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ABSTRACT In this paper, a modified COMSOLMultiphysics model with artificial stability is adopted, and
the boundary condition developed in the previous paper are applied to the calculation of the photoionization
rate. Themain processes involved in air discharge were simulated by 39 plasma chemical reactions composed
of 12 kinds of particles. The characteristics of low-temperature sub-atmospheric pressure air discharge under
unipolar square wave pulse voltage with 13kV applied amplitude, 25 kHz-50 kHz frequency and a duty
cycle of 50%-75% are discussed. The results show that: When the duty cycle increases, the average density
of electron, N+2 , N

+

4 , O
+

2 , O
+

4 , and N2O
+

2 show an increasing trend, and the average electron temperature
changes little; When the frequency increases, the average electron density, the average density of N+4 and
O+4 show a downward trend, the average density of N+2 , O

+

2 , N2O
+

2 change little; The average electron
temperature shows an increasing trend, but the duration of high electron temperature becomes shorter.
When discussing a single period, it is found that the potential difference between the electrode and the
plasma determines the direction of the electric field in the space. For the photoionization reaction, even
if its influence on the negative streamer is not important, it still needs to be considered in the simulation.
The effect of temperature on discharge is also taken as the research emphasis, it includes the following
aspects: Firstly, at low temperature, the collision reaction and attachment reaction rates are increased, while
the recombination reaction rate is almost unaffected; Secondly, low temperature results in the decrease of
secondary electron emission coefficient, which indirectly increases the electric field gradient and the peak
value of electric field; Finally, at low temperature, the mobility of carriers, including electrons, positive and
negative ions, is increased, but the streamer velocity is decreased.

INDEX TERMS Low temperature and sub atmospheric pressure, unipolar square pulse, frequency and duty
cycle, particle density, propagation velocity.

I. INTRODUCTION
As one of themain forms of gas discharge, streamer discharge
has always been a fundamental issue that has attracted much
attention in electrical engineering. With the development of
science and technology, the links between disciplines have
become closer, making gas discharge involve more and more
fields. As the author mentioned in the previous paper [1],
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with the further development of China’s aviation industry,
under the premise of satisfying safe operation, studying the
air discharge characteristics of aircraft in a low temperature
sub-atmospheric environment has become a common issue
between aviation and high voltage engineering. It is of certain
significance to promote the development of China’s aviation
technology.

No matter in time or space, streamer discharge is a tran-
sient process with drastic changes. The time scale is usu-
ally on the order of nanoseconds. Although the current
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experimental technology has met the research of somemicro-
scopic parameters of gas discharge to a certain extent [2]–[5],
the net charge density, electric field distribution, streamer
radius and other parameters cannot be fully recorded. There-
fore, physical modeling and numerical simulation have
become efficient tools for studying these important param-
eters. The scholars at home and abroad have been committed
to establishing a physical model that can completely describe
gas discharge, and by comparing the similarities and differ-
ences between numerical simulation results and experimental
results, gradually improving the basic theory of streamer for-
mation and development, thereby promoting the development
of gas discharge research.

With the rapid development of computer technology, it has
gradually become possible to use high-performance com-
puters and optimized numerical algorithms to realize the
numerical simulation of the physical process of gas discharge.
In the middle of the last century, some scholars performed
precise dynamic descriptions of the space charge region in the
gas discharge process, and proposed a Monte Carlo particle
model [6]–[9]. The model uses the Monte Carlo method
to describe the random walk process of particle generation,
initial state, space, energy, and direction using random sam-
pling or statistical methods, and records the analysis results
to obtain the streamer discharge development characteris-
tics. Although streamers can be simulated more realistically,
because electrons and ions are analyzed separately, it is
impossible to track the full contribution of particles to the dis-
charge. If we want to consider the motion of various particles
in the gas medium, this method is difficult to realize because
of its large calculation amount, especially when the density
of the gas discharge plasma is high in the atmospheric pres-
sure range. Compared with the Monte Carlo particle model,
the fluid model first proposed by Davies has been widely
used due to its high computational efficiency [10]–[12].
Passchier and Goedheer [13] used a one-dimensional fluid
method to simulate the air discharge process between parallel
plates by using the particle migration-diffusion approxima-
tion, but the model assumes that the electron energy distribu-
tion function is in thermal equilibrium. Lymberopoulos and
Economou [14], [15] used a fluid model to study the develop-
ment process of argon discharge between parallel plates, and
the results show that although the number of metastable argon
atoms in the discharge process is small, they have a greater
impact on the discharge process. Bera et al. [16], [17, [19],
Bera [18] studied the discharge process of radio frequency
inductively coupled plasma at low pressure using a fluid
method. In the radio frequency dischargemodel, it is assumed
that the electron energy is distributed in a Maxwellian mode
and the chemical reaction process between particles in the
air is not considered. The transport equation, electron energy
equation and Poisson equation of electrons and positive ions
are adopted in the simulation. The calculated results are con-
sistent with the experimental results. Gordiets et al. [20] used
N2-O2 mixture equivalent air to reduce the type of chemical
reaction, and studied the role of excited neutral molecules and

atoms in the process of gas discharge. Nahorny et al. [21]
considered 430 chemical reactions in the research of air
discharge, which is currently the research that considers
the most types of chemical reactions, and has laid a good
foundation for subsequent scientific researchers. Pacheshnyi
and Starikovskii [22] selected 10 main particles based on
Nahorny, and proposed a two-dimensional physical model of
streamer discharge for N2:O2 (9:1) mixed gas at a pressure
of 760 Torr. The model is used to analyze the electric field
distribution, charged particle concentration, reaction coeffi-
cient and other discharge parameters in detail, and it has good
consistency with the experimental data. However, in order to
simplify the calculation, the above literatures often ignore the
average energy transfer equation of electrons, but the average
energy of electrons directly determines the reaction rate and
energy transfer rate of electrons when they collide and scatter
with other particles. Therefore, adding consideration to the
average energy of electrons in the mathematical model is
helpful to understand the collision and scattering of electrons
with other particles during gas discharge, and is of great
significance to reveal the microphysical mechanism of gas
discharge. Lu et al examined the available results, generalized
the physical mechanisms of the guided ionization waves,
and described an atmospheric-pressure discharge featuring a
plasma bullet behavior as an HSED (high seed electron den-
sity) discharge [23]. Throughout the current research results,
the external conditions are mainly normal temperature and
pressure. Numerical models for studying the characteristics
of air discharge at low temperature and sub-atmospheric
pressure are still lacking. Therefore, the establishment of this
model is of great significance for studying the electron tem-
perature, electron density, streamer radius and other micro-
scopic parameters during air discharge at low temperature and
sub-atmospheric pressure.

