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ABSTRACT Inertial matching measurement method has been widely used to measure hull deformation in
real time to establish a unified attitude reference for ships in previous decades, but most current methods were
based on linear error model which adopted small angle approximation. Therefore, the large misalignment
angle in the hull deformation will bring great challenges to the accuracy of inertial matching measurement
methods. In order to solve this problem, we divided the hull deformation with large misalignment angle into
two parts: large angle based on coarse registration and small angle of the residual part. Three improvements
were made as the following: (1) The quaternion optimization method (Q) was utilized to get the coarse
registration result; (2) Based on the result, we derived a brand-new residual small-angle measurement
algorithm. (3) We introduced neural network Karman filter (NNKF) to calculate the hull deformation in
real time to further reduce the nonlinear error of the system. The experiment results illustrated that the
proposedmethod, namely, Q-NNKF, can accurately measure the hull deformation in real time and effectively
suppressed the nonlinear error caused by large misalignment angle.

INDEX TERMS Inertial matching measurement, hull deformation algorithm, large misalignment angle,
neural network Kalman filter.

I. INTRODUCTION
Inertial navigation system provides the position parameters,
attitude parameters and motion parameters of the carrier by
measuring the acceleration and angular velocity of the carrier
with gyroscope and accelerometer respectively. The fiber
optic gyroscope strapdown inertial measurement unit (FGU)
has the distinct advantages such as simple structure, small
volume, low cost and simple maintenance, which can be
fixedly connected to the carrier to provide digital navigation
information, [1], [2]. Inertial navigation system can obtain
navigation information without external information, thus
modern ships such as aircraft carriers, ocean-going destroy-
ers, astronautic measurement ship, and so on, usually need to
navigate with the help of high-precision inertial navigation
system or platform compass [3]–[5]. In order to ensure the
normal operation of radar, missile launcher, phalanx close
and other shipborne equipment, we need to provide a uni-
fied attitude reference for shipboard equipment. We provide
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accurate navigation parameters to the navigation system of
shipborne equipment to complete the binding of the initial
navigation parameters so as to adjust them quickly into the
accurate working state, and this process is referred to as a
transfer alignment [6]–[8]. However, the ship is not a rigid
body. With the change of the load of ship, the impact of
sea waves and other external forces, as well as the internal
structure changes of the ship caused by the long-term effect
of expansion and contraction with temperature, the ship will
undergo hull deformation, forming a certain misalignment
angle between the main inertial navigation system and ship-
board equipment, which we call hull deformation. Due to the
existence of hull deformation, ship-borne equipment directly
using navigation parameters provided by the central iner-
tial navigation system will bring misalignment angle error,
resulting in the lack of accuracy. Therefore, the measurement
of hull deformation is fast becoming a key instrument in
improving navigation accuracy.

A.V. Mochalov et al. found that the hull deformation
angle can be as high as 1◦ to 1.5◦ [9]. In order to over-
come the effect of hull deformation and establish a unified
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navigation coordinate datum for the whole ship, scholars all
over the world have adopted structural mechanics methods
such as oversize steel tube datum method, dual-source CCD
measurement method, photogrammetry method and grating
method to measure hull deformation. However, these meth-
ods often have shortcomings, including insufficient accu-
racy, poor implementability, and inability to obtain the linear
velocity change of dynamic deformation angle in real time.
The Central Institute of Electrical Instruments and the Insti-
tute of Electrical Engineering in St. Petersburg, Russia, put
forward the method of measuring hull deformation by inertial
measurement matching method in the late 1980s. By using
the difference of navigation information between inertial
measurement components installed on shipboard equipment
and the high-precision main inertial navigation, the deviation
caused by deformation angle can be detected and corrected in
real time by Kalman filter [9]. Inertial measurement of hull
deformation has the advantages of no dependence on external
equipment, easy installation and good real-time performance,
so it has become the most promising research direction
in current deformation measurement. The long-term static
deformation angle of hull is usually modeled as a constant or
randomwalk process, and the dynamic deformation is usually
modeled as a second-order Markov model [10]–[12]. Inertial
matching method of hull deformation measurement can be
calculated by using various navigation information, such as
angular velocity matching, attitude matrix matching, veloc-
ity and angular velocity combination matching, etc. These
algorithms are based on linear model, which means that the
algorithm can only operate when the misalignment angle of
hull deformation is small.

