a short description
of the used datasets, including their reference number (No),
name (Dataset), number of instances (Inst), attributes (Att)
and classes, as well as the attribute data types (categorial - C
or Numeric - N). For this extended version, we included more
datasets, seeking to conduct a more exploratory analysis.

C. COMPARATIVE ANALYSIS
As stated earlier, this extended work aims to assess the
effectiveness of our proposed DwS approach. In order to
do so, a comparative analysis will be performed and dis-
cussed in two parts. In the first part, 14 SSL methods are

1UC IrvineMachine Learning Repository. Available on https://archive.ics.
uci.edu/ml/datasets.php
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assessed, our 6 proposed methods, St-dws-C, Ct-dws-C,
St-dws-A(v1), St-dws-A(v2), Ct-dws-A(v1) and Ct-dws-
A(v2) will be compared to their standard SSL versions, St-
std and Ct-std, as well as to the corresponding versions with
random selection (St-rand andCt-rand), and their correspond-
ing SSL versions using only the agreement-based selection
criterion, St-EbAL(v1), St-EbAL(v2), Ct-EbAL(v1) and Ct-
EbAL(v2). In the second part, the proposed methods that
achieved the best results in the first part (best Self-training
and best Co-training) will be compared to some existing SSL
methods, GRF, LLGC, YATSI and one supervised method
with two training strategies, J48-10% and J48-90%.

In [15], a comparative analysis included a different SSL
method with a confidence-based selection criterion (Self-
training Flex-Con-C1(s) proposed in [42]). Therefore, for
simplicity reasons, we decided not to include this SSLmethod
in the comparative analysis of this paper.

D. TIME EFFICIENCY ASPECTS
The set of experiments did not take into account time-related
aspects since they were performed in different machines with
different hardware resources and with different programming
languages. Nonetheless, it was observed that the Ensemble
Based (EbAL) approaches take 20 to 40 times longer than the
non-EbAL versions, which is justified by the use of a pool
of classifiers in EbAL-based Self-training versions and two
pools of classifiers in the EbAL-based Co-training versions.
Finally, it is important to note that the time spent in an EbAL-
based method is strongly related to the type of classifiers used
in the pool of classifiers. Thus, we recommend the use of
weak classifiers in the composition of the pool. Apart from
this observation, the remaining SSL methods have a similar
processing time.

E. PREDICTIVE ACCURACY MEASURES
In this experimental analysis, all semi-supervised methods
are assessed using two distinct predictive measures, which
are: classification accuracy and F-measure. The classification
accuracy (or simply accuracy) is defined by dividing the
number of instances that are correctly predicted by the total
number of testing instances, whereas the F-measure (or F-
score) is defined by the harmonic mean between precision
and recall [47] and it can be expressed in Eq. 3. Moreover,
considering the characteristics of the datasets (i.e., multi-
class), we use macro-averaging F-measure.

F-measure =
(2 ∗ P ∗ R)
(P+ R)

(3)

where:
• P is precision, or the positive predictive value. It can
be defined as the division of true positive instances by
the number of all instances labelled as positive (true and
false); and

• R is recall and it is defined by the division of true positive
instances by the sum of true positive and false negative
instances.

In addition, the results delivered by both measures will be
analysed from a statistical perspective. In order to do this, the
Friedman test will be applied, with a significance level equal
to 0.05 (or 5%). The null hypothesis of this test states that
there is no significant difference between the average values
achieved by the evaluated methods. In cases where the null
hypothesis is not accepted, we perform a post-hoc test, which
will be the Nemenyi test [48].

F. METHODS AND MATERIALS
The semi-supervised methods that employ the DwS approach
will apply the Euclidean Distance between an instance and
the centroid of a class as the distance metric (dij in Eq. 2).
This distance is well-known and it is widely applied in several
ML tasks. Because of this, we decided to use the Euclidean
Distance as the distance metric.

