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ABSTRACT Drift detection has been a difficult problem in the field of sensor fault diagnosis. In this
article, a sensor drift detection method using discrete wavelet transform (DWT) and a grey model GM(1,1)
is proposed. DWT is used to separate the noise part from the trend part of the sensor data. Then, the GM(1,1)
model is used for time series prediction in the trend part. Finally, residuals generated by predicted and current
denoised sensor data are calculated and compared with a pre-selected threshold for drift detection. The
residuals may not necessarily be Gaussian distribution. Therefore, the pre-selected threshold is chosen by
using the kernel density estimation (KDE) method without Gaussian assumption. The effectiveness of the
proposed method has been demonstrated using a simulated temperature sensor output from a sensor model
on a continuous stirred-tank reactor (CSTR), as well as measurements from a physical temperature sensor
in the nuclear power control test facility (NPCTF).

INDEX TERMS Discrete wavelet transform, fault detection, grey models, kernel density estimation, sensor
drift.

I. INTRODUCTION
Sensors are essential parts of technical processes that measure
some physical variables in real time. Sensor faults can lead to
catastrophic consequences. For example, in ThreeMile Island
accident in 1979 [1], measurements from a faulty sensor that
the operators were relying on played a major role in the acci-
dent sequence. Reliability of sensors is extremely important
for safe and reliable operation of technical processes. In prac-
tice, many sensors can be exposed to harsh environments
over a long period of time. This may lead to deterioration
in some sensing elements and cause the entire sensor to
malfunction. A fault is defined as an unpermitted deviation
of at least one characteristic property of a variable from an
acceptable behavior [2]. Sensor faults can be categorized into
abrupt faults and incipient faults. Abrupt faults can typically
be modeled as a step-like deviation, whereas incipient faults
(slowly developing) are represented by a drift [3]. Sensor drift
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refers to the case where the difference between the sensor
outputs and the actual value of the process variables diverge
linearly with time [4]. Traditional solutions to deal with
sensor drift is through periodic calibration (i.e. time-based
maintenance). There are some shortcomings associated with
periodic calibration: first, an industrial plant may have a large
quantity of sensors, and periodic calibration for every sensor
can be time-consuming and expensive. Second, in the process
of calibration, mistakes can be introduced inadvertently. Fur-
thermore, periodic calibration cannot ensure that a drift that
has occurred between calibration intervals can be detected
in time. Sensor fault detection refers to techniques to locate
faulty sensors in a system. Using fault detection techniques,
faulty sensors can be identified so that targeted calibration
can be performed. This is also known as condition-based
maintenance [5].

Drift detection has been a difficult problem in the field
of sensor fault diagnosis. For the sensor drift detection
problem, sensor drift detection approaches are typically
based on hardware redundancy or analytical redundancy.
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Hardware redundancy requires multiple physical sensors,
which may be associated with higher cost, increased main-
tenance and extra space for installation [6]. Cross-calibration
technique [7] is a method of hardware redundancy, but it is
difficult for cross-calibration technique to detect faulty sen-
sors with similar drift directions [8]. Analytical redundancy
estimates the output of a sensor analytically from other corre-
lated measurements in the system [8]. Fault detection meth-
ods based on analytical redundancy can be broadly divided
into model-based and data-based methods [9]. The former
[10], [11] requires accurate mathematical models, which
may be difficult to obtain. The data-based fault detection
methods do not require accurate models. Instead, data-based
fault detection methods detect faults through analysis of
fault-free training data obtained during normal (fault-free)
operations [8].

