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ABSTRACT Polymer nanocomposites (PNC) have a great potential for in-situ strain sensing applications in
both static and dynamic loading scenarios. These PNCs, having a polymer matrix of polyvinylidene fluoride
(PVDF) with a conductive filler of multi-walled carbon nanotubes (MWCNT), have both piezoelectric and
piezoresistive characteristics. Generally, this composite would accurately measure either low frequency
dynamic strain using piezoresistive characteristic or high frequency dynamic strains using piezoelectric
characteristics of the MWCNT/PVDF film sensor. This limits the frequency bands of the strain sensor
to either piezoresistive or piezoelectric ranges. In this study, a novel weighted fusion technique, called
piezoresistive/piezoelectric fusion (PPF), is proposed to combine both piezoresistive and piezoelectric
characteristics to capture wide frequency bands of strain measurements in real time. This fuzzy logic (FL)
based method combines the salient features (i.e. piezoresistive and piezoelectric) of the nanocomposite
sensor via reasonably accurate models to extend the frequency range over a wider band. The FL determines
the weight of each signal based on the error between the estimate and actual measurements. These weights
indicate the contribution of each signal to the final fused measurement. The fuzzy inference system (FIS)
was developed using both optimization and data clustering techniques. In addition, type-2 FIS was utilized to
overcome the model’s uncertainty limitations. The developed PPF methods were verified with experimental
data at different dynamic frequencies that were obtained from existing literature. The fused measurements
of the MWCNT/PVDF were found to correlate very well with the actual strain and a high degree of accuracy
was achieved by the subtractive clustering PPF’s FISs algorithm.

INDEX TERMS PPF, frequency band, fusion, fuzzy logic, nanocomposite, piezoelectric, piezoresistive,
strain sensor, wide band.

I. INTRODUCTION
Sensors are fundamental and essential in many applica-
tions such as biochemical and medical diagnosis [1], [2],
industrial and fabrication processes [3], and environmen-
tal and structure health monitoring [4], [5]. A sensor con-
verts a physical phenomenon into an electrical signal, which
is processed and calibrated for accurate and reliable mea-
surements. The 21st century industrial revolution demands
that new sensors be developed to advance technologies in
manufacturing with higher accuracy, quality, and capacity.
Strain and force sensors have gained much attention in recent
years due to their broad applications for surgical robot [6],
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polishing machine [7], biomedical and physical therapy
instruments [8]–[11].

Recently, Polymer nanocomposites (PNCs) have attracted
much attention in the materials science and engineering
fields. In this type of composites, a polymer matrix is com-
bined with non-organic fillers, one of which is in a nanoscale
dimension. The resultant composite retains both the poly-
mer and filler advantages. Carbon nanotubes (CNTs) were
discovered in 1991 by Iijima [12], greatly advancing the
nanocomposite materials field. CNTs properties have been
extensively investigated bymany researchers. They have been
shown to possess extraordinary mechanical [13], [14], elec-
trical [15], [16], optical [15], and thermal [14], [17], [18]
properties. In addition, they have one dimensional structure
and high aspect ratio (length-to-diameter ratio), making them
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unique fillers to produce electrically conductive PNCs [19].
As a result, high conductivity PNCs can be achieved with
lower concentration of CNT compared with other conductive
nano-fillers. The percolation threshold defines the percent-
age concentration of the conductive nano-filler inside the
composite at which the electrical resistivity of the compos-
ite increases significantly [20]. In addition, the percolation
threshold is greatly influenced by the aspect ratio of the nano
filler inside the composites [21], [22]. The volume fraction,
conductivity and topology of the nano filler networks, and
interaction between the polymer and fillers control the PNC’s
overall conductivity [23], [24]. For strain measurement, the
PNC-CNT’s piezoresistivity is influenced by the demolition
of the conductive networks, tunneling resistance, and the
changes of the CNT piezoresistivity [25]. However, the lat-
ter is less influenced due to the relatively small change in
resistance [26]. The tunneling resistance occurs between the
crossings or the neighboring of the CNTs, and it is the most
dominant factor in the overall composite conductivity [27].

In terms of polymer matrix, polyvinylidene fluo-
ride (PVDF) has been widely studied and used for piezoelec-
tricity based sensing and actuation applications due to their
affordable cost, mechanical characteristics, and chemical
stability. PVDF has been utilized in force/pressure sens-
ing, energy harvesting, humidity and gas flow sensors, and
acoustic and ultrasonic sensors [28]–[34]. Several researchers
have investigated the advantages of mixing CNT with PVDF.
The presence of multi walled CNTs (MWCNTs) advances
the electromechanical characteristics of the composite [35].
In addition, the activation of the piezoelectric properties of the
MWCNT/PVDF films were achieved at lower voltages due
to the presence of the CNT, whereas the PVDF films needs
higher voltages [36]. Moreover, CNTs change conformations
of the semi-crystalline structure from α phase to β phase,
where the highest polarization can be achieved [37].