In the long-term voyage of ships, due to the limitation of
installation conditions and the aging of the hull deck in the
harsh external environment, the misalignment angle of hull
deformation will further increase, resulting in the calculation
error of the conventional inertia matching algorithm of hull
deformation increasing or even diverging [15]. Therefore,
matching algorithm of hull deformation under large mis-
alignment angle has been a largely under explored domain.
In view of the nonlinear problem caused by large misalign-
ment angle, the paper [13] put forward the idea of roughly
estimating large misalignment angle. Huang Yulong et al.
completed Kalman filtering for coarse alignment of motion
by using odometer assisted Strapdown Inertial Navigation
System [14]. The paper [15] proposed a solution to transform
the alignment problem into quaternion optimization problem,
which provides a reference for reducing the nonlinear error
of hull deformation under large misalignment angle. In the
process of inertial matching of hull deformation, we need
Kalman filter for accurate calculation [16]–[18]. Under large
misalignment angle, conventional Kalman filter is associated
with increased risk of error increase or divergence, so we
need adaptive Kalman filter to deal with nonlinear prob-
lem [19], [20]. Ying He et al. put forward the guiding ide-
ology of combining neural network with Kalman filter [21].
Nevertheless, the algorithm for hull deformation with large

arbitrary installation misalignment angle still need to be
solved urgently.

In order to solve the above problems, we introduced an
improved inertial matching algorithm, namely, Q-NNKF, for
the hull deformation with large misalignment angle. In this
paper, we divided the hull deformation into two parts: the
large angle obtained by coarse registration and the small
residual angle. (1) We used the quaternion optimization
method to rapidly get the coarse registration result of large
misalignment angle quickly; (2) Using the result, we derive
a brand-new small-angle residual measurement equation to
reduce the nonlinearity of the system. (3) In order to ensure
the accuracy of the algorithm and further reduce the nonlinear
error of the system, the NNKF was utilized to calculate the
hull deformation in real time. Finally, semi-physical simula-
tion platform tests are carried out to verify the validity and
applicability of the investigated method.

The rest of the content is organized as follows. Section II
presents the reference frame definitions. Section III intro-
duces the Q-NNKF algorithmincluding the derivation of
quaternion optimization method, a new attitude matching
algorithm and the neural network Karman filter. Section IV
we narrated our hardware work for experimental platform
construction and conductedmany experiments to compare the
proposed method and existing hull deformation algorithm.
The conclusions are given in Section V.

FIGURE 1. FGUs installation in deformation measurement on the ship.

II. THE REFERENCE FRAME DEFINITIONS
In hull deformation measurement, FGUs are respective
installed near the shipboard equipment and the main naviga-
tion system, which are named as FGU1 and FGU2 as shown
in Figure 1. Because the hull is not a rigid body, there will be a
changing misalignment angle ϕ12 between FGU1 coordinate
system b1 and FGU2 coordinate system b2, which is the
hull deformation angle. When the hull deformation ϕ12 is a
large misalignment angle, the scheme proposed in this paper
divides the hull deformation ϕ12 into two parts: ϕ10 and ϕ02.
ϕ02 is the large angle calculated by coarse registration, and
ϕ10 is the residual part of hull deformation angle.
The coordinate frames mentioned in this paper are defined

as follows:
(1) b1, b2: Carrier coordinate system corresponding to

FGU1 and FGU2 installation position, respectively.
(2) b0: The coordinate system which have the angle ϕ02

with b2.
(3) i1, i2: The body coordinate systems of FGU1 and

FGU2 at the initial time t0 which remain stationary in the
inertial space, relatively.
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FIGURE 2. Three-dimensional coordinate definition of FGU1 and FGU2.

(4) i0: The coordinate system of b0 at the initial time t0
which remain stationary in the inertial space.

(5) ĩ1, ĩ2: The coordinate systems respectively coincided
with i1 and i2 at the initial time t0, and deviated from i1, i2
due to the attitude error caused by gyro drift of FGU1 and
FGU2.

(6) ĩ0: The coordinate systems coincided with i0 at the
initial time t0, and deviated from i0 due to the attitude error
caused by gyro drift of FGU2.

III. THE Q-NNKF ALFORITHM FOR HULL DEFORMATION
WITH LARGE MISALIGNMENT ANGLE
A. QUATERNION OPTIMIZATION METHOD
The function of quaternion optimization method, namely,
method Q, is introduced to estimate most of the large mis-
alignment angle ϕ02 [15]. After that, we can make linear
approximation filtering estimation for the small residual hull
deformation angle.