Many data-driven methods have been proposed to solve
the drift detection problem of sensors. Principal component
analysis (PCA), which is a data-based method, is used in [12]
to detect fixed and drifting biases of temperature and pres-
sure sensors in a refrigeration and air conditioning (R&AC)
system. PCA can transform correlated variables into new
sets of variables that are uncorrelated and retains the key
information of the original data set [13]. Nevertheless, one
assumption of using PCA is that variables should obey Gaus-
sian distribution. Furthermore, nonlinearities among different
variables increases the difficulty of detecting faults [14].
A sensor fault detection and diagnosis strategy for screw
chiller system using support vector data description-based
D-statistic and DV-contribution plots is proposed in [14].
The proposed DV-contribution plot showed more accu-
rate fault diagnosis results compared with the PCA-based
Q-contribution plot [14]. Furthermore, a multivariate chart
using partial least squares (PLS) with a continuous ranked
probability score (CRPS) is proposed in [15]. The pro-
posed approach uses PLS to generate residuals, and then
the CRPS-based chart is applied to reveal any abnormal-
ity [15]. The experiment results show that the proposed
method can detect the drift. A canonical variate dissimi-
larity analysis (CVDA) method for process incipient fault
detection is proposed in [16]. Both PLS and CVDA meth-
ods use correlations between variables in a system to detect
faults. However, only abnormal behaviors can be detected by
these methods. For locating the faulty sensor, intervention of
maintenance personnel or other fault isolation methods are
needed in those work [12], [14]–[16]. To detect the faulty
sensor directly without fault isolation methods, a sensor fault
detection method based on continuous wavelet transform and
image analysis techniques is proposed in [17] for spike, noise,
freezing and quantization faults. It can detect which faulty
sensor directly without fault isolation methods, but it cannot
identify sensor drift. This article solves the sensor drift fault
detection problem without fault isolation methods.

A sensor drift detection method using discrete wavelet
transform (DWT) and a grey model GM(1,1) is proposed
in this article. An incipient fault detection approach via

detrending and denoising has been proposed in [18], which
is applicable particularly for detecting short term incipient
faults with recovery features. A polynomial model is used
in [18] to remove the trend to obtain the residual, and then
perform denoising operation. In this article, sensor data is
firstly decomposed into high frequency (noise portion) and
low frequency (trend portion) components through DWT.
The reason is that different frequency components of sensor
output may contain different information about the process
being measured. Therefore, different frequency components
of sensor output can be used for a wide range of monitoring
applications [1]. For example, high frequency components
can be used for sensor abrupt fault detection [19], whereas
low frequency components can be used for incipient fault
detection. The drift signal is of low frequency. Therefore,
low frequency components can be used for drift detection.
In order to detect fault, sensor drift detection problem can
be transformed into a time series prediction problem in time
series data analysis [20], using grey models [21] or neural
networks [22]–[24].

In the grey model, grey system theory [25], [26] is used
to extract governing laws between sensor sequence data. The
basic idea of the grey model is to use the original data to form
the original sequence, and the new sequence is generated by
the cumulative generation method. It can weaken the ran-
domness of the original data and make it show more obvious
characteristics. It is found that the cumulative generation
curve is an approximate exponential growth curve, and expo-
nential growth is in the form of differential equations. Grey
model is established as the differential equation model for the
generated new sequence. The GM(1,1) model represents a
1st order, 1 variable differential equation model. Compared
to neural networks, the computational burden of the grey
model is much lower and prediction accuracy is much higher
[27]. Therefore, in the proposed method, the grey model is
chosen for time series prediction about the trend part of the
sensor signal. Finally, residuals generated by predicted and
current denoised sensor data are computed and compared
with a pre-selected threshold for drift detection. In summary,
the process of obtaining current trend data by the DWT is
referred to as ‘‘denoising’’. The process of obtaining pre-
dicted trend data by the grey model and calculating residuals
according to predicted values is referred to as ‘‘detrending’’.
The overall sensor drift detection process is shown in Fig. 1.

The effectiveness of the proposed approach has been inves-
tigated using a temperature sensor model in a continuous
stirred-tank reactor (CSTR) [16] and using actual measure-
ments from a temperature sensor of a nuclear power plant
physical simulator, known as nuclear power control test facil-
ity (NPCTF) [28]. In order to describe the detection process,
the following assumptions are made. (1) Fault-free sensor
data can be collected while the sensor is operating normally,
(2) Fault (drift) occurs while the system is operating in a
steady state condition, and (3) A single fault in the form of
drift is considered. The contributions of this article can be
summarized as follows: 1) A sensor drift detection method
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FIGURE 1. The overall process for sensor drift detection.

is developed. To the best of our knowledge, this is the first
approach that has used this technique to detect the drift.
2) The residuals do not have to follow a Gaussian distribu-
tion, because the kernel density estimation (KDE) method
is applied to calculate the threshold. Most of the existing
approaches assume that the residuals follow a Gaussian dis-
tribution. This may be too idealistic due to process nonlineari-
ties in actual systems and model error in residuals. The rest of
the paper is organized as follows. Sensor drift detection using
DWT and grey models is described in Section 2. Case studies
are presented in Section 3, and conclusions are drawn in
Section 4.

