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ABSTRACT To balance the potential distribution on the surface of a substation, an equal spacing arrange-
ment of the grounding grid conductors is not an economical solution. The implementable solution is an
unequal placement of its constituent elements. The designmethodologies of such a configuration are complex
and require computer-assisted numerical analysis. This paper proposes and validates a very simple method,
based on an arithmetic progression, of arranging the conductors of the grounding grid that guarantees the
reduction of touch and step voltages, ensures the efficiency of the material used and has no limitations on its
applicability for atypical substation surfaces (too large or too small), respectively for few or many parallel
conductors. To certify the method, the proposed algorithm is analyzed, through the CYMGRD Substation
Grounding Program, and compared to the technologies currently applied, for the substation grounding grid
presented as an example in the IEEE Guide for Safety in AC Substation Grounding 80TM - 2013 standard.

INDEX TERMS Electrical safety, grounding, substation.

I. INTRODUCTION
The optimized design of a grounding system related to a sub-
station involves the fulfillment of the requirements regarding:
the ground resistance, Rg, touch voltage, Et , and step voltage,
Es, under the conditions of a minimum of material and labor
involved.

The simplest and only one that benefits from validated ana-
lytical relationships that allow the determination of the vari-
ables mentioned above, is that of a grounding grid with equal
spacing arrangement (GG-E). Unfortunately, it does not meet
simultaneous the expected technical and economic require-
ments. Thus, there is an uneven variation of the potential
on the surface of the station with maximums reached in the
four corners. Even by adding vertical electrodes, the 12 steps
design procedure recommended by [1] leads to a configura-
tion with which the imposed touch voltage is satisfied in an
uneconomical way.

Equalizing the ground potential distribution could be
achievedwith a grounding grid with unequal spacing arrange-
ment (GG-U) of the parallel conductors that create the grid
in both directions of the substation area. For such systems,
the well-known Sverak [2] or alternately Schwartz’s equa-
tions [3] (based on Sunde [4], Rudenberg [5] works and
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improved byKercel [6]) for ground resistance give acceptable
results, approx. 10-15% bigger than real ones, depending on
the substation area and number of conductors [1]. This is
due to the relatively low dependence of the resistance on
the distribution of the conductors, for the usual distances
between them. On the other hand, the relations used to cal-
culate the maximum step and mesh voltages [1] have no
applicability for other configuration except the equal spacing
one. In such circumstances, all methodologies for determin-
ing unequal distances between conductors that minimize the
values of touch and step voltages are dependent on computer-
assisted numerical analysis. Based on these, several calcula-
tion strategies have been developed. Of these, the most used
are [7]–[10]:

• Chen’s arrangement [11], [12],
• Exponential distribution developed by Zeng [12]–[14].

A. CHEN’S GG-U
According to [11], [12], based on Sik , the percentage of the
length Lik of the ith conductor, counted along the direction of
length (L1) or width (L2), see Fig. 1:

Lik =
Sik
100

L (1)

i = 1÷ n1 and k = 1÷ (n1 − 1) (2)

or i = 1÷ n2 and k = 1÷ (n2 − 1) (3)
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FIGURE 1. Chen’s GG-U.

with:

Sik = b1 · e−i·b2 + b3 (4)

The coefficients b1, b2, and b3 are computed as follow, for
different values of k .

• 7 ≤ k ≤ 14:
b1 = −1.8066+ 2.6681 · lg k − 1.0719 · lg2 k
b2 = −0.7649+ 2.6992 · lg k − 1.6188 · lg2 k
b3 = +1.8520− 2.8568 · lg k + 1.1948 · lg2 k

(5)

• 14 < k ≤ 25:
b1 = −0.00064−

2.50923
k + 1

b2 = −0.03083+
3.17003
k + 1

b3 = +0.00967+
2.21653
k + 1

(6)

• 25 < k ≤ 40:
b1 = −0.0006−

2.50923
k + 1

b2 = −0.03083+
3.17003
k + 1

b3 = +0.00969+
2.2105
k + 1

(7)

Even if Chen generated empirical formulas for the
grounding resistance, the maximum touch and step volt-
ages [11], [12], a numerical analysis is recommended for the
GG-U determined with (1) - (7).

Shortcomings of the Chen algorithm are related to the
limitation for the number of parallel grid conductors, n1 and
n2: bigger than 7, smaller than 42, but also to the significant
number of empirical coefficients and the complexity of the
relations involved.

