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ABSTRACT This paper analyzes a cohort of children diagnosed with congenital strabismus independent
of the deviation direction, dissociated and non-dissociated, to identify anisocoria magnitude under scotopic
conditions. This disease presents changes in the white matter affecting the nerve conduction in the cortical
integrator, exacerbating the reflexes controlling pupil size, producing subtle changes in the pupil dimensions
that are difficult to measure using current methods. The proposed indexes estimate the degree of anisocoria
using the Feret diameter and the Pattern Pupil parameter. This research presents a prospective, transversal,
and experimental study carried out on 168-Mexican children aged 5-15 years from Querétaro, México,
diagnosedwith dissociated and non-dissociated congenital strabismus. The utilized images come from videos
of each patient recorded in scotopic lighting conditions (0.3 lux). The ophthalmologist measured the Feret
diameters of both pupils using the ImageJ software. 11.9% of the sample group showed ‘‘Very significant,’’
and ‘‘Significant’’ degrees of anisocoria, whereas 88.1% of the sample group had ‘‘Non-significant,’’
and ‘‘Few significant’’ degrees of anisocoria. When comparing the results with those obtained using the
perimeter, and the diameter, subtle variations of anisocoria were better detected using the area criterion.
ANOVA experiments allowed the following: 1) dissociated and non-dissociated congenital strabismus
identification using nidp index, and 2) the comparison of the anisocoria degrees identified by the nidp and
Ddmm ≥ 0.4 mm indexes.

INDEX TERMS Anisocoria, anisocoria indexes, Feret diameter, pupil pattern, congenital strabismus.

I. INTRODUCTION
The neurophysiological balance between the dilator and con-
strictor muscles, the entrance of light, and the sympathetic
and parasympathetic activity determine the size and shape of
pupils [1], [2]. However, neurophysiological equilibriummay
not be the same for both pupils, causing asymmetry in size or
shape, or both and may also affect reaction speed [3]. When
the difference in the diameter size of pupils is more than
0.4 mm, it is called anisocoria [4]–[6]. Experts usually check
for anisocoria exploration undermesopic illumination, that is,
with dim but not quite dark lighting. However, in some cases,
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researchers carry out the pupil measurements in scotopic
lighting conditions, i.e., under very low-light levels almost in
the dark, in which the small size of the pupil is considered
pathological [7], [8]. Particularly in congenital strabismus,
the exacerbation of the constrictor reflex appears only in
scotopic conditions [9]. There are few reports on normative
data concerning pupil size and anisocoria. Often, authors
compare the diameter difference between a normal and a
pathological pupil. If the difference is at least 0.4 mm, then
this classifies as anisocoria. Nevertheless, there is no standard
diameter difference obtained formally in research to identify
anisocoria. Regardless of this situation, anisocoria indicates
alterations in the structure of the pupillary function [5]; it
serves as a sign to identify neurological state of the patient,
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and aids in medical making decisions. Therefore accuracy
in identifying and measuring anisocoria is necessary [10].
Specialists have employed different methods to acquire the
diameters of pupils. For example, they have used infrared
photography and equipment to digitize with sufficient sen-
sitivity to identify variations of 0.1 to 0.5 mm [11], [12].

On the other hand, traditional studies on anisocoria
consider the perimeter or diameter and not the area of
pupils [7], [13]. Because congenital strabismus is a disease
with subtle neurological alterations, this model has been used
to measure pupil asymmetry [14], [15]. Anisocoria is more
evident for some neurological illnesses, and the specialist
can measure it using an automated pupillometer. However,
congenital strabismus is a biological model that offers subtle
and gradual changes in pupil size. Hence these variations in
dimensions are difficult to detect using the perimeter, and
the diameter. To overcome this limitation, we introduced the
concept of Pattern Pupil (PP) and we took the area of both
pupils as key measurements.

Section II-C1 presents the PP concept using the average
area computed from both pupils. As a consequence, small
changes in their sizes are better detected. Therefore, the PP
parameter permits the introduction of a reference to analyze
each pupil independently using normalized indexes, and due
to this characteristic, scale problems on the processed images
do not appear. On the other side, the maximum Feret diame-
ter of pupils allows computing a representative mean area.
Section II-C2 presents a new index nidp, considering the
arithmetic difference of the indexes iipr (for the right pupil)
and iipl (for the left pupil) estimated individually. The new
index nidp shows the presence of several degrees of aniso-
coria, indicating more sensitivity. The processed data graph-
ically illustrate this behavior. Historically, in neuroimaging,
a more accurate diagnosis prognostic appears with the use of
more sensitive equipment [16], which can measure or detect
small values. These medical instruments help the physician
to get a better assessment [17] and correlate the new values
with the clinic [18]. Thus the proposal of this paper agrees
with this idea. In section II-C3, the computed indexes based
on the perimeter, and diameter, are compared with the results
found using the PP. Section III corresponds to the results and
presents two studies of ANOVA. The first study shows that
the subtle changes detected by the nidp index help to identify
the dissociated and non-dissociated congenital strabismus,
and the other analysis compares the different degrees of
anisocoria recognized with the nidp and Ddmm ≥ 0.4 mm
(diameter ≥ 0.4 mm) indexes. The discussion section, IV,
presents the mean uncertainty of the nidp index, together with
the analysis of a sample of patients with anisocoria taken from
a paper published in the literature, whereas section V gives
the conclusion.

