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ABSTRACT Large hydropower stations often undertake peak regulation tasks during the non-abandoning
water season. This requires a reasonable arrangement of unit commitment and load distribution (UCLD).
In this study, a load distribution model considering constraints of substations was established, and a
novel refined and practical method (RPM) was proposed by considering a whole plant-substation mod-
ule, substation-unit module, and adjustment module along with practical strategies. The Three Gorges
hydropower station in China was selected to demonstrate the effects of the RPM. The results showed that
the RPM with high calculation timeliness can obtain UCLD schemes with high rationality and practicability
under the constraints of the whole plant, substations, and units. The relative mean absolute error of the
simulation outflow could be controlled within 1%, thereby providing a valuable reference for forecasting
the outflow process which involving the unit level.

INDEX TERMS Large hydropower stations, load distribution, substation constraints, output adjustment
strategies, bus connection switching status.

I. INTRODUCTION
In the context of carbon emissions peaks [1] and carbon
neutrality [2], the energy structures and industrial layouts of
various countries have changed to different degrees. In recent
years, the installed capacities of new energy sources such
as wind and solar energy have been growing rapidly in
China [3]. However, the uncontrollability and randomness
caused by their grid-connected operations also pose a sig-
nificant threat to the security and stability of the grid [4].
Hydroelectric energy is a type of clean and conventional
energy with a flexible peak regulation capacity, and is gen-
erally a superior choice for addressing with these difficult
problems [5]. Therefore, studying the operation management
of hydropower stations is of great significance for optimizing
the national energy structure, smoothly promoting the con-
nection of new energy sources with the grid, and gradually
realizing the goal of carbon neutrality.
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Large hydropower stations often undertake peak regulation
tasks from the grid, and are expected to carry out the load
instructions strictly, arrange unit commitment and load dis-
tribution (UCLD) reasonably, and adapt to load fluctuations
quickly [6], [7]. UCLD is a typical nonlinear large-scale
optimization problem with complex constraints [8], [9]. The
computation burden of UCLD grows exponentially with an
increase in hydro units. Cheng et al. [10] pointed out that
when the number of hydro units is greater than 10, a dimen-
sionality disaster occurs. In the past few decades, a large num-
ber of studies have attempted to solve the UCLD problem;
these studies can be broadly divided into three categories.

The first category is the traditionalmethods, mainly includ-
ing lagrangian relaxation (LR) [11], [12], nonlinear program-
ming (NLP) [13], mixed integer linear programming (MILP)
[14], [15] and dynamic programming (DP) [10], [16]. These
methods have gained elegant achievements for specific sce-
narios with simple constraints and small scales. However,
their respective flaws are the main obstacles for the exten-
sive application. LR can achieve a quick solution, but it is
generally difficult to find suitable lagrange multipliers [17].
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Nonlinearity is a prominent feature of the UCLD problem,
and is mainly caused by the dynamic operation characteristics
of hydro units. Taktak and D’Ambrosio [18] summarized that
NLP is a very efficient method to model and solve the UCLD
model. However, it is not easy to manage the nonlinearity of
NLP in general, as approaches tend to be mainly limited by
the scale of the problem and solving tools. While MILP can
be aided by normalized and efficient commercial software
solvers, such as LINGO and CPLEX.More importantly, there
is no limit to the size of the problem. Li et al. [19] utilized
MILP to optimize the hydro unit commitment. However, lin-
earization has an extreme influence on the solution feasibility.
Especially for large hydropower stations with numerous units
and complex constraints, the poor quality of linearization can
easily lead to unsatisfactory dispatching results [18]. Along
with MILP, DP has been one of the most classical algorithms
for solving the UCLD model. More importantly, it is skilled
in addressing nonlinear optimization problems. But with an
increase in units, the calculation efficiency of DP decreases
sharply [10].

The second category includes heuristic methods, such as
the particle swarm optimization [10], [20], ant colony algo-
rithm [21]–[23], genetic algorithm [24], [25], evolutionary
programming [26], [27], and differential evolution [28], [29].
These algorithms usually determine a suboptimal solution
by simulating a specific natural phenomenon. In general,
the modeling steps can be divided into three steps. First,
the sequence of the unit on-off states during the dispatching
period is abstracted into a single particle, and an initial popu-
lation is generated. Second, the iteration and update rules of
the population are defined according to different natural phe-
nomena, and constraint-handling strategies are formulated.
Finally, the rules and strategies are executed until the termina-
tion conditions are met. Compared with traditional methods,
heuristic methods have powerful searching abilities and high
calculation timeliness [30]. However, the dispatching results
are often not convergent, leading to deep confusion regarding
the actual dispatching decisions of hydropower stations; this
has become the main obstacle to their application in produc-
tion practice [31].

The third category includes methods with practical strate-
gies. Based on a detailed analysis of the operation character-
istics of the target hydropower station, the concerns affecting
the dispatching results are analyzed, and practical methods
are proposed. For example, Cristian Finardi et al. [32] pro-
posed a two-phase decomposition strategy to yield accurate
and practical results for the UCLD in the Brazilian regulatory
framework. Siu et al. [33] designed the hierarchical approach
to determine the optimal hydroelectric unit generation sched-
ules. Li and Tang et al. [34] used Xiluodu as the research
object, and proposed a practical method for increasing and
decreasing the type and number of hydro units under varying
load conditions. Zhou et al. [35] proposed a load-adjustment
method with regime-changing conditions for the Yuanshui
cascade hydropower stations in China. Methods with prac-
tical strategies such as these can be regarded as summaries

of practical dispatching problems; in general, they greatly
improve the solution efficiency for the UCLD problem, and
have strong engineering application value. In contrast to the
first two categories, proposals of this type of method require
a full analysis and understanding of the case, and the effects
and performances also need to be repeatedly verified [36].

In recent years, a large number of large hydropower sta-
tions have been successively put into operation in China, such
as Wudongde and Baihetan [37], [38]. Large hydropower
stations with multiple hydro units are often divided into
several substations according to the relative positions of the
units. Moreover, different substations are usually connected
to different outgoing transmission lines, and the constraints
for the substations from the grid and those from the sub-
stations themselves are not identical. Previous studies on
the UCLD problem have considered many constraints; these
all can be divided into a constraint set for the hydropower
station level (CS-HSL) and a constraint set for the unit level
(CS-UL). However, so far there hasn’t been a method to deal
with the UCLD problem considering the constraint set of
the substation level (CS-SL) (hereafter the ‘‘UCLD-SC’’).
Hence, this has led to new and urgent requirements for power
generation enterprises to strengthen the refined dispatching
and management levels of hydropower stations, and to con-
sider the substations constraints when modeling the UCLD
problem; this is the main motivation of this study. In this
study, the UCLD-SCmodel is established and a novel refined
and practical method (RPM) is proposed for the first time.
The Three Gorges hydropower station (TGHS) is selected as
a case study for verifying the high applicability and timeliness
of the RPM.

