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ABSTRACT The current of P3HT:PCBM-based organic solar cells was analytically investigated in this work.
Position-and wavelength-dependent excitons generated by light were evaluated using the optical transfer
matrix method. The charge carriers generated by dissociating excitons were estimated using an improved
dissociation probability, incorporating a Gaussian distribution. A universal analytical equation was derived
by solving the transport equation to calculate the current-producing holes and electrons. Similarly, another
universal equationwas derived to calculate the hole and electron currents. The total current, calculated using a
constant recombination coefficient, is found to be different at different positions (position dependent), which
is inconsistent because the total current should be position independent. The use of a constant recombination
coefficient is the reason for this inconsistent result. The spatial recombination coefficients inside the active
layer were extracted and used in the calculation, and the total current was found to be position independent;
thus, the inconsistency was resolved. The current and its components have been investigated with respect to
position, terminal voltage, solar irradiance, active layer thickness and wavelength. This work provides better
results because it includes spatial recombination coefficients, space-and wavelength-dependent excitons, and
improved dissociation probability in analytical calculations; therefore, it will help improve the prediction and
design of organic solar cells.

INDEX TERMS P3HT: PCBM-based organic solar cell, investigation of current with spatial recombi-
nation coefficients, excitons by optical transfer matrix method, dissociation probability with Gaussian
distribution.

I. INTRODUCTION
Organic solar cells (OSCs) have good prospects for harvest-
ing solar energy. Many people [1]–[5] are working on OSCs,
assuming it to be an alternative to Si solar cells. The OSC
research is attracting the attention of researchers because
the chemical structure of organic materials can be modified,
large solar panels can be easily made, organic materials are
cheaper, and organic materials are lightweight. Basically,
OSC is a layered device; one layer works to absorb incident
light (photons), which is known as the active layer; the other
layers work as a contact layer, guiding layer, or supporting
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layer. The active layer is made of two materials: one (P3HT)
donates electrons and the other (PCBM) accepts electrons.

The incident light generates excitons (tightly bound
electron-hole pairs) inside the active layer of the OSC. After-
wards, the excitons are dissociated, resulting in free electrons
and holes; the free electrons move from donor (P3HT) to
acceptor (PCBM), and then they are guided by other layers
toward the cathode terminal. Free holes move from PCBM
to P3HT and are guided by other layers toward the anode
terminal. While the excitons interact with any defect states or
with the interface of P3HT and PCBM, the excitons dissoci-
ate; however, the interface plays the main role of dissociation
because the interface possesses an electric field. If P3HT
and PCBM are distinctly separate layers, then there will be
a single interface, the excitons generated near this single
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interface will be dissociated, and the excitons that are far
away from that single interface vanish (electrons fall into
holes of the same exciton) before reaching the interface;
therefore, the efficiency is not good. Instead, if P3HT and
PCBM are mixed to make an active layer, there will be many
interfaces inside the entire active layer, which is known as
bulk heterojunction OSC; wherever the excitons are gener-
ated, almost every exciton will get a neighboring interface.
As a result, the dissociation of excitons increases, and the
efficiency increases. Hence, many researchers [6]–[8] are
working with bulk heterojunction OSCs.

For a solar cell, the current is the most important because
it is an indicator of other performances; therefore, the inves-
tigation of current demands special attention. In this work,
current investigations were carried out on bulk heterojunction
OSCs. In this area, some are working with materials, and
some are working with device design for the improvement
of OSC because the performance (efficiency) is still not up to
the mark. To obtain OSCs with better performance, a theoret-
ical investigation might be carried out to determine suitable
materials and/or suitable device structures for the fabrication
of OSCs; that is, the theoretical work plays a significant role.
Some research groups [9]–[12] have carried out theoretical
works with numerical calculations, while others [13]–[16]
have used the analytical approach. In this work, an analytical
investigation of the OSC current was carried out in detail,
considering the effects of different factors. The accuracy
of analytical computation depends on the following factors:
selection of a suitable function to calculate generated exci-
tons, use of appropriate dissociation probability of excitons to
estimate charge carriers, and consideration of recombination.

Some researchers [15] used the constant charge carrier
generation rate, which is the simplest approximation, which
makes calculations easier. However, naturally, the light inten-
sity (hence excitons, charge carriers) would be different at
different positions inside the device. Some researchers con-
sidered position dependence by assuming that the light inten-
sity exponentially decreases with position away from the
point of incidence. For a single thick (wider) layer, an expo-
nentially decreasing concept may work. But for thin layered
device like OSC, while the light passes through a thin layer,
it reaches to other side without decreasing much and then it
is reflected at the interface, after that the reflected light will
interfere with the incident light, we know, light has a wave-
like nature, somewhere they will meet in-phase and hence
produce high intensity; somewhere they will meet out-of-
phase and hence produce low intensity; therefore, the light
intensity will have ups and downs at places; as a result,
the excitons and charge carriers will have pulsating pattern
with positions. This indicates that the exponentially decreas-
ing concept does not consider optical activities (reflection
and interference), and hence is not suitable for thin-layered
devices. Again, the generation of charge carriers depends
on the material that selects the photons (wavelengths) to
be absorbed. The optical transfer matrix method (OTMM)
includes optical activities and material properties, and hence

calculates position-and wavelength-dependent excitons for
thin-layered devices [5], [12], [17], [18]. In this study, the ana-
lytical expression derived from the OTMM was used to esti-
mate the exciton generation rate.

Some works [15], [19]–[21] neglected recombination in
their calculations; this makes their calculations easier; how-
ever, those works fail to analyze devices with recombination.
Some other works [22], [23] included recombination in their
calculations, but their generation rate was either constant
or exponentially decreasing. In this work, recombination
was considered in addition to the space-and wavelength-
dependent exciton generation rate obtained by OTMM.

For the dissociation probability of excitons, some [9], [12],
[24], [25] used the Braun model; others [22], [26] used
Wojcik’s formula; both models calculate the dissociation
probability using the same (constant) separation distance for
all excitons. However, naturally, separation distances would
be different for different excitons; to include this fact, Gaus-
sian distribution has been incorporated in computing dissoci-
ation probability in this work.

While current is calculated using space-and wavelength-
dependent generation rate and constant recombination rate
(same recombination at all positions inside the active layer),
the total current is found to be different at different positions
(that is, position dependent), which is inconsistent because
the total current of a device should be the same at all posi-
tions (that is, position independent). No work has yet been
presented to resolve the problem of the position dependency
of the total current. Some work [27] presented the current at a
certain position and compared it with the experimental value.
Some others [26], [28], [29] used the average value of the
current to match the experimental results. On the other hand,
the literature [30] shows that while the current was calculated
using the space-and wavelength-dependent generation rate
but neglecting recombination, the current became indepen-
dent of position. Therefore, it may be assumed that using an
incorrect recombination rate is the root cause of the position
dependency of the total current. That is, a constant recombi-
nation rate was not appropriate. Because of the interaction
between forward and reflected light, the intensity of light
and hence charge carriers (electrons and holes) are different
at different positions; again, recombination depends on the
population of electrons and holes; therefore, recombination
would be different at different positions.

The recombination rate (s−1m−3) is the product of the
recombination coefficient (s−1) and the volume density of
electrons and holes (m−3). Usually, the current is calculated
using the average volume density of the electrons and holes.
The average volume density represents the constant density
throughout the volume; hence, the recombination coefficient
needs to be different at different positions inside the active
layer to achieve different recombination rates at different
positions. That is, we need to use the positional (spatial)
values of the recombination coefficient in the calculation of
the OSC current. To date, no work has been reported on
calculating the OSC current using the spatial values of the
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recombination coefficient. In this study, the spatial recom-
bination coefficient was extracted and used to calculate the
OSC current.

