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ABSTRACT Energy harvesting (EH) relay communication systems with decoding energy costs in multiple
block cases have not been widely studied. This paper investigates the relay network with a decode-
and-forward relay powered by EH. Unlike other works, we consider the relay with energy decoding costs
which harvests random energy from both a dedicated transmitter and other ambient radio-frequency (RF)
sources. The EH relay adopts a harvest-receive-forward time-switching architecture. We optimize the time
fractions of the three phases and the reception rate at the relay to maximize the offline throughput for
single and multiple block cases under two EH scenarios. The multi-block optimization problem constitutes
a complex non-convex problem, which we decouple into a single block problem with two auxiliary variables
determined by an outer optimization problem. The original problem is finally solved at the cost of linear
optimization after series of tricks. Several conclusions are derived: (i) energy storage is necessary (unnec-
essary) when the relay harvests energy from the transmitter (ambient RF sources), (ii) the optimal reception
rate remains unchanged, while the optimal time fractions vary with the energy harvested from ambient RF
sources leading to different average throughput. We give numerical simulations to verify our theoretical
analysis.

INDEX TERMS Energy harvesting, harvest-receive-forward, relay network, decoding energy, multiple
blocks (slots).

I. INTRODUCTION
Practical communication systems with energy harvest-
ing (EH) capabilities are expected to become ubiquitous with
the rapid development of Internet of Things (IoT) networks.
The EH communication system could be widely used in
IoT network [3], vehicle area network, body area network,
home area network, wireless sensor network [4], [5], indus-
trial monitoring networks, cognitive-radio network [6] and
so on. For example, an EH device can act as a Road Side
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Unit (RSU), which helps to relay information of vehicles
to faraway stations or other nearby vehicles [7]. Another
application example is in the fog computing scenario; an
EH device can act as a relay, which can help other devices
to forward information to the network edge (e.g. IoT gate-
way). The harvested energy, which can be used to replenish
the battery of an IoT node, can be from natural sources
(e.g. solar) and human-made sources, such as dedicated and
stray radio-frequency (RF) signals. As such, it is important to
study optimal energy utilization and communication mech-
anisms to improve system performance. In these studies,
various objectives, such as maximization of throughput [8],
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energy efficiency [9], minimization of outage probabili-
ties [10], [11], transmission delays [12] and packet drop
rate [13], [14] have been considered.

Since IoT devices are expected to be deployed in large
numbers, small form factor, low cost and low energy
consumption of them are three of the most important
design goals. For such a low-power communication system,
the decoding cost for information reception is non-negligible.
In this work, we consider a throughput maximization prob-
lem in a relay network with an EH relay using the decode-
and-forward (DF) technique considering decoding costs. The
DF technique can suppress the influence of noise better
than the amplify-and-forward (AF) technique. In the below,
we briefly survey the relevant existing literature.

For relay systems, Huang and Ansari [15] study the
scenario when the transmitter node (TX) harvests energy
from RF signals transmitted by the relay node (RN), and
then they derived optimal solutions for the joint TX and
RN power allocation to maximize the overall throughput.
Peng et al. [16] and Nasir et al. [17] have studied when
the RN harvests energy from the RF signal of the TX,
the optimal power allocation scheme with the power split-
ting (PS) relay protocol to maximize the throughput. Some
studies give the optimal static PS and time allocation ratios
for a DF relay network in terms of outage performance
and ergodic performance with a ‘harvest-then-forward’ strat-
egy [18], or in terms of the delay limited and delay-tolerant
throughput [8]. Blagojevi et al. [19] analyze the performance
of the EH DF relay system in generalized-K fading environ-
ment. Abedi et al. [20] study PS-based relay system with
decoding cost, which is a generalized increasing function
of the reception rate. Tutuncuoglu et al. [21] use a gener-
alized iterative directional water-filling algorithm to solve
the sum-rate maximization problem under half-duplex and
full-duplex channels with energy harvesting nodes under
any relaying strategy, namely DF, AF, compress-and-forward
and compute-and-forward. Shi et al. [22] analyze the out-
age performance for a three-step two way EH DF relaying
system. Ju and Yang [23] and Van et al. [24] both study
the two way DF EH relay networks to derive optimum
PS coefficients and optimum time-switching (TS) coeffi-
cients to maximize the throughput. Rao et al. [25] derive
the delay-limited and delay-tolerant throughput for a DF
single-way and two-way relaying networks with a TS relay-
ing protocol. Zou et al. [26] study the joint PS and relay
selection in EH communication system in IoT systems.

Reshma and Babu [27] propose an EH based incre-
mental relaying cooperative non-orthogonal multiple access
(IR-EH-NOMA) protocol, and derive analytical expressions
for the system throughput of IR-EH-NOMA network, which
is proved to be superior to conventional cooperative relay-
ing NOMA network with EH (CR-EH-NOMA network)
in terms of outage and throughput. Lan et al. [28] con-
sider a wireless powered cooperative non-orthogonal multi-
ple access (NOMA) relay network, in which one source is
supposed to send independent messages to two users with

the assistance of one energy-constrained relay that harvests
energy from the source.

For energy efficiency (EE), there are several papers, many
of which consider the static power consumption of the trans-
mission circuit. Guo et al. [29] give the performance analysis
of cooperative NOMA with energy harvesting in multi-cell
networks, showing that the energy harvesting enabled coop-
erative NOMA system in a multi-cell network can improve
the coverage probability, ergodic rate, and EE compared to
its counterpart orthogonal multiple access (OMA) systems.
Zhang et al. [30] discuss the EE optimization of AF based
energy harvesting two-way relaying systems. utilizing the sta-
tistical channel state information, they first build a statistical
EE model, which applies to practical environments under fast
fading channels. Then, a power allocation problem is formu-
lated to maximize the EE under the constraints of total power
and sum rate. Zhao et al. [31] consider data transmission in a
DF relay-assisted network in which the relay is EH powered
while the base station (BS) is power-grid powered. They also
compare the EE of an EH relay system with a power-grid
powered one and provide more insight into the EE problem.
When the harvest-then-use mode is adopted, the non-ideal
efficiency of the battery is often discussed. Some papers
just use an energy conversion efficiency factor [27], [32],
while some papers further model the internal resistance of the
battery to discuss the above problems [33].

In fact, due to the low energy consumption of an EH device
in IoT, the decoder is the dominant source of energy consump-
tion during reception [34]. Several papers have discussed the
model of the decoding energy cost for receiving information,
such as [34]–[36], which model the decoding power as an
increasing convex function of the reception rate. Though
there are some papers investigating relay systems considering
the decoding cost, such as [20], [37]–[43], most of them
discuss the situation when the random harvested energy arriv-
ing at the source, relay, and destination are independent of
each other and are uncontrollable by the nodes [37]–[43].
Few papers studying the EH relay, which can harvest RF
energy from the transmitter with PS or TS scheme, have
paid attention to the decoding cost. For example, Arafa and
Ulukus [37] discuss both one-hop and two-hop DF relaying
networks considering the decoding cost at the relays and the
receiver with random energy harvested independently at the
transmitter, the relays and the receiver. When there is a data
buffer in the relay, an inner-outer problem is formed. They
solve the inner problem using the results of the single-user
fading problem [44], and solve the outer problem using a
water-filling algorithm. Almost all of the papers studying EH
relays with a TS scheme do not consider the decoding cost
[15], [17]–[19], [21], [23]–[25]. Most of the papers studying
EH relays with a PS scheme also do not consider the decoding
cost [8], [16], [18]–[20], [22]–[24], [26], [45], [46]. As we
know, the only previous work considering decoding cost
functions in a PS relay network is from [20]. Abedi et al. [20]
adopt a PS scheme and only considers optimizing the power
ratio and transceiving rate in a single block. However, they do
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not consider the energy harvested from ambient RF sources
other than the dedicated TX.

Some papers in our research group have discussed the
energy decoding cost at the EH receiver in a point-to-point
communication system, and have drawn many conclusions
on the system design [33], [35], [36]. Ni and Motani [35]
optimize the reception rate and time fraction of energy har-
vesting with different schemes. Ni and Motani [36] extend
the work in [35] to joint optimization of transmission power
at the transmitter, reception rate and the time fraction for
EH at the receiver in a point-to-point communication system.
Ni et al. [33] further discuss the dual-path structure of EH
receivers considering both the internal resistance of the bat-
tery and the decoding cost, which constitutes a complex and
difficult problem to deal with.