The remainder of this paper is organized as follows.
Section II introduces the study case. Section III describes the
UCLD-SCmodel, including the objective function, constraint
sets, and other modeling principles. Section IV introduces
the RPM in detail. Section V presents the test results and
discussion, and Section VI summarizes the conclusions of
this study.

II. STUDY AREA AND HYDRO UNIT LAYOUT
The Three Georges Water Conservancy Project (TGWCP) is
located on themain stream of theYangtze River in China [39].
Gezhouba [40], with daily regulation capacity, is located
38 km downstream from the dam site of the TGWCP, and
has a remarkable jacking effect for the TGHS. The locations
of the TGWCP and Gezhouba are shown in Figure 1, and
the engineering layout of the hydro units in the TGHS is
presented in Figure 2. As shown in Figure 2, the TGHS is
equipped with 34 units; these belong to nine different types
(marked with different colors). According to the layout of
the units and connection mode of the outgoing transmission
lines, the units are divided into four substations: the power
substation, left bank substation, right bank substation, and
land substation. Moreover, these four substations are phys-
ically independent from each other. In particular, there are
two bus connection switches distributed in the left and right
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FIGURE 1. Locations of the three Georges water conservancy project (TGWCP) and Gezhouba.

FIGURE 2. Engineering layout of hydro units in the TGWCP.

substations, and the on-off state of each switch is restricted
by the grid. The main reason for choosing the TGHS as the
study case is that it has the largest number of substations
and the most complex constraints. Meanwhile, it also has the
unique problem of the bus connection switch. The other large
hydropower stationsmentioned in the introduction section are
simplified cases of the TGHS.

III. PROBLEM FORMULATION
Based on the investigations from Three Gorges Cascade
Dispatch & Communication Center (TGCDCC) [41], which
governs the TGHS, the optimal operation efficiency of the
hydro units is often not pursued deliberately in the actual
dispatching, that is, the hydropower stations do not always
maintain the minimum water consumption conditions for a
given load. There are two main reasons for this phenomenon.
First, the operations of the hydro units are restricted by the
grid, and cannot maintain the optimal operation conditions at
all times. Second, from the perspective of safety, for both the
grid and hydropower station, it is desired that the outputs of
units are relatively stable. Hence, the goal of the UCLD-SC
is to determine a suboptimal dispatching scheme in which
UCLD are reasonably arranged. The objective function [10]
is defined as follows. (The modeling variables in this paper
can be viewed in Appendix.)

A. OBJECTIVE FUNCTION

m̃in Q(N ) =
∑T

t=1

∑I

i
ui,tQ

i,t
(Hi,t ,Ni,t )+ Q

sup
t (1)

N = [N1,N2,Nt , · · · ,NT ] (2)

Notably, the time scope of this study does not include the
abandoning water season.

B. CONSTRAINTS
After discussions with the site dispatchers in the TGCDCC,
all of the concerned constraints are considered and grouped
into the triple constraint sets. Different constraints have dif-
ferent degrees of importance. The important constraints are
treated as rigid constraints, i.e., the dispatching results should
obey them. The soft constraints are marked directly when
introduced. Soft constraints are of less importance to the solu-
tion, and may have a significant influence on the feasibility
of the solution. When a feasible solution cannot be found, the
soft constraints should not be considered.

1) CONSTRAINT SET-HYDROPOWER STATION LEVEL
(CS-HSL)
(1) Water balance constraint

Vt = Vt−1 + (It − Qt ) ·1t (3)

(2) Load-balance constraint

Nt =
∑K

k=1
Nk,t =

∑K

k=1

∑J

j=1
Nk,j,t =

∑I

i=1
Ni,t (4)

J = J (k) (5)

Here, we number the same units from the perspectives
of the whole plant and substation to make the subsequent
statements clearer.
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(3) Forebay water level (FWL) constraint

ZL ≤ Zt ≤ ZU (6)

(4) Outflow constraint

QL ≤ Qt ≤ QU (7)

(5) Output constraint

NL ≤ Nt ≤ NU (8)

(6) Amplitude of the water level fluctuation constraint

Zt − Zt−1 ≤ Zbearrise (9)

Zt − Zt−1 ≤ −Zbeardrop (10)

(7) Output constraint restricted by the grid

Nt ≤ N grid
max

(11)

(8) Maximum operational number constraint of units∑I

i=1
ui,t ≤ Nummax , t = 1, 2, · · · ,T (12)

This constraint is the first soft constraint. The operation
efficiency is relatively high when units operate around the
rated output. Therefore, the operating number of units should
be limited.

2) CONSTRAINT SET-SUBSTATION LEVEL (CS-SL)
(1) Bus connection switch constraint

SL , SR = {Son, Soff } (13)

(2) Minimum operational unit number constraint of
substations∑J

j=1
uk,j,t ≥ Nummink , k = 1, 2, · · · ,K (14)

This constraint is another soft constraint. It can avoid
obtaining a solution in which the output of the entire plant
is excessively concentrated in certain substations while the
output of the other substations is almost zero.

(3) Stable operation zone (SOZ) constraint of substations
The operation area of a hydro unit can be divided into a

SOZ and forbidden operation zone (FOZ). The SOZs of units
in TGHS are all continuous. For example, Figure 3 shows the
distribution of the SOZ and FOZ for Unit 3 in the left bank
substation. If a gross water head is not exactly equal to the
ordinate values in Figure 3, gross water head and bounds of
SOZ will be calculated by linear interpolation.

In view of this, the SOZs of substations can be expressed
as follows:∑J

j=1
uk,j,tLk,j(H

gross
t ) ≤ Nk,t ≤

∑J

j=1
uk,j,tUk,j(H

gross
t )

(15)

Hgross
t = (Zt + Zt−1)/2− Z tailt (16)

Notably, the empirical formula for Qt and the water differ-
ence is often utilized to determine Z tailt in the TGCDCC at
present; the definition is shown in Equation (17).

1Zt = Z tailt − Z
gzb
t = 1Z (Qt ) (17)

FIGURE 3. Distribution of stable operation zone (SOZ) and forbidden
operation zone (FOZ) for unit 3 in the left bank substation.

3) CONSTRAINT SET-UNIT LEVEL (CS-UL)
Except for nonlinearity, the combinatorial aspect and discon-
tinuous characteristics are the other two major characteristics
of the CS-UL. The combinatorial aspect is caused by discrete
factors such as the on-off states of the units, and the discon-
tinuity is limited by the FOZs of the units [42]–[44].