A. CONGENITAL STRABISMUS AND PUPILLOMETRY
Congenital strabismus is the most common form of presenta-
tion [19]; it is concomitant and can present inward deviation
(esotropia) or outwards (exotropia) [20].

On the other hand, dissociated strabismus is a subtype
of congenital strabismus that occurs in both esotropias and
exotropias [21], [22]. This paper analyzes patients with disso-
ciated and non-dissociated congenital strabismus. However,
many times it is not possible to differentiate dissociated
and non-dissociated forms clinically [23]–[25]. Dissociated
congenital strabismus manifest slow, variable, and asym-
metric movements that can be vertical called Dissociated
Vertical Deviation (DVD) or horizontal movements, known
as Dissociated Horizontal Deviation (DHD) [26]. Because
dissociated movements are manifested by the patients when
one eye is occluded or when fixation changes [27], it is
believed that the asymmetric input exacerbates them [28],
[29]. Dissociated movements have a poor prognosis in the
sense of leading to unsatisfactory results [30], [31], com-
pared to non-dissociated forms. The American Academy of
Pediatric Ophthalmology concludes that the non-dissociated
congenital strabismus has a good aesthetic and functional
prognosis, whereas, at the same time, the Cochrane Database
Syst Rev study shows discouraging results for the treatment
of dissociated congenital strabismus [31]. Several clinical
and neuroimaging analyzes show that dissociated congeni-
tal strabismus has more significant neurological alterations
[32], [33] compared to non-dissociated forms. Neuroimaging
studies in the cerebral cortex of strabismic patients corrobo-
rate this situation [33], [34]. It is noteworthy to mention that
the International Classification of Diseases, Ninth Revision,
Clinical Modification (ICD-9-CM) [35], recognize 78 codes
typifying different varieties of strabismus [36].

On the other hand, since 1929, the pupillary response
has been used for diagnostic and prognostic [37]. Video
and infrared light pupilography showed to be a useful tool
to detect the effect of some drugs and to analyze Horner
syndrome or tonic pupil of Adie [38]. For diagnostic and
prognostic purposes, pupilography has several applications,
for example, its use in optic neuropathy and afferent pupil-
lary defect [39], in sleep disorders [40], and other diseases
[41], [42]. The study performed by Girking [43] evaluated
the behavior of both neurological and ophthalmological dis-
orders for diagnostic purposes but, unfortunately, did not
address the strabismus issue. Yet, there are no precedents to
identify and measure anisocoria in children with congenital
strabismus.

II. MATERIALS AND METHODS
This observational, cross-sectional, and prospective study
included 168-Mexican children aged 5-15-years from Queré-
taro, with an established diagnosis of dissociated and non-
dissociated congenital strabismus. The ophthalmologist and
the staff at the Institute of Congenital Diseases of Querétaro,
México, from 2017 to 2018 collected medical records and
carried out the clinical examination.

On the other hand, the research presented here conforms to
the principles of the Declaration of Helsinki. Any procedure
carried out on the patients had the consent of the participants
and parents. The number of patients who came to the center
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and met the inclusion criteria determined the size of the
sample.

Inclusion criteria: diagnosis of dissociated and non-
dissociated congenital strabismus; age, 5-15 years.

Exclusion criteria: diagnosis of secondary strabismus (neu-
rological, traumas, diseases), presence of conditions such as
Attention-deficit/hyperactivity disorder (ADHD), epilepsy,
dyslexia, and depression, use of medication that could affect
the central nervous system, and premature birth.

A. IMAGING
The ophthalmologist filmed all patients in scotopic condi-
tions, 0 lux - 0.3 lux, using high sensitivity video with a night
vision system based on Night Shot technology incorporated
in a Sony digital camera, model DCR-DVD108. A seventy-
seven LEDs(wavelength 850 nm) lamp of 5 mm was placed
to 2 m in front of the pediatric patients during the experiment.
For each recorded video, the camera location was at eye level
with the patient in a sitting position facing forward. During
the session, children looked at 10 × 10 cm white target
located 2 m away for fixation and accommodation control,
to capture both pupils simultaneously. Fig. 1 illustrates the
experiment configuration. Then, the ophthalmologist selected
and classified several frames. Fig. 2 shows the type of images
analyzed in this study.

FIGURE 1. Experiment configuration.

The results presented in our paper considered the same
illumination condition for each patient. Yet, it is difficult
to perform all the examinations in a dark room because
there are variations in ambient illumination during the exam
since the light emitted from the video-camera display pre-
vented complete darkness [44]. The Fig. 3 in [45], illustrates
that the pupil size varies few between 0 lux–0.5 lux, and
in Table 1 provided in [44], shows that the prevalence of
anisocoria ≥ 0.4 mm is the same between 0 lux–0.3 lux.
It is noteworthy to mention that the pupil size changes under
different conditions, and not only for the illumination but
emotional distress, pupillary unrest, among others, provoke
changes.