This study aims to (i) extract the spatial recombination
coefficient inside the active layer of OSC; (ii) evaluate
the OSC current using the spatial recombination coefficient
to resolve the inconsistency regarding the space invariance
property of the total current; (iii) derive and use a universal
analytical equation for evaluating both holes and electrons;
(iv) use improved analytical calculations that include spatial
recombination coefficient, space-and wavelength-dependent
excitons, improved dissociation probability incorporating
Gaussian distribution, and (v) analyze OSC current and its
components with position, terminal voltage, solar irradiance,
active layer thickness, andwavelength by improved analytical
calculations.

II. EXCITON GENERATION RATE
Excitons are generated by light absorbed in the active
layer of an organic solar cell (OSC). The optical trans-
fer matrix method (OTMM) provides the correct pro-
file of generated excitons for thin-layer devices such as
OSC [5], [12], [17], [18]. Now, let us look at a short descrip-
tion of OTMM and the analytical equation derived from
OTMM for calculating the generated excitons. The details of
OTMM have been described in a previous report [31].

When light crosses the interface of two layers, light is
reflected and refracted, and the velocity changes, which can
be accounted for by the refractive index (η) of the layer
materials. Again, while crossing a layer, light is absorbed
and light intensity is reduced, which can be accounted for by
the extinction coefficient (κ) of the materials. The complex
refractive index (η̃), which is defined as η̃ = η+ iκ , includes
both η and κ and hence covers the optical phenomena (reflec-
tion, refraction, absorption). OTMM first calculates interface
matrices and layer matrices using η̃; then forms a transfer
matrix (scattering matrix) using these interface and layer
matrices, then calculates different optical properties using
this transfer matrix, and finally calculates the exciton gen-
eration rate.

In general, the interface matrix (Iab), corresponding to
the interface of two adjacent layers a and b, is defined as
follows [12]:

Iab =


η̃a + η̃b

2η̃a

η̃a − η̃b

2η̃a
η̃a − η̃b

2η̃a

η̃a + η̃b

2η̃a

 (1)

where η̃a, η̃b are complex refractive indices.
The layer matrix (Lc) corresponding to layer c is defined

as [12]:

Lc =
[
exp(−iξcdc) 0

0 exp(iξcdc)

]
(2)

where ξc = 2πη̃c
/
λ; dc = thickness (width) of layer c.

FIGURE 1. A device of m-layers of different materials with light incident
at one side and substrate at another side.

Let us consider an m-layer device (1, 2, 3, . . . . . . .m) as
shown in Fig. 1. Light is incident from the air on one side, and
a substrate is placed on the other side as a mechanical support
for the thin layers. Air is considered to be the 0th layer, and
the substrate to be the (m+ 1)th layer.

Calculating all interface and layer matrices, a (2 × 2)
transfer matrix (S) for the entire structure is defined as

S = I01L1I12L2 . . . . . . . . . . . .LmIm(m+1) (3)

Because excitons are generated inside the active layer
(jth layer), to obtain the exciton profile, we must consider
the active layer matrix (Lj), separately. Therefore, the entire
transfer matrix (S) may be expressed as S = S ′LjS ′′. Here,
S ′ and S ′′ are two (2 × 2) sub-matrices formed with the
interface and layer matrices before and after the active layer,
respectively, as follows:

S ′ = I01L1I12L2 . . . . . .L(j−1)I(j−1)j (4)

S ′′ = Ij(j+1)L(j+1) . . . . . . LmIm(m+1) (5)

Each matrix S, S ′, S ′′ may be used to relate optical electric
fields at its two sides, after algebraic manipulation of these
relations, at any position (x) inside active layer, the optical
electric field Ej (x) may be determined; the square of the
magnitude of Ej (x) is as follows [31].∣∣Ej (x)∣∣2 = ∣∣∣t+j ∣∣∣2 ∣∣E+0 ∣∣2 H (x) (6)

The definitions of parameters of Eq. (6) are given in
Appendix A.

Irradiance (I ) is the power per unit area (unit: Wm−2 or
Js−1m−2). We know [31] that the irradiance equation is I =(
1
/
2
)
cεE2; for incident irradiance, I0 =

(
1
/
2
)
c0ε0

∣∣E+0 ∣∣2.
Now, the Eq. (6) can be rewritten as:∣∣Ej (x)∣∣2 = ∣∣∣t+j ∣∣∣2 2I0

c0ε0
H (x) (7)

The irradiance at any position (x) inside the active layer
is Ij (x) =

(
1
/
2
)
cjεj

∣∣Ej (x)∣∣2. Using Eq. (7) and the relation
between the refractive index (ηj) and electric permittivity (εj),
the final form of Ij (x) can be obtained as follows [31]:

Ij (x) =
ηj

η0

∣∣∣t+j ∣∣∣2 I0H (x) (8)
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If we multiply irradiance Ij (x) [unit: Js−1m−2] with
absorption coefficient αj [unit: m−1] and then divide by pho-
ton energy

(
hc
/
λ
)
[unit: J], we can obtain the photon incident

rate [unit: s−1m−3]. Assuming that each photon produces
each exciton, we can obtain the exciton generation rate using
the following equation [31]:

Gexc (x) =
λ

hc
αj
ηj

η0

∣∣∣t+j ∣∣∣2 I0H (x) (9)

Here, h = Planck′s constant; c = light speed.
Gexc is a function of position and wavelength. Eq. (9) deter-

mines the exciton generation rate for a single wavelength. The
exciton generation rate at any position for all the lights can be
determined by integrating over the wavelength range.

III. CHARGE CARRIER GENERATION RAT
All of the generated excitons do not dissociate into free
charge carriers; however, many of them do. The Onsager the-
ory [24] is useful for calculating the dissociation probability
of excitons. However, the Onsager theory cannot describe the
exciton behavior at high electric fields [32], [33]. Braun [25]
corrected and defined the dissociation probability P as

P =
kdiss

kdiss + kf
=

1

1+
(
kf
/
kdiss

) (10)

where kf = decay rate = Sr
/
r0; Sr = reactivity parameter

(unit: ms−1), r0 = electron-hole separation distance of the
exciton. kdiss = dissociation rate; kdiss depends on the electric
field (F) working across the active layer.
Based on Onsager [34], Braun provided an equation for

kdiss that has been used in many studies [9], [12], [35]. How-
ever, Wojcik’s group [30] provided an improved formula for
kdiss as follows:

kdiss_W =
Drc
r30

e
−
rc
r0

(
1+ b+

b2

3
+
b3

18
+ · · ·

)
(11)

The definitions of parameters of Eq. (11) are given in
Appendix B.

Many researchers [22], [25], [26], [32] have used constant
separation-distance (r0) but naturally different excitons have
different separation distances; therefore, a statistical distribu-
tion function may be used to address this fact. In this work,
the separation distancewas considered as variable (r), and the
spherically averaged Gaussian distribution (SAGD) function
was used along with kdiss provided by Wojcik et al.; thus,
an improved dissociation probability (P) was calculated as
follows.

P =
∫
∞

0

kdiss(r)
kdiss(r)+ kf (r)

f (r) dr (12)

where f (r) is the SAGD function given by

f (r) =
4
√
πr3a

r2e
−
r2

r2a (13)

where r = variable separation distance, ra = the value of r at
which the SAGD function value is maximum.

FIGURE 2. (a) P3HT:PCBM based OSC structure; (b) Energy levels of OSC
materials.

Then, the charge carrier generation rate (G) was computed
using the following equation.