Ni et al. [33], Ni and Motani [35], [36] have studied the
optimal TS optimization problems, accounting for decoding
energy cost at an EH receiver in a point-to-point communi-
cation system; When it comes to a relay, which forwards the
received information from the transmitter to the destination
without a direct link, it is a very different problem. This
is because the harvested energy must be carefully divided
into two parts respective for decoding and forwarding the
information and the process of EH also takes up part of
the total processing time, in an EH system where EH and
information transceiving share one antenna and one RF front-
end. Information reception and forwarding processes are also
interrelated, as the decoded data bits must not be fewer than
the forwarded data bits at a relay. The analysis for the TS
ratios and the throughput will be more complex, especially
when random energy can be harvested from other ambient
RF sources, and stored at the relay for use in later blocks to
form a multiple-phase problem.

In this paper, we investigate the offline throughput perfor-
mance of a relay network with a transmitter, an EH decode-
and-forward (EH-DF) relay and a receiver without a direct
link.The energy required for decoding information, which is
a major source of energy consumption at a relay with DF
technique [47], [48], has not been well studied for EH relays,
especially for the multi-block case at the relay. To use the
random energy harvested from ambient RF resources other
than the dedicated TX in multi-block case, we use storage at
the relay, to more efficiently schedule resources, which is not
considered in the previous studies.

We consider two energy harvesting scenarios: (i) EH-I:
Energy is harvested from the dedicated TX, and (ii) EH-II:
Energy is harvested from the dedicated TX and other ambient
RF sources.

In this context, the main contributions of the paper are:
• We adopt a simple time-switching system model to
formulate the throughput maximization problem. Con-
sidering the decoding cost, we give algorithms to
obtain the solutions of the optimum time fractions for
the three phases and the reception rate with a single
block (SB) setting in both scenarios EH-I and EH-II
(Section III).

• We obtain optimal solutions of the optimum three time
fractions and the reception rate for maximizing the
throughput in multi-block (MB) EH-I scenario consid-
ering decoding energy costs with an analysis method of
auxiliary problem construction and solution comparison
(Section IV-A).

• We formulate a multi-phase non-convex optimization
problem for the multiple block (MB) EH-II scenario
considering decoding energy costs to maximize the
throughput, which is not studied before. We transform it
into a single-phase problem with two auxiliary variables
determined by an outer optimization problem. The fea-
sible domain of the two auxiliary variables and the
solution structure for the receiving rate are derived. The
complex problem is finally solved at the cost of convex
optimization. We can observe that one of the possible
solutions of the optimum time fractions for the three
phases and the reception rate is always given with no
data flowing between blocks from the derivations to
solve the problem (Section IV-B).

• We present extensive numerical results to validate our
analysis (Section V) and give several important conclu-
sions about the optimal reception rate and the optimal
time fractions in various settings. The optimal recep-
tion rate remains unchanged for various SB and MB
settings in various EH settings, while the optimal time
fractions vary with the energy harvested from ambient
RF sources. Design principles have been derived for the
system: the energy storage is necessary for the relay;
however, the data storage is not necessary for the relay
(Section VI).

FIGURE 1. Information transmission system with an EH relay.

II. SYSTEM MODEL
We consider an end-to-end relay communication system with
a transmitter (TX), a relay node (RN) and a receiver (RX)
without a direct link, as shown in Fig. 1. The RN first decodes
the signal transmitted by the TX, stores it in the buffer,
and then forwards (transmits) it to the RX, using the DF
technique. Both the TX and RX are mains-powered. The RN
is solely powered by RF signals either from the dedicated TX
(Scenario EH-I), or from both the dedicated TX and other
ambient RF sources (Scenario EH-II).
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In order to simplify the receiver structure, there is
one antenna shared by the phases of energy harvesting,
receiving and forwarding information with a time-switching
on-off controlling the antenna to receive or forward signals.
As in [35] using a ‘‘Harvest-Then-Receive’’ time-switching
architecture, we consider a ‘‘Harvest-Receive-Forward’’
time-switching architecture in this paper.

We consider a multi-block system, where each block is of
τ seconds in length, and is divided into three phases, as shown
in Fig. 2. The block structure is elaborated on below.

FIGURE 2. The communication block structure at the EH Relay.

• EH Phase: Over the time duration [0, ατ ), α ∈ [0, 1],
the switch connects to the EH circuit, and all the signals
received are used for harvesting energy. Let px be the
transmission power with which symbol x ∈ X is trans-
mitted, whereX is the set of all possible symbols that the
TX can transmit. For the RN to harvest the maximum
amount of energy by the end of this phase, the TX
should always transmit the symbol m = argmaxx∈X px .
In fact, sometimes we assume that some energy can
be harvested from other ambient RF sources outside
the bandwidth of the signal from the dedicated trans-
mitter. Because the energy can be harvested in parallel
mode with other operations, it is unnecessary to allo-
cate any time interval in a frame to harvest this part
of energy. If energy harvested from other RF sources
is considered, we assume that e takes a certain value
by accumulation inside one block. However, it may
change randomly across different blocks, i.e., there is
random ei for block i in a multi-block case. Such a
block-based model for EH especially works well for the
cases when the energy arrival process evolves at a slower
rate than the data arrival process at the relay [49]–[52].
We note that the duration for which the harvested power
can be seen nearly as constant will be in the order of
milli-seconds and seconds in RF and PV EH sources,
respectively [53], [54]. When the energy arrival process
evolves at a fast rate, this model can also work with
certain accumulation operations of the arriving energy,
probably in a slightly earlier time interval. For exam-
ple, the accumulation time interval begins from prior to
nearly half of the block time, with an extra energy stor-
age needed. In practice, most EH processes, such as the
power harvested from PV and RF sources, admit such
models [50], [53], [54]. Or without extra storage cost,
with fast varying e among blocks, principally, e needs
to be predicted only once at the start of the block, with
the tiny time taken with a certain precision. In this case,
the performance achieved with our model serves as an
approximation of the achievable performance with the
actual EH process.

• Reception Phase: Over the time duration [ατ, (α +
β)τ )], α + β ∈ [0, 1], the switch connects to the infor-
mation extracting circuit. It is known from [34] that the
decoder is the dominant source of energy consumption
during the reception. Hence, we only account for the
decoding energy required during the reception at the RN.
We adopt the same system model as in [34]. For fixed
channel capacity C , the power consumed for decoding
a codeword with rate R is a non-decreasing convex
function of R, i.e., g(R) = ED( C

C−R ), where g(0) =
0 [35]. C

C−R log2(
C

C−R ) and ( C
C−R )

2 log32(
C

C−R ) are two
common instances for function ED( C

C−R ) [34]. All the
other factors are ‘hidden’ in this function. For example,
the channel effect in the reception phase is hidden in the
channel capacity C. The total number of bits decoded by
the relay in this phase is IR = βτR and they are stored in
the buffer for later forwarding. In this phase, no energy
is harvested.

• Forwarding Phase:Over the time duration [(α+β)τ, τ ],
the switch connects to the forwarding circuit and the
decoded information is forwarded from the RN to
the RX. We assume that the communication channel
between the RN and the RX is a fading channel with
channel power gain h and that the signal is corrupted
by additive white Gaussian noise (AWGN) with unit
power spectral density. In this case, we consider the
average rate as T (pt ) = 0.5 B log(1 + hpt ) bps when
the forwarding power is pt . We assume that h is known
at the start of a communication block. The total number
of bits that can be reliably forwarded is given by IT =
γ τT (pt ) during the block, where γ = 1 − (α + β). In
this phase, similar to the reception phase, no energy is
harvested.

Zhou et al. [55] and Huang and Tu [56] both discuss the
fading channel and harvest-store-use cases, but neither of
them discusses the direct link case. Di et al. [57] and Huang
and Tu [58] both discuss the cooperative transmission with
both the relay and direct link and fading channel cases.
Di et al. [57] don’t consider the harvest-store-use case, while
Huang and Tu [58] discuss the harvest-store-use case. None
of them discuss the decoding energy cost. This shows that
these papers do not discuss all the cases in the relay network
optimization.