FIGURE 2. The analyzed video frames. These images correspond to the
right and left eyes of a patient 10-year-old diagnosed with congenital
strabismus. Notice the difference in size and shape of pupils. In this case,
the pathological pupil, left eye, presents the smaller size in scotopic
conditions.

FIGURE 3. Set of parameters utilized in this research [47]. Notice that a
circular representation means identical maximum and minimum Feret
diameters.

B. SAMPLE TREATMENT
The ophthalmologist analyzed each video sequence and
selected the best images to compare both pupils for each
patient. The focus, attention, and involuntary movements of
the eyes were essential in the selection process to avoid
induced miosis due to inadequate placement. It is noteworthy
to mention that children were looking straight ahead dur-
ing the session. The same physician obtained all measures
in pixels, and the experiments were at scotopic conditions
(0 lux-0.3 lux).

ImageJ software [46] allowed the ophthalmologist to mea-
sure maximum and minimum Feret diameters for the corneas
and pupils in the selected images. Fig. 3 illustrates these
parameters in a general way [46]. The authors used the
ExcelTM software to compute the proposed indexes manu-
ally for the 168 patients, and the OriginTMprogram allowed
researchers to obtain all the graphics.

C. PROPOSALS FOR AN INDIVIDUAL PUPIL ANALYSIS
1) ESTABLISHMENT OF INDICES USING A RATIO OF AREAS
The concept of PP introduced as follows will be useful to
identify the difference in size in each analyzed pupil.
Definition 1 (Pattern Pupil PP): Area of a circle whose

diameter is equivalent to the average value between the max-
imum Feret diameter of both pupils.

PP =
π [FMPR+ FMPL]2

16
(1)

where PP denotes the average area of both pupils, FMPR and
FMPL represent the maximum Feret diameter of the right and

left pupils, and rpp=
( FMPR

2 +
FMPL

2 )
2 =

FMPR+FMPL
4 designates

the average radius obtained from the Feret diameters of both
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FIGURE 4. Relation of areas among the pupils. (a) and (b) maximum Feret
diameter for a hypothetical example considering different sizes for the
right and left pupils denoted as FMPR (Feret maximum pupil right) and
FMPL (Feret maximum pupil left). The expression π(radius)2 allows
calculating the areas Arp and Alp; (c) rpp radius obtained from
parameters of both pupils, and (d) location of the PP (black) between the
edges delimited by both pupils represented in red and orange.

pupils. Fig. 4 provides a hypothetical example showing the
parameters appearing in (1). Note that in Fig. 4(d) the PP
location is between both pupils.

The iipr and iipl expressions for each pupil in terms of PP
are the following.

iipr =
Arp

PP
(2)

iipl =
Alp

PP
(3)

where iipr and iipl represent individual area ratio indexes, for
the right and left pupil, respectively, Arp and Alp correspond
with the area of the right and the left pupil. If iipr = 1 and
iipl = 1, the pupils have a circular shape with the same size.
Otherwise, PP is between both pupils, i.e., there is anisocoria.
A comparison using PP with each pupil permits an individual
analysis.

The application of (2) and (3) on the set of 168 patients
produce several values. Figs. 5(a) and 5(b) show these values
sorted in a descending way. Since indexes are area ratios,
scale problems are not a problem. Fig. 5(c) illustrates the
overlapped iipr and iipl indexes. Whereas Fig. 5(d) shows the
arithmetic differences between the iipr and iipl values.

Exist other indexes utilized in several papers, one of them
is, for example, the proximity criterion ρ(x), which allows
modifying the image contrast [48] through the toggle map-
pings, and in [49], researchers introduce a pattern to verify
the graphite distribution.

2) PUPILS ANALYSIS BASED ON THE DIFFERENCE BETWEEN
THE AREA RATIOS
In section II-C1, iipr and iipl indices were introduced, which
can provide individual information for each pupil. From (2)
and (3), we could deduct the following,

nidp = abs(iipr-iipl) =
abs(Arp − Alp)

PP
(4)

FIGURE 5. iipl and iipr indexes for each pupil. (a) iipl vs. ‘‘ordered
patient’’; (b) iipr vs. ‘‘ordered patient’’; (c) overlapped graphics (a) and
(b); (d) absolute arithmetic difference point by point of the iipl and iipr
indexes.

FIGURE 6. Behavior of nidp index. (a) nidp vs. ‘‘ordered patient’’; (b) four
regions detected and delimited with four straight lines on the curve nidp
vs. ‘‘ordered patient’’; (c) mathematical approximation of the function
presented in Fig. 6(a) using four straight lines given by (5).

where nidp represents a normalized index based on the area
difference between both pupils, and abs() denotes the abso-
lute value. From (4), notice that if the areas of both pupils
are equal, nidp = 0. However, if nidp 6= 0, anisocoria is
established because the sizes of pupils are different.