II. SENSOR DRIFT DETECTION USING DWT
AND GREY MODELS
A. SENSOR DATA ANALYSIS
Sensor measurement data is represented by ys(k), k =
1, 2, 3, . . . ,N , where N is a positive integer indicating the
total number of sensor readings collected in a sequence. ys(k)
is a general expression for sensor data. For a fault-free sensor,
ys(k) is represented as yfault−free(k) and for a faulty sensor,
ys(k) is represented as yfaulty(k). If the actual value of the
variable being measured (referred to as the trend part) is
expressed as y(k), then yfault−free(k) can be expressed as:

yfault−free(k) = y(k)+ e(k) (1)

where e(k) is sensor noise (due to the influence of external
environment and internal factors of the sensor). Under a drift
fault, yfaulty(k) deviates from the real value in a ramp manner
[29]. If the sensor output drift rate is β, then the yfaulty(k) can
be expressed as:

yfaulty(k) = y(k)+ β ∗ k + e(k) (2)

In brief, sensor data from a fault-free sensor includes a
trend part and a noise part, whereas sensor data from a
faulty sensor include a trend part mixed with a drift part
and a noise part. For sensor drift detection, the sensor data

is denoised in the initial step of the proposed method. Fur-
thermore, the method first learns a normal grey model from
the fault-free sensor data. This grey model is then used to
predict the trend data of the faulty sensor. In order to detect the
drift, residuals generated by predicted and current denoised
sensor data are calculated and compared with a pre-selected
threshold. The residuals from a faulty sensor should include
a drift part, which is assessed to detect the fault. The specific
algorithm is discussed in the following section.

B. DENOISING PROCESS USING DWT
Wavelet transform is a time-frequency analysis method. It has
been applied in several fault detection scenarios, such as in
heating, ventilating, and air-conditioning (HVAC) systems
[30], in feed water treatment process [31] and in distilla-
tion columns [32]. Discrete wavelet transform (DWT) [33]
can decompose signals into different frequency components
which can be used for denoising the data or for other analy-
sis. The purpose of DWT is to separate signals of different
frequencies in sensor data. High frequency signals repre-
sent noise signals and low frequency signals represent trend
signals. Since drift of the sensor is a low-frequency signal,
the goal of this article is to use DWT to extract low-frequency
signals in sensor measurement values, and then combine the
grey model algorithm for subsequent drift fault detection.
In the detection algorithm, the analysis and processing of
high-frequency signals are not involved. On the other hand,
the wavelet packet transform [34] will continue to decom-
pose high-frequency signal components, which indirectly
increases the computational complexity. Therefore, DWT is
used to decompose sensor data ys(k) and extract the trend part
y(k) as follows:
The theoretical essence of wavelet transform is space par-

tition. Given ys(k) ∈ L2(R), L2(R) is decomposed into the
set of subspaces W and V with J being any predetermined
scale. The number of wavelet decomposition layers J has
a great influence on the effect of DWT in extracting trend
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FIGURE 2. The space partition diagram of wavelet transform when J = 4.

FIGURE 3. DWT process diagram.

signals. Too many decomposition layers J will cause the loss
of low-frequency signal information and increase the amount
of calculation. If the number of decomposition layers J is too
small, the denoising effect will be unsatisfactory. Many tests
show that J = 4 can meet the detection requirements. The
space partition diagram of wavelet transform when J = 4 is
shown in Fig. 2.

L2(R) =
J∑
j=1

Wj ⊕ VJ (3)

Vj−1 = Vj ⊕Wj (4)

Wj⊥Wi, j 6= i (5)

where the symbol ⊕ denotes direct summation operator and
⊥ denotes an orthogonal operator.

