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ABSTRACT There exists strong coupling and a complexmultivariable relation among the strip gauge, looper
angle and strip tension in tandem hot rolling. To improve the gauge precision of the hot strip, the dynamic
relationship among these three variables must be determined. In this paper, a new coordinated optimal control
scheme based on discrete model predictive control (DMPC) theory was presented for an automatic gauge
control and looper control (AGC-LP) integrated system. First, a state-space model of the AGC-LP integrated
system was established based on a 1700 mm tandem hot strip mill. Then, to achieve the desired dynamic
performance with the AGC-LP integrated system, a performance index function and an optimal control
sequence were designed for the DMPC controller. The simulation results showed that the proposed DMPC
controller had better robustness and adaptability to modeling uncertainties and external disturbances than a
traditional proportional-integral (PI) controller.

INDEX TERMS Tandem hot rolling, AGC-LP integrated system, state-space model, discrete model
predictive control.

I. INTRODUCTION
The hot strip rolling process transforms cast steel slabs into
thin sheets [1]. Figure 1 shows the typical layout of a hot strip
mill facility, which consists of a reheating furnace, a roughing
mill, shears, a finishing mill, water coolant headers, and a
coiler [2], [3]. Bars with a diameter of approximately 250mm
are heated to approximately 1200◦C in the reheating furnace.
In the roughing mill, the reheated slabs are reduced to a thick-
ness of 25–50 mm. The resulting sheet is then transported
to the finishing mill, where it is further reduced to the final
thickness 0.8–20 mm.

Thickness precision is one of the most important quality
indexes in hot strip milling, and automatic gauge control
(AGC) systems, which adjust the gap to control thickness,
are the most effective method for ensuring the thickness
precision of hot-rolled strip products [4], [5]. The tension
variation in the steel strip is one of themain factors that causes
thickness fluctuations during hot strip rolling. The constant
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tension rolling process is usually maintained by a looper
control (LP) system,which adjusts themotor torque to control
tension [6]. However, the tension is extremely variable in the
actual hot rolling process, so a traditional LP system with
proportional-integral (PI) control not have sufficient stability
to ensure an invariable tension output. An increasing number
of electric rolling screw-down systems are being transformed
into hydraulic systems.Moreover, the response speed of AGC
systems is increasing rapidly. Hence, the interactions between
the AGC system and the LP system cannot be ignored [7], [8].

The cooperative optimization of AGC-LP integrated sys-
tems is a research hotspot in the field of hot strip rolling
control. Hearns and Grimble [9] studied a controller for an
AGC-LP integrated system that uses amultivariable H∞ con-
trol strategy to enhance system robustness. Okada et al. [10]
designed a controller with linear quadratic optimal control
for an AGC-LP integrated system, which gives the system
excellent control accuracy. A state-dependent Riccati equa-
tion technique for AGC-LP integrated systems was proposed
by Pittner and Simaan [11]. Their results showed that the pro-
posed technique can effectively deal with a highly complex
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FIGURE 1. Layout of a 1700 mm hot strip mill in a factory.

nonlinear AGC-LP integrated system. Jiao et al. [12] devel-
oped an adaptive coordinated controller for an AGC-LP inte-
grated system, and the proposed controller was efficient in
a wide range of working situations. Qu et al. [13] designed
a feedback controller with disturbance rejection properties
and strong robustness for an AGC-LP integrated system and
researched the influence of a multitude of rolling param-
eters on thickness and tension. Cuzzola [14] developed a
multivariable and multiobjective approach for controlling hot
strip mills that can explicitly account for actuator limitations
and nonlinear dynamics. Hearns and Reeve [15]designed a
controller with state feedback and estimation to deal with
the unmodeled dynamics of an AGC-LP integrated system.
Although the control schemes described above exhibit good
performance, they were designed for a continuous model of
an AGC-LP system, which makes it difficult to practically
apply these control schemes with a programmable logic con-
troller (PLC).

Model predictive control (MPC) theory, which is well
known for its simplicity and practicality, has been success-
fully applied for looper control systems in hot strip finishing
mills. For instance, Yin et al. [16] introduced dynamic matrix
predictive control for hydraulic looper systems, wherein the
controller can ensure the system has excellent stability. Choi
et al. [17] presented a design method for robust MPC, where
in the designed controller can simultaneously give the looper
system fast response times and strong robustness. To date,
no studies have been reported that can verify the robustness
and disturbance rejection of the MPC theory for AGC-LP
integrated systems. The remaining sections of the paper are
organized as follows. In Section 2, a state-space model of
an AGC-LP integrated system is established by combining
the state equations of an AGC system and an LP system.
In Section 3, the proposed control scheme based on discrete
model predictive control (DMPC) theory is demonstrated.
In Section 4, the control performance of the DMPC con-
trol scheme is compared with that of a traditional PI con-
trol scheme. The conclusions of the study are presented in
Section 5.

II. PROBLEM STATEMENT AND PROCESS MODEL
Figure 2 shows the traditional control system used in hot strip
mills, which is mainly composed of an AGC system and an
LP system. The LP system is a double closed-loop control
system, in which the PI controller and proportional-integral-
derivative (PID) controller are designed for the closed-loop
control of strip tension and the closed-loop control of the
looper angle, respectively. The PI controller adjusts the speed
of the downstream stand to control the strip tension, whereas

FIGURE 2. Structure of the traditional control system in hot strip mills.

the PID controller adjusts the output torque of the looper
motor to control the looper angle. The AGC system contains
another PI controller, which adjusts the roll gap to control
the strip thickness. The LP system and AGC system run
independently in the traditional control system [18].