Fig. 6(a) shows the nidp values sorted in descending order.
Hence, the nidp index helps to determine distinct degrees of
anisocoria. For example, if patient 1 has a nidp1 value, and
patient 2 has nidp2 with nidp1 > nidp2, then patient 1 presents
more anisocoria than patient 2. In Fig. 6(b), the four zones
marked in red serve to detect four degrees of anisocoria.
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FIGURE 7. The nipp index describes the behavior of pupils in terms of the perimeter. (a) nipp
vs. ‘‘ordered patient’’; (b) three categories of anisocoria detected due to three changes of
slope on the curve.

TABLE 1. Coordinates used to build the graph in Fig. 6(c) using the nidp
index and the detected degrees of anisocoria. The coordinates belong to
the original curve in Fig. 6(a).

The selection of the straight lines between each intersection
comes from the changes in the slope of the graph nidp vs.
‘‘ordered patient’’; i.e., the red lines changes its direction
following the shape of the curve. Also, it is possible to take
more or fewer slopes. However, in this paper, we consider that
four straight lines give a good approximation to the original
curve. Fig. 6(c) presents an estimate of the graph in Fig. 6(a)
considering the red lines. Table 1 displays the coordinates
used to build the curve in Fig. 6(c). Equation (5) expresses
the mathematical function f (x) observed in Fig. 6(c).

f (x) =


−0.0831x + 0.5971 if 1 ≤ x ≤ 3
−0.0114x + 0.3935 if 3 ≤ x ≤ 20
−0.0021x + 0.205 if 20 ≤ x ≤ 66
−0.001x + 0.1069 if 66 ≤ x ≤ 168

(5)

where x denotes the ordered patient.
The four regions associated with changes in the slope

in Fig. 6(c), allows identifying four intervals linked with
four degrees of anisocoria. Area 1 contains 102 patients,
zone 2 has 46 patients, sector 3 with 17 patients,
and 3 patients belong to region 4. The anisocoria detected
in Fig. 6 (c) has the next classification: ‘‘Very significant’’
(VS), ‘‘Significant’’ (S), ‘‘Few significant’’ (FS), and ‘‘Non-
significant’’ (NS), respectively. Table 1 summarizes the pre-
vious information. It is noteworthy to mention that f (x)
indicates that anisocoria has a well-defined behavior, and the
straight lines have the roll of detecting the threshold values
(obtained from the curve in Fig. 6(a)) between each delimited
region.

3) INDEX BASED ON THE PERIMETER OF PUPILS
The conventional way to deal with anisocoria is by comparing
the perimeters of both pupils. Thus, as a proposal, the next
index will be useful to obtain a measure related to the pupil
border.

nipp =
prp
plp

(6)

nipp represents a normalized index using the perimeters of
pupils, prp, and plp denote the length of the rim of the
right and left pupils. The graph in Fig. 7 presents the values
obtained by applying (6) to the set of patients. The nipp values
are in descending order.

From (6), there is anisocoria if nipp 6= 1, since if nipp
>1 or nipp < 1, the perimeters of both pupils are different.
There exists an absence of anisocoria if nipp = 1 because
both pupils have the same size. Note that, from Fig. 7(a), if
nipp = 1.2 or nipp= 0.8171, this meansmore anisocoria than
if nipp = 1.01, because from Fig. 7(b), the values nipp = 1.2
and nipp = 0.8171, are in the extreme regions of the curve.
Equations (4) and (6) present differences, since the nidp

index permits to detect four changes of slope on the curve
in Fig. 6(b), that correspond to four degrees of anisocoria,
as shown in Fig. 6(c). Whereas in the graph in Fig. 7(a),
three changes of the slope on the nipp curve were detected.
Regions marked in red represent the three degrees of anisoco-
ria detected using the perimeter of pupils as a criterion. On the
other hand, ImageJ [46] software helped to obtain the Feret
diameters of both pupils in pixels units. Thus, to express the
measures in mm, the following information will be used. The
cornea [50] has a horizontal mean diameter of 11.7 mm, and a
vertical one of 10.6 mm. In this research, the cornea diameter
had a value of 11.7 mm. Nevertheless, the vertical diameter
also can be used. Following expression allows to compute the
perimeter in mm for each pupil:

pmm =
2(MC)(pxp)
(drc+ dlc)

(7)
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FIGURE 8. The difference in mm of both pupils for the perimeter (dmm) and diameter
(Ddmm). (a) The graph dmm vs. ‘‘Patient internal control,’’ gives information on the
difference in mm of both pupils without an ordering; (b) presents sorted data in a
descending way taken from Fig. 8(a); (c) the three detected regions correspond with changes
of slope on the curve in Fig. 8(b); (d) difference of diameters Ddmm using (9).

