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ABSTRACT Aiming at the problem that the base coordinate system of industrial robot is not unified
with the center coordinate system of tool, and it is impossible to input the action position in the robot
teaching device, this paper adopts ROMERHEXAGONMETROLOGY7530SE three-coordinatemeasuring
instrument as the robot measuring equipment and proposes a multi-objective normalization algorithm. In this
paper, the reliability of the multi-objective normalization algorithm is verified by the experiment, and the
measurement accuracy difference of the multi-objective normalization algorithm under different reference
systems is studied. The results have shown that the accuracy of the system reaches 0.8 mm and the root
mean square (RMS) value is maintained at 0.3-0.7 mm when the engine is taken as the reference coordinate
systemwithin the robot’s 0-50mmmotion stroke.When the body-in-white is used as the reference coordinate
system, the accuracy of the system can reach 2.2 mm, the RMS value can be maintained at 1.0-1.8mm.
The reasons for good accuracy and stability of the measurement system established with the engine as the
reference coordinate are analyzed. The multi-objective normalization algorithm proposed in this paper has
high engineering universality, and the accuracy analysis of the algorithm under different reference system
has guiding significance for the selection of reference coordinate system of measurement system.

INDEX TERMS Error analysis, robot motion, measurement technology, measurement accuracy, multi-
objective normalization algorithm.

I. INTRODUCTION
With the rise of intelligent manufacturing, industrial robots
are increasingly used in the fields of industrial manufac-
turing and auxiliary motion error accuracy measurement.
When the robot assists the components motion to measure
the components motion accuracy, the base coordinate system
of the robot is not unified with the tool center point (TCP)
coordinate system, it is impossible to input the components
target position in the robot teaching device, which limits the
application of the robot in the field of industrial measure-
ment. Since this problem, many scholars have carried out
relevant research. For example, a method to unify the sensor
coordinate system and the target coordinate system by using
mechanical constraints is proposed. The method realizes the
coordinate conversion of two coordinate systems, and when
the transformation coordinate system is applied to actual
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measurement, the accuracy is analyzed [1]. An automatic
calibration method using real-time 3D simulation sensors
is proposed. The method obtains the rigid body coordinate
transformation matrix through real-time correlation between
virtual sensors and real sensors [2]. In order to obtain the
target posture of the robot, Monte Carlo theory and posture
transformation matrix are combined to solve the terminal
posture transformation matrix [3]. Aiming at the problem
that the end of industrial robot cannot be measured directly,
the conversion between different coordinate systems is real-
ized by laser target, and the deviation between the end
position displayed by robot teaching device and the actual
end position is measured [4]. Aiming at the problem of
poor conditions matrix that may occur when solving coor-
dinate transformation with point cloud equation, a coordinate
transformation solution scheme based on geometric transfor-
mation is proposed. Experimental verification shows that the
proposed method improves the position accuracy of the robot
manipulator by 45.8% [5]. In order to improve the calibration
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accuracy of industrial robots, the error parameter model are
found by Jacobian linear iteration, and the robot motion
accuracy is calibrated with less than 50 configurations. The
calibration efficiency is verified by laser tracker and optical
coordinate measuring machine [6].

In this paper, a multi-objective normalization algorithm is
proposed. Which maps the robot tool center point coordi-
nate system to the robot base coordinate system through the
coordinate transformation matrix, and realizes the purpose
of the robot teaching device directly inputting the target
position of the load components. Furthermore, the reliability
of the multi-objective normalization algorithm is verified
through the experiment and the measurement accuracy of
the algorithm under different reference system is studied and
analyzed.

II. MULTI-OBJECTIVE NORMALIZATION ALGORITHM
In this paper, the measurement system includes KUKA
KR210 R2700 robot (hereinafter referred to as robot),
engine, ROMER HEXAGON METROLOGY 7530SE
three-coordinate measuring instrument (hereinafter referred
to as Faro) and other components, which introduces the
coordinate systems such as robot base coordinate system OR,
robot tool coordinate system OT, Faro measuring coordinate
system OF, body-in-white coordinate system OB, and engine
coordinate system OE. Because many objects and measure-
ment coordinate are introduced, in order to facilitate the robot
teaching device control the motion of the robot tool coordi-
nate system, a Multi-objective Normalization Algorithm is
proposed in this paper.