The selection of chemical reaction rate and transport coef-
ficient is an important issue in air discharge theory, which
is often obtained by determining the electron energy dis-
tribution. Since air discharge is a plasma discharge at low
temperature and non-equilibrium state, its electron energy
distribution is different from the Maxwellian distribution and
the Druyvesteyn distribution. Therefore, it is necessary to
calculate the accurate electron energy distribution function
according to the Boltzmann equation to obtain the plasma
chemical reaction rate and transport coefficient. BOLSIG+
is an open access electron energy distribution function cal-
culation software [24], which has been widely recognized
internationally. In this paper, the electron energy distribu-
tion function, as well as the electron mobility, diffusion
coefficient and ionization reaction coefficients, are calcu-
lated by BOLSIG+. In order to study the characteristics
of low-temperature and sub-atmospheric air discharge more
accurately, this paper adopts the COMSOL Multiphysics
modified model with artificial stabilization items. Due to
limited space, the revisedmodel will be introduced in detail in
following paper, and its reliability and accuracy will be fully
described.
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II. MODEL FORMULATION
A. GOVERNING EQUATION
The electron continuity equation and the average electron
energy density equation are [25], [26]:

∂ne
∂t
+∇ · 0e = Se (1)

0e = −neµeE−∇(Dene) (2)

∂

∂t
(neε)+∇ · 0ε = −e0e · ∇ϕ + e

Ig∑
i=1

1εe
i
Si (3)

0ε = neεµε∇ϕ − Dε∇neε (4)

where ne is the electron density (cm−3);0e is the electron flux
(cm−2s−1); Se is the electron yield (cm−3s−1), which mainly
involves ionization, excitation, attachment, recombination
and photoionization; De is the electron diffusion coefficient
(cm2s−1); µe is the electron mobility (cm2V−1s−1); ϕ is the
electric potential (V); E is the electric field (V/cm); ε̄ is the
average electron energy (V); εei is the energy loss of a single
electron in a collision during the collision reaction (V); 0ε
is the electron energy flux (Vcm−2s−1); e is the elementary
charge, e = 1.602176565 × 10−19(C); Si is the rate of
collision reaction i (cm3s−1); Dε is the diffusion coefficient
of electron energy (cm2s−1); µε is the mobility of electron
energy (cm2V−1s−1).
The governing equations for ions and neutral particles

are [27]:

∂n+
k

∂t
= Sion + Sph − Seirec − S

ii
rec (5)

∂n−
k

∂t
= Satt − S iirec (6)

∂nn
∂t
= Seirec + S

ii
rec − Sion − Sph − Satt (7)

where n+k , n−k , nn is positive ion density, negative
ion density and neutral particle density (cm−3) respec-
tively; Sion, Sph, Satt , Seirec, S

ii
rec is the ionizing reaction

rate, photoionization reaction rate, attachment reac-
tion rate, ion-electron recombination reaction rate, ion-
ion recombination reaction rate respectively, the unit
is cm−3s−1.

In this paper, the widely used Helmholtz equation is
used to calculate the photoionization rate. The accuracy of
this equation has been widely verified [28], the equation
is:

∇
2S jph(
−→r )− (λjpO2)2S

j
ph(
−→r ) = −Ajp2O2I (

−→r ) (8)

where pO2 is the partial pressure of oxygen, and the value
is 150 Torr under standard pressure. Parameters such as λj
and Aj are consistent with the data in [1]. Equation (9) is the
second-order scattering boundary condition developed in [1].
It has been verified that the boundary condition can make
the calculation more accurate and efficient. Please refer to
the reference [1] for detailed explanation, which will not be

repeated here.

n·(∇S jph(
−→r , t))+(λjpO2)S

j
ph(
−→r , t)−

λj

2pO2
∇

2
t S

j
ph(
−→r , t)=0

(9)

The Poisson equation is [27]:

∇
2ϕ = −

e
ε
(
∑

n+k −
∑

n−k − ne) (10)

where ε is the dielectric constant of air.

B. BOUNDARY CONDITIONS AND MESH STATISTICS
The model studied in this paper is a two-dimensional axisym-
metric configuration based on the COMSOL Multiphysics
5.5 R©package. All the calculations included in the model
are run on a workstation with dual 2.9 GHz Intel(R) Xeon
processors in 64-bit, 256GB RAM, and Windows 7 operat-
ing system. The temperature involved in the study is 223K,
and the gas pressure is 170 Torr, which is in line with the
external environmental conditions of the aircraft (such as
an airplane) in the sky. The applied voltage is a unipolar
square wave pulse with a peak value of 13kV, a duty cycle of
50%-75%, and a frequency of 25kHz-50kHz. The geometric
figures involved in the model are shown in Figure.1. In order
to trigger streamer discharge faster, the initial condition set in
the calculation area is:∑

j

n−j (r, z)|t=0 + ne(r, z)|t=0

=

∑
j

n+i (r, z)|t=0

= n0 exp[−(
r
σr

)2 − (
z− z0
σz

)2] (11)

where n0 = 1014cm−3, σr = 0.1mm, σz = 0.05mm; ne(r,z),
n+i (r,z), n

−

j (r,z) respectively represents electron density, pos-
itive ion density, and negative ion density; z0 = 0.975cm;
the subscript i in n+i (r,z) represents N

+

2 , O
+

2 , N
+

4 , O
+

4 , N2O
+

2
and the subscript j of n−j (r,z) represents O

−

2 , O
−. At t = 0ns,

the electron density was significantly higher than the negative
ion density, namely: ne � 6n−j [29].
It can be seen fromFigure 1 that B1 is the axis of symmetry,

B2 is the anode, B5 is the ground electrode, and B3-B4 are
the open boundary. The zero-charge boundary condition [30]
is used, namely:

n · (ε∇ϕ) = 0 (12)

The electron density flux on the electrode is expressed
as [31]:

0e =
1− γe
1+ γe

[−(2ae − 1)µeE · nne +
1
2
ve,thne] (13)

where n is the boundary normal vector; γe is the proportion of
electrons reflected by the electrode surface; ae is 1 when the
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FIGURE 1. Simulation geometry of the streamer discharge model.

electron flux points to the electrode, otherwise it is 0; Ve,th is
the electron thermal velocity [29]:

ve,th =

√
(
8kBTe
πme

) (14)

where Te is the electron temperature;me is the electron mass;
kB is the Boltzmann constant.

The electron energy density flux on the electrode is
expressed as [32]:

0ε · n =
1
3
ve,thεne (15)

The ion flux on the electrode is expressed as [30]:

0i · n =
γi

4

√
(
8kBT
πmi

)ni (16)

where 0i is the ion density flux; ni is the ion density;mi is the
ion mass; T is the external temperature; γi is the secondary
electron emission coefficient when the ion bombards the elec-
trode. The normal flux of all particles in the open boundary
B3-B4 is zero.

Figure.2 shows the accuracy of the meshing of this model
through some meshes. In numerical calculations, accurate
meshing is the guarantee of model convergence.

The mesh parameters are shown in Table 1. The quality of
mesh cells is an important consideration when building the
model. It can be seen from Table 1 that the minimum cell
mass in the needle-plate electrode structure is 0.7821, and
the average cell mass is 0.9733. In order to better converge
the model, adaptive mesh is added to the basic mesh in this
paper. Adaptive mesh is undoubtedly a very economical and
effective method to obtain more accurate results for transient
processes with rapid spatial changes such as streamer dis-
charge. However, the benefit of this method largely depends
on the basic mesh. Since the problem must be solved on the
basic mesh for a period, the basic mesh does not need to be
too refined under the premise of ensuring the quality of the
mesh.

FIGURE 2. Mesh generation.

TABLE 1. Mesh statistics.

C. PLASMA CHEMICAL REACTION PROCESS
In order to better interpret the microscopic physical process,
this paper considers the plasma chemical reaction. There
are 12 main particles participating in the plasma chemical
reaction, which are electron, N2, O2, O, O3, N

+

2 , O
+

2 N+4 ,
O+4 , N2O

+

2 , O
−

2 , O
−. Through the analysis of research results

at home and abroad, this paper finally selects 39 chemical
reactions to describe the air streamer discharge process. The
reaction types are divided into the following seven categories:

1) Ionization reaction:
R1:N2+e→N+2 +2e f1(E/N)
R2:O2+e→O+2 +2e f2(E/N)
2) Elastic collision reaction:
R3:N2+e→N2+e f3(E/N)
R4:O2+e→O2+e f4(E/N)
3) Excitation reaction:
R5: N2+e→N2(A)+e f5(E/N)
R6: N2+e→N2(B)+e f6(E/N)
R7: N2+e→N2(C)+e f7(E/N)
R8: O2+e→O2(a)+e f8(E/N)
R9: O2+e→O2(b)+e f9(E/N)
4) Attachment reaction:
R10: 2O2+e→O2+ O−2 f10(E/N)
R11: O2+e→O+O− f11(E/N)
5) Charge transfer reaction:
R12: O+2 +O2+ O2 →O+4 +O2 k12 = 2.4 × 10−42 mol/