where pxp is the perimeter of the right (prp) or left (plp)
pupil in pixels, respectively, drc and dlc denote the horizontal
diameters of the right and left corneas obtained with the
ImageJ software in pixels.MC represents themean horizontal
diameter of the cornea reported in the literature, i.e., 11.7mm.
Equation (10) allows expressing the difference of both pupils
dmm in mm, i.e.;

dmm =
2(MC)

drc+ dlc
abs ( prp-plp) (8)

abs() represents the absolute value.
In Fig. 8(a), the parameter dmm is represented graphically

for each patient according to their internal control number.
The differences go from 0 mm to 4.014 mm within the set
of analyzed patients. The sorting in descending order of the
perimeters located in Fig. 8(a) yields the graph in Fig. 8(b).
In a similar way that in Fig. 7, three regions are distinguished
by considering the slope changes of the curve. Fig. 8(c)
illustrates this situation. Table 2 provides the coordinates to
detect the three degrees of anisocoria following the regions
delimited by the three straight lines displayed in Fig. 8(c).
The three regions associated with changes in the slope

in Fig. 8(c) correspond with three intervals linked with
three degrees of anisocoria, VS, S, and NS, respectively.
Region 1 contains 78 patients; zone 2 has 71 patients; and
sector 3 with 19 patients. Table 2 presents such information.

TABLE 2. Intervals and degrees of anisocoria using the difference of
perimeters dmm obtained from Fig. 8(c).

From (8), to calculate the difference between the diameters of
the right and left pupil in mm, denoted as Ddmm, the π value
should divide the expression, i.e.,

Ddmm =
2(MC)

π (drc+ dlc)
abs( prp-plp) (9)

Fig. 8(d) shows the graphic representation by ordering in a
descending way the Ddmm values for the analyzed patients.
Following the same analysis given in this paper, Table 3
shows the information obtained from the changes on the slope
of the curve in Fig. 8(d), which is similar to the plot in
Fig 8(c) but divided by π . It is noteworthy to mention that,
Fig. 8(d) and Table 3 provide information about the diameter
> 0.4mm to detect anisocoria. Considering the criterion of
0.4 mm of difference between both pupils, 57 patient fulfills
such standard, and there are 111 without anisocoria. Never-
theless, the changes in slope on the curve in Fig. 8(d) (equal
to the perimeter) indicate that 19 patients are in region 1 clas-
sified with a VS degree of anisocoria, 71 with S in zone 2,
and 78 with NS in area 3.
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TABLE 3. Intervals and degrees of anisocoria using the difference of
diameters Ddmm obtained from Fig. 8(d).

TABLE 4. 55 random nidp indexes corresponding to the group G of
patients with A = dissociated congenital strabismus, and B =
non-dissociated congenital strabismus, PN represents the patient
number, and AD denotes de anisocoria degree.

TABLE 5. Analysis of ANOVA to detect two types of congenital
strabismus, dissociated and non-dissociated.

The nidp index detected 4 degrees of anisocoria by analy-
zing 168 patients with two types of congenital strabismus.
ANOVA analysis allows identifying a significant difference
between patients with dissociated and non-dissociated con-
genital strabismus. As mentioned previously, the dissoci-
ated strabismus has more significant neuronal implications
than the non-dissociated variety [33], [51]–[54]. For this, the
Minitab program analyzed a random sample of 55 files taken
from the 168 studied patients. Table 4 displays the data set.
The null hypothesis is ‘‘All means are equal,’’ and the alterna-
tive one, ‘‘Not all means are equal,’’ with a significance level
α = 0.05. Table 5 shows the analysis of variance, and Table 6
the Fisher pairwise comparison.

From the analysis of ANOVA, is discarded the null hypo-
thesis since p = 0.03. Thus, A and B groups are different,

TABLE 6. Grouping information using the Fisher LSD method and 95%
confidence. The analysis detects the two types of congenital strabismus,
dissociated (A) and non-dissociated (B).

FIGURE 9. Comparison among the groups of anisocoria NS, FS, S, VS, NS1
and S1, detected using the nidp and Ddmm ≥ 0.4 mm indexes and
classified according to the the Tukey method.

and the pairwise comparison of Fisher provides the mean
values for each group. The group A has a mean value more
significant than group B. Thus, nidp values permit found
through ANOVA the existence of the two groups of conge-
nital strabismus analyzed in this paper. The second ANOVA
study analyzed 88 samples to compare the anisocoria degree
recognized by the nidp and Ddmm ≥ 0.4mm indexes. Due to
indexes have different ranges, they were normalized using the
following equation:

normalized value = 1− abs
(
index-Max
Min-Max

)
(10)

Max and Min denote the maxima and minima values for the
analyzed sample corresponding to nidp and Ddmm indexes,
and abs() indicates the absolute value. Table 7 displays
the data set. Nndip and NDdmm represent the normalized
indexes, and they take their values between 0-1. FromTable 8,
the p-value indicates that there are differences in the analyzed
degrees of anisocoria, and Table 9 shows the comparison
among the groups.

Note from Fig. 9 that both indexes nidp and Ddmm detect
‘‘No Significant’’ and ‘‘Significant’’ anisocoria in a similar
way, but nidp is superior to Ddmm ≥ 0.4 mm because it
also recognizes the ‘‘Few significant’’ and ‘‘Very significant’’
degrees of anisocoria.