Unification of Feature Points in Multiple Coordinate Sys-
tems [7]–[15] is the core of theMulti-objectiveNormalization
Algorithm. The mathematical tool used in the algorithm is
coordinate transformation matrix [16]–[19]. The transforma-
tion matrix structure includes rotation matrix and displace-
ment matrix. The specific form of transformation matrix is
shown in Fig. 1.

According to the structure of the transformation matrix,
assuming that there are four points Pi(i = 1, 2, 3, 4) in the
coordinates system A and B, and the coordinates are PAi
and PBi respectively, the transformation matrix TA−B can be
solved according to the Eq.(1).

PAi · TA−B = PBi (i = 1, 2, 3, 4) (1)

In this paper, robot base coordinate system OR, robot tool
coordinate systemOT, Faro measuring coordinate systemOF,
body-in-white coordinate system OB, and engine coordinate
system OE are introduced into the measurement system. The
relationship between the 5 coordinate system in the system is
shown in Fig.2.

According to Fig. 2, the flow chart of the multi-objective
normalization algorithm coordinate system transformation is
shown in Fig. 3, and the specific operation flow is as follows:

Step1: Acquiring the OT to OR transformation matrix
TT−R

FIGURE 1. Transformation matrix structure.

FIGURE 2. Schematic diagram of coordinate systems in measurement
system.

FIGURE 3. Flow chart of coordinate system transformation relation of
multi-objective normalization algorithm.

In order to realize the purpose of converting the coordi-
nates in OT into OR and obtain the conversion matrix TT−R,
the four-point method is used [20], [25]. The feature point A
is obtained by operating the robot to measure the measuring
block. Among them, the measuring block is shown in Fig.4.
Step2: Acquiring the OB to OR transformation

matrix TB−R
In order to obtain the transformation matrix TB−R, in this

paper, the solution is divided into two steps. ¬ Faro is used
to measure the coordinates of four feature points on the
engine, and the actual measured values of feature points
in OB are compared and calculated to obtain the conver-
sion matrix TB−F .  The feature points coordinates of the
measuring block in OR system is obtained by robot, and
the feature points coordinates of the measuring block in
OF system is measured by Faro, the transformation matrix
TF−R is obtained by performing mathematical operations on
two sets of coordinates. Finally, the transformation matrix
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FIGURE 4. Schematic diagram of measuring block structure.

TB−R is obtained, according to the obtained transformation
matrix TB−F and TB−F , combining the mathematical opera-
tion TB−R = TB−F · TF−R.
Step3: Obtain the posture of the engine in the OT
In order to control the engine to complete pose transforma-

tion by changing the input coordinates of the robot teaching
device, it is necessary to obtain the pose of the engine in OT.
The TCP point pose in OR is obtained by the robot teaching
device, and the coordinates of the engine four feature points
are obtained by Faro, according to ET = ER · TR−T , the pose
ET is solved. Where ER is the pose of engine in OB and
ER = EB·TB−R. Among them,EB is the theoretical calibration
values of four feature points on the engine inOBunder the ini-
tial state, TR−T is the transformation matrix from OR to OT.

Step4: Compute output motion data
The input of the multi-objective normalization algorithm is

the motion transformation matrixMB of the engine in OB and
the theoretical calibration values EB of four feature points on
engine in OB at the initial state. The output of the algorithm
proposed in this paper is target pose TCP−OR of TCP points
in OR system after robot action.

According to the matrix transformation relation obtained
in step1, 2and 3, it can be deduced that:

E − OB = MB · EB (2)

E − OR = E − OB · TB−R (3)

TCP− OR = E − OR · TR−T (4)

In Eq.(2),E−OB is the engine target pose inOB andE−OR
is the engine target pose in OR. According to formula (4),
TCP−OR is obtained, and the purpose robot teaching device
directly inputting the target position of the load components
is realized.

III. ACCURACY ANALYSIS OF FEATURE POINTS
MEASUREMENT UNDER DIFFERENT
REFERENCE SYSTEMS
In the experiment of simulating automobile shaking with
robot load engine, in order to obtain the position accuracy of
engine shaking, the position of engine characteristic points is
measured. At present, the measurement method widely used
in industry is to select the body-in white as the reference
coordinate system. If the engine feature points do not meet
the system position accuracy, the robot is controlled to move
the engine to ensure that it is in the correct position in the
automobile system. However, using body-in-white as a ref-
erence coordinate system to analyze the accuracy of engine
shaking position will introduce the manufacturing error

of body-in-white, which will increase the measurement error.
Therefore, this paper introduces the engine as the reference
coordinate system, the accuracy of the measurement system
under the two reference coordinate systems are compared
and analyzed, and the reasons for the error reduction of the
measurement system are explained.