The MWCNT/PVDF composite film is a unique sensing
element, which can measure strain using either piezoresistive
or piezoelectric properties. The piezoresistive strain measure-
ment is appropriate for static or low loading frequencies.
In contrast, piezoelectric strain measurement can capture
high frequency measurements with higher sensitivity and
accuracy. The piezoresistivity of the composite film was
characterized by Zeng et al. [38] who reported that a hot
pressed 1 wt.% MWCNT/PVDF film was less sensitive at
high frequency (2000 Hz) compared to 6.5 wt.% carbon
black (CB)/PVDF strain sensor. Another study has shown
that 1 wt.% MWCNT/PVDF film failed to match the out-
put from 1 wt.% Graphene/PVDF and 6 wt.% CB/PVDF
films at 200 Hz dynamic loading [39]. For piezoelectric
measurement, a sandwiched MWCNT/PVDF film between
two polypropylene (PP) films was tested under compres-
sion loading ranging from 200 N to 350 N at low fre-
quency (0.5 Hz) [40]. The piezoelectric output voltage was
relatively small at a high magnitude force of 200 N. A
mechanically stretched and electrically poled (corona pol-
ing) PVDF/MWCN strain sensor that is frequency dependent

was reported by Sanati et al. [41]. For strain measurement
bellow 5 Hz, the piezoresistive sensing provided good accu-
racy whereas piezoelectric sensing offered good accuracy
for strain measurements above 5 Hz up to 1000 Hz [41].
For optimal piezoresistive and piezoelectric strain sensing
performance, 0.1 wt.% and 2 wt.% of CNT exhibited better
accuracy, respectively [41].

The frequency dependent strain measurements are affected
by multi-label parameters such as the composite’s electrical,
mechanical, and physical properties. In terms of piezore-
sistivity, the gauge factor (GF) and the matrix’s mechani-
cal response places an upper bound on the measurement’s
amplitude at high frequencies [38]. In addition, the com-
plex viscosity of a compressed molded MWCNT/PVDF
composite sample decreases with increasing frequency [42].
That would limit the movement of the CNTs with respect
to each other and reduce the tunneling resistance changes.
Nevertheless, the carbon nanofiller volume fraction and
dispersion, which are affected by the fabrication process,
have a significant effect on the sensors’ performances. For
piezoelectricity, the strain coefficient D33 is greater than
D31 for lead zirconate titanate (PZT) and PVDF materi-
als. As a result, the resonant frequency mode of D33 lim-
its the measurements at which low frequency vibration is
desirable [43].

Researchers attempted to combine both piezoresistive
and piezoelectric characteristics to capture both static
and dynamic mechanical stimulation using stake fabrica-
tion process. He et al. [44] introduced a multi-layered
piezoelectric-piezoresistive tactile sensor. The sensor con-
sisted of three electrodes layers: a piezoelectric layer,
a piezoresistive layer, and a common electrode layer.
The piezoelectric and piezoresistive layers were made of
PVDF (-TrFE) and MWCNTs/ Polyurethane (PU). Similarly,
Khan et al. [45] reported two multi-layered pressure sen-
sors made from (PVDF-TrFE) and (PVDF-TrFE)-MWCNTs
sensing materials using screen printing technology. These
studies introduced sensors that have the capability to measure
static and dynamic measurements. However, each measure-
ment was performed with fixed connections or setup: either
static or dynamic.

Sanati et al. [41] proposed a fusion methodology for the
piezoelectric and piezoresistive MWCNT/PVDF nanocom-
posite sensors. The technique is analogous to an optimum lin-
ear smoother developed by Fraser and Potter in 1969, which
combines two optimal linear filters or estimates [46]. The
fusion equation uses piezoelectric and piezoresistive signals,
compensation coefficients, and their covariances to compute
the final fused signal [41]. The compensation coefficients
were fixed during the transitioning frequencies (5 - 160 Hz)
bands, which might lead to losing measurement data and
exclude any resonant frequency effects. An accurate and
robust frequency based fusion method for real-time strain
measurement is needed to overcome the stated limitation and
disadvantages of previous attempts to combine both piezore-
sistive and piezoelectric characteristics.
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Sensor fusion is a methodology that combines multiple
sensory measurements, which could be of similar or differ-
ent types of signals and are not sufficient by themselves
to provide a useful output. Data fusion may be neces-
sary in different applications such as, military applications,
law enforcement, remote sensing, automated monitoring of
equipment, medical diagnosis, and robotics [47]. Any sensor
measurements are subject to limitations such as the mea-
surement being restricted in a narrower area of the broad
environment [48]. Similarly, image fusion is the process of
combining different images’ features and produce a higher
quality image [49]. Fuzzy set theory has been implemented
in different image processing and image fusion algorithms.
A novel image fusion algorithm, which based on two-scale
image decomposition integrated with fuzzy set theory and
image morphology, was introduced by Jiang et al. [49]. They
presented a new fusion method based on non-subsampled
contourlet transform (NSCT) with intuitionistic fuzzy sets
for the infrared and visible image fusion [50]. Yang et al.
proposed a novel multimodal sensor medical image fusion
method based on type-2 fuzzy logic in NSCT domain [51].
The image fusion method has retained more informative and
higher quality fused medical images by utilizing the fuzzy
logic. The fuzzy set based image fusion’s algorithms have
shown more effective fusion performance than other conven-
tional image fusion methods [52].

In the current strain sensing technology, the piezoresis-
tive and piezoelectric characteristics are sensitive and accu-
rate at low and high frequency measurements, respectively.
A Kalman Filter Fuzzification (KFF) is used for measure-
ment estimation of position, velocity, and acceleration of 3D
target tracking application [53]. In this method, the Kalman
filter (KF) estimated the state for eachmeasurement and asso-
ciated each estimate with different scaler weights [54], [55].
These weights define the contribution of each signal to the
final fused state. They are generated by the fuzzy inference
system (FIS) for both sensors based on the calculated nor-
malized errors between the estimates and the actual measure-
ments. Sensor fusion is a great tool to advance and improve
the MWCNT/PVDF strain sensors’ sensitivity by combin-
ing both characteristics using more sophisticated fusion
method.