G (x) = PGexc (x) = KH (x) (14)

where

K = P
λ

hc
αj
ηj

η0

∣∣∣t+j ∣∣∣2 I0
IV. ENERGY, FIELD, POTENTIAL & CURRENT IN OSC
The structure, energy bands, electric fields, potentials, and
currents related to organic solar cells (OSCs) are described
in this section. Fig. 2(a) presents the structure of the OSC
analyzed in this study. The layer materials were ITO, PEDOT,
PSS, P3HT, PCBM, and Al. Among them, ITO works to
collect holes to function as an anode terminal, the advantage
of using ITO is its transparency, which is suitable for optical
devices. PEDOT:PSS (a mixture of PEDOT and PSS) helps
to guide and collect holes effectively. P3HT:PCBM (mixture
of P3HT and PCBM) is the active layer that absorbs photons
(light). Al-layer was used to collect electrons to work as
the cathode terminal. Fig. 2(b) presents the energy of the
layer materials of OSC, which were collected from the lit-
erature [5], [12], [36]–[40]. The energy levels are negative
because the electron energy is shown here.

The properties of organic materials are described using the
lowest unoccupied molecular orbital (LUMO), highest occu-
pied molecular orbital (HOMO), and energy gap separating
the LUMO and HOMO.

The bandgap of P3HT (1.9 eV) and PCBM (1.8 eV)
suggests that both materials are suitable for absorbing solar
irradiance; therefore, excitons are generated in both; for an
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exciton generated in an organic material (P3HT or PCBM),
the electron of that exciton will be at the LUMO, and the hole
at the HOMO of that material.

Some of the excitons are lost because of direct recom-
bination as follows: electrons at P3HT_LUMO fall into
holes at P3HT_HOMO or electrons at PCBM_LUMO fall
into holes at PCBM_HOMO. The other excitons disso-
ciate into free electrons and holes. Like any other par-
ticles, electrons move from high energy to low energy;
that is, free electrons will move from P3HT_LUMO to
PCBM_LUMO, as shown in Fig. 2(b). For this reason, P3HT
is termed as the (electron) donor and PCBM as the (electron)
acceptor.

Let us now consider hole movement. The typical energy
band diagram shows the electron energy (negative value),
as shown in Fig. 2(b). Because hole-energy is positively
valued, a hole-energy-band-diagrammay be obtained by flip-
ping the electron-energy-band-diagram about the horizontal
axis at zero energy. In this case, a high level in the electron-
energy-band-diagram will become low in the hole-energy-
band-diagram and vice versa. Free holes will move from
high hole energy (≡ low electron energy) to low hole energy
(≡ high electron energy). So, free holes will flow from
PCBM_HOMO to P3HT_HOMO as in Fig. 2(b).

Now, electrons at PCBM_LUMO and holes at
P3HT_HOMOwill form ‘‘geminate pairs’’. The electric field
across the active layer breaks these geminate pairs, and hence,
electrons and holes will finally become free. Then, they move
toward the collecting electrodes.

When an electrode is attached to one side of the active
layer (mixer of P3HT and PCBM), some regions of the elec-
trode are in touch with P3HT and some regions with PCBM.
Electrons at PCBM_LUMO or holes at P3HT_HOMO will
choose the electrode to move depending on the energy. If the
energy level of the electrode material is slightly (not largely)
less than that of PCBM_LUMO, then free electrons will
move from PCBM_LUMO to that electrode through a fea-
sible small energy change, here free electrons will move to
Al, hence Al will work as a cathode. On the other hand,
if the energy level of the electrode material is slightly higher
than that of P3HT_HOMO, then free holes will move from
P3HT_HOMO to that electrode, here free holes will move
to PEDOT:PSS and then to ITO; hence, ITO will work as
an anode. Inside the OSC, both electron-flow and hole-flow
will create current flowing from PCBM to P3HT. Outside the
OSC, when a load is connected, the current will come out at
the ITO (P3HT side), go through the load, and enter at Al
(PCBM side).

The PEDOT:PSS layer was used for better collection of
holes. The movement of holes directly from P3HT_HOMO
to ITO would not be effective because it would require
a large energy change that is not naturally favorable. The
PEDOT:PSS layer between P3HT and ITO creates a gradual
small energy difference between two adjacent layers so that
holes can move through favorable small energy changes in
two steps; thus, holes are guided towards ITO and effectively

collected. A similar approach can be used to guide electrons,
if necessary.

Let us look at pn junction solar cell. A pn junction has an
internal electric field directed from the n-side to the p-side,
and a corresponding built-in potential (Vbi). When light is
incident on a pn junction, holes and electrons are generated,
and a current is produced by the field in the direction from
n-side to p-side. Usually, the direction from p-side to n-side
is considered as positive; therefore, the field and current of a
pn junction solar cell are negative.

We already know that the current inside the OSC is from
PCBM to P3HT, whereas the current inside the pn junction
solar cell is from n-side to p-side. By comparison, it may be
deduced that PCBM is like n-side and P3HT is like p-side.

The active layer (mixer of P3HT and PCBM) is similar
to a single metamaterial, where PCBM_LUMO is equiva-
lent to the conduction band and P3HT_HOMO is equiva-
lent to the valence band [10], [11], [13], [15]. OSC has a
current, hence it has an internal electric field and a cor-
responding built-in potential (Vbi) like pn junction. Litera-
ture [13], [15], [36] shows that the energy levels of Al and
PEDOT:PSS may be considered as the Fermi levels and the
difference between them will determine the value of Vbi; that
is, Vbi = (EAl − EPEDOT :PSS) volts.

Solar cell current may be used instantly by flowing it
through a load connected at solar cell terminals; in this case,
the load will receive solar power while the sun is available.
Usually, a solar cell current is used to charge a battery to
store solar power for later use, especially when the sun is
absent. When a battery is charged by an organic solar cell
(OSC), the battery terminal connected to ITO becomes posi-
tive polarity and the battery terminal connected toAl becomes
negative polarity because the current comes out at ITO, goes
through the battery, and then enters into Al. The voltage of
the connected battery (being charged) affects the OSC current
by working as an external applied voltage (Va), which gives
a positive voltage to ITO (P3HT side, p side) and negative
voltage to Al (PCBM side, n side). This indicates that Va
produces a positive current in the forward direction, working
against Vbi. Therefore, the resultant electric field (F) can be
approximated as F = (Va − Vbi)

/
dj, where dj = active layer

thickness.
Like many other researchers [11], [13], [14], [15], this

work also assumes F to be constant throughout the active
layer, which is valid if the active layer thickness (dj) is low
(≤ 200 nm).

While moving, some electrons and holes will be recom-
bined inside the active layer; this recombination was consid-
ered in this work.

Here, Ed0p and Edjp are the energy differences between the
valence band (P3HT_HOMO) and Fermi levels at x = 0 and
x = dj shown in Fig. 2(b); Ed0n and Edjn are the energy
differences between the conduction band (PCMB_LUMO)
and Fermi levels at x = 0 and x = dj. These energy
differences were used as boundary conditions to solve the
differential equations for the holes and electrons.
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V. UNIVERSAL SOLUTION FOR HOLE & ELECTRON
Organic solar cells (OSCs) and semiconductor pn junctions
are analogous, but their structures are different; therefore,
the approaches of analyses are different. The pn junction
has a small depletion layer around the junction that con-
tains charged atoms, producing an internal electric field. The
field force produces drift current. Again, the concentration
difference of holes (or electrons) at the two sides of the
depletion layer produces diffusion current. In forward bias,
the diffusion current is much larger than the drift current;
therefore, the drift current is neglected, and only the diffusion
current is considered for calculating the current. On the other
hand, in reverse bias, no diffusion current exists, and only the
drift current is considered. However, for bulk heterojunction
OSCs, the active layer is the mixer of donor and acceptor
materials (no distinct separating boundary), and the concen-
tration difference of holes (or electrons) exists throughout the
active layer, and the electric field is across the entire active
layer (not across the small depletion layer); therefore, diffu-
sion and drift currents exist throughout the entire active layer;
hence, both currents are to be considered in the calculation of
current in OSCs.

Because of the various interactions inside the device, all the
generated electrons and holes cannot participate in the current
production. The current-producing hole (electron) density per
unit volume can be determined using the drift-diffusion trans-
port equation, continuity equation, charge carrier generation
rate, and recombination rate. The analytical expression of
the hole (electron) is derived first, followed by the analytical
expression of its current.