According to the real characteristics of an AGC system, the
high-frequency action of the AGC in the downstream stand is
the main disturbance source for the closed-loop control of the
strip tension in the LP system. Thus, there is strong coupling
among the strip thickness, strip tension and looper angle.
In the traditional control system, the above variables can only
be controlled in the external system, so the coupling problem
cannot be solved. In this paper, the hot rolling process was
studied through state-space analysis, and to design a multi-
variable coordinated controller, an increment equation and a
state-space expression for anAGC-LP integrated systemwere
established based on hot rolling theory [19].

A. DYNAMIC DEFORMATION RESISTANCE MODEL
For hot rolling processes, the deformation resistance is an
important parameter for establishing a dynamic thickness
model and a dynamic tension model. In this paper, the defor-
mation resistance is calculated by the Misaka model [20] as
follows:
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FIGURE 3. Heat flows during hot rolling.

ε̇ =
ω

60

√
R′

H − h
ln
H
h

(5)

By assuming that the carbon content of the strip ρC is constant
and the deformation resistance kf is related to the entry
thicknessH , exit thickness h, the roll rotation speedω and the
rolled workpiece temperature T , the deformation resistance
increment model at the ith stand can be obtained as follows:

1kf ,i = γ1i1Ti + γ2i1ωi + γ3i1Hi + γ4i1hi (6)

where

γ1i =
∂kf ,i
∂Ti

, γ2i =
∂kf ,i
∂ωi

, γ3i =
∂kf ,i
∂hin,i

, γ4i =
∂kf ,i
∂hout,i

As shown in Eqs. (1)-(5), the phase transition temperature
is used as the cutoff point, and the different mathematical
models were established above and below the phase transition
temperature in theMisakamodel. Thus, a temperature predic-
tion model for the hot rolling process must be established to
calculate the deformation resistance. The temperature predic-
tion model can be divided into two parts: (1) a model for heat
dissipation of adjacent stands, which contains an air cooling
model and a water cooling model, and (2) a model for heat
transfer in the deformation zone, which contains a model of
deformation heat, a model of heat conduction, and a model
of frictional heat. Figure 3 shows the heat flows during hot
rolling [21], [22].

1) AIR COOLING
The heat transferred between the metal and the air is mainly
in the form of radiation, but some heat is also transferred
to the air by convection cooling. However, convection only
accounts for 5-7% of the overall temperature drop caused by
air cooling, which is approximately 1000◦C. Hence, only the
radiation is considered when establishing the model of air
cooling, and the other factors are contained in the thermal
emittance εs, which can be calculated based on the measured
data. The air cooling model is established as follows:

1Ta =
[
(T + 273)−3 +

6εsσsl
ρCωR

(
1
W
+

1
l
+

1
hout

)]−1/3
− (T + 273) (7)

2) WATER COOLING
The temperature drop caused by water cooling contains the
high-pressure water descaling and interstand cooling, and
these two parts are established based on the same mathemat-
ical model as follows [20]:

1TW = kT ·
(T − Tw) · fs · p

hvρC
(8)

3) DEFORMATION HEAT
The plastic deformation of the workpiece results in work
hardening, and the accumulated mechanical energy in work-
hardened structures will be released in the form of heat, which
increases the strip temperature. The deformation heat model
is expressed as follows:

1Td =
pcη

WlcρC
ln
H
h

(9)

4) FRICTIONAL HEAT
Frictional heat comes from the relative sliding between the
interface of the roll and the scale layer, and the frictional
heat is absorbed by the strip, which increases the temperature
of the strip. The frictional heat model can be expressed as
follows:

1Tf = kd
1000pc
WlcCρ

(10)

where kd is the coefficient of friction.
Based on the models established above, the temperature

change in the strip 1T when the strip travels from the ith
stand to the i+1th stand can be predicted as follows:

1T = 1Tf +1Td −1Ta −1Tw (11)

B. DYNAMIC THICKNESS MODEL
In the hot rolling process, the exit thickness of the strip can be
calculated from the predicted rolling force, which is estimated
with the Sims rolling force model. The rolling force per unit
width that is exerted on the rolls by the deforming metal sheet
is obtained as follows:

F = QP
√
R′(H − h)

(
1.15kf − mf σf − mbσb

)
(12)

R′ = R
[
1+

16(1− ν2)F
πE(H − h)

]
(13)

Note that Qp is a geometrical factor developed by Ford and
Alexander [23], which is expressed as follows:

QP = 0.786+

√
1− ε

2
√
2 (2− ε)

√
R′h(H − h)

h
(14)

where ε = H−h
h .

By assuming that the initial roll radius is constant,
the rolling force increment model at the ith stand 1Fi can
be obtained as follows:

1Fi = α1i1Hi + a2i1hi + α3i1σf,i + α4i1σb,i+α5i1kf ,i
(15)
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where

α1i =
∂Fi
∂Hi

, α2i =
∂Fi
∂hi

, α3i =
∂Fi
∂σf,i

,

α4i =
∂Fi
∂σb,i

, α5i =
∂Fi
∂kf ,i

The exit strip thickness can be calculated by the roll gap
without load and the rollingmill spring deformation under the
rolling force, which is called the spring formula. This formula
is expressed as follows:

h = S0 +
F − F0
Mm

(16)

The increment in the spring formula at the ith stand can be
obtained as follows:

1hi = 1Si +
1Fi
Mm,i

(17)

Therefore, according to Eq. (6), Eq. (15) and Eq. (17),
the dynamic thickness increment model can be expressed as
follows:

1hi = aS,i1Si + ahi1hi + aσf,i1σf,i
+aσb,i1σb,i + aT ,i1Ti + aω,i1ωi (18)

where

aS,i =
Mm,i

Mm,i − α2i − α5iγ4i
, ahin,i =

α1i + α5iγ3i

Mm,i − α2i − α5iγ4i
,

aσin,i =
α3i

Mm,i − α2i − α5iγ4i
,

aσout,i =
α4i

Mm,i − α2i − α5iγ4i
, aT ,i =

α5iγ1i

Mm,i − α2i − α5iγ4i
,

aω,i =
α5iγ2i

Mm,i − α2i − α5iγ4i

C. DYNAMIC STRIP TENSION AND LOOPER ANGLE
MODELS
1) DYNAMIC STRIP TENSION MODEL
In the actual rolling process, the length of the strip between
stands is always longer than the actual length of the strip,
and the interstand strip tension σ (t) can be calculated by the
Young’s modulus and elongation of the strip according to the
following equation:

σ (t) =
E [L (θ)− (L + δv (t))]

L + δv (t)
(19)

where δv (t) is the mass flow difference in the strip between
stands, which can be evaluated as follows:

1δv (t) =
∫ t

0

[
1vin,i+1 (t)−1vout,i (t)

]
dt (20)

In the actual product, the working roller speed is not equal to
the strip speed because forward slip or backward slip occurs
between the strip surface and the working roller surface. The
forward slip at the ith stand fi and the backward slip at the ith
stand bi can be defined as follows:

fi =
vout,i − Vi

Vi
× 100% (21)

bi =
Vi − vin,i

Vi
× 100% (22)

Based on the mass flow balancing principle, Eqs. (21) and
(22) can be rewritten as follows:

Hi(1− bi) = hi(1+ fi) (23)

bi = 1−
hi
Hi

(1+ fi) (24)

According to Eq. (21), Eq. (22) and Eq. (24), the increment
models of vout,i, vin,i+1 and bi can be expressed as follows:

1vout,i = 1Vi(1+ fi)+1fiVi (25)

1vin,i+1 = 1Vi+1(1− bi+1)−1bi+1Vi+1 (26)

1bi = −
hout,i
hin,i

1fi −
1+ fi
hin,i

1hout,i+
(1+ fi)hout,i

h2in,i
1hin,i

(27)

The slip is a difference between the working roller circum-
ferential speed and the strip speed, which is evaluated by the
forward slip equation derived by Sims in this study [24].

f =
R′

h
φ2n (28)

φn =

√
h
R′
tan

[
1
2
arctan

√
ε

1− ε
+
π

8
ln (1− ε)

×

√
h
R′
+

1
2

√
h
R′
σf − σb

kf

]
(29)

According to Eq. (28) and Eq. (29), the forward slip incre-
ment model at the ith stand can be obtained as follows:

1fi = β1i1Hi + β2i1hi + β3i1σf,i + β4i1σb,i + β5i1kf ,i

(30)

where

β1i =
∂fi
∂Hi

, β2i =
∂fi
∂hi

, β3i =
∂fi
∂σf,i

, β4i =
∂fi
∂σb,i

, β5i =
∂fi
∂kf ,i

Based on Eq. (19), the interstand tension increment model
between the ith stand and the i+1th stand can be obtained as
follows:

1σ̇out,i =
E
L

[
1L̇(θ )+ (1vin,i+1 −1vout,i)

]
(31)

By substituting Eq. (25), Eq. (26), Eq. (27) and Eq. (30) into
Eq. (31), the dynamic model of strip tension can be expressed
as follows:

1σ̇out,i =
E
L
(bσin,i1σin,i + bσout,i+11σout,i+1 + bσout,i1σout,i

+ bTi1Ti + bTi+11Ti+1 + bH i+11Hi+1

+ bhin,i1Hi + bSi1Si + bSi+11Si+1

+ bωi+11ωi+1 + bωi1ωi + bωL,i1ωL,i) (32)

VOLUME 8, 2020 73975



F. Yin: DMPC Scheme for an Integrated Gauge-Looper Control System in a Tandem Hot Strip Mill

FIGURE 4. A schematic drawing of the looper system.

2) DYNAMIC LOOPER ANGLE MODEL
Figure 4 shows a simplified schematic drawing of the looper
system.

The looper angle θ is determined as follows:

dθ
dt
= ω, θ (0) = θ0 (33)

where ω is the looper angular velocity, which is derived from
Newton’s second law of motion. This velocity term can be
described as follows:

dω
dt
=

1
J

(
M −ML −Mg − cfω

)
(34)

ML = FTL3 (35)

Mg = (WRg+ 0.5WSg)L3 cos θ (36)

where FT is the tangential force act on the looper roll. This
tangential force can be expressed as follows:

FT = FtT + FbfgT + Fs,cfT + Fs,ifT + Fl,ifT (37)

where FtT, FbfgT, Fs,cfT, Fs,ifT, and Fl,ifT are the interstand
tension, strip bending force and weight, strip centrifugal
force, strip inertia force and looper roll inertia force, respec-
tively. These terms can be expressed as follows:

FtT = σWh[sin(θ + θ2)− sin(θ − θ1)] (38)

FbfgT =
[
16E ·W · (L3 sin θ − L1 + r) · (

h
L
)3

+
1
2
WS · g+WR · g

]
cos θ (39)

Fs,cfT = −(θ1 + θ2) ·W · h · ρ · ω2
· cos θ (40)

Fs,ifT = 0.25WSL3θ̈ [cos(θ − θ1)]2

+ 0.25WSL3θ̈ [cos(θ + θ2)]2 (41)

Fl,ifT = WR · L3 × θ̈ (42)