A. ESTABLISHING MEASUREMENT SYSTEM WITH ENGINE
AS REFERENCE SYSTEM
When the measurement system is established with the engine
as the reference system, using Poly Works software and Faro
to measure the coordinate of the feature points on the engine
(the position of the feature points on the engine is shown
in Fig. 5). The actual measurement coordinates of four points
on engine are aligned with their theoretical coordinates in
OB in Poly Works software. When the alignment error is
less than 0.3 mm (ensuring that the sum of accumulated
errors of the whole measurement system is kept within 1mm),
the alignment operation is regarded as completed.

FIGURE 5. Location diagram of feature points on engine and
body-in-white.

After the measurement system is established with the
engine coordinate system as the reference system, the target
pose TCP − OR of the robot TCP point in OR is solved
according to the Multi-objective normalization algorithm.
According to themotion logic of TCP−OR, on the basis of the
initial theoretical position of engine digital model, coordinate
transformation was carried out to solve the theoretical coor-
dinates of feature points after motion. The theoretical coordi-
nates of motion feature points are compared with the feature
points position coordinates measured by Faro to obtain the
measurement accuracy error of the measurement system.

B. ESTABLISHING MEASUREMENT SYSTEM WITH
BODY-IN-WHITE AS REFERENCE SYSTEM
When the measurement system is established with the body-
in-white as the reference system, firstly, it is necessary to
ensure the position of engine which is loaded by robot at
the initial position (the theoretical initial position of engine
and body-in-white), and then the coordinate of body-in-white
feature points is measured by Faro. Finally, the feature points
actual measured coordinates of body-in-white and their
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theoretical coordinates of digital model is aligned in Poly
Works software. When the alignment error of feature points
was less than 0.5 mm (due to the limitation of the manufac-
turing accuracy of the body-in-white, the allowablemaximum
alignment error is determined to be 0.5 mm), the alignment
is regarded as complete.

When establishing measurement system with body-in-
white as the reference system, it is necessary to ensure the
position of engine which is loaded by robot at the initial
position. Then theMulti-objective normalization algorithm is
used to control the motion of engine, on the basis of the initial
theoretical coordinates of engine, coordinate transformation
was carried out according to the motion logic of the robot.
Engine feature points theoretical coordinates after motion are
solved, measurement accuracy error of the measurement sys-
tem is obtained by comparing the theoretical coordinates with
the position coordinates of feature points measured by Faro.

IV. EXPERIMENT AND ANALYSIS
The measurement system in this paper mainly includes robot,
engine, Faro, test bench and other components. The site
diagram of the measurement system is shown in Fig. 6.

According to the measurement scheme described above,
the measurement system is established by taking engine and
body-in-white system as the reference system respectively.
The actual measurement coordinates of engine four feature
points and their theoretical coordinates are compared respec-
tively in the measurement system. The maximum deviation
of four feature points is selected as the measurement system
accuracy error for this robot stroke.

In the measurement system constructed with the engine
and body-in-white as the reference coordinate system, the
measurement accuracy error result is shown in Fig. 7.

In Fig. 7, from a macroscopic point of view, when the
measurement system takes body-in-white as the reference
system, the accuracy error of the measurement system can
reach 2.2 mm. When the measurement system takes engine
as the reference system, the accuracy error of the measure-
ment system reaches 0.8 mm. In addition, it can be seen
that when the measurement system is established with the
engine as the reference system, the accuracy error of the
measurement system is smaller and the measurement system
is more stable. From a microscopic point of view, when
the measurement system is constructed with body-in-white
as the reference system and the robot motion with a stroke
of 10-20mm, the accuracy error of the measurement system
begins to show discrete trend, and the discrete trend is most
obvious when the robot moves with a stroke of 30-40mm.
When the measurement system takes engine as the reference
system, the accuracy error of the measurement system shows
convergence trend, and there is no discretization phenomenon
of the measurement accuracy error, in addition, the mea-
surement accuracy error rises steadily with the robot motion
stroke increase.

In order to quantitatively analyze the accuracy error sta-
bility of the measurement system, the root mean square

FIGURE 6. Site diagram of measurement system.