Correspondingly, the signal ys(k) can be decomposed into
detailed and approximate parts [33],

ys (k) =
J∑
j=1

∞∑
l−∞

dj,lψj,l (k)+
∞∑

l=−∞

aJ ,lφj,l (k) (6)

ψ (k) =
√
2
∑
n

g (n) φ (2k − n) (7)

φ (k) =
√
2
∑
n

h (n) φ (2k − n) (8)

where j, l ∈ Z , dj,l is detailed coefficient and represents the
high-frequency information, aJ .l is approximate coefficient
and represents the low frequency information of the signal.
ψj,l(k) is the wavelet function, φj,l(k) is the scale function.

Dual-scale equations (7)(8) [33] show the relationship of
wavelet function ψ(k) and scale function φ(k). The physi-
cal realization of DWT can be transformed into the process

of constructing filters to realize signal decomposition. The
coefficients g(n) and h(n) are called a pair of high-pass and
low-pass wavelet filters. The coefficients g(n) and h(n) are
determined by the wavelet function ψ(k) and scale function
φ(k). Through g(n) and h(n), the signal ys(k) is decomposed
into low frequency component and high-frequency compo-
nent, respectively [33]. This process is shown in Fig. 3.
In order to maintain the consistency of the number of data
points N before and after the decomposition, low frequency
information aj.l and high frequency information dj,l in the
decomposition structure are reconstructed to obtain the low
frequency signal aj and the high frequency signal dj. There-
fore, trend data y(k) is the low frequency signal aj.

C. DETRENDING PROCESS USING GREY MODEL
Grey model can predict future changes according to the grey
system theory [25]. It can be used for status self-validation
of sensor arrays [27]. Trend data y(k) of the sensor can be
achieved in the DWT process. Y (0) is expressed as sensor
output trend series as follows,

Y (0) = [y (1) , y (2) , . . . , y (M)] (9)

whereM is a positive integer and y(k) ≥ 0. If y(k) is negative,
some processing is needed to be done to make them positive,
such as adding a positive number. The first order accumulate
generating operation (AGO) [35] of Y (0) is defined as

y(1) (k) =
k∑
i=1

y (i) (10)

The AGO is aimed at transforming an irregular, scattered
series of data into a smooth and monotonically increasing
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series to lessen the effects of random characteristics and noise
content in the data [36]. Then new sequence Y (1) can be
obtained. z(1)(k) is called the background value [27], which
means it is a weighted neighbor generation data.

Y (1) =
[
y(1) (1) , y(1) (2) , . . . , y(1) (M)

]
(11)

z(1) (k) = λy(1) (k)+ (1− λ) y(1) (k − 1) , λ ∈ [0, 1] (12)

New sequences are used to construct differential equations.
Based on this differential equation, the predicted value is
calculated by solving the equation. Differential equation is
defined as,

dy(1) (t)
dt

+ py(1) (t) = b (13)

where p is a developing coefficient and b is a control param-
eter. By discretizing (13), the grey difference equation, also
known as GM(1,1) [37], can be expressed as:

y (k)+ p
[
λy(1) (k)+ (1− λ) y(1) (k − 1)

]
= b (14)

The parameters p and b are estimated by using least square
estimation on (14) from the fault-free sensor data.

[p, b]T =
(
BTB

)−1
BTY (15)

where,

Y =


y (2)
y (3)
...

y (M)

 (16)

B =


−
[
λy(1) (2)+ (1− λ) y(1) (1)

]
−
[
λy(1) (3)+ (1− λ) y(1) (2)

] 1
1

...

−
[
λy(1) (M)+ (1− λ) y(1) (M − 1)

] ...

1

 (17)

In the case of known parameters p and b, the solution
of GM(1,1) is as follows. Note that y(1)pre (k + 1) is also the
predicted value of the new sequence Y (1).

y(1)pre (k + 1) =
[
y (1)−

b
p

]
e−pk +

b
p

(18)

Thus, the predicted value ypre(k + 1) of the actual sequence
Y (0) can be given as follows,

ypre (k + 1) = y(1)pre (k + 1)− y(1)pre (k) (19)

D. DETECTION PROCESS USING RESIDUALS
For drift detection, residuals generated by predicted trend
data ypre(k+1) and the actual trend data y(k+1) are calculated
and compared with the threshold for fault detection. A thresh-
old can be set based on the residuals of fault-free sensor data.
However, since residuals may not satisfy Gaussian distribu-
tion, therefore, the kernel density estimation (KDE) method
[16] is used to select the threshold. The chosen kernel is given

in (21). The probability is calculated by estimating the proba-
bility density function of residuals from fault-free sensor data.
Then the threshold th is obtained by a set confidence level α.