III. RESULTS
The definition of PP permits the introduction of the iipr
and iipl indexes expressed in (2) and (3), respectively. This
step was necessary because there is not a standard size of
human pupils. These indices allowed setting normalized val-
ues which have the advantage of being invariant to the scale of
the image. The study revealed that pupils present problems of
size and deformity when compared with the pattern built with
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TABLE 7. 88 samples to compare the anisocoria degrees (AD) between
NDdmm and Nnidp values. Where NDdmm = normalized Ddmm ≥
0.4 mm, and Nnidp = normalized nidp index. PN represents the patient
number. The anisocoria degrees detected by the nidp index are, NS = ‘‘No
significant’’, FS = ‘‘Few significant’’, S = ‘‘Significant’’, VS = ‘‘Very
Significant’’. The anisocoria degrees detected by the Ddmm ≥ 4 mm index
are, S1 = ‘‘Significant’’, and NS1 = ‘‘No significant’’.

TABLE 8. Analysis of ANOVA using 88 samples to compare the anisocoria
degrees (AD) between NDdmm and Nnidp values.

the maximum Feret diameter. The parameters Arp and Alp
allow detecting the differences for each pupil individually.
Fig. 5 illustrates this situation. The Arp and Alp values corres-
ponding to the right and left pupils are almost overlapped,
with minimal differences, as is shown in Fig. 5c. It follows
that an analysis based on the differences between the area
ratios yielded the nidp index as a result. From the graph nidp

TABLE 9. Grouping information using the Tukey method and 95%
confidence among NS, FS, S, VS, NS1, and S1 anisocoria degrees.

vs. ‘‘ordered patient,’’ the changes of the slope in the curve
allowed distinguishing different degrees of anisocoria into
four groups or regions, as depicted in Fig. 10(c). Tables 1, 2,
and 3 provide the points to get the threshold defining each
interval of anisocoria for the area, perimeter, and diameter.

The following information corresponds to the nidp index
(see Fig. 6). Region 1 contains 102 patients (66 to 168 in
x-axis), and the magnitude of anisocoria is NS. The alteration
in 46 individuals from the second interval (20 to 66 in x-axis)
was FS. The third detected interval contains 17 patients
(3 to 20 in x-axis) with S magnitude of anisocoria. The fourth
interval had 3 patients (1 to 3 in x-axis), and the alteration
was VS. Fig. 10(c) summarizes this information. Except
for one case, the entire sample showed differences in the
size and shape of pupils. However, these differences are not
always significant enough to be classified as ‘‘anisocoria.’’
From Fig. 10(c), 11.9% of the sample group (20 patients
within the regions S and VS) showed a considerable degree
of anisocoria whereas the 88.1% (148 patients within the
intervals NS and FS) have differences in size and shape of
pupils not usually detected using the perimeter or diameter
as a standard. In Fig. 10(a), notice that 11.3% of the patients
had VS alterations, 42.26% of the sample had S changes, and
46.44% of the patients presented NS alterations. On the other
hand, the same percentages of the perimeter curve correspond
to the diameter. The diameter ≥ 0.4 mm indicates that 33.9%
of the group had anisocoria, see Fig.10(b). By comparing the
information provided in Figs. 10(a) – 10(c), a better distribu-
tion of the degrees of anisocoria corresponds to the graph in
Fig. 10(c). According to the ANOVA experiment, index nidp
helps to find the two types of congenital strabismus used in
this study. Fig 9 illustrates that the nidp index has a better
performance than Ddmm ≥ 0.4 mm criterion because nidp
parameter can detect subtle changes of anisocoria.

IV. DISCUSSION
Patients with Syndrome of Horner and third nerve palsy have
the characteristic of present notable differences in the size of
the pupils, and physicians identify anisocoria without a pupil-
lometer since it is observable under any light condition [55].
These types of anisocorias usually exceed the 0.4 mm, and
researchers have described them in the current literature for
many years [56]. Whereas for the congenital strabismus,
anisocoria is subtle, and many times go unnoticed, which
does not occur with the syndrome of Horner. Furthermore,
in congenital strabismus, anisocoria is better detected by the
specialist in scotopic conditions [9].
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FIGURE 10. Degrees of anisocoria detected utilizing diameter, perimeter, area of pupils
and the diameter ≥ 0.4 mm. (a) anisocoria detected using indexes dmm and Ddmm
(perimeter and diameter), (b) anisocoria detected using diameter ≥ 0.4mm, (c) anisocoria
detected using index nidp (area).

The importance of this study is to provide a more accurate
method to determine morphometric parameters of pupils to
applying in congenital strabismus, refractive, and cataract
surgery. Several ways reported in the literature serve to
measure different characteristics of the iris or the pupils.
For example, optical coherence estimates the thickness of
the tissue in diseases such as glaucoma [57]. For mea-
suring the diameter of pupils, the specialists usually use
pupillometers [6].

On the other side, some aspects must be overcome or
standardized to study anisocoria. For example, it would be
useful to set standards regarding the illumination, the relative
dimensions of pupils, rotation and size of the eyes, the dis-
tance and angle of the observer, the shape pupils, the anterior
chamber depth, patient age, mood, attention, visual acuity,
among others [7], [58]. In this sense, analytical methods are
better than empirical ones. A clear example is a picture of
pupils captured and processed with a smartphone using an
app. This procedure is more efficient and decreases human
error compared with the experience [6]. The size and shape
of the human pupils vary for each individual, hence the need
for a more precise method to calculate them, i.e., the image
processing technique [59].