Our paper does not consider a direct link because the
distance between source and destination may be too far, with
a similar case setting as in [55] and [56]. The main novelty
of our paper is that it considers the decoding cost at a relay
in a DF relay network. As we know, it is the first paper
discussing decoding cost at an EH relay. Moreover, as there
are many new considerations, such as the multi-block case
and the multi-source energy harvesting scenario where an EH
relay harvests both from the source node and the ambient
environment, the paper does not consider the fading factors
in this paper temporarily due to the problem complexity.
The parameters to be optimized include optimal lengths of
the above three phases and the reception rate in each block,
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whose number is so large, and later we will show that the
problem in our paper considering energy decoding cost at an
EH relay in a multi-block case with an EH setting of harvest-
ing energy from other ambient RF sources in addition to from
dedicated TX, will form a complex multi-phase non-convex
problem. As it is a case that has never been discussed before
and it is complex enough already, we do not further discuss
the problem under fast-fading channels temporarily. Thus,
this paper generally discusses the relay network with very
slow changing fading conditions. The slow or fast- changing
speeds for the channels are defined with respect to the time
length of a block. Under a relative slow fading condition,
the channel condition can be seen as unchanged approxi-
mately during a block or several blocks.

With the above system model, our goal is to find the
optimal lengths of the above three phases and the reception
rate of the relay such that the total number of bits transmitted
from the TX to the RX is maximized in a given period of
time. Generally, the relay will perform as a time-slotted or
block-based system. When we want to optimize the mean
throughput performance in a period longer than one block,
there are two distinct cases. The first one is when the energy
and data are not allowed to flow to later blocks for use,
denoted as the single block case, while the other one is when
the energy and data are allowed to flow to later blocks for
use, denoted as the multi-block case.We begin with the single
block case in the following section.

III. SINGLE BLOCK CASE
In this case, to maximize the number of bits relayed we need
to solve the following optimization problem.

A. ENERGY HARVESTED FROM TX ONLY (EH-I)
In this case, maximizing the number of bits relayed is equiv-
alent to solving the following optimization problem.

(P1) max
α,β,γ,R

IT ,

s.t. IR ≥ IT ,

βED(
C

C − R
)+ γ pt ≤ αpm,

0 ≤ α, β, γ ≤ 1,

0 ≤ β ≤ 1,

α + β + γ = 1,

0 ≤ R < C . (1)

The first constraint in (P1) follows because the number of
bits the relay can forward must be smaller than or equal to the
number of bits it has decoded. The second constraint in (P1)
follows because the total amount of energy used for receiving
and forwarding information in a block must be less than that
has been harvested. The physical significance of the other
constraints is apparent. To solve (P1), we first give two useful
lemmas.

Lemma 1: For the optimal solution to (P1), the first con-
straint in (1) must hold with equality, i.e.,

(1− α − γ )τR = γ τT (pt ). (2)
Proof: If the equality in (2) does not hold, one can

increase γ and decrease β to make the equality hold. When
α, R and pt are fixed, increasing γ means increasing the value
of the objective function IT . �
Lemma 2: For the optimal solution to (P1), the second

constraint in (1) must hold with equality, i.e.,

βED(
C

C − R
)+ γ pt = (1− β − γ )pm. (3)

Proof: If the equality in (3) does not hold, one can
increase γ and decrease α to make the equality hold. When
R, β and pt are fixed, increasing γ means increasing the value
of the objective function IT . �

Based on Lemmas 1 and 2, we can express α and β in terms
of R and pt as

α = 1− β −
βR
T (pt )

, (4)

β =
pmT (pt )

R(pm + pt )+ (pm + ED( C
C−R ))T (pt )

. (5)

Expressing β and the objective function in (1) in terms
of R and pt , we can rewrite the objective function of (P1)
as O1(R) = βR τ. Taking the derivative of O1(R) with

respect to R, we have ∂O1
∂R = pmτT (pt )P1(R), where

P1(R) = R
R(pm+pt )+(ED( C

C−R )+pm)T (pt )
. In the following theo-

rem, we derive the properties for a general form of ED( C
C−R ).

The proof of Theorem 1 is given in Appendix VI-A.
Theorem 1: Suppose ED( C

C−R ) = ( C
C−R )

m logn( C
C−R ),

where m and n are positive integers. Then we have
limR→0

∂P1(R)
∂R > 0, limR→C

∂P1(R)
∂R | < 0. We have for all

0 ≤ R < C, ∂
2P1(R)
∂R2

≤ 0.
So there is a single R∗ maximizing O1(R). We will obtain

the optimum α∗, β∗ and γ ∗ according to

γ ∗ =
R∗pm

(pm + pt )R∗ + T (pt )(pm + ED( C
C−R∗ ))

,

β∗ =
T (pt )pm

(pm + pt )R∗ + T (pt )(pm + ED( C
C−R∗ ))

,

and α∗ = 1− β∗ − γ ∗.

B. ENERGY HARVESTED FROM TX AND OTHER AMBIENT
RF SOURCES (EH-II)
In this subsection, we consider the case when the receiver
harvests energy from both the TX and other ambient
RF sources. The corresponding optimization problem is
given by (P2).

(P2) max
α, β, γ,R

IT ,

s.t. IR ≥ IT , τβED(
C

C − R
)+ τγ pt ≤ αpmτ + e,

0 ≤ α, β, γ ≤ 1, α + β + γ = 1, 0 ≤ R < C . (6)
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We show the solution to problem (P2) in the following
lemma.
Lemma 3: The optimal solution R∗ to (P2) is given by

∂P2(R)
∂R = 0, which is the same with (P1). The optimum

α∗, β∗ and γ ∗ can be obtained with (7), (8) and (9) when
e ≤ ẽ; otherwise, α∗, β∗ and γ ∗ can be obtained with (7), (8)
and (9) with e = ẽ, when e > ẽ.

γ ∗ =
R∗(pmτ + e)

(pm + pt )R∗τ + T (pt )τ (pm + ED( C
C−R∗ ))

, (7)

β∗ =
T (pt )(pmτ + e)

(pm + pt )R∗τ + T (pt )τ (pm + ED( C
C−R∗ ))

, (8)

α∗ = 1− β∗ − γ ∗. (9)

ẽ =
τ

(
ptR∗ + T (pt )ED( C

C−R∗ )
)

T (pt )+ R∗
(10)

Proof: Similar to the analysis of Lemmas 1 and 2,
we have

α = 1− β −
βR
T (pt )

, (11)

β =
(pmτ + e)T (pt )

R(pm + pt )τ + (pm + ED( C
C−R ))T (pt )τ

. (12)

We can rewrite the objective function for problem (P2) as
O2(R) = βRτ. Take the derivative ofO2(R) with respect to R,

we have ∂O2
∂R = (pmτ+e)T (pt )P2(R), whereP2(R) = P1(R).

According to Theorem 1, there is a single R∗ maximizing
O2(R). We will get the optimum α∗, β∗ and γ ∗ according
to (7), (8) and (9).

We could easily find that when e increases, both β and
γ will increase, while α will decrease. When α decreases
to zero, the energy harvested from ambient RF sources
is enough for the relay, which is ẽ in (10) derived from
β + γ = 1. �
We give the following Remark to give an intuitive explanation
to Lemma 3.
Remark 1: Intuitively, the energy harvesting fraction

decreases with the increase of e to allow for more time for
reception and forwarding. When α reduces to zero, the energy
harvested from ambient RF sources is enough, β and γ are
constant values given by (7) and (8) with e = ẽ.

IV. MULTI-BLOCK CASE
We now consider the multi-block case with N blocks.
We assume that the channel power gain h remains constant
in all the N blocks. We denote the amount of harvested
energy from ambient RF sources in block i as ei units for
i = 1, . . . ,N . Further, αi, βi, γi, and Ri denote the time
fraction of the EH, reception and forwarding phases, and the
rate of communication from the transmitter to the relay in
block i, respectively.