All twelve methods as well as the experimental framework
were developed based on the Weka API [49]. For all semi-
supervised methods analysed in this paper, a Decision Tree
is selected to be the base classifier. In [50], we evaluated
the use of several ML models (k-NN, SVM, MLP and DT)
as base classifiers in SSL methods with automatic selection
procedure. As a result of this evaluation, they all have sim-
ilar performance (based on statistical analysis). Therefore,
this algorithm (DT) was selected due to its simplicity and
efficiency. Nevertheless, any other well-known classification
algorithm can be used as a base classifier. We used the
J48 version which is an implementation of Decision Tree
in Weka. In addition, all hyper-parameters were set to their
default values. The only exception was confidence factor
(depth of tree) that was set to 0.05, defined after an initial
investigation.

The proportion of initially labelled instances (L) is set to
10% of the original training set. Regarding this proportion,
we tested different other values, such as: 5% and 15%, but
none of them produced better results. Therefore, we decided
to present the results of this value. Additionally, in the DwS
methods, the number of instances to be selected at each
iteration is set to 10%. Therefore, these versions select the
10% best-ranked instances according to its DwS values. This
value was also based on initial analysis.

Finally, all experiments were performed on a PC (desk-
top) with the following configuration: Ubuntu 16.04 64 bit;
Intel(R) Xeon(R) CPU E5-4610 v4 - 1.80GHz, 6 core; HD
with 1 TB; and RAM with 24Gb. In fact, as the Transductive
SSL methods (e.g. GRF and LLGC) demand a reasonable
quantity of RAM, we added 16Gb of RAM to the initial
configuration (8Gb) and ran all the experiments, including
the ones previously presented.

1) EXISTING SSL METHODS
For a better understanding of the results obtained by the
proposed methods, a comparative analysis will be conducted,
comparing the obtained result to some existing SSL methods.
In this comparative analysis, We also include a Supervised
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method. Thus, the methods used in the comparative analysis
are the following ones.
• Learning With Local and Global Consistency
(LLGC): this method is a graph-based SSL method
that was originally proposed in [29]. The experiments
with LLGCwere performed using aWeka-based version
presented in the Collective Classification Project.2 For
this method, all hyper-parameters are set to the default
values;

• Yet Another Two Stage Idea (YATSI): this is a
wrapper-based SSL method and was proposed in [51].
The used YATSI version is also available on Weka
Collective Project. For this method, the number of
nearest neighbours was set to 10 (setKNN(10)), with-
out weights (setNoWeights(true)) and all other hyper-
parameters with default values;

• Gaussian Random Fields (GRF): this is also a graph-
based SSL method and GRF was originally proposed
in [28]. The experiments using GRF were performed
using an R implementation with all hyper-parameters set
to default values;

• Decision Tree: it is a well-known supervised method
available in Weka through its implementation called
J48. Regarding the hyper-parameters, confidence factor
(depth of tree) was set to 0.05, and all others were set to
default values. Moreover, we used two additional train-
ing set configurations for J48which are: a) it uses 10%of
the original training set as its actual training set (named
as J48-10%); b) it uses 90% of the original training as
its actual training set (named as J48-90%). These two
training set configurations were used as benchmarks for
comparison purposes.

The experimental framework presented in Subsection V-
A is also used for all SSL methods described in this section,
including their parameter settings. The only exception is the
DT method which is a Supervised method and it does not use
the unlabelled set of instances.

VI. EXPERIMENTAL RESULTS
This section presents the experimental results, comparing
the predictive performance of the proposed approach (DwS-
based versions) to eight other baseline methods: (a) St-rand,
(b) St-std, (c) St-EbAL(v1), (d) St-EbAL(v2), (e) Ct-rand,
(f) Ct-std, (g) Ct-EbAL(v1) and (h) Ct-EbAL(v2). In this
paper, a pairwise analysis will be performed, comparing
a DwS method and the corresponding non DwS method,
in a two-by-two basis. The obtained results are presented
in Tables 2 – 5. These tables present average accuracy
and F-measure results for all analysed methods (columns
from 2 to 8) over all 35 datasets (lines). In these tables, the
bold numbers represent the highest value among all analysed
methods for each dataset. In addition, the last three lines of
each table represent: (a) the overall average accuracy over

2available on https://github.com/fracpete/collective-classification-weka-
package

all datasets (Avg); (b) the overall number of wins for each
method (General wins); and (c) the average ranking over all
datasets for each method (Avg rank).