(s· m6)
R13: O+2 +O2+ N2 →O+4 +N2 k13 = 2.4 × 10−42 mol/

(s· m6)
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R14: N2O
+

2 +O2 →O+4 +N2 k14 = 1.0 × 10−15 mol/
(s· m3)
R15: N2O

+

2 +N2 →O+2 +2N2 k15 = 4.3 × 10−10 mol/
(s· m3)
R16: 2N2+O2+ →N2O

+

2 +N2 k16 = 9.0 × 10−43 mol/
(s· m6)
R17: N+4 +O2 →O+2 +2N2 k17 = 2.5 × 10−16 mol/

(s· m3)
R18: N+2 +O2→O+2 +N2 k18 = 6.0×10−17 mol/(s·m3)
R19: N+2 +O2+N2 →O2+N4+ k19 = 5.0 × 10−41

mol/(s· m6)
R20: N+2 +N2+N2 →N2+N4+ k20 = 5.0 × 10−41

mol/(s· m6)
6) Recombination reaction and neutral particle reaction:
R21: O+4 +e→2O2 k21 = 1.4 × 10−42(300/Te)0.5 mol/

(s· m3)
R22: O+2 +e→2O k22 = 2.0×10−13(300/Te) mol/(s·m3)
R23: O+4 +O

−

2 →3O2 k23 = 1.0× 10−13 mol/(s· m3)
R24: O+4 +O

−

2 +O2 →3O2+O2 k24 = 2.0 × 10−17

mol/(s· m6)
R25: O+4 +O

−

2 +N2 →3O2+N2 k25 = 2.0 × 10−17

mol/(s· m6)
R26: O+2 +O

−

2 +O2 →2O2+O2 k26 = 2.0 × 10−17

mol/(s· m6)
R27: O+2 +O

−

2 +N2 →2O2+N2 k27 = 2.0 × 10−17

mol/(s· m6)
R28: O+O2+O2 →O2+O3 k28 = 5.651 × 10−27 mol/

(s· m6)
R29: O+O2+N2 →N2+O3 k29 = 5.651 × 10−27

mol/(s· m6)
R30: e+N2+N

+

2 →2N2 k30 = 6.07×10−34 mol/(s·m6)
R31: 2e+N+2 →e+N2 k31 = 2.5 × 10−46T0.8

e mol/
(s· m6)
7) Surface reaction:
Ions and unstable neutral particles are quenched on the

surface of the electrode and transformed into stable neu-
tral particles. These neutral particles return to the gap, for
example: N+2 →N2, O

+

2 →O2, N
+

4 →2N2, O
+

4 →2O2,
N2O

+

2 →O2+N2,O→0.5O2, O
−

2 →O2, O−→0.5O2.
In the above reaction, the rate of the chemical reaction

involving electrons in R1-R11 is a function of the reduced
electric field E/N, where N is the density of neutral particles.
Based on the reaction cross-section provided by [33], this
paper uses BOLSIG+ to obtain the corresponding reaction
rate. O2(a), O2(b), N2(A), N2(B), N2(C) are the simpli-
fied symbols of excited state particles O2(a11g), O2(b16+g ),
N2(A36+u ), N2(B35g), N2(C35u), respectively. k12-k31 are
the chemical reaction rates [34], including two-body reaction
and three-body reaction, and the units are mol/(s· m3) and
mol/(s· m6).

III. RESULTS AND DISCUSSION
A. DISCHARGE CHARACTERISTICS UNDER UNIPOLAR
SQUARE PULSE VOLTAGE
In this section, the characteristics of low temperature sub
atmospheric pressure air discharge under unipolar square

FIGURE 3. Temporal evolutions of averaged electron density in a unipolar
square pulse plasma at the pulse frequency of 25 kHz and 50% duty
cycles, the blue line represents the applied voltage(kV) and the green line
represents the average electron density(1/m3).

wave pulse voltage are studied. The voltage amplitude is
13kv, the frequency is 25kHz-50kHz, and the duty cycle
is 50%-75%. By changing the duty cycle and frequency,
the effects on the average electron density, average electron
temperature and average ion density in the whole calculation
domain were studied.

The first is the relationship between electron density and
electric potential. When the voltage is very low, the elec-
tron density in the plasma region is at a low level. When
the voltage increases gradually, the electron density also
increases gradually. As shown in Figure 3, with the time
evolution of squarewave voltage, the average electron density
changes in the form of triangle wave. When the frequency
remains unchanged and the duty cycle increases from 50%
to 75%, the electron density increases. The reason for the
increase in the electron density is that the increase in the duty
cycle leads to an increase in the duration of the high level,
which promotes the ionization reactions R1 and R2, thereby
increasing the electron density. In addition to the duty cycle,
the frequency of the pulse voltage also affects the change of
electron density.When the duty cycle remains unchanged and
the frequency increases from 25kHz to 50kHz, the electron
density decreases. The main reason is that when the number
of periods is the same, the duration of high-level decreases
with the increase of frequency, which weakens the ionization
reactions R1 and R2, and then decreases the electron den-
sity. In addition, when the number of periods is the same,
the increase in frequency will also shorten the duration of
the low level, which facilitates the accumulation of charge,
thus increasing the pre-ionization level. With the increase
of pre-ionization level, the breakdown field decreases grad-
ually, and the discharge phenomenon is more likely to occur.
Similarly, with the increase of pre-ionization level, the space
charge density increases and the space charge distribution
becomes more uniform, which reduces the probability of
bifurcation phenomenon.

The second is the relationship between electron temper-
ature and duty cycle and frequency. As shown in Figure 4,

51900 VOLUME 9, 2021



Z. Zhao et al.: Two-Dimensional Air Discharge Modified Model Under Unipolar Square Pulse Voltage

FIGURE 4. Temporal evolutions of averaged electron temperature in a
unipolar square pulse plasma at the pulse frequency of 25 kHz and 50%
duty cycles.

the electron temperature is different from the electron density.
When the frequency remains unchanged and the duty cycle
increases from 50% to 75%, the peak average electron tem-
perature remains almost unchanged at 70eV. When the duty
cycle remains unchanged and the frequency increases from
25kHz to 50kHz, the average electron temperature shows an
increasing trend, but the duration of the high electron tem-
perature becomes shorter. The main reason is that as the fre-
quency increases, the duration of the high-level decreases and
the electron density decreases, resulting in a thicker plasma
sheath and an increase in the average electron temperature.
However, due to the short duration of high level, the duration
of high electron temperature is also shortened.

Finally, the relationship between positive ion density and
duty cycle and frequency. As shown in Figure 5, the positive
ion density is basically the same as the electron density.
When the frequency remains unchanged and the duty cycle
increases from 50% to 75%, the density changes of the main
positive ions such as N+2 , N

+

4 , O
+

2 , O
+

4 , N2O
+

2 show an
increasing trend. The variation trend of O+2 , O

+

4 and N+2 , N
+

4
are basically the same, which will not be repeated in this
paper. The main reason for the increased density of N+2 and
O+2 is the enhancement of ionization reaction R1 and R2.
When the voltage is 0V, the O+2 density in R11 is low, which
leads to the weakening of R11 reaction, and then the density
of N2O

+

2 density is low. As the voltage gradually increases,
the ionization reaction R2 gradually strengthens, leading to
the strengthening of the R11 and the increase of the density
of N2O

+

2 . However, since the chemical reactions related to
N2O

+

2 are only R10 and R11, the density of N2O
+

2 is five
orders of magnitude lower than that of other positive ions.
When duty ratio remains unchanged and frequency increases
from 25kHz to 50kHz, the density relationship between
N+2 and N+4 is different. According to the reaction rate of
R12-R15, the inconsistency between the production rate and
the consumption rate leads to N+2 density being an order of
magnitude higher than N+4 . As mentioned above, the increase
of frequency is conducive to the accumulation of charge.
Besides the positive ions mentioned above, there is O−2 , and

FIGURE 5. Temporal evolutions of averaged densities of ions and neutrals
in a unipolar square pulse plasma at the pulse frequency of 25 kHz and
50% duty cycles.