The result of quaternion optimization method, Cb0
b2
, is the

rotation matrix from b2 to b0, and its corresponding Euler
angle vector is ϕ02. The angular velocity of FGU1 and
FGU2 are ω1 (t) and ω2 (t), respectively. Because the quater-
nion optimization method can estimate most of misalignment
angle, the relationship of FGU1 and FGU2 is approximately
expressed as:

ω1 (t) = Cb0
b2
(t) · ω2 (t) (1)

Considering the hull deformation is a slow variety, Cb0
b2
(t)

can be approximated to be a constant over a short period of
time so that Cb0

b2
(t) can be denoted by Cb0

b2
. By integrating on

both side of the equation once, we get the following formula

β (t) = Cb0
b2
· α (t)

β (t) =
∫ t

0
ω1 (τ )dτ, α (τ) =

∫ t

0
ω2 (τ ) dτ (2)

Let q =
[
s η

]T be the corresponding quaternion of Cb1
b2
,

so formula (2) can be expressed as

β (t) = q⊗ α (t)⊗ q∗ (3)

Define the following operator:[
+

q

]
=

[
s −ηT

η sI + η (×)

]
,

[
−

q

]
=

[
s −ηT

η sI − η (×)

]
(4)

The formula (2) can be transformed into the following
linear equations in terms of q.([

+

β (t)

]
−

[
−

α (t)

])
q = 0 (5)

The optimum solution of q should satisfy the following
formula

min
q

∫ t

0

∥∥∥∥([ +β (t)
]
−

[
−

α (t)

])
q

∥∥∥∥2dt = min
q
qTKq

K =
∫ t

0

([
+

β (t)

]
−

[
−

α (t)

])T ([
+

β (t)

]
−

[
−

α (t)

])
dt, qT q = 1 (6)

The Lagrangemultiplier λ can be proposed in the following
equation to solve these typical optimization problems:

L (q) = qTKq− λ
(
qT q− 1

)
(7)

By differentiating the formula (7) to q, we have

(K − λI ) q = 0 (8)

The optimal quaternion q is the regularized eigenvector of
K corresponding to the minimum eigenvalue λ.

L (q) = λ (9)

The Cb0
b2

is the rotation matrix corresponding to the quater-

nion q. And ϕ02 is the Euler angle of C
b0
b2
.

B. NEW ATTITUDE ANGLE MATCHING ALGORITHM FOR
RESIDUAL SMALL ANGLE
According to the definition of coordinates, we can express the
misalignment matrix between FGU1 and FGU2 as follow

Cb1
b2
= Cb1

b0
Cb0
b2

(10)

In (10), Cb0
b2

has been determined after the quaternion opti-
mization method. And Cb1

b0
corresponds to the rest of whole

misalignment angle which is small, it can be expressed as

Cb1
b0
= C ĩ1

b1
TC i1

ĩ1
TC i1

i0
C i0
ĩ0
C ĩ0
b0

(11)

According to the definition of coordinate system, C ĩ0
b0

can
be written as

C ĩ0
b0
= C ĩ0

i0
C i0
i2
C i2
ĩ2
C ĩ2
b2
Cb2
b0

(12)

By substituting (12) into (11), we have

C ĩ2
i2
C i2
i0
C i0
i1
C i1
ĩ1
C ĩ1
b1
Cb1
b0
= C ĩ2

b2
Cb2
b0

(13)

In (13), Cb1
b0

indicates the direction cosine matrix from
b0 frame to the FGU1 body coordinate frame b1, and we
will use the Kalman filter to estimate the value of Cb1

b0
in
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order to obtain the final result of Cb1
b2

which shows the whole
deformation between FGU1 and FGU2. Let ϕ10 be Euler
angle of Cb1

b0
, and according to the definition of coordinate

frame ϕ10 is small angle. So Cb1
b0

it can be written as

Cb1
b0
≈ I +

− 0 −ϕ10z ϕ10y
ϕ10z 0 −ϕ10x
ϕ10y −ϕ10x 0

 = I + [ϕ10×] (14)

C i1
ĩ1

and C i2
ĩ2

are the attitude drift matrix of FGU1 and
FGU2 which caused by gyro drift. Let θ1,i and θ2,i be the
Euler angle of C i1