For simplicity reasons, this analysis will be divided
into two main parts, Self-training and Co-training and the
obtained results are evaluated in the next two subsections.

A. SELF-TRAINING METHOD
1) PREDICTIVE ACCURACY
Table 2 presents the experimental results for Self-training
method using accuracy as metric of performance. According
to Table 2, in general, we can state that St-EbAL(v2) (Self-
training using agreement-based selection criterion) obtained
the best average accuracy (73.89%) among all other methods,
having the highest number of wins (12 out of 35 datasets), and
also the lowest average ranking (3.03).

When analysing the impact of DwS-C, in comparison with
both standard and random selection self-training versions,
columns (2-4) in Table 2, we can observe that the use of
DwS as a selection criterion had a positive effect in the
selection phase of this SSL method. It is important to note
that, in this comparison, St-dws-C was more accurate than
St-std and St-rand. In addition, St-dws-C achieved a better
ranking position and a higher number of wins than St-std and
St-rand. In other words, St-dws-C outperformed St-std and
St-rand in all three evaluation criteria.

In relation to the use of classification agreement as selec-
tion criterion in the first version (named v1), we compare its
use on its own (column 5) with its use in the DwS approach
(column 6), we can state that its use in the DwS approach had
a positive effect on the Self-training performance, allowing
St-dws-A(v1) to be slightly better than St-EbAL(v1) in terms
of average accuracy, presenting also a better ranking position.
However, St-EbAL(v1) had a higher number of wins than
St-dws-A(v1) (7 against 3 wins). In fact, we can observe
that St-EbAL(v1) is more unstable than St-dws-A(v1) with
a higher accuracy variation throughout the analysed datasets.

Although the use of DwS-A had a positive effect on the
first DwS-A version, a similar pattern has not been noticed
in the second DwS-A version. When comparing the results
presented in columns 7 (St-EbAL(v2)) and 8 (St-dws-A(v2)),
we can observe St-EbAL(v2) outperformed St-dws-A(v2) in
all three evaluation criteria. We believe that this behaviour
pattern is due to the fact that the performance of St-EbAL(v2)
was already very high, not allowing the proposed combina-
tion any opportunity for improvement.

In summary, based on Table 2, we can state that DwS-based
methods had better performance in 2 analysed scenarios (out
of 3), which may indicate that our proposal has enhanced the
accuracy performance of the Self-training SSL method.

Figure 1 presents the CD diagram of the Self-training
results (average accuracy) presented in Table 2. In this
diagram, the method with the lowest average ranking is
St-EbAL(v2) (the leftmost method), followed by St-dws-C
and St-dws-A(v2). Of the top four methods, three of them
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TABLE 2. Average accuracy for self-training methods.

FIGURE 1. Critical difference diagram presenting average accuracy for
self-training methods.

contain the proposed selection approach, which is a promis-
ing result. Additionally, when comparing St-dws-C and
St-std, the statistical test detected difference in performance,
with St-dws-C providing more accurate results.

2) F-MEASURE
Table 3 presents the experimental results for Self-training
method using F-measure as metric of performance.

In general, we can state that St-dws-C (one of the proposed
methods) obtained the best F-measure values (0.5862) among
all other methods, and the lowest average ranking (2.74).
However, regarding the number of wins, St-dws-A(v2) pro-
vided a higher number of wins, 10 out of 35.

When analysing the results of columns (2-4) in Table 3
(St-rand, St-std and DwS-C), the use of DwS as a selection
criterion had a positive effect on the selection procedure of
Self-training, when comparing St-std and St-rand against St-
dws-C. In this comparison, note that St-dws-C was better
than St-std and St-rand in all three evaluation criteria, average
F-measure values, ranking position and number of wins
(8 out of 35).