FIGURE 6. Decomposition of a unipolar square pulse voltage in one
period.

the increase of charge number indirectly affects the plasma
chemical reaction rate. With the time evolution of voltage,
N2O

+

2 has a square wave pattern, but the high-level duration
becomes shorter due to the increase in frequency, and the
duration of high density N2O

+

2 is also shortened.
In order to further analyze the discharge characteris-

tics under unipolar square pulse voltage with a frequency
of 25kHz and a duty cycle of 50%, this paper selects a period
for discussion and divides it into five time points: a, b, c,
d, and e. As shown in Figure 6, the five time points are
divided into four stages, which are rising stage, high-level
stage, falling stage, and low-level stage.

Firstly, in the voltage rising stage, the sharp rise of the
voltage on the electrode leads to the instantaneous increase of
the electric field strength, which is prone to discharge. If the
y-axis is positive, the electric field in the space is negative,
as shown in the lower part of Figure 7. After the transition to
the high-level stage, the electric potential remains basically
unchanged, and the electric field distribution in the space
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FIGURE 7. Space electric field distribution: the upper part shows that the
plasma potential is greater than the electrode potential; the lower part
shows that the plasma potential is less than the electrode potential.

FIGURE 8. Spatial structure distribution of the streamer.

is like that in the DC stage. It is worth mentioning that the
plasma in space has a certain potential. When the voltage
on the electrode falls sharply, the electric field changes dra-
matically, which is also a stage prone to discharge. With
the decrease of the electrode voltage, when the electrode
potential is less than the plasma potential, the electric field in
the space changes from negative to positive, as shown in the
upper part of Figure 7. In the last low-level stage, the charged
particles gradually disappear through diffusion motion and
recombination reaction, and the insulation performance of air
gradually recovers.

For the high frequency discharge in this paper, when the
time goes tomillisecond level, the air has been in a conducting
state. In Figure 8, the spatial structure of streamer in space
is shown by five plasma parameters: electric field, potential,
electron density, N+2 density and O−2 density.

B. THE INFLUENCE OF PHOTOIONIZATION ON STREAMER
DISCHARGE CHARACTERISTICS
In the second section, the calculation of photoionization is
briefly introduced. In this section, the role of photoionization

FIGURE 9. The photoionization rate distribution.

FIGURE 10. Relationship between velocity v and enhanced field Emax for
negative streamers. The symbols represent the velocity of a planar front
with photo-ionization, the continuous line represents the velocity of a
planar front without photo-ionization.

is discussed. As mentioned in [1], although the reaction rate
of photoionization is very small compared with the ioniza-
tion rate, photoionization provides seed electrons for dis-
charge and promotes the development of discharge. As shown
in Figure 9, in the simulation of double-headed streamer
discharge in [1], it is found that photoionization is mainly
concentrated in the region of streamer head, while the pho-
toionization rate of positive streamer head is slightly higher
than that of negative streamer head. According to [1], it can
see that the development of positive streamer depends on pho-
toionization. When photoionization cannot produce enough
secondary electrons, positive streamer cannot develop. For
the negative streamer, as shown in Figure 10, the planar
front velocity of the negative streamer has little to do with
whether photoionization is considered, that is, photoioniza-
tion reaction is not important for the negative streamer, which
is consistent with the conclusion of reference [35]. But even
so, the photoionization reaction cannot be ignored in the
calculation of air streamer discharge.
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FIGURE 11. Temporal evolutions of charged species density, including: e,
O2 (a), O+2 , O+4 , N2O+2 , O−2 .

The random occurrence of photoionization leads to the ran-
dom distribution of photoelectrons, and then the secondary
electron avalanche is also random, so the bifurcation phe-
nomenon is easy to occur. In unipolar square pulse discharge,
metastable particles tend to remain in space because of their
long life. Asmentioned above, with the increase of frequency,
the number of charges in space increases, the background
charge becomes more uniform, and the probability of bifur-
cation phenomenon decreases. When the pre-ionization level
of background charge reaches 107cm−3, the photoionization
effect is no longer obvious.

C. EFFECT OF TEMPERATURE ON AIR DISCHARGE AT LOW
TEMPERATURE SUB ATMOSPHERIC PRESSURE
Gas pressure and temperature are the two main factors that
affect the discharge of air at low temperature and sub-
atmospheric pressure. In the previous paper [1], the corre-
sponding conclusions about the influence of gas pressure
on discharge have been given. This paper will discuss the
influence of temperature and gradually improve the basic the-
ory of air discharge at low temperature and sub-atmospheric
pressure.

First, analyze the effect of temperature on the rate
of 39 plasma chemical reactions. In order to better explain the
influence of temperature on plasma reaction rate, this paper
only takes 1cm needle-plate discharge under DC voltage as an
example. The interaction between various plasma chemical
reactions and the sequence of their occurrence are reflected
only by the change of the density of charged species contain-
ing O element with time.

It can be seen from Figure 11 that the earliest occurrence is
the electron collision reaction, which includes the ionization
reaction of R1 and R2, the elastic collision reaction of R3 and
R4, and the excitation reaction of R5-R9. In this paper, f is
used to represent the number of collisions experienced by
the particle per unit time, that is, the collision frequency.
The collision frequency is proportional to the collision reac-
tion rate. The more the number of collisions, the greater
the collision frequency and the greater the collision reaction

rate.

fi = v̄ · N · σi[s−1] (17)

fex = v̄ · N · σex[s−1] (18)

fel = v̄ · N · σel[s−1] (19)

where fi, fex, fel are ionization frequency, excitation fre-
quency, and elastic collision frequency, respectively. The
probability of interaction between groups in the gas phase
depends on the cross-section of the interaction, and each
interaction needs to be characterized by a specific cross-
section, such as σi, σex, σel denote ionization cross-section,
excitation cross-section, and elastic collision cross-section
respectively. N is the density of neutral particles. ῡ is the aver-
age value of the random movement speed of the molecule.

According to the ideal gas equation, formula (20) is derived
as:

p = N · kB · T (20)

The neutral particle density N is proportional to the gas
pressure p and inversely proportional to the temperature T.
Under the premise of constant gas pressure, when the tem-
perature decreases, the density of neutral particles increases.
The collision cross section itself is a quantity independent
of the neutral particle density. Therefore, as the temperature
decreases, the ionization frequency, excitation frequency, and
elastic collision frequency all increase, and then the ioniza-
tion rate, excitation rate, and elastic collision rate increase.