By substituting Eqs. (38)-(42) into Eq. (34), the dynamic
looper angle model can be obtained as follows:

According to Eq. (43), as shown at the bottom of this page,
the dynamic looper angle increment model at the ith stand can
be expressed as follows:

1θ̈i=
∂flp,i
∂θi

1θi+
∂flp,i
∂Mi

1Mi+
∂flp,i
∂σout,i

1σout,i +
∂flp,i
∂ωL,i

1ωL,i

(44)

D. STATE-SPACE MODEL
In the AGC-LP integrated system, the automatic speed reg-
ulator (ASR), the automatic torque regulator (ATR) and the
hydraulic gap control (HGC) system of stand i are all modeled
as a first-order system as follows [24]:

Ṡi (t) =
Sref ,i (t)− Si (t)

τS,i
, Si (0) = S0 (45)

V̇i (t) =
Vref ,i (t)− Vi (t)

τV ,i
, Vi (0) = V0 (46)

Ṁi (t) =
Mref ,i (t)−Mi (t)

τM ,i
, M (0) = M0 (47)

where Sref(t), vref(t) and Mref(t) are the control input refer-
ences of S(t) in the HGC system, v(t) in the ASR and M (t)
in the ATR, respectively; and τS, τv and τM are the time
constants of the HGC system, ASR and ATR, respectively.

There is a certain amount of delay in the thickness change
as the strip transfers between stands, and this delay can be
calculated as follows:

τd,i,i+1 =
L

ωr,iRi (1+ fi)
(48)

The transport delay for the strip thickness can be expressed
as first-order lag:

1Hi+1 =
1

1+ τd,i,i+1s
1hi (49)

The temperature is not constant throughout the same strip: the
temperature along the length direction of the strip increases
due to the change in strain rate induced by increases in the
rolling speed. The variation rate for the temperature delay can
be calculated as follows:

1Ti+1 =
1

1+ τd,i,i+1s

(
1Ti + ψ1i1ωi + ψ2i1T0,i

)
(50)

θ̈ = flp(M , θ, σ )

=

M − L3whσ [sin(θ + θ2)− sin(θ − θ1)]− L3 cos θ
[
16E · w · (L3 sin θ − L1 + r) · ( hL )

3
+

1
2WS · g+WR · g

]
0.25L23WS

{
[cos(θ − θ1)]2 + [cos(θ + θ2)]2

}
+ J +WR(L3)2

−
(θ1 + θ2) · w · h · ρ · ω2

· L3 cos θ + cfωL

0.25L23WS
{
[cos(θ − θ1)]2 + [cos(θ + θ2)]2

}
+ J +WR(L3)2

(43)
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where

ψ1i =
∂Ti
∂ωi

, ψ2i =
∂Ti
∂T0,i

Based on the increment models of strip thickness, strip
tension and looper angle established above, the state-space
model focusing on the ith stand and i+1th stand can be
expressed as follows:{

ẋi = Aixi + Biui + Din,id i
yi = C ixi + Dout,id i

(51)

where xi is the state vector for the ith stand, ui is the control
vector for the ith stand, di is the disturbance vector for the ith
stand, and yi is the output vector for the ith stand.

xi = [1σout,i 1θi 1ωL,i 1Tin,i+1 1ωi 1ωi+1
1Mi 1Si 1Si+1]T

ui = [1ωref,i 1ωref,i+1 1Mref,i 1Sref,i 1Sref,i+1 ]T

d i = [1hi 1hi+1 1σin,i 1σout,i+1 1Tin,i ]T

yi = [1σout,i 1θi 1Hi ]T

The coefficient matrix satisfies the following form: Ai, as
shown at the bottom of the next page,

To validate the established state-space model of the AGC-
LP integrated system, the 6th stand, the 7th stand and the 6th
looper of a 1700 mm hot finishing mill are used as control
objects. For this validation process, the specification of the
rolling strip is 1265 mm×2.5 mm, the required data collected
from an actual seven-stand hot mill were input into the model,
and the mill exit temperature, exit gauge, looper angle and
roll gap were calculated in MATLAB. Figure 5 shows that
the predicted exit temperature and looper angle were con-
sistent with the trends of the actual measured data, and the
corresponding error was very small. Although the error in the
looper angle and roll gap reached 10% and 15%, respectively,
the looper angle and roll gap had strong correlations with the
actual measured data and the error was within the allowable
tolerable range. Therefore, the comparison verified the estab-
lished state-space model is valid and reasonable.

III. DMPC CONTROLLER DESIGN
A. DMPC DESIGN THEORY
The traditional MPC control theory is only designed for
continuous model. However, most of the hot strip mill lines
are controlled by PLC, so the discrete model predictive con-
troller designed for discrete model can meet the require-
ments of practical applications, and the adoption of high-
performance PLC makes the DMPC easy to be realized in
the system [25]–[27].