(1) Repair planning constraints

Rei = {Reon,Reoff }, i = 1, 2, · · · , I (18)

If unit i is in the repair state, uk,j,t and ui,t are both set to 0.
(2) Minimum uptime/downtime constraint{

T oni,t ≥ T
up
i

T offi,t ≥ T
down
i

(19)

This is the third soft constraint, and is used to avoid fre-
quent unit starts and stops to a certain extent.

(3) Gross water head constraint

HL ≤ H
gross
t ≤ HU (20)

(4) SOZ constraint of units

Lk,j(H
gross
t ) ≤ Nk,j,t ≤ Uk,j(H

gross
t ) (21)

(5) Maximum output constraint of units

Nmax
k,j (Hgross

t ) = min
{
N rated
k,j ,N exp

k,j (H
gross
t ),Uk,j(H

gross
t )

}
(22)

C. OTHER MODELING PRINCIPLES IN UCLD-SC
According to the site investigation, except for the triple con-
straint sets in Section III-B, the modeling of the UCLD-SC
also needs to meet certain load distribution and unit oper-
ation principles, as follows. Principle-I: The units of the
TGHS should operate to exceed 70% of the expected output
(i.e., 490 MW), as guided by the manufacturer’s instructions.
Principle-II: the units should not frequently cross between
the SOZ and FOZ. Principle-III: Load fluctuations with a
small amplitude should be handled by the units currently in
operation as much as possible.
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IV. METHODOLOGY
When the UCLD-SC contains triple constraint sets, there are
three levels of output from the hydropower stations, i.e., the
outputs of the entire plant, substations, and units. Therefore,
we divide the solving method into two modules: the whole
plant-substation module (WPSM) and substation-unit mod-
ule (SUM), in which the WPSM determines the initial output
of each substation, and SUM determines UCLD. Notably,
the initial output of substations as determined by the WPSM
may not satisfy the SOZ constraint of substations, which is
a focus in the RPM. Therefore, an adjustment module with
practical strategies (AM-PS) is proposed for adjusting the
output of substations. The details of these modules and the
overall flowchart are described in the following sections.

A. WHOLE PLANT-SUBSTATION MODULE (WPSM)
The central distribution principles of WPSM are that the
condition of UCLD should keep as stable as possible between
periods, namely the Principle-III in Section III-C. When the
load fluctuation is large, it should be jointly undertaken by
substations. In this way, output of all the substations can vary
relatively smoothly, which is beneficial to safe operation. The
specific steps of the WPSM at period t are as follows.
(1) Firstly, gain N ini

k,t by statistics, and assign it to N temp
k,t ,

namely Equation (23). Then, count 1Nt by Equation (24).
N ini
k,t is the initial output, therefore, it can be regarded as a

determinate quantity at the beginning of period t . As for
N temp
k,t , it is used to record output results of substations dis-

tributed by WPSM. The purpose of WPSM is to distribute
1Nt between substations until it is equal to 0.

N temp
k,t = N ini

k,t (23)

1Nt = Nt −
∑K

k=1
N ini
k,t (24)

(2) Calculate Nmax
k (Hgross

t ) and N diff
k (Hgross

t ).

Nmax
k (Hgross

t ) =
∑J

j=1
Nmax
k,j (Hgross

t ), Rek,j = Reon (25)

N diff
k (Hgross

t ) = Nmax
k (Hgross

t )− N temp
k,t (26)

The N diff
k (Hgross

t ) is the difference from N temp
k,t to

Nmax
k (Hgross

t ), and can show the loading condition of
substations.

(3) Calculate Nmax
k,pre(H

gross
t ) and Nmin

k,pre(H
gross
t ).

Nmax
k,pre(H

gross
t ) =

∑J

j=1
sk,j,t−1Nmax

k,j (Hgross
t ),

k = 1, 2, · · · ,K (27)

Nmin
k,pre(H

gross
t ) =

∑J

j=1
sk,j,t−1Lk,j(H

gross
t ),

k = 1, 2, · · · ,K (28)

sk,t−1 = [sk,1,t−1, sk,2,t−1, · · · , sk,J ,t−1] (29)

Here, the parameter of unit commitment is sk,t−1. If the
unit commitment at period t-1 satisfy output requirements
at period t , the unit commitment will remain original. This
obeys the Principle-III in Section III-C.

(4) Check the SOZ constraint of substations under Hgross
t

and sk,t−1 by Formula (30). For substations in FSS, calcu-
late N dec

k (Hgross
t ) and N inc

k (Hgross
t ), which can be regarded as

adjustable output spaces, and show the ability of decreasing
and increasing output at substation k , respectively.

Nmin
k,pre(H

gross
t ) ≤ N temp

k,t ≤ N
max
k,pre(H

gross
t ), k = 1, 2, · · · ,K

(30)

N dec
k (Hgross

t ) = N temp
k,t − N

min
k,pre(H

gross
t ), k ∈ FSS (31)

N inc
k (Hgross

t ) = Nmax
k,pre(H

gross
t )− N temp

k,t , k ∈ FSS (32)

(5) Discretize 1Nt by Nstep, and allocate Nstep according
to N dec

k (Hgross
t ) and N inc

k (Hgross
t ). Specifically, if 1Nt is posi-

tive, find the substation with Rinc(Hgross
t ), and add Nstep to it;

if 1Nt is negative, find the substation with Rdec(Hgross
t ), and

subtractNstep from it, namely Equation (35). This distribution
step is called as the one-step output adjustment.

Rdec(Hgross
t )=max{N dec

k (Hgross
t )/Nmax

k,pre(H
gross
t )}, k ∈FSS

(33)

Rinc(Hgross
t )=max{N inc

k (Hgross
t )/Nmax

k,pre(H
gross
t )}, k ∈FSS

(34){
N temp
k,t = N temp

k,t + Nstep, k with R
inc(Hgross

t ), if1Nt > 0
N temp
k,t = N temp

k,t − Nstep, k with R
dec(Hgross

t ), if1Nt < 0

(35)

After conducting the one-step output adjustment for
one time, update 1Nt by Equation (36). Then, update
N diff
k (Hgross

t ) by Equation (26),N dec
k (Hgross

t ) andN inc
k (Hgross

t )
by Equation (31) and Equation (32). Whereafter, update
Rdec(Hgross

t ) and Rinc(Hgross
t ) by Equation (33) and

Equation (34).