What happens next is the charge transfer reaction between
particles. The reaction rates k12-k20 are constants, and tem-
perature has almost no effect on this type of reaction rate.
When the time exceeds 10−8s, the electric field inside the
plasma channel is very low due to the shielding effect of the
space charge [1], and the particle movement speed is slow.
Currently, the recombination reaction between electrons and
positive ions including R21, R22, R30, and R31 is likely
to occur. Although the recombination reaction rate between
electrons and positive ions has little relationship with temper-
ature, the decrease in temperature reduces the conductivity
in the plasma channel. Analysis shows that ‘‘cluster ions’’
such as N+4 and O+4 play a major role. In the recombination
reaction, the recombination rate of ‘‘cluster ions’’ is much
higher than that of normal N+2 and O+2 . When the tempera-
ture decreases, the ‘‘cluster ions’’ are difficult to decompose,
which leads to the increase of electron loss and the decrease
of conductivity. When the time reaches 10−7s, due to the
presence of electronegative gas oxygen in the air, the elec-
tron attachment reactions R10 and R11 occur successively.
In this paper, R10 is named ‘‘three-body attachment reaction’’
and R11 is named ‘‘two-body attachment reaction’’. Like
the collision frequency, the attachment frequency increases
with the decrease of temperature. Both three-body attach-
ment and two-body attachment reaction rates increase with
the increase of the attachment frequency. The difference is
that the three-body attachment reaction often occurs in the
main streamer, while the two-body attachment reaction often
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FIGURE 12. Relationship of Townsend second ionization coefficient
changing with temperature.

occurs in the subsequent secondary streamer. According to
the reaction mechanism, the three-body attachment reaction
rate is proportional to the square of the neutral particle density
N2, and the two-body attachment reaction rate is propor-
tional to the neutral particle density N. When the tempera-
ture decreases, the neutral particle density N increases, and
the three-body attachment reaction rate and the two-body
attachment reaction rate both increases, but the increase in
the three-body attachment reaction rate is significantly higher
than the two-body attachment reaction rate. With the increase
of attachment reaction rate, the density of negative ion O−2
gradually increases, and the recombination reaction between
positive ion and negative ion including R23-R27 takes place
successively. However, temperature has little influence on
this kind of recombination reaction rate.

Secondly, in addition to the photoionization reaction dur-
ing the air discharge, the secondary electron emission caused
by the positive ion bombarding the cathode metal also pro-
vides some seed electrons for the discharge. Different metal
materials have different secondary electron emission coeffi-
cients γ , and the same metal material has different secondary
electron emission coefficients at different temperatures.

As shown in Figure 12, the secondary electron emission
coefficient increases exponentially with the increase of tem-
perature [36]. At low temperature, the secondary electron
emission coefficient is small, and the number of electrons
emitted by positive ions bombarding cathodemetal decreases,
which is consistent with the conclusion that the conductivity
in the plasma channel is low at low temperature.

The change of the secondary electron emission coefficient
also affects the distribution of current and axial electric field
in the plasma channel. Taking the needle-plate streamer dis-
charge under 10kV DC voltage as an example, when the
secondary electron emission coefficient is smaller, it means
that the positive ion bombards the cathode to emit fewer
electrons, so it needs a longer propagation time to generate
enough electrons. As shown in Figure 13, a longer propa-
gation time will increase the electric field gradient and peak
electric field. In Figure 14, the larger the secondary electron
emission coefficient, the shorter the propagation time, so the

FIGURE 13. Field distribution along the axis of symmetry for different
Townsend second ionization coefficients.

FIGURE 14. Current waveforms with different Townsend second
ionization coefficients.

electrons required for streamer propagation will accumulate
faster. Temperature indirectly affects the distribution of cur-
rent and axial electric field in the plasma channel by changing
the secondary electron emission coefficient.

Finally, according to the conclusions obtained above, the
conductivity in the plasma channel decreases at low tempera-
tures, and the conduction current also decreases accordingly.
The formation of conduction current is due to the directional
movement of carriers, which mainly include electrons, posi-
tive ions, and negative ions. Temperature also affects electron
mobility and ion mobility. This paper uses COMSOL Multi-
physics to construct a transient model based on the migration
tube method to measure ion mobility, calculates the change
curve of positive and negative ions in the temperature range of
−50◦−50◦ (223K-323K), and fits the corresponding formula.
As shown in Figure 15, with the increase of temperature,

the mobility of positive and negative ions declines, while that
of positive ions decline slowly, while that of negative ions
decline relatively quickly. When the temperature is between
223K and 318K, the mobility of negative ions is higher
than that of positive ions, and after 318K, the mobility of
negative ions is gradually lower than that of positive ions.
The reason may be that with the change of temperature,
the type and proportion of the product ions in different
types of plasma reactions change. According to the curve
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FIGURE 15. Relationship of ion mobility changing with temperature.

in Figure 15, the equation (21) of the positive ion mobility
with temperature change and the equation (22) of the negative
ion mobility with temperature change were fitted.

µ+(T ) = −0.3612e
T

65.1052 + 1.6833 (21)

µ−(T ) = −0.02311e
T

13.9672 + 1.6241 (22)

where µ+ and µ− represent positive and negative ion mobil-
ity (cm2V−1s−1) respectively, and T is the temperature (◦C).
It can also be seen from the fitting formula that the ion
mobility is negatively correlated with temperature. In order to
facilitate analysis, this paper divides ions into light ions and
heavy ions. Compared with heavy ions, light ions are small
in weight and size, so the mobility of light ions is obviously
greater than that of heavy particles. The result of simulation
calculation is the weighted average of light and heavy ions.

µ = (1− α)µL + αµH (23)

where µL and µH represent the mobility of light ions
and heavy ions, and α is the proportion of heavy ions
in the air. According to the reference [37], when in an
ideal state, the heavy ion mobility of positive and nega-
tive polarities in the air is 1.55 × 10−2 cm2V−1s−1 and
2.0 × 10−2 cm2V−1s−1; The mobilities of light ions are
1.55 cm2V−1s−1 and 2.0 cm2V−1s−1 respectively. If the
effect of temperature on the ion mobility of a single com-
ponent is ignored, the value of ion mobility in Figure 15 is
substituted into equation (23) to show that: when the temper-
ature increases from 223K to 323K, the proportion of positive
heavy ions in the air increased from 2.2% to 42%; while
the proportion of negative heavy ions in the air increased
from 19% to 60%. There are eight kinds of positive and
negative ions considered in this paper. Among them, N+2 ,
O+2 , N2O

+

2 , O
−

2 , O
− belong to light ions, while N+4 and O+4

mentioned above belong to heavy ions. According to the
measurement principle of the migration tube method, when
the temperature increases, the light ions migrate under the
action of the electric field and diffuse around. Because the
light ions are very small in mass and volume, the diffusion
caused by thermal motion is obvious, so the number of light
ions that reach the measuring point is less. Due to the large

mass and volume of heavy ions, the diffusion caused by
thermal motion is relatively weak. The number of heavy ions
near the measurement point does not decrease significantly,
so the proportion α of heavy ions near the measurement
point increases, resulting in ion mobility µ decreases. The
main reason why the negative ion mobility is greater than the
positive ion mobility is that the proportion of nitrogen in the
air is 78%, and the proportion of N+2 and N+4 generated by
nitrogen participating in the ionization reaction is also large,
resulting in the volume and mass of positive ions larger than
that of negative ions, and then the mobility becomes smaller.
The influence of temperature on the electron mobility

mainly reflects the change of the reduced electric field E/N
caused by the change of temperature, where the unit of the
reduced electric field strength E/N is Td (1Td= 10−17Vcm2).
According to the formula obtained in the reference [36], when
39.9 Td≤E/N≤206.1 Td, the calculation formula of electron
mobility is:

µe =
6.4421× 1019E2

N 3 −
3.0314× 1022E

N 2

+
5.1925× 1024

N
(24)

When 206.1 Td≤ E/N≤ 1000 Td, the calculation formula
of electron mobility is:

µe = 9.4833× 1024
E−0.3321

N 0.6679 (25)

According to the curve fitted in Figure 16, with the increase
of reduced electric field E/N, the electron mobility decreases.
According to equation (20), it can also be found that the
increase of temperature causes the neutral particle density to
decrease, and the reduced field E/N increases. Temperature
and reduced field strength are positively correlated. When in
low temperature conditions, the reduced field strength E/N is
small, and the electron mobility is large currently. According
to the above analysis, when the temperature is low, both the
electron mobility and the ion mobility are at a high value,
but the conductivity in the channel is low. The main reason
for this phenomenon is that although the carrier migration
speed is faster at low temperature, the rate of electron attach-
ment and positive and negative ion recombination reaction
also increases, resulting in the decrease of carrier number,
conduction current and conductivity.