A. ENERGY HARVESTED FROM TX ONLY (SCENARIO EH-I)
Now, we first consider when energy and data are allowed
to be stored and used in later blocks in the EH-I setting.

maximizing the total number of bits delivered in N blocks,
is equivalent to solving the following optimization problem:

(P3) max
α,β,γ ,R

N∑
i=1

ITi ,

s.t.
i∑

j=1

IRj ≥
i∑

j=1

ITj ,

i∑
j=1

ITj =
i∑

j=1

T (pt )γjτ,

i∑
j=1

IRj =
i∑

j=1

Rjβjτ,

i∑
j=1

αjpm ≥
i∑

j=1

[
ptγj + βjED(

C
C − Rj

)
]
,

0 ≤ αi ≤ 1, 0 ≤ βi ≤ 1, 0 ≤ γi ≤ 1,

αi + βi + γi = 1, 0 ≤ Ri < C, i = 1, . . . ,N . (13)

where α = {α1, . . . , αN }, β = {β1, . . . , βN }, γ =

{γ1, . . . , γN } and R = {R1, . . . ,RN }. Note that (13) is not a
convex optimization problem. We now construct the follow-
ing optimization problem:

(P4) max
α,β,γ ,R

N∑
i=1

ITi ,

s.t.
i∑

j=1

IRj ≥
i∑

j=1

ITj ,

i∑
j=1

ITj =
i∑

j=1

T (pt )γjτ,

i∑
j=1

IRj =
i∑

j=1

Rjβjτ,

i∑
j=1

αjpm ≥
i∑

j=1

[
ptγj + βjED(

C
C − Rj

)
]
,

0 ≤ αi ≤ 1, 0 ≤ βi ≤ 1, 0 ≤ γi ≤ 1,

αi + βi + γi = 1, 0 ≤ Ri < C, i = 1, . . . ,N ,

α1 = α2 = · · · = αN , β1 = β2 = · · · = βN ,

γ1 = γ2 = · · · = γN ,R1 = R2 = · · · = RN . (14)

Lemma 4: The optimal solutions to (P3) and (P4) all
satisfy

∑N
i=1 IRi =

∑N
i=1 ITi .

Proof: If the equality
∑N

i=1 IRi =
∑N

i=1 ITi does not
hold, one can increase γj and decrease βj to make the equality
hold. When Rj, pt , αj are fixed, increasing γj means increas-
ing the value of the objective function. �

Compared with (P3), one can see that (P4) has more con-
straints to ensure that the fractions of time used for EH,
reception and forwarding in each block are the same. The-
orem 2 and Theorem 3 relate the optimization problem (P4)
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FIGURE 3. Scheme guide map for multi-block problem (P5).

to problem (P1). (14) acts as a bridge between the solutions
to (13) and (1).
Theorem 2: The optimal αi, βi, γi, Ri, i = 1, . . . ,N, which

maximize the objective function of (14) are α1 = · · ·αN =
α∗, β1 = · · ·βN = β∗, γ1 = · · · γN = γ ∗, R1 = · · ·RN =
R∗, where α∗, β∗, γ ∗ and R∗ are optimal for (1).

The proof of theorem 2 is given in Appendix VI-B. The
following theorem relates the solution to (P4) to that to (P3).
Theorem 3: A set of optimal values for αi, βi, γi, and Ri,

i = 1, . . . ,N, which maximize the objective function of (13),
are α1 = · · ·αN = α∗, β1 = · · ·βN = β∗, γ1 = · · · γN =
γ ∗, R1 = · · ·RN = R∗, where α∗, β∗, γ ∗ and R∗ are optimal
for (14).

The proof of Theorem 3 is given in Appendix VI-C. Com-
paring Theorem 2with Theorem 3, we find that the relaxation
of constraints that the time fractions and code rate in each
block are the same cannot improve the performance.

Note that α = {α∗, · · ·α∗},β = {β∗, · · ·β∗}, γ =
{γ ∗, · · · γ ∗},R = {R∗, · · · ,R∗} is a solution to (P3). There
may be other solutions with different time fractions for EH,
reception and forwarding phases, and different values of R.
To be optimal, the code rates in all the blocks should be equal
according to (34).

B. ENERGY HARVESTED FROM TX AND AMBIENT RF
SOURCES (SCENARIO EH-II)
In this subsection, we consider the EH scenario when the
receiver harvests energy from both the TX and other RF
sources, and both energy and data are allowed to flow causally
between blocks. The amount of energy harvested from ambi-
ent RF sources in the ith block is denoted by ei. The rest of the

assumptions remain the same as in the preceding subsection.
In this scenario, maximizing the total number of bits delivered
overN blocks is equivalent to solving the following optimiza-
tion problem:

(P5) max
α,β,γ ,R

N∑
i=1

γiT (pit )τ,

s.t.
i∑

j=1

IRj ≥
i∑

j=1

ITj , IRj = βjRjτ,

i∑
j=1

(αjpmτ + ej) ≥
i∑

j=1

[
pjtγj + βjED(

C
C − Rj

)
]
τ,

0 ≤ αi, βi, γi ≤ 1, αi + βi + γi = 1, 0 ≤ Ri < C,

i = 1, . . . ,N . (15)

where α = {α1, . . . , αN }, β = {β1, . . . , βN }, γ =

{γ1, . . . , γN } and R = {R1, . . . ,RN }. Note that (P5) is
non-convex.

To solve the problem, we use a series of tricks presented in
the third contribution of the paper in Section I. The optimal
solution to (P5) is given by Theorem 7. The scheme guide
map to obtain the optimal solution to (P5) is shown in Fig. 3.

1) INTRODUCING Ti AND Wi
In order to transform (P5) into an equivalent problem which
decouples the blocks, we introduce Ti and Wi as follows

Ti = αipmτ + ei − (βiED(
C

C − Ri
)τ + pitγiτ ), (16)

Wi = IRi − ITi , (17)
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where Ti denotes the harvested energy minus the used energy
in block i, while Wi denotes the received data bits minus the
forwarding data in block i. Then we have the following two
lemmas.
Lemma 5:

∑i
k=1Wk ≥ 0, for i = 1, 2, · · · ,N. To be

optimal for (P5),
∑N

i=1Wi = 0.
Proof:

∑i
k=1Wk ≥ 0, for i = 1, 2, · · · ,N follows

because the forwarded data bits must be less than or equal to
the decoded data bits at the relay.

∑N
i=1Wi = 0 holds because

of similar derivations of Lemma 4. �
Lemma 6:

∑i
k=1 Tk ≥ 0, for i = 1, 2, · · · ,N. To

be optimal for (P5), we must minimize
∑N

i=1 Ti subject to∑i
k=1 Tk ≥ 0.
Proof:

∑i
k=1 Tk ≥ 0, for i = 1, 2, · · · ,N follows

because the amount of energy consumed must be less than or
equal to the amount of energy harvested. If γi increases, the
objective function will increase accordingly, βi will increase
accordingly and α will decrease accordingly.

∑
Ti will of

course decrease in this situation. So
∑
Ti must be minimized

on premise of
∑i

k=1 Tk ≥ 0. �
Intuitively,

∑N
i=1 Ti is the residual energy in the battery

at the end of the last block, which should be minimized on
premise of effective utilization of energy. At last, we have the
following theorem.
Theorem 4: Problem (P5) is equivalent to problem (P6)

given by

(P6) max
α,β,γ ,R,T,W

N∑
i=1

ITi =
N∑
i=1

γiT (pit )τ,

s.t. IRi = βiRiτ,

N∑
i=1

Wi = 0,

i∑
k=1

Tk ≥ 0,

i∑
k=1

Wk ≥ 0,

0 ≤ αi ≤ 1, 0 ≤ βi ≤ 1, 0 ≤ γi ≤ 1,

αi + βi + γi = 1, 0 ≤ Ri < C,

i = 1, 2, · · · ,N ,

where T = {T1, . . . ,TN } andW = {W1, . . . ,WN }.

2) FEASIBLE REGION OF Ti AND Wi
We observe that, for given T and W, the selection of αi, βi,
γi and Ri is not related to that of αj, βj, γj, Rj (i 6= j), but is
only related to Ti andWi. Hence, for givenT andW, we could
decompose the original problem and individually maximize
the amount of information in a single block. We can take Ti
andWi as constants for a block that are optimized by an outer
optimization problem. Hence, the optimization problem for

the ith block can be written as (P7).

(P7) max
αi,βi,γi,Ri

ITi = T (pit )γiτ

s.t. αipmτ + ei = βiED(
C

C − Ri
)τ + pitγiτ + Ti

IRi = ITi +Wi,

q20 ≤ αi ≤ 1, 0 ≤ βi ≤ 1,

αi + βi + γi = 1, 0 ≤ Ri < C, .

where Ti and Wi meet (16)-(17), and they can be optimized
by an outer optimization problem. We can obtain

αi = 1− βi +
Wi − βiRiτ

T (pit )τ
, (18)

βi =
T (pit )(pmτ + ei − Ti)+Wi(pm + pit )

(pit + pm)Rτ + T (p
i
t )τ (pm + ED( C

C−Ri
))
, (19)

γi =
βiRiτ −Wi

T (pit )τ
. (20)

We now consider the feasible region of (Wi,Ti) and discuss
how Ti and Wi affect the optimization problem.