1Nt =

{
1Nt − Nstep, 1Nt > 0
1Nt + Nstep, 1Nt < 0

(36)

The process of the one-step output adjustment is termi-
nated until 1Nt is equal to zero or the adjustable output
spaces have been run out. Then, 1N sum

t can be calculated by
Equation (37).

1N sum
t =

∑M

m=1
Nstep (37)

The adjustable output spaces can maintain the original
unit commitment state, deal with 1Nt , and avoid frequent
switching of units, namely the Principle-II in Section III-C.

(6) Check the value of 1Nt . If 1Nt is equal to zero,
the WPSM process is terminated. Otherwise, the remaining
1Nt is allocated by the one-step output adjustment with
Equation (38) until it is equal to 0. Specifically, if 1Nt is

positive, find the substation with the Rdiffmax(H
gross
t ) (i.e., Equa-

tion (39)) and addNstep to it (TheR
diff
max(H

gross
t ) means the sub-

station undertakes the lightest output, and owns the priority to
increase output.); if 1Nt is negative, find the substation with
the Rdiffmin(H

gross
t ), and subtractNstep from it. (The Rdiffmin(H

gross
t )

means the substation undertakes the heaviest output, and
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owns the priority to decrease output.). In addition, the design
of the Step (6) can let the minimum operational unit number
constraint of substations (i.e., Formula (14)) hold in general.

The allocation of the remaining1Nt obey the central distri-
bution principles of WPSM, but it doesn’t consider the SOZ
range of substations. Hence, it’s possible that N temp

k,t violate
the SOZ constraint.{
N temp
k,t =N

temp
k,t + Nstep, k with R

diff
max(H

gross
t ), if1Nt > 0

N temp
k,t =N

temp
k,t − Nstep, k with R

diff
min(H

gross
t ), if1Nt < 0

(38)

Rdiffmax(H
gross
t ) = max{N diff

k (Hgross
t )/Nmax

k (Hgross
t )},

k = 1, · · · ,K (39)

Rdiffmin(H
gross
t ) = min{N diff

k (Hgross
t )/Nmax

k (Hgross
t )},

k = 1, · · · ,K (40)

Thus far, the WPSM processes have been introduced. The
installed capacities of substations are different, so the one-
step output adjustment in Step (5) and (6) both use relative
indicators to allocate load fluctuations. The flowchart of
WPSM is as follows:

FIGURE 4. Flowchart of whole plant-substation module (WPSM).

B. SUBSTATION-UNIT MODULE (SUM)
There are three categories of methods can be used to deter-
mine the UCLD. Here, the UCLD should be determined with
stability and high timeliness. Simultaneously, all units need
to operate in high efficiency zones. Heuristic methods are
excluded because results not convergent. While, the third

category methods with practical strategies are proposed with
difficulty to determine UCLD for so many constraints. They
are more skilled in designing solution framework, namely the
RPM in this paper. In the traditional methods, except the high
timeliness, DP perfectly satisfies the solution requirements of
UCLD-SCwith 34 units. Jia et al. [45] worked out the optimal
load allocation table (OLAT) for the whole plant (OLAT-WP)
with the aim of minimizing the streamflow consumption by
using DP (Here, the Principle-I in Section III-C can be sat-
isfied easily.), and quickly calculated the output and outflow
by consulting the OLAT-WP. More fortunately, Lu et al. [36]
has already proved a generalization theorem regarding the
optimization principle, and showed that a lookup based on
theOLAT-WP could also achieve the optimal allocation under
any unit commitment. Here, the specific meaning of any unit
commitment reflects themaintenance of units, and some units
cannot participate in the load distribution. This discovery
leads to an important conclusion that solving the UCLD-SC
requires only one OLAT that contains all of the units, namely,
the OLAT-WP. When the output and unit commitment of a
substation are known, the load distribution of units can be
determined by looking up the OLAT-WP under the assump-
tion that the units of other substations are in the repairing
state. Simultaneously, considering the shortcomings of other
traditional methods mentioned in the introduction, DP and
looking up the OLAT-WP become the optimal choice.

Without loss of generality, it is assumed that units l and m
are the units of other substations, and are set in the repair
state. If Nk,t is equal to P0, the following steps illustrate
how to allocate it to the units in substation k , excluding
units l and m.

(1) Select row P at the OLAT-WP.
(2) Excluding unit l and unit m, calculate the total output

at row P, and mark it as P1.

P1 =
∑J

j=1
NP
k,j, j 6= l,m (41)

(3) If P1 = P0, the output of units in row P is desired.

Nk,j,t = NP
k,j, j 6= l,m (42)

If P1 < P0, P1 is less than Nk,t . Turning to the next
row, P = P + 1. Let P2 = P1, and return to Step (2); if
P1 > P0, P1 is larger than Nk,t , and utilize the following
linear interpolation formula to obtain Nk,j,t . Hence, the load
distribution of substation k is determined.

Nk,j,t = NP
k,j −

NP
k,j − N

P−1
k,j

p1 − p2
, j 6= l,m (43)

C. ADJUSTMENT MODULE WITH PRACTICAL STRATEGIES
(AM-PS)
After the adjustment of AM-PS, the outputs of substations
will meet the SOZ constraint, and the unit commitment is
also determined, so that the SUM can be directly invoked to
determine output of units. The steps of AM-PS are as follows.

(1) According to the value of N temp
k,t as determined by

WPSM, the switching operation is executed for the units,
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and the unit commitment sk,t at period t is determined.
If N temp

k,t < Nmin
k,pre(H

gross
t ), some units need to be turned off,

whereas if N temp
k,t > Nmax

k,pre(H
gross
t ), some units need to be

turned on. In this study, the switching priority of the units
is determined by the efficiency of the units at the expected
output [17]. Specifically, the unit with the highest efficiency
has the highest priority for startup, and the unit with the low-
est efficiency has the highest priority for shutdown. Owing to
the discontinuity of the SOZ, the startup operation can only
ensure that the upper bound of the SOZ of the substation is
higher than N temp

k,t , whereas the shutdown operation can only
ensure that the lower bound of the SOZ of the substation is
less than N temp

k,t . When conducting the switching operation,
the relative position relation between N temp

k,t and the bounds
of the SOZ is shown in Figure 5.

FIGURE 5. Relative position relation between N temp
k,t and bounds of SOZ

when conducting switching operation of units.

(2) Under the unit commitment sk,t , the feasible output
range at period t is calculated.

Nmax
k,S (Hgross

t , sk,t ) =
∑J

j=1
sk,j,tNmax

k,j (Hgross
t ) (44)

Nmin
k,S (H

gross
t , sk,t ) =

∑J

j=1
sk,j,tLk,j(H

gross
t ) (45)

(3) Utilize Formula (46) to verify that N temp
k,t satisfies the

SOZ constraint of substation k . Directly invoke the SUM
to determine output of units if the condition holds, and ter-
minates the calculation of period t . Otherwise, the process
proceeds to Step (4).