Despite the fact that MWCNT/PVDF strain sensors’ char-
acteristics are frequency dependent, few researchers have
addressed these limitation and sensor fusion of these char-
acteristics not been dealt with in depth. The aims of this work
are to overcome the piezoresistive and piezoelectric char-
acteristic frequency dependent limitation using a weighted
combination of both measurements when it is necessary.
Here a novel fuzzy logic based PPF fusion method has been
designed, developed, and verified with experimental data
at different dynamic frequencies that were presented in the
Park et al. study [41]. This technique can be generalized to
any other sensor fusion methods where their performances
are frequency dependent. Finally, the uniqueness of this work
is that it is a frequency-based real-time measurements fusion

FIGURE 1. Schematic of the Piezoresistive/ Piezoelectric Fusion (PPF)
Method.

method that efficiently weights each signal to achieve an
accurate estimate. Most prior research on such sensors stud-
ied their performance under fixed measurement setup, e.g.
either static to low frequency ranges or high frequency ranges.
The proposed fusion algorithm has the potential to improve
the overall accuracy in fusing both piezoresistive and piezo-
electric strain measurements over a wide frequency range for
a PNC strain sensor.

This article presents a new fusion approach to combine
the MWCNT/PVDF sensor’s piezoresistive and piezoelectric
characteristics and offers a wide band strain sensing method-
ology. Different strategies were utilized and implemented
to produce the PPFs’ FISs such as, optimization method,
data clustering, and fuzzy type-2 system. The proposed PPF
method were investigated and analyzed for their accuracy
and Root Mean Squared Error (RMSE) at different operating
frequencies. The subtractive cluster and type-2 FIS based
PPF fused both measurements while attaining high accuracy
and relatively small RMSEs compared to other strategies.
The presented results emphasize the validity of the proposed
fusion method.

II. PIEZORESISTIVE/WWWWW/PIEZOELECTRIC
FUSION (PPF) METHODS
For the proposed MWCNT/PVDF strain sensor, the PPF
method has been developed and implemented to combine
the measurement data through a fuzzy logic algorithm and
generate a wide band strain output, as shown in Fig. 1. In this
method, the piezoresistive and piezoelectric strain data of two
adjacent MWCNT/PVDF sensors are used to estimate the
final fused strain. While the actual estimated strains (εact−est )
are to be given viaKalman Filter (KF) or the equivalent circuit
based models, actual strains were used here to demonstrate
the effectiveness of the proposed method. The piezoresistive
and piezoelectric measurement errors (ePive and ePric) are cal-
culated by subtracting the estimated strain and piezoresistive
and piezoelectric strain data, respectively.

The error measurements were normalized using the Min-
Max scaling. The normalized error signals are utilized by the
fuzzy inference system (FIS) to define the contribution of
each signal to the fused strain output as follows:

εf (k) = wPive (k) εPive (k)+ wPric (k) εPric (k) (1)
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FIGURE 2. Strain measurements at a cantilever using piezoresistive
sensor, piezoelectric sensor, and metal foil strain gauge (actual) under
forced vibration of: (a) 0.1 Hz, (b) 1 Hz, and (c) 100 Hz [41].

where wPive and wPric are the associated weight with the
piezoresistive signal (εPive) and piezoelectric signal (εPric);
respectively, in the final fused signal (εf ). The final fused
strain will attempt to match the actual strain (εact ) using
the developed FISs. Equation (1) has two unknown weights
which would lead to infinite number of solutions for the
weights. The dependent weight solutions are shown in equa-
tions (2) and (3):

wPive =
εact − wPric × εPric

εPive
=
εact − wPric (εact − ePric)

εact − ePive
(2)

wPric =
εact − wPive × εPive

εPric
=
εact − wPive (εact − ePive)

εact − ePric
(3)

To simplify the fusion equation’s solution, one sensor was
assigned a constant weight while the other sensor’s weight
was computed using either (2) or (3) based on both sensors’
accuracy at that frequency. At low frequency strain measure-
ments, wPive was assigned a full weight of one and wPric was
computed using (3) due to the high accuracy and sensitivity of
the piezoresistive characteristic. On the other hand, the piezo-
electric sensor was accurate at high frequencies. Therefore,
a full weight of one was given towPric and thewPive was com-
puted using (2). However, due to the harmonic measurements
and zero strain axis crossing, thewPive andwPric values would
approach infinity at these points. To mitigate this, εact , εPive
and εPric were shifted in amplitude by a constant number c,
which is a real positive number and assumed to be greater than
twice of the maximum strain measurement’s range. Then,
wPric and wPive were computed using shifted data using (2)
and (3). The final fused strain measurement is given by (4):

εf = wPive × (εPive + c)+ wPric × (εPric + c)− c (4)

In the fuzzy logic part of the fusion, the fusing process
undergoes four consecutive stages to compute these weights.
These stages are the fuzzification, rule generation, the FIS
process, and defuzzification. Fuzzification is the processes of

converting a crisp quantitative input to a fuzzy value that is
conducted based on knowledge information [56]. The nor-
malized measurement errors are fuzzified to span a range of
values between zero and one using represented membership
functions. The membership functions are labeled by linguis-
tic variables representing the input or output information.
The error membership functions fuzzified to span values of
[0, 1] which maps the normalized inputs’ errors. Either the
piezoresistive weighting (wPive) or piezoelectric weighting
(wPric) was selected to be FIS’s output variables based on
the characteristic sensitivity at specific operation frequency.
Fuzzy Inference Systems (FIS) is the process of taking the
fuzzy system’s inputs into outputs based on the predeter-
mined fuzzy rules. These rules are based on actual experimen-
tal data or knowledge-based. Defuzzification is the process of
converting fuzzy value to a real quantity in contrast with the
fuzzification process [56]. In the PPF method, the combined
fuzzy output sets are defuzzified to achieve the wpive or wpric
using the center of area (COA) method, which is recognized
as the center of gravity, for Mamdani FIS type-1 [57], [58].
A weighted average is used to evaluate the output at
type-1 Sugeno FIS [59].