In this paper, the pattern pupil concept in terms of the Feret
diameter allows for better estimations of the size of pupils.
The proposed model allows getting small differences in the
pupils of patients diagnosed with congenital strabismus.

Congenital strabismus has some useful characteristics, i.e.,
as a biological model, it easily separates the visual function
from the left and right, facilitating the measurement of each
sensory and motor aspects with absolute precision.

The first ANOVA test showed that based on the
measurement of anisocoria using nidp, it is feasible to distin-
guish between the dissociated and non-dissociated congen-
ital strabismus with a significant statistical possibility. This
clear distinction can be an aid in the decision-making of the
physician when establishing a diagnosis, therapy, or progno-
sis. Whereas the second ANOVA analysis compared the dif-
ferent degrees of anisocoria detected by the nidp and Ddmm
≥ 0.4 mm indexes. Both methods detect in a similar way
‘‘No significant’’ and ‘‘Significant’’ anisocoria. However, the
nidp parameter recognizes the other two intervals, the ‘‘Few
significant’’ and ‘‘Very significant’’. Thus nidp index detects
subtle changes not identified by the Ddmm parameter. It is
worth mentioning that the changes in the cortical integrator
and the pupil size in congenital strabismus are subtle and,
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FIGURE 11. Polynomial regression degree 6. (a),(b),(c) Polynomial (blue)
computed from the curves iipl (red), iipr (green) and nidp (black) and R2

parameter.

therefore, difficult to assess. The pupil size varies if the
congenital strabismus is dissociated or non-dissociated. And
it also varies due to different conditions, for example, mood,
some other illness, nervousness, lack of rest, perhaps due
to the degree of strabismus as well, which has not been
verified by any method described in the literature. This set of
variables explain in part, the appearance of FS and NS within
the dissociated and non-dissociated congenital strabismus.
On the other hand, there are subtypes such as esotropias or
exotropias, and it is feasible that these combinations influence
the presentation of the different pupil sizes found in our study.
For this reason, further study is necessary for the nidp index,
which provides four ways of detecting anisocoria, unlike the
traditional mode ≥ 0.4 mm.
Another critical point to consider is the border of pupils.

The irregularities in the edge of the pupil produce erroneous
measures of the perimeter [60] when it is captured directly on
the image. In our case, the Feret diameter allows computing
it. The area yields better results since more pixels intervene
during the calculation. This study shows that the nipp index
is less sensitive when compared to the nidp index.

Two strategies we followed had better results. The first
action consisted of replacing the diameter with the area of
pupils. The second took into consideration the proportion
of the areas, where the PP parameter plays a key role. The
independent analysis of each pupil allowed calculating the
difference between both areas as a parameter. Fig 6(b) shows
this situation.

Note the discrepancy in the size of both pupils, either
using the area, perimeter, or diameter. In the analyzed sample,
pupils do not reach the value of the pattern pupil. The same
behavior occurs for the iipr and iipl indexes presented in
Fig. 5. In Fig. 5(c), the left pupils show more asymmetry than
the right ones.

The curve slope changes in Fig. 6(c) indicates that
the more complex cases belong to the patients located in
regions 3 and 4. Hence, higher values of nidp than 0.203,
correspond with a higher anisocoria. The subtlest differences
occurred in groups of patients located in regions 1 and 2.
However, this does not mean that these patients have nomedi-
cal problems. Tables 1, 2, and 3 summarize the information
of the nidp (area differences), dmm (perimeter differences),
and Ddmm (diameter differences) indexes obtained from
Figs. 6(c) and 8(c), respectively.When comparing the column
‘‘degree of anisocoria’’ in Tables 1, 2, and 3, the indexes
associated with the perimeter and diameter do not allow to
distinguish subtle changes in pupil size. A more critical situ-
ation occurs for the diameter > 0.4mm to measure anisocoria
because the threshold detects two regions. Fig. 10(b) illus-
trates this situation. Hence, the perimeter, diameter, and the
diameter ≥ 0.4 mm do not give good results when contrasted
with those obtained from the area. However, the indexes
dmm (perimeter) and Ddmm (diameter), give better results
than the diameter ≥ 0.4mm to detect anisocoria.

Note that the Feret diameter for each pupil measured by the
ophthalmologist is ground truth. The polynomial regression
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FIGURE 12. ep(i ) with i = 1,. . . ,168, mean 1.2083, SE mean 0.0834, StDev
1.0807. These values were computed using MiniTabTMsoftware.

FIGURE 13. Uncertainties computed for the nipd(i) indexes, with i =
1. . . 168, using StDev 1.0807.

of iipr, iipl, and nidp indexes is computed and presented in
Fig. 11. The high value of R2 indicates that: 1) the ophthal-
mologist recollected the data carefully, 2) the error is small
because the indices involve the arithmetic subtraction and are
normalized.