The constraints relating to αi, βi and γi must satisfy
(a) βi ≤ 1, corresponding to Line 1,
(b) βi ≥ 0, corresponding to Line 2,
(c) βi + γi ≤ 1, corresponding to Line 3,
(d) γi ≥ 0, corresponding to Line 4 in Fig. 4.
We next discuss the constraints on Ti andWi under the four

cases (a)-(d).

FIGURE 4. Feasible region of (Wi , Ti ).

(a) βi ≤ 1, corresponding to the north-west of Line 1
According to (19), as βi ≤ 1, we have

−T (pit )(τED(
C

C − Ri
)+ ei−Ti)

+ (pit + pm)Wi − (pit + pm)Riτ ≤ 0, (21)

which is denoted in Fig. 4 as the north-west of Line 1.

B1(Riτ+
T (pit )(τED( C

C−Ri
)−ei)

pit+pm
, 0) andA1(0,−

(pm+pit )Riτ
T (pit )

) are the

points on the axes. The slope of Line 1 is k1 = −
pit+pm
T (pit )

.
(b) βi ≥ 0, corresponding to south-east of Line 2
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According to (18), as βi ≥ 0, we have

T (pit )(pmτ + ei − Ti)+Wi(pm + pit ) > 0. (22)

In Fig. 4, the points on Line 2 represent βi = 0 satisfying
T (pit )(pmτ + ei − Ti) + Wi(pm + pit ) = 0. αi and γi vary
with the value of Wi and Ti. A2(0, pmτ + ei) is one end of
the varying process when αi = 1, βi = 0, γi = 0. C1 or C2
is the other end of the varying process when βi = 0, γi = 1.
The varying process starts from A2. WhenWi becomes a little
smaller, αi decreases a little and γi increases a little, according
to (18) and (20) with βi = 0, αi = 1 − pmτ+ei−Ti

(pm+pit )τ
and γi =

pmτ+ei−Ti
(pm+pit )τ

. Ti ≥ ei − pitτ is a condition that Ti must satisfy
during this varying process. This varying process lasts from
A2 to Ti = ei − pitτ , Wi = −T (pit ), when βi = 0, γi = 1.
When ei − pitτ > 0, Line 2 representing βi = 0 starts from
A2 to C1. When ei − pitτ < 0, Line 2 representing βi = 0
starts from A2 to C2. Then B2(W 2

i , 0) is only in the feasible

region when ei − pitτ ≤ 0, whereW 2
i = −

(pm+pit )τ
T (pit )(pmτ+ei)

.
(c) γi + βi ≤ 1 or αi ≥ 0, corresponding to north-west of

Line 3
According to (18), as βi + γi ≤ 1, we have

Wi(pit − ED(
C

C − Ri
))− Ti(T (pit )+ Ri)

+ (Ri + T (pit ))ei − (T (pit )τei + p
i
tRiτ ) ≤ 0. (23)

B3(−
(Ri+T (pit ))ei−(T (p

i
t )τED( C

C−Ri
)+pitRiτ )

pit−ED( C
C−Ri

)
, 0) and

A3(0,
(Ri+T (pit ))ei−(T (p

i
t )τED( C

C−Ri
)+pitRiτ )

T (pit )+Ri
are the points on the

axes for Line 3. The slope of Line 3 is k3 =
pit−ED( C

C−Ri
)

T (pit )+Ri
.

There are four cases for Line 3 in different cases of slopes
and intercept A3.

(d) γi ≥ 0, corresponding to the south-west of Line 4
According to (20), as γi ≥ 0, we have

RiTi +Wi(pm + ED(
C

C−Ri
)) ≤ (pmτ + ei)Ri, (24)

which is denoted in Fig. 4 as Line 4. B4(
(pmτ+ei)Ri

pm+ED( C
C−Ri

)
, 0) and

A2(0, pmτ + ei) are the points on the axes for Line 4. The

slope of Line 4 is k4 =
pm+ED( C

C−Ri
)

Ri
. For Line 4, A2 is fixed.

B4 fluctuates a little with the parameters.
It is observed in the feasible region of (Wi,Ti) that there are

always positive and negativeWi, but there are not negative Ti
sometimes depending on Line 3 and C2. Later we will show
that the objective function relates only to {Ti}, and {Wi = 0}
for all i is always one of the optimum solutions.

3) DISCUSSION ABOUT Wi AND R
In this subsection, we will first discuss the solution for R, and
then we give possible solutions forWi. These are prepared for
simplifying the optimization problem in Section IV-B4.

Theorem 5: For a fixed average forwarding rate T (pt ),
representing with constant pt and h, for all blocks, the best

Ri is the same for all the blocks, i.e., R∗ =
∑N

i=1 βiRi∑N
i=1 βi

.

The proof of Theorem 5 is given in Appendix D.
Remark 2: When ei is small, we can always harvest

enough energy for information reception at a large enough
rate through increasing αi. When ei is large enough, we can
decrease αi for information reception and forwarding. When
ei is even larger, the harvested energy can be stored for use in
later blocks. Assume there is no limit in energy storage and
the data buffer. So the best rate for Ri can always be achieved
in all the blocks by adjusting αi, βi and γi to minimize the
total energy for transferring information.

Next, we discuss the optimum value of R∗.
Lemma 7: The optimum value R for (P6) is Ri = R∗,

i = 1, 2, · · · ,N, satisfying ∂P1(R)
∂R = 0, where P1(R) =

R
R(pm+pt )+T (pt )(pm+ED( C

C−R ))
.

The proof of Lemma 7 is given in Appendix VI-E. To solve
(P6), we discuss the possible value for {Ti,Wi}. Due to (40),
the objective function of (P6) is

N∑
i=1

O6(Wi,Ti) =
N∑
i=1

T (pt )

×
R∗(pmτ + ei − Ti)−Wi(pm + ED( C

C−R∗ ))

(pt + pm)R∗ + T (pt )(pm + ED( C
C−R∗ ))

. (25)

Theorem 6: One of the optimum solutions to (P6) is∑N
i=1O6(0,Ti), which means that Wi = 0 for each block.

The proof of Theorem 6 is given in Appendix VI-F.

4) SIMPLIFYING THE OPTIMIZATION PROBLEM
So with Theorem 6, together with the feasible regison discus-
sion, we rewrite (P6) as

(P8)max
T

N∑
i=1

T (pt )(pmτ + ei − Ti)R

(pt + pm)R+ T (pt )(pm + ED( C
C−R ))

s.t.
i∑

k=1

Tk ≥ 0,

Ti ≥
(R+ T (pt ))ei − (T (pt )τED( C

C−R )+ ptRτ )

T (pt )+ R
, (26)

Ti ≥ −
(pm + pt )Rτ

T (pt )
, (27)

Ti ≥ ei − ptτ, (28)

Ti ≤ pmτ + ei, i = 1, 2, · · · ,N , (29)

where R equals R∗ computed according to Lemma 7, (26)
follows because A3 is the lower bound for Ti in case (c),
(27) follows because A1 is the lower bound for Ti in case (a),
and (28) follows because C2 or C1 is the lower bound for
Ti in case (b). (P8) is a linear programming problem with
polynomial-time complexity to arbitrary accuracy [59]. The
complexity is N 2m, where m is the number of constraints.
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AfterT∗ is determined with (P8), the optimum α∗, β∗, γ ∗

could be obtained by (18)-(20). Thus, the solution of (P6) is
obtained. Since (P5) is equivalent to (P6), the solution of (P5)
is also given by the above optimum α∗, β∗, γ ∗, R∗. So we
have the following theorem.
Theorem 7: One of the solution to (P5) is given

by Ri = R∗ computed according to Lemma 7,

W ∗i = 0, γ ∗i =
R∗(pmτ+ei−T ∗i )

(pt+pm)τR∗+T (pt )τ (pm+ED( C
C−R∗ ))

, β∗i =

T (pt )(pmτ+ei−T ∗i )

(pt+pm)τR∗+T (pt )τ (pm+ED( C
C−R∗ ))

, α∗i = 1 − β∗i − γ ∗i , for

i = 1, 2, · · · ,N, where T is given by solving the linear
programming problem (P8).
Remark 3: For (P5), {Wi = 0}, i = 1, 2, · · · ,N is only

one choice for W. When Wi is within the feasible region,
there will be other possible solutions to (P6), with the same
optimum value for the objective function as {Wi = 0},
i = 1, 2, · · · ,N.