Let us first consider the case of current-producing holes
(p). If an electric field exists in the positive x direction,
holes will drift in the positive x direction, producing a drift
current (qµpFp) in the positive x direction. If the hole con-
centration gradient exists and dp/dx is positive, holes will
diffuse toward the negative x direction, producing a diffusion
current (kBTµpdp

/
dx) in the negative x direction. Therefore,

the transport equation for holes is as follows [41]:

Jp = qµpFp− kBTµp
dp
dx

(15)

The continuity equation for holes is
1
q
dJp
dx
=
(
G− Rp

)
(16)

where J = current density, G = generation rate, R = recom-
bination rate.

Similarly, in the case of current-producing electrons (n), if
an electric field exists in the positive x direction, electrons
will drift in the negative x direction, producing a drift current
(qµnFn) in the positive x direction. If the electron concen-
tration gradient exists and dn/dx is positive, electrons will
diffuse toward the negative x direction, producing a diffusion
current (kBTµndn

/
dx) in the positive x direction. Therefore,

the transport equation for electrons is as follows [41]:

Jn = qµnFn+ kBTµn
dn
dx

(17)

The continuity equation for electrons is

−
1
q
dJn
dx
= (G− Rn) (18)

From the above four equations, it can be seen that if
we consider the values of q and µ with negative sign in
Eqs. (15) and (16) then they become the same as in
Eqs. (17) and (18), therefore, we can use two equations
instead of four. That is, in general, for any charge carrier (Q),
we may use the following two Eqs. (19) and (20), we can
obtain a universal solution for both holes and electrons.
To obtain the results for holes, we have to use the values of
q and µ with positive sign; on the other hand, to obtain the
results for electrons, we have to use the values of q and µ
with negative sign.

J = qµFQ− kBTµ
dQ
dx

(19)

1
q
dJ
dx
=
(
G− RQ

)
(20)

whereQ= hole (electron) density (unit: m−3), J = hole (elec-
tron) current density (unit: Am−2), G = hole (electron) gen-
eration rate (unit: s−1m−3), RQ = recombination rate= rmQ;
rm = monomolecular recombination coefficient (s−1).
Using Eqs. (19) and (20), we get

d2Q
dx2
+ a1

dQ
dx
+ a2Q = a3G (21)

a1, a2, and a3 are defined in Appendix C.
When there is no light (dark condition), charge carriers are

generated because of the environmental temperature. When
light is incident, environmental temperature is also present;
therefore, we have to calculate the charge carriers generated
by the incident light (photo component) as well as by the
environmental temperature (dark component).

For charge carriers produced by dark condition the differ-
ential equation is

d2Q
dx2
+ a1

dQ
dx
+ a2Q = 0 [∵ G = 0] (22)

The solution of Eq. (22) is

Qdark = A1eω1x + A2eω2x (23)

ω1 and ω2 are defined in Appendix C. Again, A1 and A2 are
constants to be determined using boundary conditions.

For charge carriers produced by photons, the differential
equation is

d2Q
dx2
+ a1

dQ
dx
+ a2Q = a3G [∵ G 6= 0] (24)

Complementary solution of Eq. (24) is

Qph1 = A3eω1x + A4eω2x (25)

Here A3 and A4 are constants to be determined using
boundary conditions.
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Using G from Eq. (14), which is for a single wave-
length, we can get a particular solution of Eq. (24) as
follows [31]:

Qph2 = a4e−αjx + a5eαjx + a6cos (N − Rx)

+ a7sin (N − Rx) (26)

a4, a5, a6, and a7 are defined in Appendix C.
Total solution of Eq. (24) is

Qph = A3eω1x + A4eω2x + a4e−αjx + a5eαjx

+ a6cos (N − Rx)+ a7sin (N − Rx) (27)

Eq. (27) represents the photo-charge carriers for a single
wavelength.

Photo-charge carriers for all wavelengths can be found as

Qpht =
∫ λ2

λ1

Qphdλ (28)

Total charge carriers (dark plus photo) may be calculated
as follows:

Q = Qdark +
∫ λ2

λ1

Qphdλ (29)

Eq. (29) is the universal expression for evaluating both
holes (h) and electrons (n). That is, h = Q (calculated with
positive µ, q) and n = Q (calculated with negative µ, q).
The boundary values of the charge carriers at x = 0

and x = dj were calculated using the energy levels in the
standard equations of semiconductor physics [41], and then
applying these boundary values in Eq. (29), we can calculate
A1,A2,A3, and A4. The detailed calculations are given in
Appendix D.

Let us now consider current calculations. By substituting
Qdark from Eq. (23) into Eq. (19), we can obtain the dark
current as

JQdark = A11eω1x + A12eω2x (30)

A11 and A12 are defined in Appendix E.
Again, by substituting Qph from Eq. (27) into Eq. (19),

we can obtain the photocurrent for a single wavelength as

JQph = A21eω1x + A22eω2x + A23e−αjx + A24eαjx

+A25cos (N − Rx)+ A26sin (N − Rx) (31)

A21, A22, A23, A24, A25, and A26 are defined in Appendix E.
Photocurrent for all wavelengths is

JQpht =
∫ λ2

λ1

JQphdλ (32)

Total current (dark plus photo) of any charge carrier is

JQ = JQdark +
∫ λ2

λ1

JQphdλ (33)

Eq. (33) is the universal equation for evaluating both the
hole current (Jp) and electron current (Jn). That is, Jp = JQ
(calculated with positive µ, q) and Jn = JQ (calculated with
negative µ, q).

Grand total current due to both holes and electrons is

Jtotal = Jp + Jn (34)

VI. RESULTS AND DISCUSSIONS
Solar cell analysis using an analytical method requires infor-
mation on the sunlight intensity (irradiance), whose surface
value is 6.33× 107 W/m2, and it is decreased to 1367 W/m2

while the light reaches just outside the atmosphere above
the earth, which is known as extraterrestrial irradiance. The
light intensity is further reduced because of absorption by the
atmosphere. The amount of absorption depends on whether
the light travels through the Earth’s atmosphere in the per-
pendicular direction (shortest distance) or in the inclined
direction (longer distance) to reach a place on the earth
where the solar cell is situated. The condition of inclination
is indexed by the air mass (AM), which is the ratio of the
actual traveled distance through the atmosphere to the per-
pendicular distance. Extraterrestrial irradiance is indexed by
AM 0 because light travels no distance through the atmo-
sphere. When the light reaches a place on the earth in the
perpendicular direction, it is indexed by AM 1.0. When
the light comes at an angle of 600, it crosses the distance
double the perpendicular distance; it is indexed by AM 2.0.
Solar irradiance of AM 1.5 (global) was used in this work,
as in many other studies [2], [3], [9], [12], [15], [22]. The
data of irradiance AM 1.5 were collected from standard
sources [42].

To calculate the excitons using the optical transfer matrix
method, we need the refractive index (η) and extinction coef-
ficient (κ) of the materials of the device under investigation,
which were collected from the literature [26], [36].

To obtain the photo-excited part of any quantity, it is nec-
essary to integrate over the effective wavelength range. The
effective wavelength range depends on the device structure
and the layer materials. It is essential to identify the precise
effective wavelength range for two reasons: (i) to understand
which portion of the solar spectra would be absorbed by a
device structure, it would be useful to compare the optical
effectiveness of different structures and determine the best
one; (ii) experimental works are usually performed with dif-
ferent levels of input power (1000 W/m2, 800 W/m2, etc.),
whereas analytical calculations are usually carried out using
solar irradiance AM 1.5, where solar irradiance is expressed
in units of Wm−2nm−1. To compare the experimental and
analytical results, the input power for both cases should be
the same. To determine the input power level in the analytical
calculation, we need to integrate the solar irradiance over
the exact effective wavelength range that a device actually
absorbs; if the calculated (integrated) power is not the same
as the experimental input power level, then the input solar
irradiance is multiplied by a factor before using it in the
analytical calculation to ensure that the input power level
of the analytical calculation is equal to the input power
level of the experiment. The multiplying factor is the ratio
of the experimental input power to the power obtained by
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integrating the solar irradiance over the exact effective wave-
length range.