ĩ1
and C i2

ĩ2
, if they are small angles, they can

be described by

C i1
ĩ1
≈ I +

[
θ1,i×

]
(15)

C i2
ĩ2
≈ I +

[
θ2,i×

]
(16)

C i0
i1

is the rotation matrix from FGU1 body coordinate
frame b1 to b0 at the initial time t0. Let ϕ0 be the Euler angle
of C i0

i1
, and according to the definition of coordinate system

ϕ0 is small angle, so C i0
i1
is approximately expressed as

C i0
i1
≈ I −

− 0 −ϕ0z ϕ0y
ϕ0z 0 −ϕ0x
ϕ0y −ϕ0x 0

 = I − [ϕ0×] (17)

C i2
i0

is the rotation matrix from i0 to i2, and at the initial

time of t0 it is same as Cb2
b0
. Because C i2

i0
is constant matrix,

we have

C i2
i0
= Cb2

b0
(18)

From formulas (13)-(18), we have{
I −

[
θ2,i×

]}
Cb2
b0
{I − [ϕ0×]}

{
I +

[
θ1,i×

]}
×C ĩ1

b1
{I + [ϕ10×]} = C ĩ2

b2
Cb2
b0

(19)

On both sides of (19), let the formula be multiplied by
Cb0
b2

on the left side and Cb1
ĩ1

on the right side, respectively.
After omitting the second-order small quantities, we get the
formula as{
I +

[
C ĩ1
b1
ϕ10 + θ1,i − ϕ0 − C

b0
b2
θ2,i

]
×

}
= Cb0

b2
C ĩ2
b2
Cb2
b0
Cb1
ĩ1
(20)

In (20), C ĩ1
b1
, C ĩ2

b2
are the attitude matrices of FGU1 and

FGU2 calculated by the output of the FGUs, respectively.Cb0
b2

is calculated by quaternion optimization algorithm.
For the right side of the equation (20), let Cb0

b2
C ĩ2
b2
Cb2
b0
Cb1
ĩ1

be

Cb0
b2
C ĩ2
b2
Cb2
b0
Cb1
ĩ1
=

C11 C12 C13
C21 C22 C23
C31 C32 C33

 (21)

Supposing Z =
[
Zx ,Zy,Zz

]T is the Euler angle of

Cb0
b2
C ĩ2
b2
Cb2
b0
Cb1
ĩ1
, we have

Zx = arc sin (C32)

Zy = arc sin
(
−
C31

C33

)
Zz = arc sin

(
−
C12

C22

)
(22)

According to (20) and (22), we get the measurement equa-
tion of hull deformation matching algorithm based on large
misalignment:

Z = C ĩ1
b1
ϕ10 + θ1,i − ϕ0 − C

b0
b2
θ2,i (23)

where ϕ10 =
[
ϕ10x , ϕ10y, ϕ10z

]T is the Euler angle of Cb1
b0
.

C. COMBINATION OF KALMAN FILTER AND NEURAL
NETWORK
After obtaining the measurement equation of the small angle
residual error ϕ10, we need to carry out filtering calculation.
Considering the further nonlinear approximate operation for
small angle ϕ10, we consider introducing combination of
Kalman filter and neural network (NNKF) to achieve the
purpose of accurate calculation.

FIGURE 3. Typical multilayer neural network structure.

A two-layer parametric neural network and a nonlinear
filtering algorithm are introduced to realize real-time esti-
mation on line [21]. The two-layer parametric neural net-
work contains four connection coefficients. They are input
coefficientW In, input threshold bIn, output coefficientWOut ,
output threshold bOut as shown in Fig. 3. The four vectors are
combined as

Wb =
[
W In bInWOut bOut

]T
(24)

In the small angle ϕ10, we can divide it into two cate-
gories according to the different frequencies. One kind which
changes slowly is static deforming angle 8St , and the other
kind which changes rapidly is dynamic deforming angle8Dy.