In this section, the AGC-LP integrated continuous model is
discretized with an actual sampling period. Since the model
given in Eq. (50) is not suitable for controller design, a dis-
crete state-space model of the AGC-LP integrated system at
stand i was established through state reduction as follows:{

x̄i(k + 1) = Āix̄i(k)+ B̄iūi(k)+ D̄id̄ i(k)
ȳi(k) = C̄ ix̄i(k)

(52)

FIGURE 5. Comparison of actual and simulated results: (a) exit
temperature, (b) exit gauge, (c) looper angle, and (d) roll gap.

where

Āi = eAiT

C̄ i = eC iT

B̄i =
(∫ T

0
eAiT dt

)
Bi

D̄i =
(∫ T

0
eAiT dt

)
Di

x̄i(k) =
[
1θi 1ωL,i 1σout,i 1ωi 1Mi 1Si+1

]T
kT

ūi(k) =
[
1ωr,i 1Mr,i 1Sr,i+1

]T
kT

d̄ i(k) =
[
1hin,i 1Ti 1Ti+1

]T
kT

ȳi(k) = [1θi(t) 1σout,i(t) 1hout,i+1 (t)]TkT

Eq. (52) is converted to an incremental formulation as fol-
lows:

1x̄i(k + 1) = Āi1x̄i(k)+ B̄i1ūi(k)+ D̄i1d̄ i(k) (53)

where

1x̄i(k+1) = x̄i(k+1)−x̄i(k), 1x̄i(k)= x̄i(k)−x̄i(k − 1),

1ūi(k) = ūi(k)−ūi(k−1), 1d̄ i(k)= d̄ i(k)−d̄ i(k − 1).

The system output can then be rewritten as follows:

1ȳi(k + 1) = 1ȳi(k + 1)−1ȳi(k)

= C̄ ix̄i(k + 1)− C̄ ix̄i(k)

= C̄ i1x̄i(k + 1)

= C̄ iĀi1x̄i(k)+ C̄ iB̄i1ūi(k)+ C̄ iD̄i1d̄ i(k)

(54)

ȳi(k + 1) = C̄ iĀi1x̄i(k)+ C̄ iB̄i1ūi(k)

+ C̄ iD̄i1d̄ i(k)+ ȳi(k) (55)

The new state variable is built as xi(k) = [1x̄i(k)y(k)]T , and
the AGC-LP integrated system based on the augmented state-
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space model can be written as follows:

[
1x̄i(k + 1)
yi(k + 1)

]
=

[
Ā
i
6×6 O6×3

C̄
i
3×6Ā

i
6×6 I3×3

][
1x̄i(k)
yi(k)

]

+

[
B̄
i
6×3

C̄
i
3×6B̄

i
6×3

]
1ūi(k)+

[
D̄
i
6×3

C̄
i
3×6D̄

i
6×3

]
1d̄ i(k)

yi(k) =
[
O3×6 I3×3

] [1x̄i(k)
yi(k)

] (56)

Eq. (56) can be rewritten in a compact form as follows:{
xi(k + 1) = Aixi(k)+ Biui(k)+ Did i(k)
yi(k) = C ixi(k)

(57)

At time k = kn, the AGC-LP integrated system starts to move
with an initial state xi(kn), and the sequences of the control

Ai =



E
L
bσout,i 0

E
L
bωL,i

E
L
bTi+1

E
L
bωi

E
L
bωi+1 0

E
L
bSi

E
L
bSi+1

0 0 1 0 0 0 0 0 0
e3i e2i e4i 0 0 0 e1i 0 0

0 0 0 −
1

τd,i,i+1
0 0 0 0 0

0 0 0 0 −
1
τV ,i

0 0 0 0

0 0 0 0 0 −
1

τV ,i+1
0 0 0

0 0 0 0 0 0 −
1
τM ,i

0 0

0 0 0 0 0 0 0 −
1
τS,i

0

0 0 0 0 0 0 0 0 −
1

τS,i+1



Bi =



0 0 0 0 0
0 0 0 0 0
0 0 0 0 0
0 0 0 0 0
1
τV ,i

0 0 0 0

0
1

τV ,i+1
0 0 0

0 0
1
τM ,i

0 0

0 0 0
1
τS,i

0

0 0 0 0
1

τS,i+1


C i =

 0 1 0 0 0 0 0 0 0
1 0 0 0 0 0 0 0 0

aσout,i 0 0 0 aω,i 0 0 aS,i 0



Din,i =



bhin,i bhin,i+1 bσin,i bσout,i+1 bTi
0 0 0 0 0
0 0 0 0 0
0 0 0 0 0
0 0 0 0 0
0 0 0 0 0
0 0 0 0 0
0 0 0 0 0
0 0 0 0 0


Dout,i =

 0 0 0 0 0
0 0 0 0 0

ahin,i 0 aσin,i 0 aTi
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signal 1U i in the predictive horizon Nc can be expressed as
follows:

1U i =


1ui(kn)

1ui(kn + 1)
...

1ui(kn + Nc − 1)

 (58)

In an actual AGC-LP integrated system, the saturation in
the controller input and the increment limits in the actuator
should be considered. Hence, the incremental constraints for
the control variables are designed as follows:

1umin
i ≤ 1ui(k) ≤ 1umax

i (59)

In the predictive horizon Nc, Eq. (59) can be expressed as
follows:

1umin
i

1umin
i
...

1umin
i

 ≤


1ui (kn)
1ui (kn + 1)

...

1ui (kn + Nc − 1)

 ≤

1umax

i
1umax

i
...

1umax
i

 (60)

1Umin
i ≤ 1U i ≤ 1Umax

i (61)

The state variable and output variable of the AGC-LP inte-
grated system can be written as follows:

X i =



xi(kn + 1|kn)
xi(kn + 2|kn)

...

xi(kn + m|kn)
...

xi(kn + Np|kn)


, Y i =



yi(kn + 1|kn)
yi(kn + 2|kn)

...

yi(kn + m|kn)
...

yi(kn + Np|kn)


(62)

where xi(kn + m|kn)are the predicted state variables at time
kn+m and yi(kn+m|kn) are the predicted output variables at
time kn + m.