Excitons represent the absorption amount; therefore,
excitons were investigated to obtain the exact effective
wavelength range of the OSC structure in Fig. 2(a). First,
the lower limit of wavelength was fixed at 350 nm, and
the upper limit was varied in the range of 350 to 850 nm.
For a selected upper limit value, the exciton generation rate
at a certain position was calculated for each wavelength
using Eq. (9), the results were integrated over the wavelength
range extending from the lower limit (350 nm) to the upper
limit (selected value). Similarly, integrated values were cal-
culated for the other positions. Then, the average exciton
was calculated by averaging the integrated values of all the
positions. Similarly, the average excitons were determined
for the other selected upper limit values. Fig. 3(a) shows
the average excitons computed with solar irradiance of AM
1.5; the exciton increases with the upper limit; for a fixed
lower limit, increasing the upper limit encompasses more
wavelengths (photons); hence, the exciton increases. For the
upper limit of 730 nm ormore, the average exciton generation
rate reaches 4.9× 1027 s−1m−3 (for irradiance AM 1.5) and
does not increase further, as shown in Fig. 3(a), indicating
that photons with wavelengths greater than 730 nm do not
contribute, that means the device does not absorb; therefore,
the exact upper limit is 730 nm. Similarly, another calculation
was carried out, keeping the upper limit fixed at 850 nm
and varying the lower limit in the range of 850 to 350 nm.
For each selected lower limit value, the average exciton was
calculated as described above and is plotted in Fig. 3(b).
In this case, the average exciton increases with the decrease
of the lower limit; for a fixed upper limit, the decreasing
lower limit encompasses more wavelengths (photons); hence,
the exciton increases. For the lower limit of 360 nm or less,
the average exciton no longer increases, indicating that the
exact lower limit is 360 nm.

To verify the applicability of the optical transfer matrix
method, the optical electric field magnitudes at different posi-
tions inside the active layer of the OSC were calculated using
the OTMM-based Eq. (7). Note that Eq. (7) determines the
square of the field magnitude, however, the field magnitudes
have been presented here. Fig. 4 presents the positional vari-
ation of the optical electric field magnitudes for an OSC with
the active layer thickness (dj) of 100, 200, and 300 nm for
different irradiances (400 to 1000 W/m2).

As expected, the optical electric fieldwas found to be larger
for higher irradiances. The optical electric field variation
exhibits a wave-like pattern with positions as shown in figure,
not constant, and not exponential, indicating that OTMM
includes the optical phenomena (reflection, refraction, inter-
ference) and hence provides the correct distribution (profile)
of light. Because the optical electric field produces exci-
tons and charge carriers, they also exhibit similar wave-like
variations with positions. Optical field varies in the range
of 0.1 to 0.6 V/m as shown in Fig. 4. For the device with
active layer thickness of 100 nm, the excitons are found

FIGURE 3. Average excitation generation rate of OSC with irradiance of
AM 1.5 (global), active layer thickness of 100 nm: (a) when lower limit of
wavelength is fixed at 350 nm and upper limit is increasing, (b) when
upper limit is fixed at 850 nm and lower limit is decreasing.

varying in the range of 1 × 1027 to 16 × 1027s−1m−3 with
the average excitons of 4.3 × 1027, 6.4 × 1027, 8.5 × 1027,
and 10.6 × 1027 s−1m−3 for irradiances of 400, 600, 800,
and 1000W/m2, respectively, these values are consistent with
other works [10], [17], [43].

Regarding the dissociation probability of excitons, pre-
vious work [31] showed that Braun’s formulation esti-
mates high probability; Wojcik’s formulation estimates low
probability; however, the probability calculated by incor-
porating the spherically averaged Gaussian distribution
(SAGD) function gives the value between the two. Natu-
rally, the separation distances of electrons and holes of exci-
tons are different; because of considering this natural fact
in the SAGD-incorporated dissociation probability, it has
been assumed to be logical. Using the SAGD-incorporated
probability, the charge carriers were calculated using
Eq. (14).

The current-producing hole density (unit: m−3) was cal-
culated analytically using Eq. (29) with positive q and µ;
similarly, the electron density was determined using Eq. (29)
with negative q and µ; this universal Eq. (29) was obtained
from the analytical solution of the differential Eq. (21).
Now, the same differential Eq. (21) was solved using a
numerical method and plotted along with the analytical
results.

Fig. 5 shows the analytical and numerical results for the
hole and electron densities with positions for an irradiance
of 1000 W/m2 and terminal voltages (Va) of 0.1, 0.3, and
0.5 V. Analytical results (solid line) exactly match the numer-
ical results (markers) for each case as shown, which ensures
the correctness of the analytical solution.

Another universal analytical Eq. (33) was derived and used
to calculate the hole and electron currents. The total current
was obtained using Eq. (34). The total current, calculated
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FIGURE 4. Optical electric field magnitude of an organic solar cell for
irradiance of 400 to 1000 W/m2 having the active layer thickness of
(a) 100 nm, (b) 200 nm, and (c) 300 nm. Optical electric field magnitudes
are different at different positions due to optical reflection, refraction and
interference.

using the constant value of the recombination coefficient, was
found to vary with the positions, as shown in Fig. 6, which is
inconsistent because the total current should be the same at
all positions.

FIGURE 5. Current-producing hole and electron density with positions
inside active layer of OSC for irradiance 1000 W/m2. Analytical (solid line)
and numerical (markers) results are found exactly matched with each
other.

FIGURE 6. Total current calculated using constant recombination
coefficient, terminal voltage of 0.4 V and irradiance power levels of 400,
600, 800, 1000 W/m2. Total current values are found different at different
positions, which is inconsistent with position-independent property of
total current.

Other researchers [26]–[29], who used a constant recom-
bination coefficient, also observed the position dependency
of the total current; however, they presented the value of
current at a certain position or the average value of current
in their reports. Again, those [30] who neglected recom-
bination in the analytical solution found the current to be
the same at all positions. However, recombination cannot
be neglected, especially for devices that are highly recom-
bination prone. To obtain a consistent position-independent
current, we must use the appropriate positional values of the
recombination coefficient instead of using a constant value.
This is logical because, owing to optical interference and dif-
ferences in mobility, the hole and electron densities would be
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FIGURE 7. Extracted recombination coefficients with positions inside
active layer of an OSC with irradiance 1000 W/m2, terminal voltage (Va)
values of 0 to 0.5 V. With the increase of Va, the peak value of spatial
recombination coefficient decreases, and peak position shifts leftwards.

different at different positions; hence, recombination would
be different.

The positional values of the recombination coefficients
were extracted using the following procedure. For a certain
irradiance power and a certain terminal voltage, the total
current at a certain position was calculated analytically using
Eq. (34) by varying the recombination coefficient over a wide
range, the value of the recombination coefficient, for which
the calculated current matches with the experimental value,
is accepted as the appropriate recombination coefficient for
that position. Similarly, the recombination coefficients for
the other positions were extracted. Similarly, for the other
terminal voltages, the positional values of the recombination
coefficients were extracted. Similar calculations were per-
formed for other irradiance levels. As expected, the extracted
values of the recombination coefficients were found to be
different at different positions.