ϕ10 = 8St +8Dy (25)

Combining the connection weight coefficient vector and
the variables in (23), we get the system state vector of non-
linear Kalman filter as

X =
[
8St 8̇St8Dy 8̇Dy θ1,i θ2,i εc1 εc2 εr1 εr2 ϕ0 Wb

]T
(26)
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For static deforming angle, considering to simulate the
small amplitude deformation of hull deck in long-term voy-
age, we model it as quasi-static angular deformation:

8̈St = ωSt (27)

where ωSt is the unit variance Gaussian white noise.
Dynamic deforming angle 8Dy is set as a second-order

Markov process as follows

8̈Dy,i + 2µi8̇Dy,i + b2i8Dy,i = 2bi
√
DiµiωDy,i (t) ,

i = x, y, z (28)

where µi is the dynamic deformation irregular coefficient,
λi is the main frequency of dynamic deformation, Di is the
variance of dynamic deformation, wDy is the unit variance
Gaussian white noise, and b2i = µ

2
i + λ

2
i .

As Formulas (15) and (16) show, θ1,i, θ2,i are the Euler
angles of attitude errors caused by gyro drift. According
to differential equation of direction cosine matrix, the state
equations of θ1,i, θ2,i can be expressed as

θ1,i ≈ −C
ĩ1
b1
(εc1 + εr1)

θ2,i ≈ −C
ĩ2
b2
(εc2 + εr2) (29)

The random drift model of FOG is thought as first-order
Markov process. And the constant drift of FGU is a constant.
So we have the state equations of εc1, εc2, εr1, εr2 are

FOG1 constant drift: ε̇c1 = 0
FOG1 random drift: ε̇c1 = 0

ε̇r1,i = −µr1,iεr1,i + σr1,i
√
2µr1,iωr1,i (t) , i = x, y, z

FOG2 constant drift: ε̇c2 = 0
FOG2 random drift

ε̇r2,i = −µr2,iεr2,i + σr2,i
√
2µr2,iωr2,i (t) , i = x, y, z

where µr1,i, µr2,i are the first-order Markov coefficient of
the gyro random drift of FOG1 and FOG2 in all three axial
directions, respectively; σr1,i, σr2,i are the gyro random drift
mean square deviation of FOG1 and FOG2 in all three
axial directions, respectively; ωr1,i (t), ωr2,i (t) are the white
noise.
ϕ0 is the deformation angle at the initial time t0, so it is a

constant vector

ϕ̇0 = 0 (30)

In (26), let l be the number of neurons in the hidden layer,
we have

W In
=

[(
W In

1

)T
,
(
W In

2

)T
,
(
W In

3

)T]T
bIn =

[
bIn1 , b

In
2 , · · · , b

In
l

]T
W In

i =

[
W In
i,1,W

In
i,2, · · · ,W

In
i,l

]T
, i = 1, 2, 3

WOut
=

[(
WOut

1

)T
,
(
WOut

2

)T
, · · · ,

(
WOut
l

)T]T

bOut =
[
bOut1 , bOut2 , bOut3

]T
WOut

j =

[
WOut
j,1 ,W

Out
j,2 ,W

Out
j,3

]T
, j = 1, 2, · · · , l (31)

The weight coefficient of neural network can be regarded
as slow variation, and it can be seen as a randomwalk process
which finally converge to a value close to a constant. There-
fore, we choose amodel with a small randomwalk coefficient
σ and white noise ω to describe the weight coefficient as
follow

Ẇ
In
= σ Inw ω

In
w

ḃ
In
= σ Inb ω

r
b

Ẇ
Out
= σOutw ωOutw

ḃ
Out
= σOutb ωOutb (32)

According to the above equation, the system state equation
can be written as

X̂k+1 = f
(
X̂k
)
+ Ĝ · ω (k) (33)

And the observation equation is

Zk+1 = h
(
X̂k+1

)
+ g (Zk+1,Wbk+1)+ vk+1 (34)

where h
(
X̂k+1

)
= θ1i,k+1 − C

b0
b2
θ2i,k+1 − ϕ0,k+1, and vk+1

is the measurement noise. We write the neural network target
output as g (Z ,Wb) where Wb =

[
W In bInWOut bOut

]T , and
the input is the observation vector Z in (22). Therefore, small
deformation angle ϕ10 is estimated byCb1

ĩ1
g (Z ,Wb). And the

whole misalignment angle ϕ12 between FGU1 and FGU2 is

ϕ12 = ϕ10 + ϕ02 (35)

IV. EXPERIMENTAL RESULTS AND ANALYSIS
A. CONSTRUCTION OF EXPERIMENTAL ENVIRONMENT
In order to fully simulate the actual hull deformation on
the ship, we use the physical experiment platform and com-
puter simulation platform to form experiment environment as
Fig. 4 shown. The hull deformation angle consists of static
deformation angle and dynamic deformation angle. Static
deformation angle is simulated by misalignment installa-
tion angle from physical platform and quasi-static deform-
ing angle from computer simulation platform. Because
the second-order Markov model is driven by white noise,
dynamic deforming angle is generated by computer simula-
tion platform. The turntable in physical platform is respon-
sible for simulating the ship motion excitation. By the
coordinate fusion operation, the original simulation data is
obtained. After the simulation data of FGU1 and FGU2 is
synchronized with time, the data enters the hull deformation
test to verify validity and applicability of the algorithm.