However, there is an associated error during the measure-
ment. Thus the percentage error formula (11) will help to
obtain it [61] together with (12),

ep(i) =
Vr − Vm(i)

Vr
× 100 (11)

where Vr denotes the real value, Vm(i) the measures done,
and i = 1,..,n = 168 (number of patients). Let be Vm(i) =
drc(i) and Vr =MC (fixed mean value [50]),

MC =
drc(i)+ dlc(i)

2
(12)

Fig. 12 shows the ep(i) computed for the 168 nidp indexes.
Fig. 13 displays the uncertainties for the nidp indexes

with 0.000014 as the mean uncertainty. The calculated
uncertainties utilized the formulas of multiplication and
division for systematical errors [62]. For example, con-
sider the nidp(1) value with its respective uncertainty,

TABLE 10. Data obtained from [63].

TABLE 11. Estimation of diameter left pupil, PP, iipr, iipl, and nidp.
Where, Diameter left pupil = Diameter right pupil-Average pupil size.

i.e., nidp(1)= 0.12899 ± 1.80e-05, thus 0.128972≤ nidp(1)
≤ 0.129008, and the variation is less than 0.01 %. On the
other side, nidp is approximated by (5). The graph in
Fig. 6(c) illustrates the following: i) the four regions delimit-
ing the 4 degrees of anisocoria, and ii) provide the threshold
values for each detected region in axis x.

Equation (13) allows computing the erms value between the
nidp and the values originated by the four straight lines in (5),
this is 0.06, and data have a StDev = 0.0017

erms =

√√√√ 1
168

168∑
x=1

(nidp(x)− f(x))2 (13)

In this case, the uncertainty 1(X ± Y ) =
√
1X2 +1Y 2 =

0.0024 is higher because the difference is not normalized.
On the other hand, in [63], the authors illustrated the

performance of the digital pupillometer plusoptiX GmbH
measuring the pupil size on a sample group of 1306 chil-
dren aged 0-17 years to verify two things, 1) that the pupil
size increase with age and 2) the incidence of anisocoria
≥ 0.4 mm. The research showed that 19.1% of the sample
group had anisocoria≥ 0.4mm. Table 10 displays the average
quantities used in that paper. The quantities of the column
‘‘Average pupil size,’’ was obtained from a bar chart presented
in [63] using the software WebPlotDigitizer-4.2-win32-x64.
These values allowed computing the nidp index using (4). It is
worth mentioning that the analysis of the mean values gives
a good idea about anisocoria. Table 11 displays the PP, iipr,
iipl, and nidp values calculated from (1), (2), (3) using the
information presented in Table 10.
Fig. 14 shows the nidp values ordered in a descending

way, and Table 12 gives the anisocoria degree using the
information of Table 1. The mean data reported in [63], have
the next interpretation according to our proposal. The analysis
lets to distinguish two types of anisocoria, VS, and S, but
not subtle changes. This situation may occur because the
authors in [63] introduced the plusoptiX GmbH, and utilized
pupils of considerable dimension to detect the diameters with
precision. According to the nidp index, 100% of the sample
group has anisocoria with degrees VS and S. This result has
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FIGURE 14. nidp values computed for each age group.

TABLE 12. Anisocoria degree detection using Table 1.

FIGURE 15. Age group Anisocoria trend.

sense because the authors measure anisocoria ≥ 0.4 mm.
In [63], the authors showed that pupil size increases with age.
However, anisocoria does not have linear behavior; indexes
iipr and iipl indicate a parabolic trend. Fig. 15 illustrates this
situation.

V. CONCLUSION
The proposed indices involving the mean area of pupils allow
better measurement becausemore pixels and information par-
ticipate in the calculation, and detect more anisocoria degrees
than those identified when using the perimeter, or diameter.

On the other hand, the PP concept allows analyzing each
pupil independently. Moreover, the proposed indices can be
implemented readily by the reader. The study showed that
except in one case, there are no circular pupils. Concerning
the circular pattern used as a reference, Figure 4(c), both eyes
had alterations in shape and size. The above is not possible to
detect by using the perimeter or diameter.

Congenital strabismus is an ideal biological model to test
the proposal given in this paper because the cortical disorders
of congenital strabismus are subtle and difficult to demon-
strate using traditional neuroimaging methods. Neurologi-
cal manifestations are an exacerbation of some oculomotor
reflexes, and pupillary changes are subtle. Our study suggests
that, at least in congenital strabismus, pupillary asymmetry
in shape and size could help to pinpoint the diagnosis and
establish the prognosis of the disease. This situation occurs
because the ANOVA test showed the existence of two groups
of congenital strabismus detected with the help of the nidp
index with a significant p-value.

On the other side, our methodology analyzed the find-
ings published in [63]. The nidp index detected three things,
1) the high pupil size used in that experiment to get precision
measures with the pupillometer utilized, 2) two anisocoria
degrees VS, and S; and 3) the anisocoria presents a parabolic
trend with age. These findings show the high performance of
the proposal given in this paper. In the future, we will take
the following steps, i) our research team will implement an
automated process using supervisedmachine learning instead
of a threshold value to classify the patients according to the
anisocoria degree they present; ii) further study in the nidp
index to detect more types of congenital strabismus.
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