Fig. 7 exhibits spatial variation of extracted recombination
coefficients inside active layer of an OSC for irradiance
1000 W/m2, terminal voltage (Va) of 0, 0.1, 0.2, 0.3, 0.4,
and 0.5V; peak values and peak positions are different for
different terminal voltages. It has already been mentioned
that the resultant electric field F = (Va − Vbi)

/
dj. Because

Va cannot be larger than Vbi and Vbi is fixed, with the
increase of Va (increase of battery charging), the field F
remains negative, but the magnitude of the field decreases.
For lower Va, the field magnitude is higher; hence, more
excitons are dissociated, more charge carriers are generated,
and more recombination occurs because recombination is
directly proportional to the population of charge carriers;
therefore, the peak level of the recombination coefficient is
higher for lower Va. In contrast, if Va is increased, the peak
level of the recombination coefficient decreases, as shown
in Fig. 7.

We know that the field is negative, directed in the neg-
ative x, right to left in Fig. 2(b). For a lower Va, the field

FIGURE 8. Total current calculated using spatial recombination
coefficients, terminal voltage of 0.4 V and irradiance levels of 400, 600,
800 and 1000 W/m2. Total current values are found same at all positions,
which is consistent with position-independent property of total current.

magnitude is higher; for higher fields, most of the charge car-
riers are generated closer to the right edge of the active layer
(closer to the surface of the start of field), which is similar to
the skin effect (tendency to crowd near the surface); therefore,
higher recombination occurs closer to the right edge, that is,
the peak of the recombination coefficient occurs closer to the
right edge for a lower Va. Accordingly, if Va is increased,
the peak position shifts leftward, as shown in Fig. 7. The
values of the recombination coefficient were found to vary
in the order of 104−106 m−1.
Then, using these extracted spatial recombination coeffi-

cients, the total current was calculated by the Eq. (34). The
total current was found to have the same value at all positions,
as shown in Fig. 8, which is consistent with the position-
independent property of the total current.

Note that, using the spatial recombination coefficient, Eq.
(34) gives the total current directly and does not need to
have an average. Thus, by using the spatial recombination
coefficient, the problem of the position dependency of the
total current can be solved.

To gain further insight, the hole and electron currents were
calculated separately using Eq. (33) with positive q, µ and
negative q, µ, respectively. Fig. 9 shows the variation of the
hole current, electron current, and total current with position
(x) for an OSC with a terminal voltage of 0V, an active
layer thickness of 100 nm, and an irradiance of 1000 W/m2.
Here, both the hole current and electron current are negative;
therefore, the total current is negative. The hole current mag-
nitude decreases with position, whereas the electron current
magnitude increases, as shown in Fig. 9; hence, their sum-
mation, that is, the total current magnitude is constant with
position.

The electric field produces drift current. Because the field
is negative, the drift currents of holes and electrons are both
in the negative x direction. The drift current magnitude is pro-
portional to the magnitude of the electric field and the number
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FIGURE 9. Hole current, electron current and total current variation with
position. Hole current magnitude decreases, whereas electron current
magnitude increases, therefore, the summation of them gives the same
value at each position, that is, total current is constant for all positions.

of charge carriers. For a certain terminal voltage, the electric
field magnitude is assumed to be constant throughout the
active layer, hence the drift current directly varies with the
amount of charge carriers. Fig. 5 shows that the hole (elec-
tron) amount is the highest (lowest) at x = 0 and decreases
(increases) with position; therefore, the hole (electron) nega-
tive drift current magnitude is the highest (lowest) at x = 0
and decreases (increases) with position.

Again, the concentration gradient (slope) produces dif-
fusion current. As per the concentration profile in Fig. 5,
holes (electrons) diffuse in the positive (negative) x direction;
hence, the diffusion currents of holes and electrons are both
in the positive x direction. The diffusion current magnitude
is proportional to the magnitude of the concentration gra-
dient (slope). Fig. 5 shows that the gradient (slope) of the
hole (electron) concentration is the highest (lowest) at x = 0
and decreases (increases) with position; therefore, the hole
(electron) positive diffusion current magnitude is the high-
est (lowest) at x = 0 and decreases (increases) with position.
We can summarize as, with position x, the hole (electron) neg-
ative drift current magnitude decreases (increases), and the
hole (electron) positive diffusion currentmagnitude decreases
(increases).

Fig. 9 shows that both hole and electron currents are
negative, this indicates that the hole (electron) negative drift
current magnitude is larger than the hole (electron) pos-
itive diffusion current magnitude, this also indicates that
the decrease (increase) rate of the hole (electron) negative
drift current magnitude is larger than the decrease (increase)
rate of the hole (electron) positive diffusion current
magnitude.

To investigate the current components, the dark current,
photocurrent, and total current were calculated analytically
using Eqs. (30), (32), and (34), respectively, using the spatial
recombination coefficients. Fig. 10 shows the total current
and its components with the variation of terminal voltage

FIGURE 10. Dark current, photo current and total current of OSC for
Va = 0 to 0.6 V (solar cell operation range) with four irradiance levels:
(a) 1000 W/m2, (b) 800 W/m2, (c) 600 W/m2, (d) 400 W/m2. Analytical
total current (solid line) are found consistent with that of experimental
measurement (circular markers) for each case.

(Va) for irradiances of 1000, 800, 600, and 400 W/m2.
In solar cells, charge carriers are generated by environmental
temperature (dark condition) and by photons (illuminated
condition). The negative field causes these charge carriers
to flow and produces a current in the negative direction
(reverse current). On the other hand, the charging battery
voltage (Va) is connected at the terminal in such a way
that it produces current in the positive direction (forward
current).

Under dark condition, there are thermally generated charge
carriers; they are few in number, and the reverse current due
to these few thermal charge carriers is negligible and hence
solved with zero generation rate, but there is Va applied at
the terminal; therefore, the dark current is a positive forward
current due to Va, which is similar to the forward bias current
of a pn junction, as shown in Fig. 10.

Under illuminated condition, there are photo-generated
charge carriers, which are large in number, and the reverse
current due to these large photo charge carriers is not negli-
gible and hence solved including generation rate, in addition
there is Va applied at the terminal; therefore, the photocurrent
is determined by the generation rate and Va. In this case,
Va modifies the resultant electric field and hence affects the
photocurrent. The resultant electric field F = (Va − Vbi)

/
dj.

At the start of battery charging, Va = 0, hence the resultant
field F = −Vbi/dj is negative, so the photocurrent is neg-
ative, and this field magnitude is the maximum; as a result,
the highest excitons are dissociated; hence, this negative
photocurrent magnitude is the maximum. As Va increases,
the field magnitude decreases; as a result, fewer excitons
are dissociated; hence, the negative photocurrent magnitude
decreases, as shown in Fig. 10.

That is, with the increase of Va, there are two effects:
(i) the positive dark current magnitude increases from zero,
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TABLE 1. Parameter values used in this work.

and (ii) the negative photocurrent magnitude decreases from
the maximum negative value. As a result, the total current
(dark plus photo) is maximum negative at first, then the
negative total current magnitude decreases and approaches
toward positive value. When the increased positive dark
current magnitude becomes equal to the decreased negative
photocurrent magnitude, the total current becomes zero, the
battery charging stops, solar cell operation ends, Va value
at this point is the open circuit voltage (VOC ), whose val-
ues were found to be 0.537V, 0.569V, 0.588V, and 0.6V
for operation with irradiances of 400, 600, 800, and 1000
W/m2, respectively. Note that, for the OSC structure in Fig. 2,
Vbi = (EAl − EPEDOT :PSS) = −4.3 − (−5.1) = 0.8V .
Each value of VOC obtained is less than Vbi (= 0.8V). The
analytical result of the total current (solid line) is found to
match with the experimental result (markers) [23] for each
irradiance, as shown in Fig. 10. Therefore, it may be assumed
that this analytical calculation can accurately predict OSC
current (performance).
For solar cell operation, practically, Va cannot be larger

than VOC ; however, in the mathematical analysis, if the cal-
culation is continued with Va value larger than VOC , we will
obtain a total current positive, but this current would not be
for solar cells; it would be the forward current remaining after
compensating for the negative photocurrent. When the device
operates as a solar cell, its current is negative, but the terminal
voltage (Va) is positive (0≤ V a ≤ VOC ); hence, the power is
negative, which indicates that the solar cell delivers power
(not consuming power).