In addition to affecting the mobility of carriers,
the streamer propagation velocity is also affected by tem-
perature. This paper compares the electron density distribu-
tion and the electric field distribution under the temperature
of 223K and 293K to illustrate the influence of temperature
on the streamer propagation velocity. Figure 17 shows the
electron density distribution at the same time under different
temperatures. Figure 18 shows the electric field distribution
at the same time under different temperatures. When the tem-
perature is 223K, the streamer propagation speed becomes
slower, and the propagation distance is shorter than 293K in
the same time. The main reason is that when the temperature
is low, the reduced electric field E/N is smaller, and the
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FIGURE 16. Relationship of electron mobility changing with reduced
electric field.

FIGURE 17. Electron density distribution at different time, (a): T = 223K,
(b): T = 293K.

streamer head field also decreases, which leads to the slow
ionization reaction of streamer head and the difficulty of
streamer propagation.

In order to further analyze the difference of temperature
and gas pressure in affecting the velocity of streamer, this
paper discusses them separately. One group keeps the gas
pressure constant and changes the temperature; the other

FIGURE 18. Electric field distribution at different time, (a): T = 223K,
(b): T = 293K.

FIGURE 19. Streamer head position as a function of time for the
temperature.

group keeps the temperature constant and changes the gas
pressure, and observe their respective changes. As shown in
Figure 19, when the same time is selected, the higher the
temperature, the greater the deviation of the streamer head
position, that is, the faster the streamer spreads, which is
consistent with the conclusion that the streamer propagates
slowly at low temperatures. Compared with p = 170Torr,
T = 323K in Figure 19 and p = 144Torr, T = 273K in
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FIGURE 20. Streamer head position as a function of time for the gas
pressure.

Figure 20, it is found that when the reduced field E/N is
the same, the higher the temperature, the faster the streamer
propagation speed. The main reason is the effect of tem-
perature on the conductivity in the plasma channel. When
the temperature is higher, the conductivity in the streamer
channel is higher, the voltage drop in the plasma channel is
smaller, and the electric field at the streamer head is larger,
which promotes the ionization reaction and accelerates the
streamer propagation.

IV. CONCLUSON
This paper is based on the modified COMSOL Multiphysics
model with artificial stability, and applies the boundary con-
dition developed in the previous [1] to the calculation of
photoionization reaction rate. The main processes involved
in air discharge were simulated by 39 plasma chemical reac-
tions composed of 12 kinds of particles, and an improved
model of air discharge under needle-plate electrode struc-
ture was constructed. The characteristics of low-temperature
sub-atmospheric pressure air discharge under unipolar square
wave pulse voltage with external application amplitude
of 13kV, frequency of 25kHz-50kHz and duty ratio of 50%-
75% are discussed. The main conclusions are as follows:

1) The average electron density during the discharge pro-
cess is positively correlated with the duty cycle of the
pulse voltage, and negatively correlated with the pulse
voltage frequency; the average electron temperature is
positively correlated with the pulse voltage frequency,
but the increase in frequency will shorten the duration
of the high electron temperature. The average electron
temperature is hardly affected by the pulse voltage
duty cycle; the average density of N+2 , N

+

4 , O
+

2 , O
+

4 ,
N2O

+

2 are positively correlated with the pulse voltage
duty cycle. When the duty cycle remains unchanged
and the frequency increases, the average density of
N+2 and O+2 differs from N+4 and O+4 by an order of
magnitude. With the time evolution of the square wave
voltage, N2O

+

2 changes in a square wave form, but
the increase in frequency also shortens the duration
of the N2O

+

2 high-density area. The increase of the
pulse voltage frequency will also increase the number

of space charges, make the background charge more
uniform, and prevent bifurcation.

2) When the electrode potential is greater than the plasma
potential, the space field is in the negative y-axis direc-
tion, otherwise it is in the positive y-axis direction.
It is easy to discharge in the two stages of voltage
rise and fall. The high-level stage is similar to the DC
discharge, while the air gradually recovers its insulation
performance in the low-level stage.

3) The photoionization reaction is mainly concentrated
in the head of the streamer, and the photoionization
reaction is not important for the negative streamer.
Even so, the photoionization reaction still needs to
be considered in the streamer discharge calculation.
When the spatial pre-ionization level reaches 107cm−3,
the photoionization effect is no longer obvious.

4) The influence of low temperature on air discharge
is mainly manifested in the following aspects: the
decrease of temperature leads to the increase of
collision reaction rate including elastic collision, ion-
ization, and excitation. The rate of attachment reac-
tion also increased, including ‘‘three-body attachment’’
and ‘‘two-body attachment’’. The results show that
the recombination reaction rate is almost not affected
by temperature; the low temperature leads to the
decrease of the secondary electron emission coeffi-
cient, which means that the discharge propagation time
is prolonged, and the longer the propagation time will
enhance the electric field gradient and the peak value
of electric field; the decrease of temperature leads to
the increase of carrier migration rate including electron,
positive and negative ions, and the mobility of negative
ions is significantly higher than that of positive ions.
The decrease in temperature will also decrease the
streamer propagation velocity. When the reduced field
strength E/N is the same, the lower the temperature,
the slower the streamer propagation speed.

Due to limited space, this paper only discusses the dis-
charge characteristics under unipolar square wave pulse volt-
age. The research on the change rule under bipolar square
wave pulse voltage and other electrode structures will be
reflected in following paper.

REFERENCES
[1] Z. Zhao, X. Wei, S. Song, L. Cui, and L. Zhang, ‘‘A two-dimensional air

streamer dischargemodel based on the improved helmholtz equation at low
temperature and sub-atmospheric pressure,’’ Plasma Sci. Technol., vol. 22,
no. 4, Jan. 2020, Art. no. 045403, doi: 10.1088/2058-6272/ab5b17.

[2] S. N. Ivanov, V. V. Lisenkov, and V. G. Shpak, ‘‘Streak investigations of
the initial phase of a subnanosecond pulsed electrical breakdown of high-
pressure gas gaps,’’ J. Phys. D, Appl. Phys., vol. 43, no. 31, Aug. 2010,
Art. no. 315204, doi: 10.1088/0022-3727/43/31/315204.

[3] S. Yatom, A. Shlapakovski, L. Beilin, E. Stambulchik, S. Tskhai, and
Y. E. Krasik, ‘‘Recent studies on nanosecond-timescale pressurized gas
discharges,’’ Plasma Sources Sci. Technol., vol. 25, no. 6, Oct. 2016,
Art. no. 064001, doi: 10.1088/0963-0252/25/6/064001.

[4] S. Nijdam, F.M. J. H. van deWetering, R. Blanc, E.M. vanVeldhuizen, and
U. Ebert, ‘‘Probing photo-ionization: Experiments on positive streamers
in pure gases and mixtures,’’ J. Phys. D, Appl. Phys., vol. 43, no. 14,
Mar. 2010, Art. no. 145204, doi: 10.1088/0022-3727/43/14/145204.

VOLUME 9, 2021 51907

http://dx.doi.org/10.1088/2058-6272/ab5b17
http://dx.doi.org/10.1088/0022-3727/43/31/315204
http://dx.doi.org/10.1088/0963-0252/25/6/064001
http://dx.doi.org/10.1088/0022-3727/43/14/145204


Z. Zhao et al.: Two-Dimensional Air Discharge Modified Model Under Unipolar Square Pulse Voltage

[5] R. Ono and T. Oda, ‘‘Ozone production process in pulsed positive dielectric
barrier discharge,’’ J. Phys. D, Appl. Phys., vol. 40, no. 1, pp. 176–182,
Dec. 2006, doi: 10.1088/0022-3727/40/1/011.