Regarding the use of classification agreement in the first
DwS-A version, columns 5 (St-EbAL(v1)) and 6 (St-dws-
A(v1)), we can state that the use of DwS-A as a selec-
tion criterion made St-dws-A(v1) deliver a slightly better
than St-EbAL(v1), in all three evaluation criteria, average
F-measure values, ranking position and number of wins
(6 out of 35).

Finally, when comparing the use of classification agree-
ment in the secondDwS-A version, columns 7 (St-EbAL(v2))
and 8 (St-dws-A(v2)), we can state that the use of DwS-A as a
selection criterion improved the performance of the selection
procedure, leading to an increase in performance, ranking and
number of wins.

In summary, based on Table 3, we can state that DwS-
based methods had better F-measure performance in all three
analysed scenarios, which may indicate that our proposal
has enhanced the F-measure performance of the Self-training
SSL method.

Figure 2 presents the CD diagram for the Self-training
results (average F-measure) presented in Table 3. In this
figure, the leftmost method, St-dws-C obtained the lowest
average ranking of all analysed methods. From this figure,
we can also observe that all three proposed approaches
are located in the left part of this diagram, showing that
the proposed approaches can help the self-training method
to become more effective in imbalanced datasets. Addition-
ally, when comparing St-dws-C against St-std and St-rand,
the statistical test detected difference in performance, with
St-dws-C providing higher F-measure results.

B. CO-TRAINING METHOD
1) PREDICTIVE ACCURACY
Table 4 presents the experimental results for the Co-training
method using accuracy as metric of performance. From this
table, we can state that Ct-EbAL(v2) obtained the best results
for all three evaluation criteria, the highest average accuracy
(66.62%), the highest number of wins (14 out of 35 datasets),
and the lowest average ranking (2.69).

When analysing DwS-C, in comparison with the standard
Co-training and the onewith random selection (columns 2-4),
we can see that the use of DwS as a selection criterion had

VOLUME 10, 2022 43545



C. A. S. Barreto et al.: Applying Efficient Selection Techniques of Unlabeled Instances

TABLE 3. Average F-measure for self-training methods.

FIGURE 2. Critical difference diagram presenting average F-measure for
self-training methods.

a positive effect in the Co-training selection procedure, and
this can be observed when comparing Ct-std against Ct-dws-
C and Ct-rand. In this comparison, we can observe that Ct-
dws-C is more accurate than Ct-std and Ct-rand, and also had
a lower ranking position. However, it delivered a slight lower
number of wins (4 against 5 and 6, respectively).

Regarding both DwS-A versions, columns (5-8), compar-
ing Ct-EbAL(v1) against Ct-dws-A(v1) and Ct-EbAL(v2)
against Ct-dws-A(v2), unlike DwS-C, the use of DwS as
a selection criterion deteriorated the performance of the
selection procedure of the Co-training method. In this com-
parison, for both versions, the agreement-based versions

TABLE 4. Average accuracy for co-training methods.

(Ct-EbAL(v1) and Ct-EbAL(v2)) outperformed the DwS-
A versions (Ct-dws-A(v1) and Ct-dws-A(v2)) in all three
evaluation criteria, average accuracy, ranking position and
number of wins.

In summary, based on Table 4, we can state that DwS-
based methods had better performance in only 1 analysed
scenario (out of 3). Unlike Self-training, our proposal did not
improve the performance of the selection procedure for the
Co-training SSL method.

Figure 3 presents a CD diagram for the Co-training results
(average accuracy) showed in Table 4. In this diagram, the
leftmost method, Ct-EbAL(v2), obtained the lowest average
ranking of all analysed methods. From this diagram, we can
also observe that Ct-dws-C is the second method, from the
left to right, showing that this method has the second lowest
ranking. Nevertheless, the statistical test detected statistically
significant difference, only in relation to Ct-rand.