The parameter values utilized in this work are listed
in Table 1. While fitting the analytical results with experi-
mental values for different irradiances, only the power has
been changed, keeping all other parameter values fixed; that
is, they are valid for different irradiance levels, and these
values are consistent with those used by others [20], [21],

FIGURE 11. Variation of current with solar irradiance. Current increases
linearly with irradiance. For a certain irradiance, lower current at higher
terminal voltage and vice vera. Analytical results (solid line) match with
experimental ones (markers).

[35], [36], [44], [45]; therefore, these parameter values may
be considered acceptable.

Again, the current was investigated with respect to solar
irradiance for three terminal voltages (Va) of 0V, 0.2V, and
0.4V and is plotted in Fig. 11. The current magnitude was
found to increase linearly with solar irradiance, as shown
in Fig. 11, which is logical because higher irradiance pro-
duces more excitons, more charge carriers, and hence more
current.

On the other hand, for a certain irradiance level, for a higher
Va less current is obtained, as shown in Fig. 11; for a higherVa
the fieldmagnitude is reduced, fewer excitons are dissociated,
and hence less current. The analytical results (solid line) are
consistent with the experimental ones (markers) [23].

The current of the OSC was investigated by varying the
active layer thickness (dj). Fig. 12 presents the variation of the
OSC current magnitude with the variation of dj for irradiance
of 1000W/m2 and terminal voltage (Va) of 0V, 0.2V and 0.4V.
At first, the current magnitude increases with dj and reaches
the highest peak at dj of around 80 nm, and then shows a pul-
sating variation with dj. For some dj, the meeting of incident
and reflected lights in-phase is rigorous, so a peak occurs;
for some other dj, meeting out-of-phase is rigorous, so a
dip occurs, resulting in a pulsating pattern, which is consis-
tent with previous reports on photons absorbed, short-circuit
current, and efficiency with the variation of dj [15], [36],
[37], [46]. For dj = 100 nm, the experimental result (marker)
is found to match with that of analytical computation (solid
line) for each case of Va as shown; hence, it is expected to
match for other dj.
The OSC current depends on the wavelength and hence

exhibits spectral variation. The photocurrent of the OSC
owing to a single wavelength was calculated using Eq. (31);
similarly, photocurrents were calculated for all wavelengths,
and thus spectral analysis was performed. Fig. 13 is showing
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FIGURE 12. Magnitude of OSC current versus active layer thickness (dj ).
Current magnitude increases, reaches the highest peak, then exhibits
pulsating variation with dj . For dj = 100 nm, the experimental result
(marker) matches with analytical calculation (solid line).

the spectral variation of photocurrent of OSC with dj =
100 nm, irradiance = 1000 W/m2 and Va = 0V and 0.6V.
This shows that photocurrent is available for the wavelength
range 360 to 730 nm, which is consistent with previously
obtained effective wavelength range. Among them, photons
in the wavelength range of 400−650 nm provide major
contributions to the photocurrent; other wavelengths have a
negligible effect. For a higher Va, the photocurrent decreases
and vice versa, as shown in Fig. 13. At higher Va, the electric
field magnitude is smaller, so fewer excitons are dissociated,
resulting in less photocurrent.

The coefficient constants A21,A22,A23,A24,A25,A26 in
Eq. (31) depend on A3,A4, a4, a5, a6, a7 (see Appendix E).
On the other hand,A3,A4 depend on a8, a9 (see Appendix D).
Again, a8, a9 depend on a4, a5, a6, a7 (see Appendix D).
Each of a4, a5, a6, a7 depends onK (see Appendix C). Again,
K contains I0 (see Eq. (14). That is, the coefficient constants
in Eq. (31) depend directly on I0 (the incident irradiance).
In the standard data source, the irradiance I0 is recorded in
unit of Wm−2 nm−1, that is, W/m2 per nm bandwidth of
wavelength. Therefore, in Fig. 13, the unit of the photocurrent
is Am−2 nm−1. The photocurrent magnitude was found to
vary in the range of 1 × 108 to 7 × 108 Am−2nm−1, for
an irradiance of 1000 W/m2, as shown in Fig. 13. If the
photocurrent (Am−2 nm−1) in Fig. 13 is integrated with
respect to wavelength (nm) over the wavelength range, then
the photocurrent will be obtained with the unit of Am−2. For
the spectra in Fig. 13, the integrated photocurrent magnitudes
were found as 108.4 Am−2 and 61.4 Am−2 for Va of 0V
and 0.6V, respectively, these are consistent with the result
in Fig. 10(a) for the irradiance of 1000 W/m2. The spectral
variation of the photocurrent is consistent with that reported
in other studies [47]–[50].

Usually, for a solar cell, the terminal voltage Va is positive
(0 ≤ Va ≤ VOC ). Until now, the device has been analyzed

FIGURE 13. Spectral variation of photocurrent of OSC with dj = 100 nm,
irradiance = 1000 W/m2, terminal voltage Va = 0V and 0.6V.

with the positive Va to determine its performance as a solar
cell. However, if a negative Va is applied, that is, if an already
charged battery is connected at the terminal of the device
in Fig. 2 with battery-negative at ITO and battery-positive at
Al, like the reverse bias of a pn junction, this negative Va will
produce a negative field; hence, the same-directed internal
field will be enhanced, which will enhance the dissociation
of excitons, and hence a larger negative current is produced.
A larger current is easily measurable and detectable; there-
fore, it is suitable for light sensing; it is a photodiode oper-
ation. Therefore, when the device operates with negative Va,
it will not charge the battery, it will not deliver power; instead,
an external voltage (battery) is needed; that is, the device will
not work as a solar cell; rather, it will work as a light sensor
(photodiode). Fig. 14 shows the performance of the device
as a photodiode with negative Va. The current magnitude
increases with the increase of negative Va magnitude because
the field is enhanced further, more excitons are dissociated,
and hence more current. For a very large negative Va, there
is no significant increase of the current magnitude (almost
flat), as shown in Fig. 14, because, the very high field has
the ability to dissociate a very large number of excitons,
but the number of excitons is limited by the irradiance
level.

Both the solar cell and photodiode have the same device
structure and working principle, both of which convert light
energy to electrical energy. A solar cell is designed (size
and material) to have a large amount of absorption (without
regard to speed) to work as a good power source, whereas the
photodiode is designed to have high speed (without regard to
power) to work as a good light sensor. The solar cell is oper-
ated in forward bias mode with positive Va supplied by the
battery being charged by the same solar cell; the photodiode
is operated in reverse bias mode with negative Va supplied
by the battery already charged; however, for both cases,
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FIGURE 14. The current of P3HT:PCBM based device operated as
photodiode with negative terminal voltage (Va) with irradiance 400, 600,
800, 1000 Wm−2.

the current is negative. That is, the solar cell is operated in the
fourth quadrant (+V, −I) and the photodiode is operated in
the third quadrant (−V, −I) of the current-voltage character-
istic graph. In this work, analytical calculations were carried
out with positive and negative Va to investigate the perfor-
mance of the device for solar cell and photodiode operation.