There is an iterative relationship between the predicted
state variables and output variables, which can be expressed
as follows:

xi(kn + 1|kn) = Aixi(kn)+ Did i(kn)+ Bi1ui(kn)

xi(kn + 2|kn) = A2
i xi(kn)+ D

2
i d i(kn)+ AiBi1ui(kn)

+Bi1ui(kn + 1)
...

xi(kn + Nc|kn) = ANci xi(kn)+ D
Nc
i d i(kn)+ A

Nc−1
i Bi1ui(kn)

+ · · ·AiBi1ui(kn + Nc − 2)

+Bi1ui(kn + Nc − 1)
...

xi(kn + Np|kn) = A
Np
i xi(kn)+ D

Np
i d i(kn)+ A

Np−1
i Bi1ui(kn)

+ · · ·A
Np−Nc+1
i Bi1ui(kn + Nc − 2)

+A
Np−Nc
i Bi1ui(kn + Nc − 1)

Then, the output sequences of the AGC-LP integrated system
can be obtained as follows:

Y i = Fixi (kn)+ Gid i(kn)+ ψ i1U (63)

where

Fi =



C iAi
C iA2

i
...

C iA
Nc
i
...

C iA
Np
i


, Gi =



DiAi
DiA2

i
...

DiA
Nc−2
i
...

DiA
Np−2
i


,

ψ i =



C iBi 0 0 0
C iAiBi C iBi 0 0
...

. . .
. . . 0

C iA
Nc−1
i Bi · · · C iAiBi C iBi
...

...
...

...

C iA
Np−1
i Bi · · · C iA

Np−Nc+1
i Bi C iA

Np−Nc
i Bi


The related constraints are also required for the output of the
AGC-LP integrated system, which is designed as follows:

Ymin
i ≤ Y i ≤ Ymax

i (64)

According to Eq. (63), Eq. (64) can be rewritten as follows:

Ymin
− Fixi (kn)− Gid i(kn)

≤ ψ i1U i ≤ Ymax
− Fixi (kn)− Gid i(kn) (65)

The performance index function for the DMPC controller is
defined as follows:

J i =
(
Rsi − Y i

)T Q̄i (Rsi − Y i)+1UTR̄i1U (66)

where Rsi is the set value of the output trajectory and Q̄i and
R̄i are the weight matrices.
By substituting Eq. (63) into Eq. (66), the performance

index function can be rewritten as follows:

J i =
[
Rsi − Fixi(kn)− Gid i(kn)

]T
× Q̄i

[
Rsi − Fixi(kn)− Gid i(kn)

]
− 21UT

i ψ
T
i Q̄i

[
Rsi − Fixi(kn)− Gid i(kn)

]
+1UT

i

(
ψT
i Q̄iψ i + R̄i

)
1U i (67)

The optimal control sequences can be obtained by the sequen-
tial quadratic programming method as follows:

min J i =
1
2
ηTi Eiηi + η

T
i Gi (68)

s.t. 1Umin
i ≤ 1U i ≤ 1Umax

i (69)

s.t. Ymin
i ≤ Y i ≤ Ymax

i (70)

where

ηi = 1U i, E = ψT
i Q̄iψ i + R̄i,

Gi = −2ψT
i Q̄i

[
Rsi − Fixi (kn)

]
Then, the optimal control sequences can be calculated as
follows:

1U∗i =
(
ψT
i Q̄iψ i+R̄i

)−1
ψT
i Q̄i

[
Rsi−Fixi(kn)− Gid i(kn)

]
(71)
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FIGURE 6. Structure diagram of the DMPC scheme based on the
augmented minimal state-space.

According to the principle of moving horizon estimation,
the first element of 1U ican be treated as the control incre-
ment for time kn:

1u(kn) =

Nc︷ ︸︸ ︷[
1 0 0 · · · 1

] (
ψT
i Q̄iψ i + R̄i

)−1
×ψT

i Q̄i
[
R̄
s
i ri(kn)− Fixi(kn)− Gid i(kn)

]
= Kyri(kn)− Kdd i(kn)− Kmpcxi(kn) (72)

where Ky is the first element in
(
ψT
i Q̄iψ i + R̄i

)−1
ψT
i Q̄iR̄

s
i ,

Kd is the first element in
(
ψT
i Q̄iψ i + R̄i

)−1
ψT
i Q̄iGi, and

Kmpc is the first element in
(
ψT
i Q̄iψ i + R̄i

)−1
ψT
i Q̄iFi.

According to Eq. (57) and Eq. (72), the state equation of
the DMPC controller can be obtained as follows:

xi(k + 1)=
(
Ai − BiKmpc

)
xi(k)+ BiKyri(k)+ DiKdd i(k)

(73)

As a special structure of matrices Ai and Ci, the last column
of Fi is equal to Rsi , and the last element of Ky is same
as the last element of Kmpc. The state variables x(k) =[
1xm(k) y(k)

]T , and the gain vector of state feedback
matrix Kmpc can be expressed as follows:

Kmpc =
[
Kx Ky

]
(74)

where Ky is the state feedback gain vector for y(k) and Kx
is the state feedback gain vector for 1xm(k)T . The DMPC
scheme based on the augmented minimal state-space can be
described as shown in Figure 6:

B. DESIGN OF THE DMPC CONTROLLER FOR THE AGC-LP
INTERGRATED SYSTEM
According to the DMPC design theory presented above,
Eq. (52) is discretized at the sample time q = 0.005 s.
The related parameters are selected according to the litera-
ture [24], and the discrete state-space model of the AGC-LP
integrated system can be obtained as follows:{

x̄i(k + 1) = Āix̄i(k)+ B̄iūi(k)+ D̄id̄ i(k)
ȳi(k) = C̄ ix̄i(k)