[6] T. Itoh and T. Musha, ‘‘Monte Carlo calculations of motion of electrons in
helium,’’ J. Phys. Soc. Jpn., vol. 15, no. 9, pp. 1675–1680, Sep. 1960, doi:
10.1143/jpsj.15.1675.

[7] J. M. Dawson, ‘‘Particle simulation of plasmas,’’ Rev. Modern Phys.,
vol. 55, no. 2, pp. 403–447, Apr. 1983, doi: 10.1103/revmodphys.55.403.

[8] C. K. Birdsall, ‘‘Particle-in-cell charged-particle simulations, plus Monte
Carlo collisions with neutral atoms, PIC-MCC,’’ IEEE Trans. Plasma Sci.,
vol. 19, no. 2, pp. 65–85, Apr. 1991, doi: 10.1109/27.106800.

[9] O. Chanrion and T. Neubert, ‘‘A PIC-MCC code for simulation of streamer
propagation in air,’’ J. Comput. Phys., vol. 227, no. 15, pp. 7222–7245,
Jul. 2008, doi: 10.1016/j.jcp.2008.04.016.

[10] M. C. Wang and E. E. Kunhardt, ‘‘Streamer dynamics,’’ Phys. Rev. A,
Gen. Phys., vol. 42, no. 4, pp. 2366–2373, Aug. 1990, doi: 10.1103/phys-
reva.42.2366.

[11] G. E. Georghiou, R. Morrow, and A. C. Metaxas, ‘‘A two-dimensional,
finite-element, flux-corrected transport algorithm for the solution of
gas discharge problems,’’ J. Phys. D, Appl. Phys., vol. 33, no. 19,
pp. 2453–2466, Oct. 2000, doi: 10.1088/0022-3727/33/19/316.

[12] A. A. Kulikovsky, ‘‘Positive streamer in a weak field in air: A moving
avalanche-to-streamer transition,’’Phys. Rev. E, Stat. Phys. Plasmas Fluids
Relat. Interdiscip. Top., vol. 57, no. 6, pp. 7066–7074, Jun. 1998, doi: 10.
1103/physreve.57.7066.

[13] J. D. P. Passchier and W. J. Goedheer, ‘‘Relaxation phenomena after
laser-induced photodetachment in electronegative rf discharges,’’ J. Phys.
D, Appl. Phys., vol. 73, no. 3, pp. 1073–1079, Feb. 1993, doi: 10.1063/
1.353294.

[14] D. P. Lymberopoulos and D. J. Economou, ‘‘Fluid simulations of glow
discharges: Effect of metastable atoms in argon,’’ J. Appl. Phys., vol. 73,
no. 8, pp. 3668–3679, Apr. 1993, doi: 10.1063/1.352926.

[15] D. P. Lymberopoulos and D. J. Economou, ‘‘Fluid simulations of radio
frequency glow discharges: Two-dimensional argon discharge including
metastables,’’ Appl. Phys. Lett., vol. 63, no. 18, pp. 2478–2480, Nov. 1993,
doi: 10.1063/1.110454.

[16] K. Bera, B. Farouk, and Y. Lee, ‘‘Modeling of two-dimensional radio-
frequency methane glow discharge in cylindrical geometry,’’ JSME Int.
J. Ser. B, vol. 41, no. 2, pp. 429–435, 1998, doi: 10.1299/jsmeb.41.
429.

[17] K. Bera, B. Farouk, and Y. H. Lee, ‘‘Effects of reactor pressure on
two-dimensional radio-frequency methane plasma: A numerical study,’’
Plasma Sources Sci. Technol., vol. 8, no. 3, pp. 412–420, Aug. 1999, doi:
10.1088/0963-0252/8/3/311.

[18] K. Bera, B. Farouk, and Y. H. Lee, ‘‘Simulation of thin carbon film
deposition in a radio-frequency methane plasma reactor,’’ J. Elec-
trochem. Soc., vol. 146, no. 9, pp. 3264–3269, Sep. 1999, doi: 10.1149/1.
1392465.

[19] K. Bera, B. Farouk, and P. Vitello, ‘‘Inductively coupled radio frequency
methane plasma simulation,’’ J. Phys. D, Appl. Phys., vol. 34, no. 10,
pp. 1479–1490, May 2001, doi: 10.1088/0022-3727/34/10/308.

[20] B. F. Gordiets, C. M. Ferreira, V. L. Guerra, J. M. A. H. Loureiro,
J. Nahorny, D. Pagnon, M. Touzeau, and M. Vialle, ‘‘Kinetic model of a
low-pressure N2-O2 flowing glow discharge,’’ IEEE Trans. Plasma Sci.,
vol. 23, no. 4, pp. 750–768, Aug. 1995, doi: 10.1109/27.467998.

[21] J. Nahomy, C. M. Ferreira, B. Gordiets, D. Pagnon, M. Touzeau, and
M. Vialle, ‘‘Experimental and theoretical investigation of a N2-O2 DC
flowing glow discharge,’’ J. Phys. D, Appl. Phys., vol. 28, no. 4,
pp. 738–747, Apr. 1995, doi: 10.1088/0022-3727/28/4/017.

[22] S. V. Pancheshnyi and A. Y. Starikovskii, ‘‘Two-dimensional numerical
modelling of the cathode-directed streamer development in a long gap at
high voltage,’’ J. Phys. D, Appl. Phys., vol. 36, no. 21, pp. 2683–2691,
Oct. 2003, doi: 10.1088/0022-3727/36/21/014.

[23] X. Lu and K. Ostrikov, ‘‘Guided ionization waves: The physics of repeata-
bility,’’ Appl. Phys. Rev., vol. 5, no. 3, Sep. 2018, Art. no. 031102, doi:
10.1063/1.5031445.

[24] G. J. M. Hagelaar and L. C. Pitchford, ‘‘Solving the Boltzmann equation
to obtain electron transport coefficients and rate coefficients for fluid mod-
els,’’ Plasma Sources Sci. Technol., vol. 14, no. 4, pp. 722–733, Oct. 2005,
doi: 10.1088/0963-0252/14/4/011.

[25] J.-M. Guo and C.-H. John Wu, ‘‘Two-dimensional nonequilibrium fluid
models for streamers,’’ IEEE Trans. Plasma Sci., vol. 21, no. 6,
pp. 684–695, Dec. 1993, doi: 10.1109/27.256788.

[26] O. Eichwald, O. Ducasse, N. Merbahi, M. Yousfi, and D. Dubois, ‘‘Effect
of order fluid models on flue gas streamer dynamics,’’ J. Phys. D,
Appl. Phys., vol. 39, no. 1, pp. 99–107, Dec. 2005, doi: 10.1088/0022-
3727/39/1/015.

[27] S. Pancheshnyi, M. Nudnova, and A. Starikovskii, ‘‘Development of a
cathode-directed streamer discharge in air at different pressures: Experi-
ment and comparison with direct numerical simulation,’’Phys. Rev. E, Stat.
Phys. Plasmas Fluids Relat. Interdiscip. Top., vol. 71, no. 1, Jan. 2005,
Art. no. 016407, doi: 10.1103/physreve.71.016407.

[28] C. Xinjing,W. Xinxin, Z. Xiaobing, S. Yue, and L. Zhiwei, ‘‘Fast computa-
tion of photoionization in streamer discharges based onHelmholtz model,’’
Proc. CSEE, vol. 35, no. 1, pp. 240–246, Jan. 2015, doi: 10.13334/j.0258-
8013.pcsee.2015.01.029.

[29] W.-X. Sima, Q.-J. Peng, Q. Yang, T. Yuan, and J. Shi, ‘‘Local electron
mean energy profile of positive primary streamer discharge with pin-plate
electrodes in oxygen—Nitrogen mixtures,’’ Chin. Phys. B, vol. 22, no. 1,
Jan. 2013, Art. no. 015203, doi: 10.1088/1674-1056/22/1/015203.