r (k + 1) = y (k + 1)− ypre (k + 1) (20)

K (g) =
1
√
2
exp

(
−
g2

2

)
(21)

P (−th < r < th) =
∫ th

−th

1
Mh

M∑
k=1

K
(
r − r (h)

h

)
= α (22)

where r(k) is the kth sample of r , h is a smoothing parameter.
If the absolute value of residual r(k) is greater than the
threshold value th, then the sensor is considered to be faulty.
The flow chart of the sensor drift detection process is shown
in Fig. 4.

FIGURE 4. Flow chart of the sensor drift detection process.

III. CASE STUDIES
A. CSTR SIMULATION EXPERIMENT
CSTR (continuous stirred-tank reactor), shown in Fig. 5, is a
Simulink simulation model [16] of a chemical reactor that has
been used to investigate the effectiveness of the proposed sen-
sor drift detection method. CSTR is a tank reactor with stir-
ring and is a typical industrial chemical production process.
The purpose of stirring is to make the reaction of materials
in the container more uniform. The reaction process includes
physical and chemical changes of the materials in the system,
and parameters that characterize the system characteristics
include temperature, pressure, liquid level, concentration and
so on. As shown in Fig. 5, T is temperature,C is concentration
and Q is flow rate. A temperature sensor Tci in the CSTR
Simulink model is selected for investigation. The temperature
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FIGURE 5. Schematic of the CSTR [16].

measurement duration is 1200 minutes. The variance of the
Gaussian noise is 0.05 K2. Simulation experiments have been
performed in two scenarios, first on the training sensor data
with fault free sensor and then on the testing sensor data.

For the first scenario, training Tci sensor data is collected
with a sampling interval of 1 min. Due to noise and other
interference, Tci sensor data fluctuates. Then, DWT is used
to decompose sensor data ys(k) and extract the trend part y(k)
as discussed in Section 2. Level 4 of approximate information
and db4 wavelet are chosen as level 4 contains the least noise
signal. Therefore, trend data y(k) is obtained by reconstruct-
ing the approximate information of level 4. The next step is
to construct GM(1,1) model based on trend data y(k), which
essentially transforms the drift detection problem into a time
series prediction problem. GM(1,1) model is built in this part.
In order to validate the GM(1,1) model, another fault-free
Tci sensor data is collected and processed (denoised and
detrended), which is shown in Fig. 6. Actual value y(k) and
predicted value ypre(k) of Tci sensor trend data are obtained
by the GM(1,1) model. Then residuals are calculated through
actual value y(k) and predicted value ypre(k) of the Tci sensor
trend data. The absolute values of residuals in the fault-free
state are shown in Fig. 7 while the probability density func-
tion (PDF) curve of residuals is shown in Fig. 8. With the
confidence level set to 99.9%, the threshold th is found to
be 4.6468 K. It can be seen from Fig. 7 that the absolute
values of the residuals are all smaller than the threshold, so the
CSTR temperature sensor is in a normal state. Fig. 8 is the
PDF curve of the residuals. The PDF curve has three peaks
and is not a Gaussian distribution. Therefore, it cannot be

FIGURE 6. CSTR temperature sensor data in the fault-free state.

FIGURE 7. CSTR temperature sensor absolute values of residuals in the
fault-free state.

FIGURE 8. PDF of residuals in the fault-free state.

directly assumed that residuals follow a Gaussian distribu-
tion. This article uses the kernel density estimation method
to calculate the threshold. This method does not have the
assumption that the residuals follow a Gaussian distribution
and is more realistic in practical applications.