As shown in Fig. 5, the physical experiment platform
provides a high-precision turntable, two sets of FGUs, a data
synchronous recording device, and a computer. The physical
experiment platform can output the ship motion excitation,
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FIGURE 4. Experimental flow schematic diagram of hull deformation based on large misalignment angle.

FIGURE 5. Physical simulation experiment platform of hull deformation
based on large misalignment angle.

FGUs data, and be responsible for the time alignment of
FGU1 and FGU2.

The high-precision turntable is responsible for simulating
the motion of the hull, and the three axes are set as sinusoidal
motion. The motion model is defined as follow

ψ = ψp sin
(
ωpt + ϕp

)
γ = γr sin (ωr t + ϕr )

h = hy sin
(
ωyt + ϕy

)
(36)

where ψp = 3◦, γr = 4◦, hy = 2◦ are the amplitudes of
vibrations on the axes of pitch, roll, yaw, and the sine period
of three axes are 8s, 7s, 6s, respectively.

The two FGUs are fixedly installed in the inner loop
of the high-precision turntable as shown in Fig. 6. In the
inertial measurement unit systems, three fiber optic gyro-
scopes (FOG) are installed orthogonally. The random walk
coefficient of each FOG is 0.003◦/

√
h, and the bias stability

is 0.005◦/h (1σ). The outputs of FGUs are connected with
data synchronous recording device (DSRD) through serial
communication, and the sampling rate is set to 200 Hz.

Fig. 7 shows the DSRD. It contains data acquisition unit,
serial port expansion circuit board and power module, and its

FIGURE 6. Two sets of FGUs fixedly installed with initial large
misalignment angle.

FIGURE 7. Data synchronous recording device of hull deformation
measurement system.

responsibility is data acquisition and the time alignment of
data. The data acquisition unit of DSRD is developed based
on VXworks system and it supports synchronous acquisition
and processing of multi-channel data. According to the FGU
data time stamp, two sets of FGUs data are collected together,
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and the recording time error of the two sets of FGUs data
is compressed within one sampling period, thus reducing the
influence of the data time delay error of hull deformation cal-
culation. The DSRD is connected with the computer through
network communication to ensure the real-time and accuracy
of FGU data recording.

The computer simulation platform is responsible for out-
putting quasi-static deforming angle and dynamic deforming
angle in hull deformation. The quasi-static deforming angle
is set as a sinusoidal motion with a period of 2 hours and
an amplitude of 0.1◦ degrees to simulate the extremely slow
change of the static deformation angle between FGU1 and
FGU2 with time. And the dynamic deformation parameters
of the three axes are set as shown in Table 1.

TABLE 1. Dynamic deformation simulation parameters setting.

Finally, the measurement data from physical platform and
the simulation data from computer simulation platform con-
stitutes the simulation of hull deformation by coordinate
transformation.

B. RESULT AND ANALYSIS OF METHOD Q
We use the quaternion optimization method (Method Q) to
roughly estimate the most of misalignment angle ϕ02 between
the two FGUs, in order to make preparation for the hull
deformation filtering algorithm based on large misalignment
angle. Therefore, our pursuing for this link is to quickly
converge to obtain the results with certain accuracy.

In order to verify the performance of the quaternion opti-
mization method, in this experiment, we set the initial large
misalignment angle, i.e., the installation misalignment angle
between the two FGUs as [250′′; 1000′′; 2400′′], and other
parameter settings remain unchanged, thus we can verify the
convergence speed and accuracy of optimization quaternion
for different estimation of small angle, medium angle and
large angle.

In the hull deformation environment based on large
misalignment angle, we respectively used the optimiza-
tion quaternion method (OQ), the least squares estimation
method (LSE) and the analytic coarse alignment method
(ACA) to make preliminary estimate of the large misalign-
ment angle. The quaternion optimizationmethod and the least
squares estimation method use only FOG data, the analytic
coarse alignment method uses both FOG data and accelerom-
eter data.