2) F-MEASURE
Table 5 presents the experimental results for Co-training
method using F-measure as metric of performance. From a
general perspective, we can state that Ct-dws-C obtained the
best average F-measure (0.5203) among all other analysed
methods, having also the highest number of wins (11 out of
35) and providing the lowest average ranking (2.49).

When analysing DwS-C, comparing it to the standard Co-
training and the one with random selection (columns 2-4),
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FIGURE 3. Critical difference diagram presenting average accuracy for
co-training methods.

we can observe an improvement in performance caused by the
use of DwS as a selection criterion, when comparing Ct-std
and Ct-rand against Ct-dws-C. Additionally, it is possible to
observe that Ct-dws-C outperformed Ct-std and Ct-rand in all
three evaluation criteria, F-measure values, ranking position
and number of wins (11 against 4 and 0, respectively).

Regarding both DwS-A versions, columns 5 and 6
(Ct-EbAL(v1) against Ct-dws-A(v1)) and 7 and 8
(Ct-EbAL(v2) against Ct-dws-A(v2)), we can state that the
use of DwS as a selection criterion did not have a positive
effect on the F-measure performance. In this table, it can be
seen that Ct-EbAL(v1) overcomes Ct-dws-A(v1) in average
F-measure, ranking position and number of wins. Moreover,
Ct-dws-A(v2) overcomes Ct-EbAL(v2) in the number of
wins and average ranking. However, Ct-EbAL(v2) delivers
a much higher F-measure value than Ct-dws-A(v2).

In summary, based on Table 5, we can state that DwS-
based methods had better performance in 1 out of 3 anal-
ysed scenarios. However, it is important to emphasise that
the improvement in performance has always been happening
when using the DwS-C selection criterion and, in some cases,
in the first DwS-A version.

Figure 4 presents a CD diagram for the Co-training results
(average F-measure) showed in Table 5. The leftmost method
of this diagram, Ct-dws-C, obtained the lowest average rank-
ing of all. This method uses one of the proposed approaches
and it is statistically better than Ct-dws-A(v1) and Ct-rand.
Although Ct-dws-C was not statistically better than Ct-dws-
A(v2) as it was against Ct-dws-A(v1), we can state that
Ct-dws-C obtained the best results among all three DwS-
based methods. Therefore, the best combination for the
Co-training method, assessing with F-measure, is a
confidence-based selection criterion combined with a dis-
tance metric.

C. COMPARATIVE ANALYSIS
Based on the extensive analysis carried out over the experi-
mental results presented in Sections VI-A and VI-B, we were
able to select the best two proposed methods (one for Self-
training and one for Co-training), according to their accuracy

TABLE 5. Average F-measure for co-training methods.

FIGURE 4. Critical difference diagram presenting average F-measure for
co-training methods.

and F-measure performances. The best proposed methods
are St-dws-A(v2) and Ct-dws-C. These two methods will be
compared to the existing methods discussed in Section V-F1,
which are: LLGC, YATSI, GRF, J48-10% and J48-90%.

1) PREDICTIVE ACCURACY
Table 6 presents the average accuracy results for all seven
methods (i.e., three existing SSL methods, two supervised
methods and the two proposed methods). In general, we can
state that J48-90% obtained the best average accuracy
(79.70%) among all analysed methods, having the highest
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number of wins (24 out of 35 datasets), and also the low-
est average ranking (1.86). This result was expected mainly
because J48-90% is a supervised method using a training set
of 90% of the original training set, which is nine times bigger
than the initial training set of the SSL methods.

When analysing our two proposal methods, we can state
that St-dws-A(v2) obtained the best results among them,
including average accuracy, number of wins and average
ranking. In this sense, we will compare St-dws-A(v2) (i.e.,
best proposed method) against the existing SSL methods
(columns 2-4 and 7). We can observe that St-dws-A(v2)
obtained the best average accuracy (72.81%) and the lowest
average ranking (3.40). However, it did not obtained the high-
est number of wins, being only the third method according to
this metric (3 out of 35 datasets).