Nmin
k,S (H

gross
t , sk,t ) ≤ N

temp
k,t ≤ N

max
k,S (Hgross

t , sk,t ),

k = 1, 2, · · · ,K (46)

(4) For substations in Suboutt , calculate Diffk,t by Equa-
tion (47). For substations in Subint , calculate the adjustable

output spaces by Equation (48) and Equation (49).

Diffk,t =


Nmin
k,S (H

gross
t )− N temp

k,t ,

if N temp
k,t < Nmin

k,S (H
gross
t )

N temp
k,t − N

max
k,S (Hgross

t ),
if N temp

k,t > Nmax
k,S (Hgross

t ),

k ∈ Suboutt

(47)

N dec
k,S (sk,t ) = N temp

k,t − N
min
k,S (H

gross
t ), k ∈ Subint (48)

N inc
k,S (sk,t ) = Nmax

k,S (Hgross
t )− N temp

k,t , k ∈ Subint (49)

(5) Iterates through Suboutt , and adjust output of substations
in Suboutt to satisfy the SOZ constraint. Similarly, discretize
Diffk,t by Nstep, and execute the one-step output adjustment
repeatedly until Diffk,t is equal to zero or the adjustable
output spaces have been run out. The Diffk,t is updated by
Equation (50).

Diffk,t =

{
Diffk,t + Nstep, if Diffk,t < 0
Diffk,t − Nstep, if Diffk,t > 0

(50)

When substation k executes the shutdown operation and
not satisfy the SOZ constrain, N temp

k,t is bound to be larger
than the upper bound of SOZ, and needs to be adjusted to this
bound, whereas the remaining substations in Subint need to
increase the output. Then, find the substation with RincS (sk,t ),
and add Nstep to it, namely Equation (53). Conversely, when
substation k executes the startup operation and not satisfy
the SOZ constrain, N temp

k,t is bound to be smaller than the
lower bound of SOZ, and needs to be adjusted to this bound,
whereas the remaining substations in Subint need to decrease
the output. Thus, find the substation with RdecS (sk,t ), and
subtract Nstep from it, namely Equation (55).

After conducting the one-step output adjustment in AM-PS
for one time, updateN dec

k,S (sk,t ) by Equation (48),N
inc
k,S (sk,t ) by

Equation (49), RincS (sk,t ) by Equation (52) and RdecS (sk,t ) by
Equation (54). The adjustment diagram is shown in Figure 6.
N temp
k,t = Nmin

k,S (H
gross
t , sk,t ),

if N temp
k,t < Nmin

k,S (H
gross
t , sk,t )

N temp
k,t = Nmax

k,S (Hgross
t , sk,t ),

if N temp
k,t > Nmax

k,S (Hgross
t , sk,t ),

k ∈ Suboutt (51)

RincS (sk,t )=max{N inc
k,S (sk,t )/N

max
k,S (Hgross

t , sk,t )}, k ∈Subint
(52)

N temp
k,t = N temp

k,t + Nstep, k with RincS (sk,t ) (53)

RdecS (sk,t ) = max{N dec
k,S (sk,t )/N

max
k,S (Hgross

t , sk,t )}, k ∈Subint
(54)

N temp
k,t = N temp

k,t − Nstep, k with RdecS (sk,t ) (55)

(6) If the values of Diffk,t s corresponding to Suboutt are all
equal to zero, the AM-PS is terminated. Otherwise, the pro-
cess returns to Step (1), and the switching strategy is updated
to expand the range of the SOZ at substation k . Specifically,
when executing the startup operation, the unit with the lowest
lower bound of the SOZ has the highest priority for startup,
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FIGURE 6. Adjustment diagram in adjustment module with practical
strategies (AM-PS).

which can lower the lower bound of SOZ. Conversely, when
executing the shutdown operation, the unit with the lowest
upper bound of the SOZ has the highest priority for shutdown,
which can raise the upper bound of SOZ.

The flowchart of AM-PS is as follows:

FIGURE 7. Flowchart of adjustment module with practical strategies
(AM-PS).

D. OVERALL FLOW
Based on the threemodules, the overall flow of the UCLD-SC
is as follows; the flow chart is shown in Figure 8.

(1) Read the items of the calculation conditions, includ-
ing the triple constraint sets, inflow and supply streamflow,
load instructions, FWL of Gezhouba within the dispatching
period, and the output and online/offline times of the units at
the initial time of dispatching.

(2) Utilize Rflow and Nt to estimate the outflow, namely
Qtemp.

Qtemp = Rflow × Nt + Q
sup
t (56)

(3) Calculate Hgross
t using Equation (16), and invoke the

WPSM to generate the initial output of substations.
(4) Determine the unit commitment sk,t , and verify the

SOZ constraints by Formula (46). If satisfied, invoke the
SUM; then, the outflow added by the streamflow through
units is calculated, namely the Qcal . Otherwise, the process
proceeds to Step (5).

(5) Invoke the AM-PS to adjust the output of substa-
tions; then, invoke the SUM to calculate the outflow, namely
the Qcal .
(6) CompareQtemp withQcal . If the convergence condition
|Qtemp − Qcal | ≤ Qtol holds, terminate the iteration of
the UCLD-SC, and obtain the results of UCLD. Otherwise,
Qtemp = Qcal , and the process returns to Step (3).

FIGURE 8. Flowchart of unit commitment and load distribution
considering constraints of substations (UCLD-SC).

E. COMPARATIVE EXPERIMENTS AND EVALUATION
INDEXES
To comprehensively demonstrate the effects of the RPM,
comparisons and analysis will be carried out from two
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aspects. The first aspect is to test computational efficiencies
and outflow accuracies of RPM, which can be assisted by
comparative experiments. Hence, the variable comprehensive
efficiency coefficient method (VKM) [45] and the water con-
sumption rate method (RM) [46] for their high precision and
timeliness are selected to calculate the outflow as contrast
experiments. The FWL process of Gezhouba was set as the
actual process in three methods. The steps of contrast exper-
iments were as follows.