B. EXPONENTIAL GG-U
The spacing between two adjacent parallel conductors of the
grid, d , is [12]–[14]:

dk = dmax · Ck (8)

where k is the segment number counted from the central
mesh, dmax is the spacing of the central mesh:

dmax =
L · (1− C)

1+ C − 2 · C
n
2
, if n is even (9)

dmax =
L · (1− C)

2 ·
(
1− C

n−1
2

) , if n is odd (10)

C is the compression ratio, a constant≤1, L is the length in
one or in the other direction of the rectangular surface of the
substation, and n is the number of parallel conductors along
one direction, Fig. 2.

FIGURE 2. An exponential GG-U.

For a given configuration (substation area, soil proprieties,
number of grounding grid conductors, the presence of the
vertical rods), the optimum compression ratio (OCR) must
be determined through tentative numerical analyses.

In [12]–[14] are presented many results and is developed
an empirical expression to calculate the OCR for a double
layer soil, no vertical electrodes added and for different side
lengths of the grounding grid, L:

OCR = a0 + a1 · e0.0001·h + a2 · eb·h (11)

The coefficients a0, a1, a2 and b are computed based on
formulas (12-14).

b = −0.3503− 9.6311 · e−0.03666·L (12)
a0 = a01 + a02 · K + a03 · K 2

a1 = a11 + a12 · K + a13 · K 2

a2 = a21 + a22 · K

(13)
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where h is the thickness of the upper layer of the soil with a
resistivity ρ1 and K is the reflective coefficient (ρ2 being the
resistivity of the bottom layer):

K =
ρ2 − ρ1

ρ2 + ρ1
(14)

The coefficients of the fitting relation (13) are shown
in Table 1.

TABLE 1. Coefficients used in relation (13).

II. PROPOSED DESIGN METHOD OF UNEQUAL SPACING
ARRANGEMENT FOR SUBSTATION GROUNDING GRID
To avoid the use of complicated empirical relations, with
many coefficients difficult to manage, the authors propose a
simple method based on an arithmetic progression. As will be
demonstrated in the following chapters, not only the simplic-
ity of the method is what recommends it but also its behavior
in relation to the touch and step voltages. Moreover, it will be
observed that minimizing the potentials in problematic areas
(e.g., station corners) by adding vertical electrodes is much
more efficiently solved.

The distance between two adjacent parallel conductors of
the GG-U is determined as follows:
• if the number of parallel conductors along one direction,
n, is odd, i.e., there is a central conductor in the grid,
Fig. 3:

dk = dmin + (k − 1) · dmin = dmin · k (15)

with k being the segment number counted from the outer
side of the grid, 1 ≤ k ≤ (n− 1)/2 and dmin, the spacing
of the furthest mesh from the center, computed as:

dmin =
4 · L
n2 − 1

(16)

• if the n is even, i.e., there is a central mesh in the grid
whose spacing is the n/2th, Fig. 3:

dk = dmin + (k − 1) · dmin = dmin · k (17)

for 1 ≤ k ≤ (n− 1)/2 and

d n
2
= dmin ·

n
2

(18)

FIGURE 3. The proposed GG-U with an even number of parallel
conductors in one direction and an odd number in the other direction.

with dmin resulting from the relationship:

dmin =
4 · L

n2 + n− 1
(19)

Although the method is applicable to an even or odd num-
ber of parallel grid electrodes, we recommend, for maximum
simplicity, the use of an odd number of electrodes, i.e., a
distribution with central conductors in both directions, equa-
tions (15-16).

III. VALIDATION FOR GG-Us WITHOUT VERTICAL RODS
For validation, the example ‘‘B. 1. Square grid without
ground rods,’’ presented in [1] was chosen. From the design
data and the analytical calculated parameters, accessible in
full in [1], we reproduce only those that are relevant to the
purpose of the work:

• homogenous soil resistivity, ρ = 400 � ·m,
• 0.102 m thickness crushed-rock surfacing with a resis-
tivity (in wet condition) ρs = 2500 � ·m,

• depth of grid burial 0.5 m,
• 70 m × 70 m grounding grid with no ground rods,
• number of parallel conductors of the grid in both direc-
tions n1 = n2 = 11,

• tolerable step and touch voltages: 2686.6 V, and respec-
tively 838.2 V,

• 30% copper-clad steel grid wire of 10 mm diameter.

The following arrangements have been tested: GG-E,
Chen’s GG-U, Exponential GG-U, and Proposed GG-U.

All tests were made using CYMGRD Substation Ground-
ing Program.