FIGURE 7. Measurement accuracy error of multi-objective normalization
algorithm under different reference systems.

error (RMS) is introduced as the performance evaluation
standard, and its calculation formula as follows:

ERMS =

√√√√ 1
N

N∑
i=1

δ2xi (5)

Among them, δxi is the measurement accuracy error of
the measurement system in reference coordinate system, and
N is the number of robot movements.
According to Fig. 7 and Eq. (5), the measurement system

accuracy error analysis table is obtained as follows:
In table 1, from the macroscopic point of view, when the

measurement system is established with body-in-white as the
reference frame, the RMS value of the measurement system
is larger in the whole robot motion stroke. Which shows
that the measurement system error, when the measurement
system is built on body-in-white, has a large jump and the
stability is poor during the whole robot motion stroke. From
the microscopic point of view, when the measurement is built
on body-in-white, the RMS value of the measurement system
in each motion stroke is bigger than the measurement system
which is built on engine. It shows that in each motion stroke

86664 VOLUME 9, 2021



S.-L. Li et al.: Analysis of Measurement Accuracy of Multi-Objective Normalization Algorithm

TABLE 1. Accuracy error analysis table of measurement system.

of the robot, when the measurement system is built on the
engine, the consistency of system is great, and the stability is
better.

In order to further analyze the trend of Multi-objective nor-
malization algorithm measurement accuracy under different
reference system, the trend diagram ofmeasurement accuracy
error is obtained as shown in Fig. 8.

FIGURE 8. Trend change of measurement accuracy error of
Multi-objective normalization algorithm under different
reference systems.

From the Fig. 8, it can be seen that from a macroscopic
point of view, when themeasurement system is established on
body-in-white, the measurement accuracy error of the system
is higher than the system is built on engine. Secondly, when
the measurement system is established on body-in-white, the
error distribution interval of the system is larger than the
system is built on engine, which indicates that the stability
of the measurement system is built on body-in-white is poor.
From a microscopic point of view, in a certain motion stroke
of robot, when the measurement system is established on the
engine, the error distribution interval of the system is much
smaller than the measure system is built on body-in-white,
which indicates that in a single motion stroke, the measure-
ment system is established on engine has higher measurement
accuracy and stronger stability.

According to the experimental conditions and steps, com-
bined with the principle of Multi-objective normalization
algorithm, the reasons for high measurement accuracy and

great stability of the measurement system is built on engine
are analyzed as follows:

(a) The manufacturing accuracy of body-in-white is poor.
Although the finished round holes on body-in-white are
selected as the feature points of body-in-white system, it still
introduces large measurement errors and coordinate align-
ment errors.

(b) When the measurement system is built on engine,
the initial condition of the Multi-objective normalization
algorithm is to ensure that the initial position of engine is
the theoretical relative position between the engine and the
body-in-white. Due to high motion accuracy of the robot, this
relative position is fully guaranteed, and the position is the ini-
tial position when the measurement system is built on engine.
In addition, there is no body-in-white manufacturing errors
are introduced in the process, so that the measurement system
which is built on engine has high measurement accuracy and
great measurement stability.

V. CONCLUSION
In this paper, Multi-objective normalization algorithm was
proposed to solve the problem the base coordinate system
of robot and its tool center point coordinate system are not
unified, in addition, the target action position of components
which was loaded by robot cannot be directly input into
robot teaching device. At the same time, the measurement
accuracy error of Multi-objective normalization algorithm
under different reference systems was studied.

The research result has shown that, within the 0-50mm
motion stroke of robot, when the measurement system was
built on body-in-white as the reference system, the measure-
ment accuracy error reached 2.2 mm and the RMS value was
maintained at 1.0-1.8 mm. When the measurement system
was built on engine as the reference system, the measurement
accuracy error reached 0.8 mm and the RMS value was
maintained at 0.3-0.7 mm. The result has shown that when
the measurement system was built on engine as the refer-
ence system, the accuracy error of the measurement system
was small and the stability was great. When the measure-
ment system was built on body-in-white, the measurement
accuracy error was large and the stability was poor due to
the poor manufacturing accuracy of body-in-white and the
Multi-objective normalization algorithm introduces the man-
ufacturing error twice when determining the initial position.
The multi-objective normalization algorithm proposed in this
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paper has high engineering universality, and the accuracy
error analysis of the multi-objective normalization algorithm
under different reference systems has guiding significance for
the selection of reference coordinate system in engineering
field.
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