(1) The items for the calculation conditions were read.
(2) According to the initial FWL, the constraints of FWL

and outflow, determined the feasible range of the FWL at the
end of period t , as follows:

V L
t = Vt−1 + (It − QU ) ·1t (57)

ZLt = Z (V L
t ) (58)

VU
t = Vt−1 + (It − QL) ·1t (59)

ZUt = Z (VU
t ) (60)

ZMaxt = min{ZUt ,Zt−1 + Zbearrise ,ZU } (61)

ZMint = max{ZLt ,Zt−1 − Zbeardrop ,ZL} (62)

(3) Discretize [ZMint ,ZMaxt ] by Zstep to obtain Zt . Iterate
through Zt , and find ZHt . For each FWL in Zt , Qt and H

gross
t

are calculated by Equation (3) and (16). For the VKM, utilize
Equation (63) calculate K , and utilize Equation (64) to esti-
mate outflow. For the RM, utilize Equation (65) to calculate
Rflow, and utilize Equation (66) to estimate outflow.

K = K (Hgross
t ) (63)

Qt =
Nt

KHgross
t
+ Qsupt (64)

Rflow = Rflow(H
gross
t ) (65)

Qt = Rflow × Nt + Q
sup
t (66)

(4) Narrow the FWL range, and then calculate the outflow
using the dichotomy method. If the interval [ZHt ,ZMaxt ] con-
tains the output less than Nt , then the FWL range [ZHt ,ZMaxt ]
is appropriate. Otherwise, the FWL range [ZMint ,ZHt ] is
appropriate. Owing to the nonlinearity, a decrease in the FWL
does not necessarily lead to an increase in output. Therefore,
narrowing the range of the FWL can make the calculation
convergent. The terminal condition of the dichotomy method
is that Ntol is within the acceptable error.

In this study, the load instructions were set for the actual
process. The TGHS has been running steadily for many
years and has accumulated significant dispatching experi-
ence, in which the hydro units often operate under suboptimal
conditions. Hence, the high accuracy of outflow means that
the calculated streamflow is close to the actual value. The
pivotal evaluation indexes [47] are listed as follows:

ACT =
1
G

∑G

g=1
CTg (67)

MAE =
1
T

∑T

t=1

∣∣∣Qactt − Q
cal
t

∣∣∣ (68)

TABLE 1. Partial results for Optimal Load Allocation Table-Whole Plant
(OLAT-WP) with a gross water head value equal to 80 m.

RMAE =
MAE

1
T

∑T
t=1Q

act
t

(69)

MD = max{
∣∣∣Z calt − Z

act
t

∣∣∣}, t = 1, 2, · · · ,T (70)

The second aspect is to analyze the rationality and prac-
ticability of UCLD results from RPM. However, there are
currently no relevant methods for solving the UCLD prob-
lem considering constrains of substations. Hence, some
insight discussions, such as the operation efficiency of units,
the on-off situations of units, the situations of crossing
between SOZ and FOZ, and load transfer situations of substa-
tions [47], are made based on the UCLD results from RPM.

V. CASE STUDY
A. PARAMETER SETTING
The uniform parameters of the UCLD-SC were first intro-
duced in different cases. The length of the dispatching period
was set to one day. The time scale was 2 h, as the streamflow
was calculated in the TGCDCC every 2 h [6]. The values
of Zbearrise and Zbeardrop for restricting the fluctuation amplitude
of the FWL were set to 1 m and 0.6 m, respectively. The
lower and upper bounds of FWL are 145 m and 175 m.
While the lower and upper bounds of outflow are 6000 m3/s
and 98800 m3/s, respectively. For all substations, the value
of Nummink was set to one. For all units, T upi and T downi were
set to 4 h. The Nstep in the WPSM and AM-PS was set to
10 MW. The Ntol in the dichotomy method was set to 1MW.
Zstep was set to 0.01 m, as each change of 0.01 m in the FWL
of the TGHS would lead to a change in the outflow of up
to approximately 1000 m3/s with a 2-h scale. Qtol was set
to 50 m3/s to ensure the accuracy of Hgross

t . The results from
the OLAT-WP are shown in TABLE 1.
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TABLE 2. Key information of the typical scenarios in 2021.

In addition, the cases were selected from 2021, as only
the actual operation data, including the repair plans for
the units and on-off states of the bus connection switches
from January 1 to April 7 in 2021 were available. Utiliz-
ing the actual data during the non-abandoning water season
from 2018 to 2020, the mean of water consumption rate
was calculated as 11.47 m3/(skw). The relationship curves,
including K ∼ Hgross

t , Rflow ∼ Hgross
t and 1Zt ∼ Qt , were

showed as follows:

K = −1.052× 10−3Hgross2
t + 0.2105× Hgross

t − 1.36

(71)

Rflow = 2.917× 10−3Hgross2
t − 0.6951× Hgross

t + 51.23

(72)

1Zt = 2.2× 10−9 × Q2
t + 3.1× 10−5 × Qt − 0.14 (73)

FIGURE 9. Scatter plot showing the relationship between comprehensive
efficiency coefficient and gross head.

B. RESULTS AND DISCUSSION
In 2021, the bus connection switch of the left bank was
separated from January 1 to January 20, and was closed
from January 21 to April 7. However, the right one was
always closed. Therefore, a typical scenario was selected as
the simulation case in each period, namely January 12 and
April 1, respectively. A bimodal operation condition with a
large peak modulation amplitude was selected as the typ-
ical scenario. This condition exhibited a multi-stage load
fluctuation, and the aftereffects of the tail water level were
stronger, thereby providing a good test of the effects of the
RPM. In addition, the main function of the power substation

FIGURE 10. Scatter plot showing the relationship between water
consumption rate and gross head.

FIGURE 11. Scatter plot showing the relationship between water level
difference and outflow.

is to supply power to the TGHS. In daily dispatching, the
power substation seldom participated in optimizing the dis-
patching for the UCLD-SC. Therefore, we set the condition
of the power substation as the actual condition. Under the
parametersmentioned in SectionV-A, the threemethodswere
utilized to calculate the outflow process. While the RPM
are utilized to solve the UCLD-SC with triple constraint
sets. The key information for the two cases is presented
in Table 2.

In the above, Number is the total number of substations
in the corresponding scenario. L-off indicates that the bus
connection switch of the left bank is separate. The value
before / is the amplitude of the peak regulation, whereas the
latter is the rate between the peak regulation amplitude and
installed capacity of the TGHS. Repairing lists the units in
the repair status. The unit of peaking amplitude is MW, while
the units of other parameters are listed in APPENDIX.
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First, evaluation indexes of the two scenarios are listed in
TABLE 3. Overall, the effects of VKM and RM are almost
the same. For the perspective of timeliness, the cases are
conducted on a personal computer with a 1.6 GHz processor
and 8 GB of RAM. For each case, identical calculations are
performed ten times and the average time consumption of
the three methods is less than 1 s, indicating that looking up
the OLAT-WP to determine the load distribution is efficient
to solve the UCLD problem with 34 units. Comparing with
VKM and RM which not involving units, the calculation
efficiency of RPM not decreases significantly.