As shown in Figs. 8-10, in the environment of hull defor-
mation based on the large misalignment angle, the con-
vergence speed of OQ method is the fastest one in the

FIGURE 8. Estimation result of large misalignment angle by the
optimization quaternion method (OQ).

FIGURE 9. Estimation result of large misalignment angle by the least
squares estimation method (LSE).

FIGURE 10. Estimation result of large misalignment angle by the analytic
coarse alignment method (ACA).

three methods, which is about four times as fast as LSE
method; the LSE method convergence speed takes second
place with the general performance of convergence stability;
ACAmethod has the worst convergence performance with an
oscillating trend, which is not suitable for fast estimation of
hull deformation based on large misalignment.

Table. 2 shows the estimation results of large misalignment
angle with the three methods after convergence stability, and
we can conclude that OQ method have a relatively more
accurate estimate of large alignment angle than the other
two methods. Therefore, quaternion optimization method is a
good choice to estimate the misalignment angle ϕ02 quickly
with certain accuracy, and output of quaternion optimization
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TABLE 2. Comparison of coarse registration result.

method can meet the requirements of following hull deforma-
tion algorithm.

C. RESULT AND ANALYSIS OF Q-NNKF ALGORITHM
To estimate the whole misalignment angle ϕ12 of hull defor-
mation, we use Q-NNKF to make more accurate calculation.
In order to verify the validity of Q-NNKF method, we set the
installation misalignment angle vector as [1.5◦; 2◦; 3◦], and
the other experimental parameters remain unchanged. In this
link, we choose the traditional attitude angle matching algo-
rithm with Conventional Kalman filter (CKF) and Extended
Kalman Filter (EKF) for comparative experiments, respec-
tively. Method CKF and Method EKF adopted the traditional
attitude hull deformation matching measurement equation
which didn’t introduce the result of coarse registration:

Z = Cb1
ĩ1
(θ1i − θ

2
i − ϕ0)+ ϕ (37)

where Z is the Euler angle of C ĩ1
b1
TCb2

ĩ2 .
To make sure that the comparison between the proposed

method and the comparative method is fair, the experimen-
tal environment and the original parameters are completely
consistent among the different test.

FIGURE 11. Hull deformation estimation result of Q-NNKF on X-axis.

FIGURE 12. Hull deformation estimation result of Q-NNKF on Y-axis.

Figs. 11-13 show that the performance of algorithm esti-
mation result and the reference value of Q-NNKF. We can

FIGURE 13. Hull deformation estimation result of Q-NNKF on Z-axis.

see that the Q-NNKF has a good tracking effect on the hull
deformation under the condition of large misalignment angle.

FIGURE 14. Error of estimation of Q-NNKF on three axes.

FIGURE 15. Error of estimation of CKF on three axes.

Fig. 14 shows the estimation error of Q-NNKF method,
and the root mean square error (RMSE) vector on three axes is
[5.1909′′; 4.4826′′; 7.6578′′]. At the same time, Fig.15 shows
the estimation error of Method CKF, and the RMSE of
Method CKF is [280.0055′′; 226.2037′′; 122.5661′′]; Fig.16
shows the estimation error of Method EKF and the RMSE of
Method EKF is [274.2886′′; 220.7788′′; 109.0031′′]. There-
fore, compared with CKF and EKF, we can find that the hull
deformation filtering algorithm for the large misalignment
proposed in this paper can effectively reduce the estimation
error of hull deformation with large misalignment angle.
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TABLE 3. RMSE of method CKF results under different misalignment angle.

TABLE 4. RMSE of method EKF results under different misalignment angle.

TABLE 5. RMSE of method NNKF results under different misalignment angle.

TABLE 6. RMSE of method Q-NNKF results under different misalignment angle.

FIGURE 16. Error of estimation of EKF on three axes.

To furtherly analyze the effect of different large misalign-
ment angles on the hull deformation matching algorithm, and
verify the applicability of the Q-NNKF algorithm proposed
in this paper, we carried out more tests.