(75)

where, Āi, as shown at the bottom of the next page,

The improved minimal state-space of the AGC-LP inte-
grated system corresponding with Eq. (56) can be established
as follows:{

xi(k + 1) = Aixi(k)+ Biui(k)+ Did i(k)
yi(k) = C ixi(k)

(76)

Based on the dynamic characteristics of the AGC-LP inte-
grated system, the number of prediction steps Np and control
steps Nc are set to 5 and 3, respectively, and the weighting
matrices are designed as follows:

Q̄i=

Q̄1i 0 0

0
. . . 0

0 0 Q̄1i


3Np×3Np

R̄i=

 R̄1i 0 0

0
. . . 0

0 0 R̄1i


3Nc×3Nc

where

Q̄1i =

 300 0 0
0 300 0
0 0 3

 R̄1i =

 0.1 0 0
0 0.1 0
0 0 0.1


The related constraints added to the increments of the control
input and system output are designed as follows:

|1u1ω| ≤ 0.1 rad/s |1u1M | ≤ 5000 kNm

|1u1S | ≤ 0.05 mm |1θ | ≤ 0.02 rad

|1σ | ≤ 1 MPa |1hi+1| ≤ 0.03 mm

According to information presented above, all the gain vec-
tors of the state feedback control can be calculated as follows:

Kx = [38.8572 23.2354 1.2358 −0.0505 0.0772

2.8325 14.5236 7.8421]

Ky = [10.5236]

Kmpc = [38.8572 23.2354 1.2358 −0.0505

0.0772 2.8325 14.5236 7.8421 10.5236]

IV. SIMULATION EXPERIMENTS AND DISUSSION
To verify the good performance of the designed DMPC con-
troller, the control systems for the 6th-stand and 7th-stand
were established based on the PI control scheme and DMPC
control scheme. Then, simulation analyses for the response
performance, disturbance rejection performance and robust-
ness of both control schemes were performed by MAT-
LAB/Simulink.

A. RESPONSE PERFORMANCE COMPARISON
During the hot strip rolling process, the control accuracy of
the LP system and AGC system directly affects the tension
stability and dimensional precision of the strip. To study the
control accuracy of the PI controller and DMPC controller,
a step testing signal was added to the initial value of the
strip gauge, looper angle and strip tension, and the dynamic
characteristic parameters of the DMPC controller and PI
controller were compared.

1) A step testing signal with an amplitude of 0.03 mm was
added to the initial value of the strip gauge at t = 3 s, and the
simulation results are shown in Figure 7.
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FIGURE 7. System outputs in response to a step disturbance in the strip
gauge: (a) gauge, (b) angle, and (c) tension.

2) A step testing signal with an amplitude of 0.02 rad was
added to the initial value of the looper angle at t=2 s, and the
simulation results are shown in Figure 8.

3) A step testing signal with an amplitude of 1.0 MPa was
added to the initial value of the strip tension at t = 1 s, and
the simulation results are shown in Figure 9.

The dynamic characteristic parameters of the PI controller
and DMPC controller were again calculated, and the results
are shown in Table 1.

As shown in the Table 1, for the PI controller, the rising
time of the gauge reaches 472.5 ms, the rising time of the
angle reaches 732.5 ms, and the overshoot of the tension
reaches 18.23%. These dynamic characteristic parameters are

FIGURE 8. System outputs in response to a step disturbance in the looper
angle: (a) angle, (b) gauge, and (c) tension.

unacceptable for a hot strip mill control system. However,
for the DMPC controller, the rising time of the strip gauge,
looper angle and strip tension are only 16.5 ms, 64.5 ms
and 24.5 ms, respectively, which are acceptable for a hot
strip mill control system. Furthermore, the gauge, angle and
tension are coordinate-controlled in the DMPC controller.
When inputting a step signal, the fluctuations in the other
parameters are much smaller than those in the PI controller.

B. DISTURBANCE REJECTION PERFORMANCE
COMPARISON
The incoming strip thickness fluctuation, incoming strip
temperature fluctuation, and roll eccentricity are the most

Āi =


0.9735 0.0149 −0.0336 0.4547 5.16e− 5 −5.703e− 4
−0.6071 −0.1216 0.0844 12.753 2.2736e− 4 −0.011
−0.22 −0.0135 −0.0764 0.6355 2.3474e− 4 −0.0021

0 0 0 0.6593 0 0
0 0 0 0 0.0821 0
0 0 0 0 0 0.1889



B̄i =


0.0678 7.0767e− 5 −3.7806e− 4
3.7893 0.0026 −0.019
−0.5361 7.8282e− 4 0.0019
0.3407 0 0

0 0.9179 0
0 0 0.8111


C̄ i =

 1 0 0 0 0 0
0 0 1 0 0 0
0 0 −16.29 0 0 0.334



D̄i =


0 0
0 0

−0.1872 −15.81
0 0
0 0
0 0
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FIGURE 9. System outputs in response to a step disturbance in the strip
tension: (a) tension, (b) gauge, and (c) angle.

FIGURE 10. System outputs in response to a step disturbance in the
incoming strip thickness: (a) gauge, (b) angle, and (c) tension.

FIGURE 11. System outputs in response to a sinusoidal disturbance in the
incoming strip temperature: (a) gauge, (b) angle, and (c) tension.

common disturbances during the hot strip rolling process.
To study the disturbance rejection performance of the PI con-
troller and DMPC controller, disturbance signals were added

FIGURE 12. System outputs in response to a sinusoidal disturbance in the
roll eccentricity: (a) gauge, (b) angle, and (c) tension.