A. GROUNDING GRID WITH EQUAL SPACING
ARRANGEMENT
The distance between two adjacent parallel conductors of the
grid is 7 m, Fig. 4.
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FIGURE 4. The GG-E.

Using relations from [1], the next results are computed:
grid resistance Rg = 2.78 �, ground potential rise GPR =
5304 V, mesh voltage, Em = 1002.1 V.
The CYMGRD analyses goes to a 2.65 � grid resistance,

GPR= 5103.1 V, a maximum touch voltage of 1011.3 V and
a maximum step voltage of 161.18 V, Fig. 5. As expected,
the periphery of the grid causes the tolerable voltage value to
be exceeded.

FIGURE 5. Touch voltage distribution for the GG-E.

B. CHEN’S GG-U
Using (1) – (5) the successive grid mesh widths, starting from
the outer conductor, are: 2.557 m, 5.464 m, 7.584 m, 9.131 m,
10.259 m, Fig. 1.

Numerical analysis leads to the next results: Rg = 2.62 �,
GPR = 5046.16 V, Et = 922.419 V, Es = 192.56 V. It can
be observed that a reduction to 91.2% of the GG-E maximum
touch voltage is achievable and these values are present only
in the corners of the grid, Fig. 6.

FIGURE 6. Touch voltage distribution for Chen’s GG-U.

C. EXPONENTIAL GG-U
According to the relations (8) and (10), the mesh widths are
presented in the Table 2.

TABLE 2. The mesh widths of the exponential GG-U for different
compression ratio.

The aspects of the Exponential GG-Us and the distribution
of the touch voltages on the substation surface, for different
compression ratio C, are shown in Fig. 7 – 8, respectively
in Fig. 9 – 10.

Applying (11), the optimum compression ratio results:
OCR = 0.48, value confirmed by numerical analysis with
CYMGRD.

Table 3 lists the main results of the Exponential GG-U
simulations, and Fig. 11 shows the variations of the touch
voltage on the diagonal of the station for 0.3 ≤ C ≤ 0.9.
As can be seen from the results shown in Fig. 9 – 11, the

maximum values of the touch voltage appear in the corners of
the grid, for C ≥ 0.5, as in the case of the GG-E and Chen’s
GG-U configurations, and in the central meshes for C < 0.5.
The grid resistance varies between 2.68 � for C = 0.3 and

141342 VOLUME 9, 2021



L. Neamt, O. Chiver: Simple Design Method of Unequal Spacing Arrangement

FIGURE 7. The exponential GG-U with C = 0.5.

FIGURE 8. The exponential GG-U with C = 0.7.

FIGURE 9. Touch voltage distribution for the exponential GG-U, C = 0.5.

2.62 � for C = 0.3. The maximum touch voltage reaches a
minimum of 881.2 V for C = 0.5.

D. PROPOSED GG-U
From (15) and (16) the distances between two adjacent paral-
lel conductors of the GG-U are: 2.34 m for the outer mesh and
then successively 4.67 m, 7 m, 9.34 m and 11.67 m, Fig. 3.

FIGURE 10. Touch voltage distribution for the exponential GG-U, C = 0.7.

TABLE 3. The main parameters for the exponential GG-U for different
compression ratio.

FIGURE 11. Touch voltages on the diagonal of the substation for the
exponential GG-U for different compression ratio.

The numerical analyze, using CYMGRD, produces the
following results: Rg = 2.62 �, GPR = 5042.66 V, Max.
Et = 918.838 V, Max. Es = 196.99 V.

In Fig. 12 it can be seen the touch voltage distribution on
the substation surface.

It is noteworthy the uniform distribution of the touch volt-
age and the existence of maximums only in the area of the
grounding grid corners.
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TABLE 4. The main parameters for the analyzed configurations.

FIGURE 12. Touch voltage distribution for the proposed GG-U.

FIGURE 13. Touch voltages on the diagonal of the substation for analyzed
grounding grids.

To synthesize, the main parameters are listed in Table 4 and
the distributions of the touch voltage on the diagonal of the
substation were grouped in a single graph for the analyzed
configurations, Fig. 13, with the mention that among the
Exponential GG-Us were retained only those corresponding
to the optimum compression ratio and C = 0.7 (the reason
for this last selection will be depicted forthwith.