In the study [41], the PVDF/MWNT strain sensor has been
attached to a 28 cm Aluminum cantilever beam. The PNC
sensor was attached at distance of 5 cm from the fixed end
and vibration exciter was attached to the free end of the beam.
The beam’s width and thickness were 25 mm and 3 mm,
respectively. Copper electrodes were attached to both end
of the film, and double-sided tape was used to adhere the
strain sensor to the cantilever. A commercial metal foil strain
gauge was used for performance verification and comparison.
A voltage divider was used to retrieve the piezoresistive mea-
surement while a charge amplifier was used for piezoelec-
tric characteristic. This study retrieved the MWCNT/PVDF
piezoresistive and piezoelectric strain measurements in con-
trast to the reference strain gauge measurements, as shown
in Fig. 2. The experimental data from [41] were used to
generate and validate the PPF method using Fuzzy Logic and
Global Optimization Toolboxes in MATLAB [60].

The actual strain is assumed to be equal to the strain gauge
(reference) measurement data [41] in this study. Furthermore,
the piezoresistive and piezoelectric data were used to develop
and validate the proposed PPF method using the same data at
the three different frequencies.

In this work, several approaches were used to achieve the
PPF’s FISs, which fuse both piezoresistive and piezoelec-
tric characteristics. The FIS system contains several input
and output membership functions and a set of rules that
defines the input/output relationship. Designing and tuning
such FIS for the PPF method is challenging process. As a
result, data-driven based approaches were used for tuning
FIS’s parameters and learning the rules using the shifted data
and weight values from (2) or (3). These approaches were
the optimization method, data clustering, and combination
of type-2 FIS and data clustering. These approaches are dis-
cussed in the following subsections. The constant value (c) of
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FIGURE 3. PPF’s FIS tuning using data-driven optimization methods
schematic.

0.001 was used for the fusion at 0.1 Hz while a constant value
of one was used at 1 and 100 Hz frequencies.

A. OPTIMIZATION BASED PPF
The global optimization methods were implemented to
develop the PPF’s FIS at 0.1, 1, and 100 Hz strain measure-
ments scenarios. The tuning process of the fuzzy system was
conducted through two stages to improve the FIS’s perfor-
mance [61]. The first step was learning the rules of the fuzzy
system using the given data. Then, tuning the parameters of
both input and output membership functions (MFs) using the
rules which were learned in the previous phase. As shown
in Fig. 3, the optimization method adjusted the FIS’s param-
eters given the cost of each solution which is the root mean
square error (RMSE) in this study. The FIS retrieves the input
training data and its output compared with the output training
data to produce the solution’s cost [61].

At frequencies 0.1 and 1 Hz, which considered a low
frequencies strain measurements in this work, wPive was
assigned a full weight of one and wPric was computed using
equation (3) due to the high accuracy, sensitivity of piezore-
sistive characteristic. On the other hand, piezoelectric sensor
is more accurate for strain measurement at high frequencies
of 100 Hz, as shown in Fig. 2c. Therefore, a full weight of
one was given towPric andwPive was computed using (2). The
normalized errors for both sensors and wPric were the inputs
and output of the FISs; respectively, at the low frequencies.
However, the wPive was considered the output for the FIS due
to the high accuracy of piezoresistive sensor at high frequen-
cies. The input and output data were divided into two data
groups, training and validation data were using data with odd
and even indexed sample number, respectively. Only training
datawere used to generate the PPF’s FIS at different operation
frequencies. Conversely, validation data were used to tune
and verify the performance of FIS. In terms of optimization
methods, particle swarm optimization was utilized at learning
the rules phase under fixed input/output MFs’ parameters
using 20 iterations. The pattern search optimization method

was used for tuning the FIS’s parameters phase including
rules and input/outputMFswith 60 iterations. ThreeGaussian
MFs were chosen for the FIS’s inputs and outputs at 0.1 and
100 Hz operation frequencies, while three MFs were used at
1 Hz.

B. DATA CLUSTERING BASED PPF
Data clustering is considered the foundation for many group-
ing and system modeling algorithms [62]. Clustering is the
process of identifying and classifying a large set of data
into common groups. These groups form a compact model
that capture the system model’s performance accurately. The
Fuzzy Logic ToolboxTMin MATLABwas used to identify the
input/output data’s clusters using strain measurement data at
0.1, 1, and 100 Hz frequencies. Two clustering approaches
were used to develop the proposed PPF’s FISs, which were
fuzzy c-means (FCM) clustering and subtractive clustering.
They are discussed in the following subsections.