For the second scenario, drift is introduced in the Tci sensor
at 200th minute while the other components in the CSTR
system are working normally. The drift rate is set to be at
0.02 K/min. DWT is used to denoise, whose result is shown
in Fig. 9. In the first layer of DWT, the sensor data is decom-
posed into a1 and d1 through wavelet analysis. a1 is the
sensor trend signal, and d1 is the sensor noise signal. In order
to further denoise, wavelet decomposition is performed on
the sensor trend signal. a1 is decomposed into a sensor trend

FIGURE 9. DWT result of the testing data.
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signal a2 and a sensor noise signal d2. a2 is decomposed into
a sensor trend signal a3 and a sensor noise signal d3. a3 is
decomposed into a sensor trend signal a4 and a sensor noise
signal d4. a4 is selected as the sensor trend data because a4
contains less noise. For detrending, actual value y(k) and the
predicted value ypre(k) of Tci sensor data are calculated. The
denoising and detrending processes use the same parameters
as in the training Tci sensor detection procedure. Finally,
residuals are calculated through the actual value y(k) and the
predicted value ypre(k) of Tci sensor trend data. The absolute
values of residuals are shown in Fig. 10. The threshold th is
set at 4.6468 K. As can be seen from Fig. 10, the absolute
values of the residuals exceed the threshold th when k =
333rd∼353rd min and k > 524th min. Therefore, it can be
detected that the Tci sensor has a drift fault.

FIGURE 10. Absolute values of residuals of the testing data.

Compared to neural networks, the computational require-
ment (measured in terms of execution time) of the grey model
is lower and the prediction accuracy is higher [27]. Here,
the back propagation neural network (BPNN) [23] is used
as a neural network method to compare with the grey model
GM(1,1). For comparison, both were implemented on a PC
platform (2.2GHz frequency and 8Gmemory). The program-
ming language used in this article is MATLAB. Performance
comparison of neural network and grey model is shown in
the Table 1, Fig. 11 and Fig. 12. From Table 1, the execution
time of BPNN is much longer than that of GM(1,1). And
the mean absolute error of BPNN is also larger than that
of GM(1,1). The accuracy of the prediction model directly
affects the mean absolute error. The more accurate the model,
the smaller themean absolute error, and vice versa, the greater
the mean absolute error. Through 5 cycles of simulation
experiment comparison, the performance data of BPNN has
a certain degree of instability (fluctuation) compared with
GM(1,1). Therefore, grey model is chosen for time series
prediction in the trend part of the sensor signal in the proposed
method.

B. NPCTF EXPERIMENT
NPCTF (Nuclear Power Control Test Facility) [28] is a
nuclear power plant physical simulator atWestern University,
which physically simulates the major components, process

TABLE 1. Performance comparison of neural network and grey model
(CSTR).

FIGURE 11. Execution time comparison NN vs GM(1,1) in CSTR.

FIGURE 12. Mean absolute error comparison NN vs GM(1,1) in CSTR.

and instruments and control system of a nuclear power plant.
NPCTF is a physical experiment platform for simulating
the power generation process of nuclear power plants. The
platform uses a heater to simulate the heat released by nuclear
reactions. NPCTF transfers the heat released by the reaction
by the water cycle in the whole control system. Finally,
the NPCTF simulates the entire power generation process in
the nuclear power plant. The Part of the control loop is shown
in Fig. 13. The partial P&ID diagram of the NPCTF is shown
in Fig. 13. In Fig. 13, prefix CV stands for control valve.
Similarly, prefixP is pressure sensor, T is temperature sensor,
F is flow sensor, L is level sensor, and Po is position of the
control valve. This system has been used to investigate the
effectiveness of the proposed fault detection method. A tem-
perature sensor, T2, has been used. As in CSTR, Training
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FIGURE 13. Partial P&ID diagram of NPCTF [28].

T2 sensor data and testing T2 sensor data are denoised and
detrended, and the residuals are calculated. Details of the fault
detection experiment process is as follows.

For the first scenario, training T2 sensor data is collected
with sampling interval 1s, while the sensor is in a fault-free
state. Then, DWT is used to obtain the trend part y(k). In the
next step, GM(1,1) model is constructed based on the trend
data y(k). In order to validate the GM(1,1) model, another
set of fault-free T2 sensor data is collected and processed,
which is shown in Fig. 14. Actual value y(k) and predicted
value ypre(k) of T2 sensor trend data are obtained by the
GM(1,1) model. Then residuals are calculated through actual
value y(k) and predicted value ypre(k). The absolute values
of residuals in the fault-free state are shown in Fig. 15 while
the probability density function (PDF) curve of residuals is
shown in Fig. 16. With a confidence level 99.9%, the thresh-
old th is found to be 0.1488 ◦C. In the Fig. 15, the absolute
values of the residuals are all smaller than the threshold, so the

FIGURE 14. Temperature sensor data in the fault-free state.