V. NUMERICAL RESULTS
In this section, we present simulation results. Although the
results are presented for specific parameters to illustrate our
approach, the trends are more general and can be observed for
other parameters. We assume that ED(θ ) = 10−3 × θ log2 θ ,
θ = C

C−R , T (pt ) = 0.5 B log2(1 + pth′) bps, B = 106 Hz,
N0 = 10−15 W/Hz, τ = 1 s, h′ = 1

N0 B
= 109. If we adopt

energy unit as mJ and bit rate unit as Mbps, we have ED(θ ) =
C

C−R log2(
C

C−R ) mW, T (pt ) = 0.5 log2(1+pth) Mbps, where
pt is forwarding power in mW, and h = 106. The quantities
C , R and T (pt ) are expressed with unit of Mbps.

A. SINGLE BLOCK CASE
We firstly consider the EH-I scenario. Our goal is to find the
optimal solution to (P1).

When pm = 8 mW, pt = 7 mW, C=21 Mbps, the optimal
R∗ must satisfy ∂P1(R)

∂R = 0. We can compute the optimal R∗

to be 14.3630 Mbps by a linear search, and the optimum time
fraction of harvesting, reception and forwarding phases are
α = 0.4378, β = 0.2484 and γ = 0.3138, respectively.
In order to verify this, we plot the objective function of (P1)
in (1) versus R in Fig. 5, from which we can see R∗ =
14.3630 Mbps. Note that R∗ is related only to pt , pm and C ,
and not related with the energy harvested from other ambient
RF sources. The optimal throughput rate of the relay network
is 3.5678 Mbps.

We also examine the variation of α, β and γ with pt and
pm in Fig. 6, Fig. 7, and Fig. 8, respectively. We can observe
that when pm, the average power of the best symbol for
EH increases, α decreases, while β and γ increase. It is a
correct trend as α, the time duration for EH, could be shorter
than before, as a result of the increase of pm. When the
forwarding power pt increases, γ decreases. It is a correct
trend because γ , the time duration for forwarding the same
amount of data will decrease, and α, the time duration for
the EH phase will increase because the forwarding power is
less efficient in power as the forwarding data bits IT are a

FIGURE 5. The objective function value of (P1) versus R.

FIGURE 6. α versus pt and pm.

FIGURE 7. β versus pt and pm.

FIGURE 8. γ versus pt and pm.

log function of pt . For the same reason, β will decrease, too,
leading to a lower throughput of the relay network.

Now we consider the EH-II scenario. According to
Lemma 3, when pm = 8 mW, pt = 7 mW, C = 21 Mbps,
the optimal reception rate for the relay is computed as R∗ =
14.3630 Mbps from Fig. 5, the same as in the EH-I scenario.
We present the variation of optimum α, β and γ versus e
in Fig. 9. ẽ is computed to be 6.2303 mJ according to (10)
in this case. We can see that β and γ increase with e, but α
decreases with e over e ≤ ẽ; for e > ẽ, both α and β no longer
vary, but remain the same as when e = ẽ. The maximum
throughput versus e for the scenario with pm = 8 mW and
pt = 7 mW, is computed using βτR shown in Fig. 10, which
is with the same trend of β. When the energy harvested from
other ambient RF sources is saturated with ẽ = 6.2303 mJ,
α = 0, β = 0.4418, γ = 0.5582, and the throughput rate of
the relay network is 6.3456 Mbps.
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FIGURE 9. The variation of α, β, γ with e.

FIGURE 10. The throughput rate versus e.

From these figures, we see the numerical results coincide
with the theoretical analysis.

B. MULTI-BLOCK CASE
In this section, we first consider amulti-block case in the EH-I
scenario when data and energy are allowed to flow between
blocks. According to Theorem 3, one of the possible optimal
solutions is given by the optimal solution of the single block
case in the EH-I scenario. So for the optimum values for
R, α, β, γ , refer to Section V-A for performance analysis,
because an optimal solution is the same as the solution of
single block case in the EH-I scenario.

We then consider the multi-block case in the EH-II sce-
nario. When N ≥ 1, the energy harvested from other RF
sources in each block is random. We set several scenarios to
analyze how ei will affect the performance of the system. We
first set a scenario (Scenario I) when the energy harvested
from other ambient RF sources is saturated almost all the
time. Then we set a scenario (Scenario II) when ei is saturated
at the first block, and then in the next four blocks, ei is
not saturated. The mean energy of ei in the five blocks is
not saturated. Later we set a scenario (Scenario III) when ei
is not saturated in any of the five blocks, but fluctuates in
amount.

All the EH scenarios below in this subsection is with the
same system parameters pm = 8 mW, pt = 7 mW, C =
21 Mbps. The optimum solution for R∗ is given by Lemma 7
by solving P1(R) = 0, as 14.3630 Mbps. And then we obtain
the optimum α∗, β∗, γ ∗, W∗, T∗ by Theorem 7 for the
following scenarios.

Scenario I: Assume N = 5, the harvested energy
for blocks is e = [10, 9, 8, 12, 10] mW. From Theo-
rem 7, we give the solutions as R∗i = 14.3630 Mbps,
W ∗i = 0 for i = 1, 2, · · · , 5, and T∗ =

[3.7697, 2.7697, 2.7697, 5.7697, 3.7697]. The optimal α∗,
β∗, γ ∗ are given in Fig.11, where αi = 0, βi = 0.4418, γi =
0.5582, for all the five blocks. We can observe that when the
energy harvested from other RF sources is saturated for the
system, i.e., ei ≥ ẽ, i = 1, 2, · · · , 5, the EH time ratio is

FIGURE 11. The optimal α, β, γ at different blocks in different EH
scenarios: Scenario I: e = [10,9,8,12,10], Scenario II: e = [9,1,3,2,4],
Scenario III: e = [2,1,1,2,4].

always zero, and βi and γi remain unchanged. ẽ = 6.2303 is
the saturated energy harvested from other ambient RF sources
in single block case as analyzed in Section V-A according
to (10). The optimal mean throughput in the five blocks is∑5

i=1 β
∗
i R
∗
i

5 = 6.3456 Mbps, which is the same as in the single
block case when the energy harvested from other ambient RF
sources e is saturated with ẽ = 6.2303 mJ.
Scenario II: Assume N = 5, the harvested energy

for blocks is e = [9, 1, 3, 2, 4] mW. From Theo-
rem 7, we give the solutions as R∗i = 14.3630 Mbps,
W ∗i = 0 for i = 1, 2, · · · , 5, and T∗ =

[2.7697,−0.6219,−0.6500,−0.7064,−0.7913]. The opti-
mal α∗, β∗, γ ∗ are given in Fig. 11. We can observe that
the amount of energy harvested from other RF sources is
generally large at the beginning and the end of the five block
time period, and small in the middle of the period. Since
the energy can be stored and used in later blocks, a lot of
energy flows to later blocks. αi has some decreasing trend.
βi and γi fluctuate a little in five blocks, with some increasing
trend. The optimal mean throughput in the five blocks is∑5

i=1 β
∗
i R
∗
i

5 = 5.2626 Mbps. The average throughput is the
same as when the harvested energy from other ambient RF

sources is e =
∑5

i=1 ei
5 in the single block case. If we assume

that there is not energy storage, then the energy will overflow
in the first block as e1 > ẽ, where ẽ = 6.2303 is the saturated
energy harvested from other ambient RF sources in the single
block case as analyzed in Section V-A according to (10). The
average throughput without energy storage will be smaller
than the throughput with storage in this case.

Scenario III: Assume N = 5, the harvested energy for
blocks is e = [2, 1, 1, 2, 4] mW. From Theorem 7, we give
the solutions as R∗i = 14.3630 Mbps, W ∗i = 0 for
i = 1, 2, · · · , 5, and T∗ = [0, 0, 0, 0, 0]. The optimal
α∗, β∗, γ ∗ are given in Fig. 11. We can observe that the
amount of energy harvested from other RF sources generally
increases with time in the scenario, which is relatively low
with respect to the saturated ẽ. So the harvested energy from
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FIGURE 12. The optimal α, β, γ at different blocks in different EH
Scenarios: Scenario IV: e = [0,0,0,0,0], Scenario V: e = [0,0,0,0,1].

other RF sources is not stored in the battery and is used in
immediate blocks. The optimal mean throughput in the five

blocks is
∑5

i=1 β
∗
i R
∗
i

5 = 4.4597 Mbps.
We can observe from Scenario II, when the energy is ample

in the early blocks, the energy generally flows to later blocks,
as T has some decreasing trend. We expect that when the
energy is too scarce, the energy may also flow to later blocks.
To verify this, we give two additional scenarios when the
energy harvested from other ambient RF sources is zero all
the time and when the energy harvested from other ambient
RF sources is zero in the first four blocks but one unit in the
last block.