We set ten groups of experiments, and in each group of
experiments the large misalignment angles on three axial
directions are the same. The large misalignment angles in
ten groups of experiments were set as 0◦, 0.5

◦

, 1◦, 1.5◦,
2◦, 2.5◦, 3◦, 3.5◦, 4◦, 4.5◦, respectively. We choose the
results of four methods for comparison, including Method
CKF, Method EKF, traditional attitude angle matching algo-
rithm with Kalman filtering with neural network (NNKF),
the method proposed in this paper (Q-NNKF). Method CKF
adopted conventional Kalman filtering without coarse reg-
istration process; Method EKF adopted Extended Kalman
filtering without coarse registration process; Method NNKF
adopted Kalman filtering with neural network; Q-NNKF
adopted the brand-new attitude angle matching algorithm
combined with NNKF filter as introduced in this paper.

Tables 3-6 respectively show the RMSE of Method CKF,
Method EKF, Method NNKF, and Method Q-NNKF with the
increase of the large installation misalignment angle. From
the four tables, we can get that when the large installation
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misalignment angle between FGU1 and FGU2 is relatively
small, the accuracy of the four methods is similar. With
the increment of the large installation misalignment angle,
the nonlinear factors in the system measurement model
become larger, and the accuracy of the contrast algorithms
is affected to varying degrees

In order to more intuitively analyze the effect of large
misalignment angle on the accuracy of hull deformation algo-
rithm, RMSE curves of the four methods results on three
axes with the changes of the large misalignment angle are
respectively plotted in the Figs. 17-19.

FIGURE 17. RMSEs of CKF, EKF, NNKF, Q-NNKF on X-axis.

FIGURE 18. RMSEs of CKF, EKF, NNKF, Q-NNKF on Y-axis.

FIGURE 19. RMSEs of CKF, EKF, NNKF, Q-NNKF on Z-axis.

The accuracy of Method CKF is greatly affected by the
increase of misalignment angle, and the error of Method

CKF begins to increase exponentially from less than 10′′ to
hundreds of arcseconds.

The accuracy ofMethod EKF is slightly better thanMethod
CKF in the calculation of hull deformation with large mis-
alignment angle. Because the performance of EKF algorithm
depends on the local nonlinearity of the model, and the
high-order terms ignored in the linearization process will
affect the accuracy of the results, the results of Method CKF
in calculating hull deformation under large misalignment
angle are not satisfactory.

Method NNKF combines the linear approximation char-
acteristic of neural network, it performed better than CKF
and EKF in dealing with the model nonlinearity caused by
large misalignment angle. However, due to the lack of coarse
registration process, the accuracy of NNKF is still greatly
affected by large misalignment angle.

Method Q-NNKF obtains the coarse registration result of
hull deformation by using quaternion optimization method,
and substitutes the result into the attitude angle matching
algorithm proposed in this paper to obtain the measurement
equation to estimate the residual part of hull deformation
misalignment angle, which can effectively reduce the nonlin-
earity of the measurement equation model. Then, the neural
network Karman filter is used for filtering operation, and
the nonlinear error of the whole algorithm is further reduced
by the linear approximation characteristic of neural network.
From fig. 17-fig. 19 and Table 6, we can see that the accuracy
of Q-NNKF is relatively high, and it is almost not affected by
large misalignment angle.

FIGURE 20. RMSEs of Q-NNKF under different misalignment angles.

As shown in Fig. 20, RMSE of Q-NNKF algorithm results
are all less than 10′′ under the condition of largemisalignment
angle, even if the installation misalignment angle increases
from 0◦ to 4.5◦. RMSE of Q-NNKF algorithm results no
longer change with the size of large misalignment angle. The
experiment results show that Q-NNKFmethod can accurately
estimate hull deformation under the condition of large mis-
alignment angle.

V. CONCLUSION
In this paper, we present a real-time hull deformation
measurement algorithm, namely, Q-NNKF, and apply the
algorithm to hull deformation measurement with large
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misalignment angle to solve the nonlinear error problem.
By optimizing the coarse registration result parameters esti-
mated by Method Q, we deduced a brand-new attitude angle
matching algorithm to reduce the nonlinear error caused by
large misalignment angle. After that, NNKF was utilized
to perform filtering calculation to make a further nonlinear
approximation filter for the residual part of the large mis-
alignment angle. The field test experiments show that the
proposed algorithm can accurately calculate hull deformation
with large misalignment angle, and the RMSE of method is
less than 10′′.
In the future work, we should consider the hull deforma-

tion matching algorithm under the condition of time-varying
large misalignment angle, rather than the fixed large initial
installation misalignment angle.
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