Regarding the overall performance of the existing SSL
methods (columns 2-4), we can state that YATSI obtained
the best average accuracy (72.67%) and the lowest average
ranking (3.46). But it was only second in number of wins (4
out of 35 datasets). Moreover, GRF obtained the highest num-
ber of wins (5 out of 35 datasets). However, its performance
in average accuracy and average ranking was poor (56.32%
and 5.06, respectively). Finally, LLGC was the overall worst
baseline method in all three metrics (50.30%), (5.51) and
3 wins.

Figure 5 presents the CD diagram for the average accuracy
results presented in Table 6. As we can see, the leftmost
method, J48-90% obtained the lowest average ranking of all
analysed methods. From this figure, we can also observe that
St-dws-A(v2) is the second best method located in that dia-
gram. Additionally, when comparing St-dws-A(v2) against
the existing methods, we can observe that the statistical test
produced two statistically significant results: St-dws-A(v2)
was significantly better than both LLGC ((p-value = 0.0007)
and GRF (0.0226). Finally, according to the statistical test,
there is no statistical difference between J48-90% (i.e., the
overall best method) and St-dws-A(v2) (i.e., best proposed
method). This is a promising result since it shows that our
proposed method delivered similar performance to a super-
vised method that has a training set nine times bigger than its
initial training set, from a statistical point of view.

2) F-MEASURE PERFORMANCE OF THE BEST METHODS
Table 7 presents the average F-measure results for the afore-
mentioned methods. Once again, J48-90% delivered the best
results, achieving 0.6538 in average F-measure, 2.11 in
average ranking, and number of wins equals to 18, out of
35 datasets.

When analysing our two proposed methods, St-dws-A(v2)
also obtained the best results, including average F-measure,
number of wins and average ranking. Regarding St-dws-
A(v2) compared to the existing SSL methods, we can state
that St-dws-A(v2) achieved the best average F-measure
(0.5797) and the second lowest average ranking (3.49). How-
ever, it did not obtained the highest number of wins, being

TABLE 6. Average accuracy for the best proposed method and baselines.

FIGURE 5. Critical difference diagram presenting average accuracy for the
best proposed method and baselines.

only the third method according to this metric (2 out of
35 datasets).

In relation to the existing SSL methods, we can state
that YATSI obtained the best average F-measure (0.5793)
and the lowest average ranking (3.20). But it was only
second in number of wins (4 out of 35 datasets). More-
over, once again, GRF obtained the highest number of wins
(11 out of 35 datasets). However, it was the fourth in average
F-measure (0.5369) and the third in average ranking (3.80).
Finally, LLGC was the overall worst baseline method in all
three metrics (0.2476), (6.71) and 0 wins.

Figure 6 presents the CD diagram for the average
F-measure results presented in Table 7. As we can see that
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J48-90% obtained the lowest average ranking of all analysed
methods (the leftmost method). From this figure, we can also
observe that St-dws-A(v2) is the third best method located
in that diagram. Additionally, when comparing St-dws-A(v2)
against the existing methods, we can observe that the sta-
tistical test produced one statistically significant result:
St-dws-A(v2) was significantly better than LLGC (p-value=
0.0001). Finally, according to the statistical test, there is no
statistical difference between J48-90% (i.e., the overall best
method), YATSI (i.e., the second best method) and St-dws-
A(v2) (i.e., best proposed method).

FIGURE 6. Critical difference diagram presenting average F-measure for
the best proposed method and baselines.

D. DISCUSSION OF THE OBTAINED RESULTS
In the previous section, we conducted a robust analysis to
investigate the benefits of using a combination of a distance
metric with a selection criterion. In order to investigate this
combination, we implemented different versions of Self-
training and Co-training methods. This section presents an
analysis of the obtained results.

When analysing the experimental results presented in
Tables 2 and 3, we can conclude that the DwS-based
Self-training versions obtained better results than the cor-
responding versions without this selection criterion (5 out
of 6 analysed scenarios for both accuracy and F-measure).
It is important to emphasise that St-dws-C uses the proposed
approach, showing the importance of combining a selection
criterionwith a distancemetric in the performance of the Self-
training method.