Scenario IV: Assume N = 5, the harvested energy
for blocks is e = [0, 0, 0, 0, 0] mW. From Theo-
rem 7, we give the solutions as R∗i = 14.3630 Mbps,
W ∗i = 0 for i = 1, 2, · · · , 5, and T∗ =

[0.038, 0.0285, 0.0095,−0.0190,−0.0570]. The optimal
α∗, β∗, γ ∗ are given in Fig. 12. We can observe that a lot of
energy flows to later blocks. αi has some decreasing trend.
βi and γi have some increasing trend. The optimal mean

throughput in the five blocks is
∑5

i=1 β
∗
i R
∗
i

5 = 3.5678 Mbps,
which is the same as in the single block case, when e = 0,
with β = 0.2484 and the throughput of 3.5678 Mbps,
in Section V-A. This result fits well with our expectation.
Though the energy flows to later blocks for use, the average
throughput is generally the same as when the energy is used
evenly in each of the blocks.

Scenario V: Assume N = 5, the harvested energy
for blocks is e = [0, 0, 0, 0, 1] mW. From Theorem 7,
we give the solutions as R∗i = 14.3630 Mbps, W ∗i = 0
for i = 1, 2, · · · , 5, and T∗ = [0.0380, 0.0285,
0.0095,−0.0190,−0.0571]. The optimal α∗, β∗, γ ∗ are
given in Fig. 12. We can observe that the amount of energy
harvested from other RF sources increases only in the last
block. Since the energy can be stored and used in later
blocks, a lot of energy still flows to later blocks. αi has
some decreasing trend. βi and γi have some increasing trend.

The optimal mean throughput in the five blocks is∑5
i=1 β

∗
i R
∗
i

5 = 3.6568 Mbps, which is a little higher than
3.5678 Mbps. In fact, we can observe that the throughput in
case of e = [0, 0, 0, 0, 1] is the same as the throughput when
e = 0.2 and β = 0.2546 in a single block case, and it is the
same as the average throughput of the separate single block
cases when e = 0, e = 0, e = 0, e = 0, e = 1, respectively.
The result fits well with our expectation. Though the energy
flows to later blocks for use, the average throughput is gener-
ally the same as when the energy is not allowed to flow.

From the above analysis, we observe that the energy stor-
age takes effect when saturated amount of energy arrives
in early blocks and the amount of energy harvested from
ambient RF sources is not saturated for all the blocks, such as
in Scenario II with multiple block setting. When the energy
harvested from ambient environment is not saturated in any
of the blocks, the average throughput is the same as when
the energy is not allowed to flow, such as in Scenario III,
Scenario IV and Scenario V. When ei is saturated in all the
blocks, the average throughput is the same as when the energy
is not allowed to flow, such as in Scenario I.

From the analysis, as expected, when the energy from
ambient RF sources is considered, the energy storage plays
an important role in scheduling the resource to maximize
the offline throughput. The data storage is unnecessary from
Remark 3. When the harvested energy coming from the
ambient sources is considered, the energy utilization effi-
ciency is further increased in the aspect that larger throughput
will be achieved with the same amount of energy consumed
by the dedicated TX. We do not perform comparisons with
other methods because there is not any study in this scenario
with both decoding energy cost and storage considered in an
EH relay.

VI. CONCLUSION
In this paper, we considered maximizing the offline through-
put of a network with an EH-DF relay, which can harvest
energy not only from the dedicated transmitter but also from
other ambient RF sources considering decoding energy costs,
which is not a well-studied topic. In order to make full use
of the harvested energy, energy storage is used to allow
energy flow between blocks, which is also not well studied in
the former works. In order to simplify the system structure,
a time-switching architecture is adopted. We formulate a
problem for maximizing the throughput by optimizing the
time fractions of three phases and the reception rate. From
the optimal solutions, we draw the following conclusions:

(i) In the multi-block case, the energy storage is necessary
for an EH relay which can harvest energy from RF sources
other than the dedicated TX considering the decoding energy
cost. However, data storage is not necessary for the relay
system. This is one of our important observations; (ii) The
optimal reception rate remains unchanged for both single and
multiple block cases in various EH scenarios, while the time
fractions of the three phases vary with the random energy
harvested from other ambient RF sources leading to different
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average throughput; (iii) For a single-block case with energy
harvested from ambient RF sources other than the dedicated
TX, the optimal time fractions for reception and forwarding
increase with the increase of harvested energy from other
ambient RF sources, but with upper bounds. Our future work
involves maximization of the offline throughputs of a relay
network with random relay-transmitter and transmitter-relay
channel power gains.

APPENDIX
A. PROOF OF THEOREM 1
If we use mW as the unit for power and Mbps as the
unit for transferring rate, then we could assume T (x) =
0.5 log2(1 + hx), where h = 106. We could derive

∂P1(R)
∂R =

T (pt )(ED(θ )+pm)−T (pt )
∂ED(θ)
∂θ

R
(C−R)2

[R(pm+pt )+(ED(θ )+pm)T (pt )]2
, and ∂2P1(R)

∂R2
=

−RT (pt )
∂2ED(θ)

∂θ2
1

(C−R)4
+2 ∂ED(θ)

∂θ
1

(C−R)3

[R(pm+pt )+(ED(θ )+pm)T (pt )]4
, where θ =

C
C−R .

For ED(θ ) = θm logn θ , we could derive ∂ED(θ )
∂θ

=

θm−1 logn−1 θ [mlogθ + n/ln2], limR→0 θ = 1 and

limR→C θ = +∞. So limθ→1
∂P1
∂R =

limθ→1
T (pt )pm+T (pt )

[
θm logn−1 θ [1−θ(θ−1)(m log θ+n/ln2)/C]

]
T 2(pt )R2(pm+pt )2

=

pm
T (pt )R2(pm+pt )2

, whose denominator and numerator are both

finite. So limθ→1
∂P1
∂R is positive finite. limθ→+∞

∂P1
∂R =

limθ→+∞−
θm−1(logn−1 θ )θ (θ−1)(m log θ+n/ln2)/C

T (pt )θ2m log2n θ
=

limθ→+∞−
m/C

T (pt )θm−1 logn−1 θ
< 0. ∂

2P1(R)
∂R2

could easily be
seen as nonpositive for R ∈ [0,C).

B. PROOF OF THEOREM 2
We argue that α1 = · · ·αN = α∗, β1 = · · ·βN = β∗,
γ1 = · · · = γN = γ ∗, R1 = · · ·RN = R∗ satisfy the first
eight constraints in (P4), i.e., all the constraints in (P3), since

α∗pm = β∗ED(
C

C − R∗
)+ γ ∗pt

⇔

i∑
j=1

α∗pm =
i∑

j=1

[
β∗ED(

C
C − R∗

)+ γ ∗pt

]
,

⇒

i∑
j=1

α∗pm ≥
i∑

j=1

[
β∗ED(

C
C − R∗

)+ γ ∗pt

]
,

for i = 1, 2, · · · ,N , (30)

β∗R∗τ = γ ∗T (pt )τ ⇔
i∑

j=1

β∗R∗τ =
i∑

j=1

γ ∗T (pt )τ,

⇒

i∑
j=1

β∗R∗τ ≥
i∑

j=1

γ ∗T (pt )τ,

for i = 1, 2, · · · ,N . (31)

It is obvious that the last four equations in (P4) are also sat-
isfied. We will prove the optimality via contradiction. Define
ON (α1, β1, γ1,R1 . . . , αN , βN , γN ,RN ) =

∑N
i=1 γiT (p

i
t )τ .

Suppose there exists another set of α̂, β̂, γ̂ and R̂ such that

when α1 = · · ·αN = α̂, β1 = · · ·βN = β̂, γ1 = · · · γN =
γ̂ and R1 = · · ·RN = R̂, all the constraints of (14) are
satisfied and we have ON (α̂, β̂, γ̂ , R̂ . . . , α̂, β̂, γ̂ , R̂) >

ON (α∗, β∗, γ ∗,R∗ . . . , α∗, β∗, γ ∗,R∗), i.e., N β̂R̂τ >

Nβ∗R∗τ . Since it is always optimal to use up all the energy
in the end, according to the constraints, we have N α̂pm =
N γ̂ pt+N β̂ED( C

C−R̂
),which means α̂, β̂, γ̂ and R̂ also satisfy

the constraints of (1).
Since β̂R̂τ > β∗R∗τ , the results contradict the assumption

that α∗, β∗, R∗ and γ ∗ are the optimal values for (1).