1) FUZZY C-MEANS (FCM) CLUSTERING
The FCM clustering was presented by Jim Bezdek
in 1981 [63]. In this technique, multidimensional data points
fall into a group with certain degree of belongingness, con-
trolled by a membership grade. The FCM command function
in MATLAB was used to perform the FCM clustering for the
input/output data sets and generate the PPF’s FISs [64]. The
FCM clustering process begins with initial random location
of the cluster’s centers and a membership grade specified for
each data points. Each cluster’s center is adjusted for data
input/output set iteratively by updating the data point’s cluster
and membership grade. The distance between each data point
and the cluster’s center is the objective function which is to
be minimized. The distance is weighted by the membership
grade. The maximum number of iterations and minimum
improvement between two consecutive iterations in the objec-
tive function’s values were 100 and 1 × 10−5, respectively.
The number of clusters was chosen to be six for the PPF at
0.1 Hz and 100 Hz, while five clusters was used at 1 Hz data
set classification. As a result, the number of input/outputs
MFs and rules in the FIS equals number of specified cluster
number for each frequency. The generated clusters’ centers
and membership grades were used by command line function
genfis in MATLAB to develop a Mamdani-type FIS.

2) SUBTRACTIVE CLUSTERING
The subtractive clustering was introduced by Stephen
Chiu in 1994 that significantly reduced the computational
cost [65]. For any given input/output set of data, subtrac-
tive clustering is considered a quick way to estimate clus-
ters’ numbers and centers’ locations. The subclust command
function in MATLAB was used to perform the subtractive
clustering for the data input/output sets and generate the
PPF’s FISs [66]. The subtractive cluster deals with each data
point as possible cluster center. Depending on the distribution
density of the input/output data points, the possibility of being
a cluster center is calculated. The data point with highest
likelihood is selected to be the first cluster’s center, whereas
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other number data points are removed based on the cluster
influence range of the input/output clusters’ centers. Then,
the algorithm selects the following data point with the highest
likelihood of being a cluster’s center. The latter two steps are
repeated until all data points fall inside the cluster influence
range. A cluster influence range of one was used to produce
the PPF’s FISs at the three strain measurement frequencies.
The generated clusters’ centers were produced by command
line function genfis in MATLAB to develop a Sugeno-type
FIS. One rule was generated for each cluster, and one MF for
input/output variables was produced for every cluster similar
to the FCM clustering.

C. TYPE-2 FUZZY INFERENCE SYSTEM (FIS) BASED PPF
Previous PPF methods used the traditional type-1 MF, which
has a unique membership value and utilizes a linguistic set to
model the degree of membership [67]. However, type-1 MF
does not include the model uncertainty in the membership’s
degree. On the other hand, type-2 MF has a range of val-
ues assign for the degree of membership. These values are
ranging from upper membership function (UMF) and lower
membership function (LMF), and the reign in between called
the footprint of uncertainty (FOU). For the proposed PPF
method, type-2 MF was utilized due to the model uncertainty
that might arise during the KF model design for both piezore-
sistive and piezoelectric strain sensors.

The subtractive clustering was used in the input/output
data set classification processes with cluster influence range
of one. In addition, the command line function genfis in
MATLAB was used to develop a Sugeno-type-1 FIS. The
generated type-1 FISs were converted to type-2 FISs using
convertToType2 command line function [68]. The UMF of
the generated type-2 FIS’s parameters matched the MF of
the type-1 FIS. The produced type-2 FIS utilizes default
properties of the Karnik-Mendel (KM) reduction method to
evaluate the output crisp value by finding the centroid of the
type-2 fuzzy set [68], [69].

III. THE PPF METHOD TESTING AND VALIDATION MODEL
A Simulink model was constructed to validate the PPF
method using the data in the study [41]. The model follows
the schematic of the PPF method in Fig. 4 and calculates the
final fused strain measurement using (4). The errors of both
piezoresistive and piezoelectric sensors were computed and
normalized. The normalized errors were fed to the fuzzy logic
controller block which utilized the developed PPF’s FISs for
the frequencies 0.1, 1 and 100 Hz. The generated weight of
wPive and wPric implemented in (4) beside the piezoresistive
and piezoelectric strain measurement to evaluate the final
fused strain measurements.

The final fused strain measurement was analyzed and
investigated for their root mean square error (RMSE) with
respect to the actual strain measurement. Additionally, it was
compared with the optimal linear smoother based fusion
technique at Park et al. study [41]. For the subtractive
clustering based PPF, the generated weights were plotted for

FIGURE 4. PPF’s FIS testing and validating Simulink model’s schematic.

each frequency’s scenario to evaluate the PPF method for
their sensitivity and performance. The proposed PPF method
fused both characteristics smoothly, taken the advantage of all
available strain measurement data, and produced a sensitive
wide band PVDF/MWNT strain sensor.

IV. RESULTS AND DISCUSSIONS
TheMWCNT/PVDF film has both piezoelectric and piezore-
sistive characteristics which strongly dependent on the
dynamic loading frequency. The PPF method was analyzed
at excitation frequencies of 0.1, 1, and 100 Hz. For strain
measurement under small operational frequencies (0.1 Hz
and 1 Hz), a full weight of one was given to the piezoresistive
sensor due to the high sensitivity measurement. In addition,
the PPF method predicted the piezoelectric’s weight in the
final fused signal based on the developed FISs. Whereas,
the whole piezoelectric strain measurements were used due
to their high accuracy and sensitivity at high frequency
(100 Hz). The FISs were used to estimate the piezoresistive
weight, which applied in the fusion process using (4). The
performance of the resulted FISs, which based on optimiza-
tion method, data clustering and fuzzy type-2 FIS, were vali-
dated and analyzed using fused strain’s accuracy and RMSE.
The generated subtractive based PPF’s weights retrieved and
investigated at the three frequencies. The following sections
discusses the results of proposed PPF’s performance.