[30] T. Farouk, B. Farouk, A. Gutsol, and A. Fridman, ‘‘Atmospheric pressure
methane–hydrogen DC micro-glow discharge for thin film deposition,’’
J. Phys. D, Appl. Phys., vol. 41, no. 17, Aug. 2008, Art. no. 175202, doi:
10.1088/0022-3727/41/17/175202.

[31] G. J. M. Hagelaar, F. J. de Hoog, and G. M. W. Kroesen, ‘‘Boundary
conditions in fluid models of gas discharges,’’ Phys. Rev. E, Stat. Phys.
Plasmas Fluids Relat. Interdiscip. Top., vol. 62, no. 1, pp. 1452–1454,
Jul. 2000, doi: 10.1103/physreve.62.1452.

[32] J. P. Boeuf and L. C. Pitchford, ‘‘Two-dimensional model of a capac-
itively coupled RF discharge and comparisons with experiments in the
gaseous electronics conference reference reactor,’’ Phys. Rev. E, Stat. Phys.
Plasmas Fluids Relat. Interdiscip. Top., vol. 51, no. 2, pp. 1376–1390,
Feb. 1995, doi: 10.1103/PhysRevE.51.1376.

[33] Morgan Database. Accessed: Nov. 8, 2016. [Online]. Available: www.
lxcat.net

[34] I. A. Kossyi, A. Y. Kostinsky, A. A. Matveyev, and V. P. Silakov, ‘‘Kinetic
scheme of the non-equilibrium discharge in nitrogen-oxygen mixtures,’’
Plasma Sources Sci. Technol., vol. 1, no. 3, pp. 207–220, Aug. 1992, doi:
10.1088/0963-0252/1/3/011.

[35] A. Luque, V. Ratushnaya, and U. Ebert, ‘‘Positive and negative streamers
in ambient air: Modelling evolution and velocities,’’ J. Phys. D, Appl.
Phys., vol. 41, no. 23, Nov. 2008, Art. no. 234005, doi: 10.1088/0022-
3727/41/23/234005.

[36] J. Chen and J. H. Davidson, ‘‘Model of the negative DC corona plasma:
Comparison to the positive DC corona,’’ Plasma Chem. Plasma Process.,
vol. 23, no. 1, pp. 83–102, 2003, doi: 10.1023/a:1022468803203.

[37] S. Chauzy and S. Soula, ‘‘Contribution of the ground corona ions to
the convective charging mechanism,’’ Atmos. Res., vol. 51, nos. 3–4,
pp. 279–300, 1999, doi: 10.1016/s0169-8095(99)00013-7.

ZHIHANG ZHAO was born in Heilongjiang,
China, in 1990. He received the B.S. degree in
electrical engineering from the Harbin Univer-
sity of Science and Technology, Harbin, China,
in 2013, where he is currently pursuing the Ph.D.
degree in high voltage and insulation. His research
interest includes characteristics of air discharge at
low temperature sub-atmosphere.

XINLAO WEI was born in Shanxi, China, in 1960.
He received the B.S. degree in high voltage tech-
nology and equipment from Xi’an Jiaotong Uni-
versity, Xi’an, China, in 1982, the M.S. degree in
high voltage technology from the China Electric
Power Research Institute, Beijing, China, in 1988,
and the Ph.D. degree in electric machines an
dielectric apparatus from the Harbin Institute of
Technology, Harbin, China, in 2003. His research
interests include high-voltage and insulation test-

ing technology and equipment for test and fault location used for electric
power cable, and test technology and equipment used for air-core electric
power reactor.

51908 VOLUME 9, 2021

http://dx.doi.org/10.1088/0022-3727/40/1/011
http://dx.doi.org/10.1143/jpsj.15.1675
http://dx.doi.org/10.1103/revmodphys.55.403
http://dx.doi.org/10.1109/27.106800
http://dx.doi.org/10.1016/j.jcp.2008.04.016
http://dx.doi.org/10.1103/physreva.42.2366
http://dx.doi.org/10.1103/physreva.42.2366
http://dx.doi.org/10.1088/0022-3727/33/19/316
http://dx.doi.org/10.1103/physreve.57.7066
http://dx.doi.org/10.1103/physreve.57.7066
http://dx.doi.org/10.1063/1.353294
http://dx.doi.org/10.1063/1.353294
http://dx.doi.org/10.1063/1.352926
http://dx.doi.org/10.1063/1.110454
http://dx.doi.org/10.1299/jsmeb.41.429
http://dx.doi.org/10.1299/jsmeb.41.429
http://dx.doi.org/10.1088/0963-0252/8/3/311
http://dx.doi.org/10.1149/1.1392465
http://dx.doi.org/10.1149/1.1392465
http://dx.doi.org/10.1088/0022-3727/34/10/308
http://dx.doi.org/10.1109/27.467998
http://dx.doi.org/10.1088/0022-3727/28/4/017
http://dx.doi.org/10.1088/0022-3727/36/21/014
http://dx.doi.org/10.1063/1.5031445
http://dx.doi.org/10.1088/0963-0252/14/4/011
http://dx.doi.org/10.1109/27.256788
http://dx.doi.org/10.1088/0022-3727/39/1/015
http://dx.doi.org/10.1088/0022-3727/39/1/015
http://dx.doi.org/10.1103/physreve.71.016407
http://dx.doi.org/10.13334/j.0258-8013.pcsee.2015.01.029
http://dx.doi.org/10.13334/j.0258-8013.pcsee.2015.01.029
http://dx.doi.org/10.1088/1674-1056/22/1/015203
http://dx.doi.org/10.1088/0022-3727/41/17/175202
http://dx.doi.org/10.1103/physreve.62.1452
http://dx.doi.org/10.1103/PhysRevE.51.1376
http://dx.doi.org/10.1088/0963-0252/1/3/011
http://dx.doi.org/10.1088/0022-3727/41/23/234005
http://dx.doi.org/10.1088/0022-3727/41/23/234005
http://dx.doi.org/10.1023/a:1022468803203
http://dx.doi.org/10.1016/s0169-8095(99)00013-7


Z. Zhao et al.: Two-Dimensional Air Discharge Modified Model Under Unipolar Square Pulse Voltage

SHUANG SONG was born in Heilongjiang,
China, in 1990. She received the B.S. and M.S.
degrees in translation from the Heilongjiang
University of Russian Language and Literature,
Harbin, China, in 2013 and 2015, respectively. She
is currently a Russian Technical Translator with
the Harbin Marine Boiler and Turbine Research
Institute. Her research interest includes techni-
cal translation of gas turbine engine design and
development.

LIN CUI was born in Heilongjiang, China, in 1991.
He received the B.S. andM.S. degrees in high volt-
age engineering from the Harbin University of Sci-
ence and technology, Harbin, China, in 2013 and
2016, respectively. He is currently an Engineer
with the Department of High Voltage Engineering,
Yunnan Electric Test and Research Institute Group
Company Ltd. His research interests include elec-
trical insulation materials and insulation structure
optimization in transformer.

ZHONGHUA ZHANG was born in Henan, China,
in 1998. He received the B.S. degree in elec-
trical engineering from the Harbin University of
Science and Technology, Harbin, China, in 2020,
where he is currently pursuing the Ph.D. degree in
high voltage and insulation. His research interest
includes epoxy impregnated paper insulation in
HVDC bushing.

KAILUN YANG was born in Jilin, China, in 1996.
He received the B.S. degree in electrical engi-
neering from the Changsha University of Science
and Technology, Changsha, China, in 2018. He is
currently pursuing the Ph.D. degree in high volt-
age and insulation with the Harbin University of
Science and Technology. His research interests
include high thermal conductivity insulating mate-
rials and dielectric failure mechanisms of polymer
insulating materials.

VOLUME 9, 2021 51909