C. PROOF OF THEOREM 3
Since (P4) has four more constraints than (P3), assum-
ing one set of optimal values for (P3) are given as
α̃1, β̃1, γ̃1, R̃1, . . . , α̃N , β̃N , γ̃N , R̃N , it is easy to obtain

ON (α̃1, β̃1, γ̃1, R̃1, . . . , α̃N , β̃N , γ̃N , R̃N )

≥ ON (α∗, β∗, γ ∗,R∗, . . . , α∗, β∗, γ ∗,R∗). (32)

Due to the property of ED( C
C−R ), by using Jensen’s inequal-

ity to code rate, we have

N∑
j=1

β̃j

8
ED
(

1

1− R̃j
C

)
≥ ED

(
1

1−
∑N

j=1
β̃j
8
R̃j/C

)
, (33)

where 8 =
∑N

k=1 β̃k . Hence, we arrive at

N∑
j=1

α̃jpm =
N∑
j=1

β̃jED
(

1

1− R̃j
C

)
+

N∑
j=1

γ̃jpt

≥

N∑
j=1

β̃jED

 1

1−
∑N

k=1 β̃k R̃k∑N
k=1 β̃kC

+ N∑
j=1

γ̃jpt .

So there exists an R′ ≥
∑N

k=1 β̃k R̃k∑N
k=1 β̃k

that satisfies∑N
j=1 α̃jpm =

∑N
j=1 β̃jED

(
1

1− R′
C

)
+
∑N

j=1 γ̃jpt . Actually,

R′ ≥
∑N

k=1 β̃k R̃k∑N
k=1 β̃k

means

ON (α̃1, β̃1, γ̃1,R′, . . . , α̃N , β̃N , γ̃N ,R′)

≥ ON (α̃1, β̃1, γ̃1, R̃1, . . . , α̃N , β̃N , γ̃N , R̃N ). (34)

However, this new R′ alongside α̃1, . . . , α̃N , β̃1, . . . , β̃N
and γ̃1, . . . , γ̃N , may not satisfy the first set of constraints in
(P3), so we need to find feasible solutions. Towards this end,

we let x ′ =
∑N

k=1 x̃k
N , where x denotes α, β and γ . Then we

have

Nα′pm =
N∑
j=1

α̃jpm =
N∑
j=1

[
β̃jED

(
1

1− R′
C

)
+ γ̃jpt

]

= N

[
β ′ED

(
1

1− R′
C

)
+ γ ′pt

]
. (35)

So we can show that the constraints are also satisfied
according to the analysis similar to (30) and (31). In addition,
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we also have

ON (α′, β ′, γ ′,R′, . . . , α′, β ′, γ ′,R′)

= ON (α̃1, β̃1, γ̃1,R′, . . . , α̃N , β̃N , γ̃N ,R′). (36)

Noting that α′, β ′, γ ′,R′, . . . , α′, β ′, γ ′,R′ also satisfy all
the constraints in (P4), we can obtain that

ON (α′, β ′, γ ′,R′, . . . , α′, β ′, γ ′,R′)

≤ ON (α∗, β∗, γ ∗,R∗ . . . , α∗, β∗, γ ∗,R∗). (37)

Combining (32), (36) and (37) leads to the fact that
ON (α∗, β∗, γ ∗,R∗, . . . , α∗, β∗, γ ∗,R∗) =
ON (α̃1, β̃1, γ̃1, R̃1, . . . , α̃N , β̃N , γ̃N , R̃N ).

D. PROOF OF THEOREM 5
There is both energy and data flowing causally between the
blocks. Because for a best α, the information forwarded and
received must be the same at last, i.e.,

∑N
i=1 IRi =

∑N
i=1 ITi ,

we derive that
N∑
i=1

γi =

∑N
i=1 βiRi
T (pt )

. (38)

Combining (38) and (15) leads to
N∑
i=1

(ei + αipmτ )
a
≥

N∑
i=1

[
βiED(

C
C − Ri

)τ +

∑N
i=1 βiRi
T (pt )

ptτ

]

=

N∑
i=1

βi

[
ED(

C
C − Ri

)+
Ri

T (pt )
pt

]
τ, (39)

where (a) is due to the fact that sometimes ei is too large for
the system to use.

We find that S(Ri) = ED( C
C−Ri

) + Ri
T (pt )

pt is an increasing

convex function relative to Ri. So we can see
∑N

i=1 βiS(Ri)∑N
i=1 βi

≥

S
(∑N

i=1 βiRi∑N
i=1 βi

)
. We should minimize the right side of (39).

So there is an optimum R∗ which satisfies

R∗ =

∑N
i=1 βiRi∑N
i=1 βi

. (40)

∑N
i=1 βiS(R∗) could be seen as the total energy needed

during the information transferring. So the optimumR should

be selected as R∗ =
∑N

i=1 βiRi∑N
i=1 βi

, equal for all the blocks.

E. PROOF OF LEMMA 7
Due to (39) and (18), we have
N∑
i=1

[
ei +

(
N − (1+

R
T (pt )

)βi

)
pmτ

]

=

N∑
i=1

[
βiτ

(
ED(

C
C − R

)+
ptR
T (pt )

)
+ Ti

]
. (41)

so
∑N

i=1 βi =
Npmτ+

∑N
i=1 ei−

∑N
i=1 Ti[

ED( C
C−R )τ+R

pt
T (pt )

τ+(1+ R
T (pt )

)pmτ
] . We derive the

objective function of (P6) as O6 =
∑N

i=1 γiT (pt )τ = RT (pt )

Npmτ+
∑N

i=1 ei−
∑N

i=1 Ti
f (R) , where f (R) = (pt +pm)R+T (pt )(pm+

ED( C
C−R )). So according to ∂O6

∂R = 0, we have R ∂f (R)
∂R −

f (R) = 0, which is equivalent with ∂P1(R)
∂R = 0.

F. PROOF OF THEOREM 6
Generally, according to the above discussion related to the
feasible solution set for (P6) consisting of cases (a)-(d),
if there is a feasible solution set {Wi,Ti}, it could be divided
into two parts for all the blocks. One part is the blocks i ∈ N1
that satisfy O6(Wi,Ti) > 0 and the other part is the blocks
j ∈ N2 that satisfy O6(Wj,Tj) = 0. Note that N2 can be an
empty set. As

∑N
i=1Wi = 0, we could derive that

∑|N1|
i=1 Wi =

−
∑|N2|

j=1 Wj, where |Nq| denotes the number of elements in the

set Nq, q = 1, 2. Because
∑|N2|

j=1 O6(Wj,Tj) = 0, we have

(pmτ + ED(
C

C − R∗
))
|N2|∑
j=1

Wj

= −R∗
|N2|∑
j=1

Tj + (pmτ + ei)R∗. (42)

Further we derive that
|N1|∑
i=1

O6(Wi,Ti)

=

|N1|∑
i=1

R∗(pmτ + ei − Ti)

(pt + pm)R∗ + T (pt )(pm + ED( C
C−R∗ ))

−

|N1|∑
i=1

Wi(pm + ED( C
C−R∗ ))

(pt + pm)R∗τ + T (pt )τ (pm + ED( C
C−R∗ ))

a
=

|N1|∑
i=1

R∗(pmτ + ei − Ti)

(pt + pm)R∗ + T (pt )(pm + ED( C
C−R∗ ))

+

|N2|∑
i=1

Wi(pm + ED( C
C−R∗ ))

(pt + pm)R∗ + T (pt )(pm + ED( C
C−R∗ ))

b
=

|N1|∑
i=1

R∗(pmτ + ei − Ti)

(pt + pm)R∗ + T (pt )(pm + ED( C
C−R∗ ))

+

|N2|∑
j=1

−R∗Tj + (pmτ + ei)R∗

(pt + pm)R∗ + T (pt )(pm + ED( C
C−R∗ ))

=

N∑
i=1

R∗(pmτ + ei)− R∗Ti
(pt + pm)R∗ + T (pt )(pm + ED( C

C−R∗ ))

=

|N |∑
i=1

O6(0,Ti),

where (a) follows from (P6) and (b) follows from (42).
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