For the perspective of accuracy, even though the MAE of
RPM is slightly larger than that of the VKM and RM, itsMAE
can be limited within 100 m3/s, and its RMAE can still be
limitedwithin 1%. The differences between the simulated and
actual flows are shown in Figure 12 and 13. Seen from the
figures, the simulation outflow tracks the trend of the actual
process well. Even in periods with large fluctuations in output
and outflow, the outflow error does not increase significantly,
reflecting the high robustness of RPM. High accuracy in sim-
ulating outflow makes the FWL deviation controlled within
0.1 m throughout the entire period. In addition, it should
not be ignored that most of the streamflow as simulated by
the VKM and RM is less than the actual one. The actual
streamflow through the units usually falls within an excel-
lent allocation scheme. Hence, the reliability of VKM and
RM is questionable. While, the RPM can consider the unit
commitment and provide more specific dispatching advice
for hydropower stations.

TABLE 3. Indexes of the two scenarios with different methods.

FIGURE 12. Difference between simulation outflow and actual
process (AP) on January 12.

Next, analysis comes to rationality and practicability.
For the operation efficiency, TABLEs 4 and 5 show the

FIGURE 13. Difference between simulation outflow and AP on April 1.

FIGURE 14. Scheme for starting up and shutting down units on
January 12.

FIGURE 15. Scheme for starting up and shutting down units on April 1.

output processes of units. Except for the units in the power
substation, no operating unit undertakes an output of less
than 490 MW. (The installed capacity of units in the power
substation is only 50 MW.) By statistics, the indicators
Nummax on January 12 and April 1 are equal to 24 and 18,
respectively. Though the Nummax on April 1 is slightly larger
than the given one in TABLE 2, the outputs of units are
determined by consulting the OLAT-WP, the load distribution
within each substation is optimal. Hence, the operational
efficiency of units can be guaranteed, not to mention this
constraint (i.e., Formula (12)) is a soft constraint.

For the on-off situations, Figures 14 and 15 show the
scheme for starting up and shutting down units. During the
entire period, there is no frequent switching for the units, and
the on-line/off-line time is larger than 4 h. The conversions
of units in the on-off state are based on the unit combination
in the previous period, and make full use of the adjustable
output spaces (utilized in WPSM and AM-PS) to cope with
the load fluctuations. Hence, the soft constraint limiting the
switching of units in Formula (19) can be satisfied in general.

154534 VOLUME 9, 2021



X. Chen et al.: Refined Load Distribution Method for Large Hydropower Stations

TABLE 4. Load distribution determined by Refined and Practical Method (RPM) of TGHS on January 12 in 2021.

TABLE 5. Load distribution determined by RPM of TGHS on April 1 in 2021.

These practical strategies reduce the unnecessary crossings
between SOZ and FOZ, improving the safety of the power
grid and hydro units.

For the load transfer situations, Figure 16 and 17 show
the output trend of substations following load instructions.
(Here, the output of the power substation is located at the
bottom, and it is too small to be visible in the figures.) The
one-step output adjustments in WPSM and AM-PS all take
the installed capacity difference of substations into account.
Hence, there is no load transfer with a large amplitude

between substations, and all substations can cooperate with
each other to share the fluctuations of the load instructions.
All substations ensure that at least one unit is in operation,
thereby preventing some substations from undertaking an
empty load.

When solved the UCLD problem, the three categories of
methods mentioned in Introduction not consider the SOZ
constrains of substations. Hence, it is quite possible that in
some peak regulation conditions, the UCLD results from
them do not meet the actual needs of power generation
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FIGURE 16. The output processes of substations on January 12.

FIGURE 17. The output processes of substations on April 1.

enterprises. While, the RPM successfully solves the UCLD-
SC problem, and combine calculation efficiencies and accu-
racies. This is the outstanding advantages of RPM.

VI. CONCLUSION
In this study, substation constraints are considered in the unit
commitment and load distribution of hydropower stations for
the first time. The complex constraints in the UCLD-SC are
classified into three constraint sets, namely, CS-HSL, CS-SL,
and CS-UL. A refined and practical method for solving
the UCLD-SC is proposed, and contains three submodules.
Among them, the WPSM and AM-PS jointly guarantees the
output of substations following load fluctuations, and deter-
mine the reasonable unit commitment. While, the SUM guar-
antees the calculation timeliness, load distribution scheme
and efficiencies of units. Owing to its representativeness and
complexity, the TGHS is selected to verify that the RPM is
a highly time-efficient and adaptable method for the UCLD-
SC, and is of vital importance for large hydropower stations
to execute critical dispatching, such as arranging unit com-
mitments and forecasting the FWL process of the next day.
The main research contributions of this study are as follows.

(1) A unit commitment and load distribution model
considering the constraints of substations is abstracted and
established. Subsequently, a refined method with practical
strategies (RPM) for solving the UCLD-SC is proposed for
the first time.

(2) The RPM can guarantee the operation efficiency of
units, avoid units frequently crossing between SOZ and FOZ,
and reasonably arrange substation output to jointly undertake
load fluctuations, namely the UCLD scheme by RPM is with
high rationality and practicability.

(3) The calculation timeliness and accuracy of RPM are
almost identical to that of VKM and RM. The relative MAE
of the simulation outflow can be controlled within 1%. The
RPM involving the unit level can be treated as a trustworthy
method for forecasting the FWL and outflow processes.

The RPM has good timeliness and rationality, but there
remain some drawbacks. In particular, the SUM can only
guarantee the optimal allocation of the streamflow within
each substation, and the AM-PS does not consider the effi-
ciency of the units from the whole plant, which resulting
in a violation of the first soft constraint on April 1. Thus,
improving the strategies in the AM-PS requires further study.

APPENDIX
NOMENCLATURE
SETS AND INDICES
T , t Set and index of time periods.
I , i Set and index of units from the perspectives of

the whole plant.
J , j Set and index of units from the perspectives of

substations.
K , k Set and index of substations.
FSS Set, namely substations that satisfy the SOZ

constraint under Hgross
t and sk,t−1.

Subint Set, namely substations satisfying the SOZ
constraint under sk,t .

Suboutt Set, namely substations not satisfying the SOZ
constraint under sk,t .

g Index of repeated experiments.