In relation to the Co-training methods, the experimental
results presented in Tables 4 and 5 show that the DwS-based
Co-training versions had better results in only 3 cases (out 6),
when compared to their corresponding versions. It is impor-
tant to highlight that the Co-training with the best F-measure
values, Ct-dws-C, uses the proposed approach and it shows
the importance of combining a selection criterion with a
distancemetric in the performance of the Co-trainingmethod.
However, when compared to the Self-training methods, the
use of the DwS approach did not cause a stronger impact
in the performance of the Co-training methods. As pre-
viously mentioned, Co-training uses two subsets (views)

TABLE 7. Average F-measure for the best proposed method and
baselines.

+

which are presented to two different classifiers. The proposed
Co-training methods use the selection values of one classi-
fier (view) to be included in the other one. It means that the
selected values are calculated based on one subset, but its
corresponding instance is added to the other subset, which
may not be as important as it was in the original subset. This
is a step that is used in the original Co-training andwe decided
to maintain it in the proposed methods. However, we believe
that this may cause a deterioration in the performance of the
proposed approaches.

When comparing the best proposed method against the
existing methods (SSL and supervised ones), we can state
that J48-90% obtained the best average accuracy and aver-
age F-measure among all other methods, having the high-
est number of wins, and also the lowest average ranking.
As mentioned previously, it is an expected result mainly
because J48-90% is a supervised method, using a training
set composed of 90% of the original training set. However,
despite of J48-90%’s performance, our best proposed method
(i.e., St-dws-A(v2)) obtained the second best average accu-
racy and average ranking among all SSL methods. Moreover,
St-dws-A(v2) obtained the second best average F-measure
and the third best average ranking for this metric. This is
a promising result since it shows that St-dws-A(v2) out-
performed three well-known SSL methods, mainly in terms
of predictive accuracy. On top of that, St-dws-A(v2) was
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statistical similar to J48-90% (i.e., the best baseline method),
in both predictive accuracy and F-measure.

VII. FINAL REMARKS
This paper presented a new methodology for selecting unla-
belled instances for wrapper-based Semi-supervised Learn-
ing (SSL) methods. This work is an extension of a previous
work [14], including the proposal of one selection version
and performing much deeper empirical analysis than [14].
In the proposed approach, a selection criterion (prediction
confidence or classification agreement) was combined with
a distance metric, in a method called Distance-weighted
Selection (DwS-C or DwS-A). This selection method can
be adjusted to be used in any wrapper-based SSL method,
but, in this paper, we apply this method for Self-training and
Co-training SSL methods.

Aiming to investigate the effects of using DwS, differ-
ent versions of Self-training and Co-training have been
implemented, including confidence-based (DwS-C) and
agreement-based (DwS-A) methods. Moreover, random ver-
sions, standard versions and agreement-based based versions
of these methods were also implemented. In the empirical
analysis, the main aimwas to investigate deeper its effect over
35 well known and diverse datasets using two performance
metrics (accuracy and F-measure).

In general, we can state that the adoption of a combined
selection criterion had a positive effect in the performance
of both analysed SSL methods, being Self-training the one
that obtained the highest improvements. It is also important
to emphasise that the proposed approach achieved better per-
formance than the original SSL versions, for the majority of
analysed scenarios. On top of that, the best proposed method
obtained competitive results against five existing methods,
being statistically better than two SSL methods, and similar
to the supervised methods and one SSL method (YATSI).
We can then conclude that the obtained results are promising
and they show us that a more effective selection criterion can
improve the performance of a wrapper-based SSL method.

In order to further improve the investigation presented
in this paper, it would be relevant to apply the selection
approaches in other wrapper-based SSL methods, investigat-
ing the feasibility of employing our proposal to SSL methods
that use distinct sampling and labelling procedures. Finally,
distinct approaches for formulating DwS (e.g. linear combi-
nation of confidence prediction and distance metric) could
also be assessed.
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