FIGURE 15. Temperature sensor absolute values of residuals in the
fault-free state.

NPCTF temperature sensor is in a normal state. Fig. 16 is the
PDF curve of the residuals. The PDF curve has two peaks and
is not fully a Gaussian distribution. Therefore, it cannot be
directly assumed that the residuals follow a Gaussian distri-
bution. This article uses the kernel density estimation method
to calculate the threshold. This method does not have the
assumption that the residuals follow a Gaussian distribution,
and is more realistic in practical applications.

In order to simulate the drift fault based on the real sensor
data, a drift is artificially introduced at the 100th second in
the temperature sensor T2, while other components of the
NPCFT system are kept unchanged. The drift rate is set to
0.0006 ◦C/s. The result of DWT step is shown in Fig. 17.
In the first layer of DWT, the sensor data is decomposed into
a1 and d1 through wavelet analysis. a1 is the sensor trend
signal, and d1 is the sensor noise signal. In order to further
denoise, wavelet decomposition is performed on the sensor
trend signal. a1 is decomposed into a sensor trend signal
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FIGURE 16. PDF of residuals in the fault-free state.

FIGURE 17. DWT result for the measurements.

FIGURE 18. Absolute values of residuals for the measurements.

a2 and a sensor noise signal d2. a2 is decomposed into a
sensor trend signal a3 and a sensor noise signal d3. a3 is
decomposed into a sensor trend signal a4 and a sensor noise
signal d4. a4 is selected as the sensor trend data because a4
contains less noise. Therefore, trend data y(k) is obtained by
reconstructing the approximate information of level 4. For
detrending, predicted value ypre(k) is computed by GM(1,1)
model. Both DWT and GM(1,1) processes use the same
parameters as in the training T2 sensor detection procedure.
Finally, residuals are calculated through actual value y(k)
and predicted value ypre(k) of T2. Detection result in the
temperature sensor is shown in Fig. 18, which indicates that
drift can be successfully detected when k = 252nd∼262nd s
and k > 340th s.

The back propagation neural network (BPNN) [23] is
used as a neural network method to compare with the grey

TABLE 2. Performance comparison of neural network and grey model
(NPCTF).

FIGURE 19. Execution time comparison NN vs GM(1,1) in NPCTF.

FIGURE 20. Mean absolute error comparison NN vs GM(1,1) in NPCTF.

model GM(1,1). For comparison, both were implemented on
a PC platform (2.2GHz frequency and 8G memory). The
programming language used in this article is MATLAB. Per-
formance comparison of the neural network and the grey
model approaches is shown in Table 2, Fig. 19 and Fig. 20
From Table 2, The execution time of BPNN is much longer
than that of GM(1,1). And the mean absolute error of BPNN
is also larger than that of GM(1,1). The accuracy of the
prediction model directly affects the mean absolute error. The
more accurate the model, the smaller the mean absolute error,
and vice versa, the greater the mean absolute error. Through
5 cycles of simulation experiment comparison, the perfor-
mance data of BPNN has a certain degree of instability
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compared with GM(1,1). Therefore, grey model is chosen for
time series prediction in the trend part of the sensor signal in
the proposed method.

IV. CONCLUSION
Sensor drift detection has been a difficult problem in the
field of sensor fault diagnosis. Sensor drift detection on the
field device side requires a non-invasive, low computational
burden method. This article proposes a sensor drift detection
method using discrete wavelet transform (DWT) and grey
models. DWT is used to decompose the signal. Grey models
are done for detrending. In the detection phase, the kernel
density estimation (KDE) method is used to set the threshold
in order to relax the assumption of residual Gaussian dis-
tribution. Compared with neural networks, this method has
lower computational burden and higher prediction accuracy.
To the best of our knowledge, this is the first approach that
has used this technique to detect a sensor drift. Through
CSTR and NPCTF experiments, it has been demonstrated
that the proposed method can effectively detect a sensor
drift.
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