CONSTANTS
1t Length of one period [s].
T upi Shortest time in the on state of unit i [h].
T downi Shortest time in the off state of unit i [h].
ZL Lower bounds of forebay water level [m].
ZU Upper bounds of forebay water level [m].
Zbearrise Bearable rise in forebay water level [m].
Zbeardrop Bearable drop in forebay water level [m].
HL Lower bound of gross water head [m].
Zstep Discrete step of water level [m].
HU Upper bound of gross water head [m].
QL Lower bound of outflow [m3/s].
QU Upper bound of outflow [m3/s].
Qt Outflow at period t [m3/s].
Qactt Actual outflow at period t [m3/s].
Vt−1 Initial water volume of the hydropower station

at period t [m3].
V L
t Water volume corresponding to QU [m3].
VU
t Water volume corresponding to QL [m3].

N Load instruction sequence of the whole plant
[MW].

Nt Output for the entire plant at period t [MW].
Ni,t Output of unit i at period t from the

perspectives of the whole plant [MW].
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N ini
k,t Initial output of the substations at the beginning

of period t [MW].
N temp
k,t Temporary output of substations at period t

[MW].
Nk,t Output of substation k in period t [MW].
Nk,j,t Output of unit j at period t and substation

k [MW].
1Nt Load fluctuation of the whole plant at period

t [MW].
N diff
k Output difference between Nmax

k and
N ini
k,t [MW].

Nmax
k Maximum output of substations for units in the

non-repairing state at period t [MW].
Nmax
k,j Maximum output of unit j at substation k

[MW].
N exp
k,j Expected output of unit j at substation k [MW].

Nmax
k,pre Maximum output at substation k under

sk,t−1 [MW].
Nmin
k,pre Minimum output of substation k under

sk,t−1 [MW].
Nstep Discrete step of output, and positive

number [MW]. In Section IV-A, if
|1Nt | > Nstep, Nstep equals a constant but
equals |1Nt | otherwise. In Section IV-C,
if Diffk,t > Nstep, Nstep equals a constant but
equals Diffk,t otherwise.

Qtol Error tolerance value of outflow [m3/s].
NL Lower bound of output [MW].
NU Upper bound of output [MW].

Ntol Absolute deviation between the calculated
output and load instruction [MW].

N grid
max

Maximum output of the entire plant [MW].
N rated
k,j Rated output of unit j at substation k [MW].

Nummink Minimum operational number of units at
substation k .

J (k) Total unit number of substation k .
Nummax Maximum operational number of units.
Son Bus connection switching is in closed state.
Soff Bus connection switching is in separate state.
Reon A unit is in the non-repairing state.
Reoff A unit is in the repairing state.
G Total times of repeated experiments.

VARIABLES
CTg Calculation time of the gth experiment [s].
T oni,t Durations of the on-line state of unit i until

period t [h].
T offi,t Durations of the off-line state of unit i until

period t [h].
Zt Sequence of discrete forebay water level [m].
Zt Forebay water level at period t [m].
ZHt Forebay water level with the maximum output

among Zt [m].
Z tailt Tailwater level of the hydropower station [m].

ZLt Forebay water level corresponding to V L
t [m].

ZUt Forebay water level corresponding to VU
t [m].

Zgzbt Mean value of the forebay water level of
Gezhouba [m].

Zactt Actual forebay water level at period t [m].
Z calt Calculated forebay water level by different

methods at period t [m].
ZMaxt Maximum forebay water level at the end of

period t [m].
ZMint Minimum forebay water level at the end of

period t [m].
NP
k,j Output of unit j at substation k and row P [MW].

Nmax
k,S Maximum output bound under sk,t [MW].

Nmin
k,S Minimum output bound under sk,t [MW].

N dec
k Adjustable space for decreasing output [MW].

N inc
k Adjustable space for increasing output [MW].

1N sum
t Total output in one-step adjustments [MW].

Diffk,t Nearest distance between N temp
k,t and the bounds

of the SOZ [MW].
N inc
k,S Adjustable output space between Nmax

k,S and
N temp
k,t , [MW].

N dec
k,S Adjustable output space between N temp

k,t and
Nmin
k,S ,[MW].

Ntotal Output of the entire plant in TABLE 1
[10 MW].

Rflow Mean of the water consumption rate in the
recent three years [m3/(skw)].

ui,t Binary variable that equals 1 if unit i at period
t is on but equals 0 otherwise.

uk,j,t Binary variable that equals 1 if unit j at period
t and substation k is on but equals 0 otherwise.

sk,j,t−1 On-off state of unit j at substation k and
period t-1.

sk,t−1 On-off state vector of substation k in period t-1.
SL Bus connection switching state of the left bank.
SR Bus connection switching state of the right bank.
Rei Repairing state of unit i.
Rek,j Repairing state of unit j of substation k .
Rdec Maximum rate between N dec

k and Nmax
k,pre.

Rinc Maximum rate between N inc
k and Nmax

k,pre.

Rdiffmax Maximum rate between N diff
k and Nmax

k .
Rdiffmin Minimum rate between N diff

k and Nmax
k .

RincS Maximum rate between N inc
k,S and N

max
k,S .

RdecS Maximum rate between N dec
k,S and Nmax

k,S .
M Total times of executions of the one-step

adjustment.

INDEXES
ACT Average calculation time of experiments [s].
1Zt Water level difference between Z tailt

and Zgzbt [m].
Hi,t Water head of unit i at period t [m].
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Hgross
t Gross water head of the hydropower station at

period t [m].
Hgross Gross water head in TABLE 1 [m].
It Inflow at period t [m3/s].
Qopt Optimal generation streamflow through the units

under Hgross and Ntotal [m3/s].
Qtemp Estimated outflow by the mean of the water

consumption rate at period t [m3/s].
Qcal Calculate outflow added by the streamflow

through units in Section IV-D [m3/s].
Q(N) Approximate optimal outflow when the load

sequence is N [m3/s].
Qcalt Calculate outflow by different methods at period

t [m3/s].
Qsupt Supply streamflow at period t , including the

streamflow through the ship locks and so on
[m3/s].

Qi,t Power generation streamflow through unit
i [m3/s].

MAE Mean absolute outflow error between Qactt and
Qcalt [m3/s].

RMAE Rate betweenMAE and the mean of the actual
outflow.

MD Maximum forebay water level difference
throughout the entire period [m].

FUNCTIONS
1Z (·) Water level difference as a function of its

outflow.
m̃in(·) Approximately minimum function.
Lk,j(·) Lower bound of stable operation zone of unit j

at substation k as a function of its gross water
head.

Uk,j(·) Upper bound of stable operation zone of unit j at
substation k as a function of its gross water
head.

Z (·) Forebay water level as a function of its water
volume.

Rflow(·) Water consumption rate as a function of its gross
water head.

K (·) Comprehensive efficiency coefficient as a
function of its gross water head.
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