A. OPTIMIZATION BASED PPF RESULTS
The optimization based PPF’s FISs were tested for the opera-
tion frequencies 0.1, 1 and 100 Hz, as shown in Fig. 5. For
the input/output labels, the piezoresistive and piezoelectric
sensors’ variables numbered as first and second, respectively.
Each FIS has two input and output MFs except the FIS for
1 Hz operation frequency which has three MFs. The input
variables’ values span values between zero and one because
the measurements’ error for both sensors were normalized.
The range of the MF’s outputs were determined based on the
maximum/minimum values of the estimated piezoresistive
and piezoelectric’s weights from either (2) or (3) at the three
operation frequencies.
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FIGURE 5. Input and output MFs of optimization based PPF’s FISs.

The developed FIS conveyed fuzzy system’s inputs into
the desired outputs based on the predetermined fuzzy rules.
The final set of rules were generated from the tuning stage
using tunefis command line function, as shown in Table 1.
These rules governed the relationship between the FIS’s
inputs and produces the desired outputs. The number of gen-
erated rules for the three operation frequencies 0.1, 1, 100
Hz were 5, 11, and 5, respectively. A higher number of rules
was associated with the 1 Hz FIS due to the higher number
of MFs need to relate to each other and the desire weight.
To connect between the antecedent’s conditions, AND (&)
operator, which stands for the minimum value among these

TABLE 1. Optimization based PPF’s FISs rules.

FIGURE 6. Optimization based PPF FISs’ fused output strain.

conditions’ values, was used. The Min implication method
was implemented to achieve the proposed FISs. In addition,
the MAX method of aggregation was utilized to combine the
rule’s outputs into a solo fuzzy set. The center of area (COA)
was used to defuzzifying the combined fuzzy’s output sets in
order to generate the appropriate sensors’ weights.

The estimated fused strain was generated and compared
with the actual, piezoresistive and piezoelectric strain sensors
at the three different frequencies, as shown in Fig. 6. A good
agreement between the actual strain measurements and the
PPF’s fused strains is observed using the optimization based
FISs. This accuracy achieved with comparable low iteration
numbers, where 20 and 60 iterations were used for learning
and tuning the FISs’s rules and parameters, respectively.

B. CLUSTERING BASED PPF RESULTS
The fusion FISs based on the two data clustering meth-
ods were retrieved and verified at the operating frequencies
of 0.1, 1 and 100 Hz. The clustering methods used were the
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FIGURE 7. Input and output MFs of FCM based PPF’s FISs.

FCM and subtractive clustering. The FISs were analyzed for
their input/output MFs’ parameter, generated rules and fused
strain’s RMSE in the following subsections.

1) FUZZY C-MEANS CLUSTERING (FCM) CLUSTERING
As shown in Fig. 7, the MFs for input/output variables
were generated to fuse the piezoresistive and piezoelectric
NC sensors at the three-operation frequency. The ranges
of both input and output variables matched those used in
the optimization-based FIS. A minimum number of MFs,
which could achieve good and accurate fused strain, was

FIGURE 8. FCM clustering based PPF FISs’ fused output strain.

defined manually. As shown in Fig.7a and 7c, the number of
input/output’s MFs have been chosen to be six MFs at 0.1 Hz
and 100 Hz, while 20MFs was chosen for the strain measure-
ments fusion at 100Hz, as shown in Fig.7b. The piezoresistive
and piezoelectric characteristic had relatively higher error at
the 100 Hz compared to other operation frequencies as shown
in Fig. 2b. However, minimizing the MFs would reduce the
output computation complexity and decrease the fused strain
accuracy. TheMFs were labeled by variables representing the
cluster number for input/output variables’ values.

A set of rules was produced for the FCM clustering
based FIS using the genfis command line function, as shown
in Table 2. The FISs for 0.1 and 100 Hz frequencies shared
six generated rules. While 20 rules were assigned for the 1 Hz
fusion frequency. The number of MFs and rules associated
with each frequency were equal. The AND (&) operator was
used to connect between the antecedent’s conditions andMIN
implicationmethodwas implemented to achieve the proposed
FISs. Additionally, the MAX method of aggregation was
utilized to combine the rule’s outputs into a solo fuzzy set.
To generate the appropriate sensors weights for the proposed
Mamdani FIS, the COA was used to defuzzifying the com-
bined fuzzy’s output similar to the optimization based FISs.

As shown in Fig. 8, the performance of the generated FISs
using the FCM clustering was evaluated. Compared to the
piezoresistive and piezoelectric strain sensors at the three
different frequencies, the PPF method had a good agreement
with the actual strain, which measured using the strain gauge.
The FIS at 1 Hz mismatched the three peaks out four, but still
more accurate the piezoresistive and piezoelectric sensors.
The fusion at 100 Hz achieved higher accuracy compared two
other FCM based FISs. Compared to the Park et al. fusion at
0.1 Hz and 100 Hz, the PPF’s fused strains matched well with
the actual strain despite the higher number input/output MFs.