VII. CONCLUSION
The current of organic solar cells (OSCs) was studied
analytically. The investigation of excitons found that the
wavelength range of 360 to 730 nm is effective for the inves-
tigated device structure. The optical electric field inside the
active layer varies from 0.1 to 0.6 V/m. The corresponding
exciton generation rate varies in the range of 1 × 1027 to
16 × 1027s−1m−3, with average excitons in the range of
4.3 × 1027 to 10.6 × 1027 s−1m−3 for irradiance of 400 to
1000 W/m2. The charge carriers were calculated from the
excitons using an improved dissociation probability, incor-
porating a Gaussian distribution function. A universal set
of solutions was used for both the holes and electrons. The
holes (electrons) exhibit exponential variation with position
having the highest value of approximately 2 × 1024 m−3.
The total current, calculated using a constant recombination
coefficient, was found to be position dependent, which is
inconsistent. Then, spatial recombination coefficients were
extracted, which were found to vary in the order of 104 to
106 m−1. The total current, calculated using spatial recom-
bination coefficients, was found to be position independent,
which is consistent; thus, the problem regarding the posi-
tion dependency of the total current was solved. The spatial
study shows that the hole current magnitude decreases with
position, whereas the electron current magnitude increases;
hence, their summation (total current) gives a constant value
at each position. Again, as the terminal voltage increases,
the positive dark current magnitude increases, and the neg-
ative photocurrent magnitude decreases; hence, the negative

total current magnitude decreases and becomes zero at the
open circuit voltage (VOC ). The values of VOC were found
to change in the range of 0.5 to 0.6 V for the irradiance
of 400 to 1000 W/m2. The OSC current varied from 20 to
110 A/m2 for irradiances of 400−1000 W/m2. Again, the
analysis with the active layer thickness (dj) shows that the
OSC current reaches the top at around dj = 80 nm, and then
exhibits pulsating variation with dj. Spectral analysis shows
that the photocurrent is available for wavelengths of 360 to
730 nm, among which photons of 400 to 650 nm provide
major contributions. The photocurrent was in the range of
1 × 108 to 7 × 108 Am−2 nm−1 for an irradiance of 1000
W/m2. The device, operated with a negative terminal voltage,
was found to be useful as a photodiode for light sensing. The
results of this study are consistent with those of the previous
reports. This work produces a better prediction of OSC per-
formance because of improved analytical calculations using
spatial recombination coefficients, space-and wavelength-
dependent excitons, and improved dissociation probability
incorporating Gaussian distribution, altogether. Hence, this
work may provide clues for the better design of organic solar
cells.

APPENDIX A

t+j =
1

S ′11 + S
′

12r
′′ei2ξjdj

r ′′ =
S ′′21
S ′′11

ξj =
2πη̃j
λ

η̃j = (ηj + iκj)

ηj = refractive index of active layer material

κj = extinction coefficient of active layer material

dj = active layer thickness

H (x) =
[
e−αjx + Leαjx +Mcos (N − Rx)

]
αj =

4πκj
λ
= absorption coefficient of active layer

L = ρ′′2e−2αjdj

M = 2ρ′′e−αjdj

N =
(
4πηjdj
λ
+ δ′′

)
R =

4πηj
λ

ρ′′ =
∣∣r ′′∣∣

δ′′ = 6 r ′′

APPENDIX B

D = Dp + Dn

Dp =
kBTµp
q
= hole diffusion coefficient

Dn =
kBTµn
q
= electron diffusion coefficient
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kB = Boltzmann’s constant

T = Temperature in Kelvin

µp (µn) = mobility of holes (electrons)

q = electronic charge value

rc =
q2

4πεkBT
= Onsager radius

ε = εrε0 = electric permittivity

εr = relative permittivity or dielectric constant

ε0 = air (vacuum) permittivity

b =

∣∣q3∣∣ |F |
8πεk2BT

2
= a parameter related to the field

|F | = magnitude of the electric field across active layer

APPENDIX C

a1 =
−qF
kBT

a2 =
−qrm
kBTµ

a3 =
−q
kBTµ

ω1 =
−a1 +

√
a21 − 4a2

2

ω2 =
−a1 −

√
a21 − 4a2

2

a4 =
a3K(

α2j − a1αj + a2
)

a5 =
a3KL(

α2j + a1αj + a2
)

a6 =
a3KM

(
a2 − R2

)(
a2 − R2

)2
+ a21R

2

a7 =
−a3KMa1R(

a2 − R2
)2
+ a21R

2

APPENDIX D
The number of holes is related to the energy difference
between the Fermi level (Ef ) and valence band level (Ev).
Theoretically, [13], [41] the hole concentration (p) can be
calculated as, p = Nve−(Ef−Ev)/kBT = Nve−Efv/Et ; where
Nv = effective density of states in the valence band, Efv =
(Ef − Ev), and Et = kBT = thermal energy.

Theoretically, [13], [41] the electron concentration (n) can
be calculated as, n = Nce−(Ec−Ef )/kBT = Nce−Ecf /Et ; where
Nc = the effective density of states in the conduction band,
Ec = conduction band energy level, Ecf =

(
Ec − Ef

)
.

In general, for any charge carrier, we may write Q =
Nse−Ed/Et ; whereQ= concentration of charge carriers (holes
or electrons), Ns = density of states (Nv for holes, Nc for
electrons), Ed = energy difference (Efv for holes, Ecf for
electrons). Ed and Et must be of the same unit.

At x = 0, if Ed = Ed0 then the concentration of charge
carriers is [Q]x=0 = Nse−Ed0/Et ; where Ed0 = Ed0p for holes
and Ed0n for electrons, as shown in Fig. 2(b). By applying this
boundary value of Q in Eq. (29), we obtain

Nse
−
Ed0
Et = [Qdark ]x=0 +

∫ λ2

λ1

[
Qph

]
x=0 dλ (D1)

At the boundary position at x = 0, the charge carrier
concentration depends on the energy difference Ed0, which
does not depend on the incident light; that is, the boundary
charge carrier does not depend on light (λ). Therefore, λ-
related part at RHS of Eq. (D1) should be zero; on the other
hand, the constant parts on the two sides of Eq. (D1) should
be equal.

Constant part : [Qdark ]x=0 = Nse
−
Ed0
Et

⇒ A1 + A2 = Nse
−
Ed0
Et (D2)

λ Related part :
∫ λ2

λ1

[
Qph

]
x=0 dλ = 0

Differentiating the above equation with respect to λ

A3 + A4 = a8 (D3)

where a8 = −{a4 + a5 + a6cos (N )+ a7sin (N )}
At x = dj, if Ed = Edj then the concentration of charge

carriers is [Q]x=dj = Nse−Edj/Et ; where Edj = Edjp for holes
and Edjn for electrons, as shown in Fig. 2(b). By applying this
boundary value of Q in Eq. (29), we obtain

Nse
−
Edj
Et = [Qdark ]x=dj +

∫ λ2

λ1

[
Qph

]
x=dj

dλ (D4)

Constant part : [Qdark ]x=dj = Nse
−
Edj
Et

⇒ A1eω1dj + A2eω2dj = Nse
−
Edj
Et (D5)

λ Related part :
∫ λ2

λ1

[
Qph

]
x=dj

dλ = 0

Differentiating the above equation with respect to λ

A3eω1dj + A4eω2dj = a9 (D6)

where

a9=−{a4e−αjdj+a5eαjdj+a6cos
(
N−Rdj

)
+a7sin

(
N−Rdj

)
}

By solving Eqs. (D2) and (D5), we may find A1 and A2 as
follows:

A1 =
Ns
A

[
e

(
−
Ed0
Et
+ω2dj

)
− e−

Edj
Et

]
A2 = −

Ns
A

[
e

(
−
Ed0
Et
+ω1dj

)
− e−

Edj
Et

]
where A =

[
eω2dj − eω1dj

]
Similarly, by solving Eqs. (D3) and (D6), we may find A3

and A4 as follows:

A3 =
1
A

[
a8eω2dj − a9

]
A4 = −

1
A

[
a8eω1dj − a9

]
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APPENDIX E

A11 = µA1 (qF − kBTω1)

A12 = µA2 (qF − kBTω2)

A21 = µA3 (qF − kBTω1)

A22 = µA4 (qF − kBTω2)

A23 = µa4
(
qF + kBTαj

)
A24 = µa5

(
qF − kBTαj

)
A25 = µ (qFa6 + kBTRb7)

A26 = µ (qFa7 − kBTRb6)
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