From Table 4 we can conclude that the Proposed GG-U
leads to a maximum touch voltage of 918.838 V (90% from
the one corresponding to the GG-E), which is slightly bigger
then Exponential GG-U with C = 0.5, i.e. 881.203 V, but,
if we are looking at Fig. 6, 9, 10, 12 and 13 we notice that

FIGURE 14. The proposed GG-U with vertical rods in the four corners.

TABLE 5. The ground resistance for the analyzed configurations.

the voltage distribution on the substation surface is quite
uniform, excepting the exponential GG-U, C = 0.5. For
this last configuration the maximum voltages appear in the
central meshes of the grid, for the others, the maximum touch
voltages are present only in the corners of the substation.
Tolerable touch voltage, having a value of 838.2 V [1] is
exceeded for all grounding grids. Lowering the danger of
electrocution imposed the use of vertical grounding rods.
In the next chapter only the following configurations will
be retained for analysis: GG-E, as reference, Chen’s GG-U,
Exponential GG-U, C = 0.7 and Proposed GG-U, all config-
uration having added vertical electrodes in the four corners of
the grid.

IV. VALIDATION FOR GG-Us WITH VERTICAL RODS
Vertical electrodes will be attached to the substation ground-
ing grid detailed in chapter III as shown in Fig. 14 for the
Proposed GG-U.

The vertical electrodes, placed in the four corners of the
substation grounding grid, are successive: 1 m, 2.5 m, 5 m
and 10 m length.

In Tables 5-8, the values of the ground resistance, ground
potential rise, maximum touch and step voltages are com-
pared for all analyzed configurations.

Adding vertical electrodes in the corners of the substation
grounding grid goes to reduce all the essential parameters
that must be fulfilled in the design process. In terms of the
maximum touch voltage, it is lowered in grounding grid
systemswith unequal spacing arrangement below the allowed
value. The lowest values are obtained for the Proposed GG-U.
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TABLE 6. The GPR for the analyzed configurations.

TABLE 7. The maximum touch voltage for the analyzed configurations.

TABLE 8. The maximum step voltage for the analyzed configurations.

FIGURE 15. Touch voltage distribution for the proposed GG-U with 1 m
length rods.

Instead, in GG-E, only the addition of 10 m long vertical rods
ensures compliance with this requirement.

The touch voltage distributions on the substation surface,
for the Proposed GG-U, with 1m respectively 10 m length
rods in corners are shown in Fig. 15 and Fig. 16.

In Fig. 17 the touch voltages on the diagonal of the sub-
station for analyzed grounding grids with 1 m length rods

FIGURE 16. Touch voltage distribution for the proposed GG-U with 10 m
length rods.

FIGURE 17. Touch voltages on the diagonal of the substation for analyzed
grounding grids with 1 m length rods.

FIGURE 18. Touch voltages on the diagonal of the substation for analyzed
grounding grids with 10 m length rods.

are represented comparatively. The same representations are
displayed in Fig. 18 for 10 m length vertical electrodes in the
four corners.

Analyzing all the results obtained from the simulations
with CYMGRD, it is clear, that by adopting a GG-U
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FIGURE 19. Touch voltages on the diagonal of the substation for analyzed
grounding grids with 10 m length rods.

configuration, lower values of touch voltages are obtained
than in the variant GG-E and, moreover, by adding only four
vertical electrodes in the corners of the network themaximum
values of these voltages are dramatically reduced.

V. CONCLUSION
As demonstrated, the proposed design method of unequal
spacing arrangement for substation grounding grid provides
the following benefits:

• very simple algorithm, based on an arithmetic progres-
sion (15-19), applicable regardless of the dimensions of
the station, respectively of the number of parallel con-
ductors of the grid. The maximum distance between two
parallel adjacent conductors varies between the uniform
arrangement distance and twice this value, guaranteeing
close to uniform distribution of the potentials.

• significant reduction of the maximum touch and step
voltages on the substation surface. In Fig. 19, the dif-
ference between the configurations: GG-E and Proposed
GG-U, for the substation detailed in chapter III, can be
noticed, i.e., we are talking about a reduction to 91%
without any vertical electrodes up to 72% using 10 m
length rods in the four corners.

• quite uniform distribution of the potentials on the sub-
station surface.

Based on this research, the proposed design method of
unequal spacing arrangement for substation grounding can
be considered an optimized one because it ensures the ful-
fillment of both the technical and the economic.

The next step to be able to implement this method in stan-
dards, is to determine analytical relationships for the variables
of interest (grounding resistance, maximum touch and step
voltages), based on the results of numerical analyzes pro-
cessed statistically and with the help of artificial intelligence.
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