2) SUBTRACTIVE CLUSTERING
The subtractive clusteringwas the second approach that based
on data classification. A Sugeno based FIS, which utilize
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TABLE 2. FCM Clustering based PPF’s FISs rules.

singleton outputMFs, was used to develop the PPF’s FIS [70].
The output MFs can be in the form of either a constant
or linear function in terms of the input values. The linear
function based Sugeno FIS was used for this study. The final
output weight is computed using the i rule output level (zi)
and rule firing strength (wi). The zi is function in two inputs
values e1 and e2 and three constant values ai, bi and ci, which
generated using genfis command line function in MATLAB,
as shown in (5):

zi = aix + biy+ ci (5)

where wi is evaluated from the rule antecedent using AND
method for both input errors. The weighted average was
used to compute final output weigh for N number of rules,
as follow (6):

Final Output Weight =

∑N
i=1 wizi∑N
i=1 wi

(6)

The FISs input’s MFs and output linear equations’ constants
were generated and tuned using subtractive clustering tech-
nique, as shown in Fig. 9. Two MFs were assigned for the
normalized error inputs at the three strain measurement fre-
quencies. EachMF represented a cluster of range of input val-
ues. The zi functions associated with the piezoelectric output
weight at 0.1 Hz and 1 Hz frequencies while piezoresistive
output weight at 100 Hz. The constant values of each FIS
were retrieved to evaluate the final output weights using the
weighting average.

Set of FISs’ rules were generated from the subtractive
clustering process using the genfis command line function,
as shown in Table 3. Similar to the MFs’ number, three rules
were produced for the FISs at 0.1 and 100 Hz frequencies.
The AND (&) operator was used to combine the fuzzified
input’s values for each rule. To generate the appropriate

FIGURE 9. Input and output MFs of Subtractive clustering based PPF’s
FISs.

FIGURE 10. Subtractive clustering based PPF’s FISs output fused strain.

sensors weights, the weighting average was used. The AND
operator works as a product of fuzzified input values [59].
This clustering method generate multi-label two MFs FISs
that has the same set of rules. The differences between the
developed subtractive based FISs were the inputMFs’ param-
eters and the output linear function constants’ values.
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TABLE 3. Subtractive clustering based PPF’s FISs rules.

FIGURE 11. Subtractive clustering based PPF’s FISs output weights.

The subtractive based PPF fusion method was tested and
compared with the NC piezoresistive and piezoelectric strain
signals, as shown in Fig. 10. A very good agreement between
the actual strain measurements and the PPF’s fused strains
was achieved using the subtractive clustering based FISs
compare to the Park et al. fusions at 0.1 Hz and 100 Hz.
A distinguished performance was achieved using comparable
small number of MFs, where only two MFs were utilized
for the three operation frequencies compared to previous
methods.

The piezoresistive and piezoelectric weights were retrieved
to analyze the developed subtractive based PPF method,
as shown in Fig. 11. Higher piezoelectric weights were gen-
erated by the PPF method at 1 Hz compared to 0.1 Hz and the
piezoresistive weights at 100 Hz, as shown in Fig. 11b. It is
due to the higher error of both piezoresistive and piezoelectric
sensors with respect of the actual strain measurements. Con-
versely, the generated piezoresistive’s weights at 100 Hzwere
relatively small, as shown in Fig. 11c. It was influenced by
the approximately harmonic error shape and comparatively
accurate piezoelectric strain sensor. Capturing the error sig-
nals’ shapes using fuzzy system had great impact on the PPF
method.

C. TYPE-2 FUZZY INFERENCE SYSTEM PPF
Type-1 fuzzy input MFs was used to model the degree of
membership for input values within a fuzzy set or cluster in
the previous methods. However, it does not incorporate the
model uncertainty in the membership’s degree. As a result,
the subtractive based FISs, which were developed in the
previous subsection, were converted to type-2 FISs, as shown
in Fig. 12. The input MFs were type-2 fuzzy set, while the

FIGURE 12. Input and output MFs of fuzzy type-2 based PPF’s FISs.

type-1 Sugeno system output MFs were kept the same. Each
input membership function consists of upper MF (UMF) and
lower MF (LMF), where the upper MF matches the type-
1 MF. The footprint of uncertainty spans the region between
the upper and lower MFs.

As shown in Table 3, the subtractive clustering-based FIS’s
rules were used for the type-2 FIS’ fusion. Total number of
two rules were generated and matched the number of MFs.
Unlike the type-1 Sugeno system, the degree of membership
for LMFs and UMFs were retrieved to fuzzified the inputs’
values. As a result, each MF had two fuzzy values and
the AND (&) operator was used to combine the fuzzified
input’s values for each rule resulting in a range of rule firing
strength [71]. To evaluate the output crisp value, the aggre-
gated type-2 fuzzy set converted to type-1 fuzzy set, which
called the centroid of the type-2 fuzzy set. The KM reduction
method was used to iteratively evaluate the centroid [69].

The fuzzy type-2 PPF fusion method was tested and com-
pared with the piezoresistive and piezoelectric strain sensors,
as shown in Fig. 13. Similar to the subtractive based fusion,
high agreement between the actual strain measurements and
the PPF’s fused strains when compared to the Park et al.
fusion method at 0.1 Hz and 100 Hz. This performance was
accomplished using only two MFs for the three operation
frequencies.

The RMSE of the developed PPF’s FISs were com-
puted, analyzed and compared with the Park et al. fusion
method, as shown in Fig. 14. Using the optimization
methods, the smallest PPF fused strains’ RMSE was

VOLUME 9, 2021 14761



A. Alotaibi, S. Anwar: FL Based PPF Algorithm for Carbon Nanocomposite Wide Band Strain Sensor

FIGURE 13. Fuzzy type-2 based PPF’s FISs output fused strain’s error.

FIGURE 14. Fused strain’s RMSE using PPF’s FISs at different frequencies
and compared with Park at el. fusion’s RMSE.

recorded as 1.596E-06 at 100 Hz. The maximum RMSE of
2.475E-05 accrued at the 1 Hz strain fusion. The fused strain
using the proposed PPF method minimized the RMSE sig-
nificantly compared to the Park et al. fusion method. The
fusion at 1 Hz was not provided in the study [41] to compare
with current fusion method. For the FCM based PPF, the
smallest RMSE of 4.43E-06 was calculated at 100 Hz using
the PPF method. Compared to the Park et al. fusion method,
the proposed PPFmethod obtained accurate fused strain mea-
surements. The smallest RMSE of 5.18E-09 and 3.77E-11
were found at 1 Hz and 100 Hz; respectively, using the
subtractive clustering based PPF method. At 1 Hz, the RMSE
was found to be to be 2.628E-05, approximately similar to
the RMSE of the optimization-based FIS. Both the FCM
and optimization based FISs based on Mamdani FIS, which
does not overcome the Sugeno FIS in the nonlinear dynamic
application. On the contrary, the PPF successfully estimated
the fused strain at 1 Hz and 100 Hz using the subtractive clus-
tering and fuzzy type-2 based methods. An average RMSE of

2.64E-09 was estimated at these frequencies. In addition,
at very low frequency strain measurement fusion of 0.1 Hz,
both clusters based PPF fusion minimize the RMSE com-
pared to the Park et al. fusion. Combining the subtractive
clustering with type-2 FIS resulted in reducing the RMSE by
approximately 4%. This improvement gained by the model
uncertainty feature of the fuzzy type-2 PPF. The developed
PPF’s FISs, based on type-2 fuzzymethod, successfully fused
the piezoresistive and piezoelectric measurements and pro-
duce accurate fused strain measurements.

The results of this study indicate that a real time wide
band nanocomposite strain sensor can be achieved using the
proposed PPFmethod. The subtractive based PPF utilized the
smallest number of two MFs in the three operation frequen-
cies to perform the fusion which minimize the computation
time for real time strain measurements fusion. Similarly, the
optimization based PPF fused both MWCNT/PVDF mea-
surement’s characteristics and had the same number of MFs
at 0.1 Hz and 100 Hz with relatively higher RMSEs. The
fuzzy type-2 and subtractive had the same number of two
MFs and approximately similar RMSE. The FCM clustering
based PPF contained the highest number MFs, which were
20 and 6 MFs, compare to the other derived FISs. The PPF
successfully fused the piezoresistive and piezoelectric char-
acteristics at their optimal performance and sensitivity. In the
current study, the estimate of actual strain measurements was
assumed to be available.

V. CONCLUSION
The In situ MWCNT/PVDF nanocomposite strain senor has
potential to capture both low and high frequency dynamic
strain measurements using both piezoresistive and piezoelec-
tric measurements, respectively. However, the band frequen-
cies of the strain sensor are limited to either piezoresistive
or piezoelectric depending on the design or measurements
criteria. In this study, a novel PPF method is proposed that
effectively combined both piezoresistive and piezoelectric
characteristics to capture wide frequency MWCNT/PVDF
strain measurements in real time. The proposed piezoresis-
tive/piezoelectric fusion (PPF), which is based on a fuzzy
logic inference engine, was introduced to combine both
piezoresistive and piezoelectric sensor data.

Different technique and methods were used to generate
the PPF’s FISs, such as optimization method, data clustering
and fuzzy type-2 system using MATLAB. The FCM cluster-
ing, subtractive clustering, and type-2 FISs were investigated
and compared with other fusion method in the literature.
At low frequency (0.1 Hz and 1 Hz) strain measurement,
the piezoresistive sensor was assigned a full weight while
the PPF’s FISs estimate the necessary piezoelectric contri-
bution weight. Both weights beside the piezoresistive and
piezoelectric strain measurements were used to enhance the
frequency range and increase measurements accuracy using
the developed fusion equation. The subtractive cluster and
type-2 FIS based PPF fused both measurements while attain-
ing high accuracy and relatively small RMSEs. However,
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type-2 FIS based PPF reduced the subtractive clustering’s
RMSE by approximately 4% at the frequency 0.1 Hz by
including the footprint of uncertainty. Both methods were
able to fuse the measurement using Sugeno FIS using only
two MFs for input/output variables. The optimization-based
FIS, with maximum number of MFs of three, utilized the
particle swarm optimization and pattern search algorithms to
learn and tune the FIS’s parameters, respectively. Addition-
ally, the optimization based FISs’s RMSE was approximately
60.47 % less than the FCM based FISs among the three fre-
quency. Sugeno based PPF indicated high accuracy compared
to the Mamdani FIS because of the Sugeno ability to work
with dynamic nonlinear systems efficiently. The developed
PPF was verified with experimental data at different dynamic
frequencies presented in [41]. The results correlated very
well with the actual strain measurement and greatly reduced
measurement error of both characteristics. The proposed
fusion approach has the potential for other measurement
methods, which are influenced by input frequency or similar
environment.

A more rigorous experimental validation of the proposed
fusion method is currently underway. However, future work
needs to concentrate on constructing a KF or equivalent
circuit model, which will simulate the MWCNT/PVDF strain
sensors’ characteristics. These models should capture the fre-
quency dependent performance characteristics with an actual
strain estimate. The estimated error would be employed by
the PPF method for optimal fused strain measurement esti-
mates. On a wider level, the PPF could be applied to different
sensing applications, where frequency or other phenomenon
influencing their performance could be improved through this
fusion based estimate overcoming such limitations.
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