TABLE 1. Dynamic characteristic parameters of the PI controller and
DMPC controller.

to the incoming strip thickness, incoming strip temperature
and roll gap. Finally, the disturbance rejection performance
of the PI controller and DMPC controller were compared
based on the dynamic characteristic parameters obtained by
the simulation.

1) A step testing signal with an amplitude of 0.05 mm was
added to the initial value of the incoming strip gauge at t = 3
s, and the simulation results are shown in Figure 10.

2) A sinusoidal testing signal with an amplitude of 10◦

and a frequency of 0.2 Hz was added to the initial value of
the incoming strip temperature at t=2 s, and the simulation
results are shown in Figure 11.

3) A sinusoidal testing signal with an amplitude
of 0.025 mm and a frequency of 1.0 Hz was added to the
initial value of the 7th roll gap, and the simulation results are
shown in Figure 12.

The dynamic characteristic parameters of the PI controller
and DMPC controller were again calculated, and the results
are presented in Table 2.

As shown in Table 2, when the hot strip mill encounters
fluctuations in the incoming strip thickness, incoming strip
temperature and roll eccentricity, there is substantial coupling
among the strip gauge, looper angle and strip tension. The
gauge fluctuations given by the PI controller are 3.73e-3 mm,
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TABLE 2. Dynamic characteristic parameters of the PI controller and
DMPC controller.

TABLE 3. Dynamic characteristic parameters of the PI controller and
DMPC controller.

1.26e-3 mm and 1.04e-2 mm. The angle fluctuations given
by the PI controller are 1.31e-2 rad, 4.06e-2 rad and 3.98e-
2 rad. The tension fluctuations given by the PI controller are
1.353 MPa, 8.23e-1 MPa and 4.71e-1 MPa. As the on-line
rolling optimization strategy and feedback correction strategy
was designed in the DMPC controller, the disturbances can be
corrected rapidly, and the fluctuation in all parameters can be
controlled in a small region. Hence, the DMPC controller can
increase the disturbance rejection performance of the AGC-
LP integrated system.

C. ROBUSTNESS COMPARISON
Steel strips with many different specifications are produced
in an actual hot strip mill, and the model mismatch caused
by the change in strip specifications substantially affects the
dynamic characteristic parameters of the system. To study
the robustness of the PI controller and DMPC controller,
the dynamic response characteristic of both controllers were
simulated under the condition that the cross-sectional area of
the strip S changes.

1) Under the condition that the cross-sectional area of the
strip S changes, a step testing signal with an amplitude of
0.03 mm was added to the initial value of the strip gauge at
t=2 s, and the simulation results are shown in Figure 13.

The dynamic characteristic parameters of the PI controller
and DMPC controller were again calculated, and the results
are presented in Table 3.

2) A step testing signal with an amplitude of 1.0 MPa was
added to the initial value of the strip tension at t=1 s, and the
simulation results are shown in Figure 14.

FIGURE 13. (a) Output curves of gauge with varying cross-sectional area
in response to a step gauge change. (b) Output curves of angle with
varying cross-sectional area in response to a step gauge change. (c)
Output curves of tension with varying cross-sectional area in response to
a step gauge change.

TABLE 4. Dynamic characteristic parameters of the PI controller and
DMPC controller.

The dynamic characteristic parameters of the PI controller
and DMPC controller were again calculated, and the results
are presented in Table 4.

As shown in the simulation results presented above, when
the cross-sectional area of the strip S changes, the robustness
of the PI controller decreases, and large overshoots or long
rising times appear. However, the AGC-LP integrated sys-
tem based on the proposed DMPC controller is relatively
insensitive to the rolling condition changes and model mis-
match. When a step testing signal was added to the initial
value of the strip tension, the PI controller had an overshoot
in tension of 41.21%, wherein the proposed DMPC controller
had an overshoot of only 2.232%. Moreover, when a step
testing signal was added to the initial value of the strip
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FIGURE 14. (a) Output curves of tension with varying cross-sectional area
in response to a step tension change. (b) Output curves of gauge with
varying cross-sectional area in response to a step tension change. (c)
Output curves of angle with varying cross-sectional area in response to a
step tension change.

gauge, the rising time of the PI controller fluctuated in the
range of 478.3 ms to 467.1 ms, whereas the rising time of
the DMPC controller was less than 18 ms in all cases. The
results presented above clearly show that, compared to the
PI controller, the DMPC controller is more robust and can
provide a better control effect for the strip gauge, looper angle
and strip tension.

V. CONCLUSION
In this paper, according to hot rolling theory, a state-space
model of a hot strip mill was established that considers the
coupling relationship between the AGC and LP systems,
the thickness delay, and the temperature delay. As expected,
there was only a small difference between the real data and
the results from the established model. In addition, based on
the established AGC-LP state-space model, a DMPC con-
troller was designed for coordinative optimization of the strip
gauge, looper angle and strip tension in a hot strip mill.
Finally, the simulation analyses were performed to compare
the response performance, disturbance rejection performance
and robustness performance of the traditional PI controller
and the proposed DMPC controller. The simulation results
showed that the overshoot and rising time of the PI controller
failed to meet acceptable levels for a hot strip mill system in

cases of model mismatch. Future work will include model-
ing of parametric uncertainties and application of nonlinear
control schemes for hot strip mills.

NOTATION
ρC -carbon content in the strip/%;
ε -relative deformation degree/%;
ω - roll rotation speed/(rad/s);
R′ - deformed working roller radius/mm;
H -entry thickness of the strip/mm;
h -exit thickness of the strip/mm;
T -rolled workpiece temperature/◦C;
tod -phase transition temperature/◦C;
σs -Stefan-Boltzmann constant;
W - strip width/mm;
l -strip length/mm;
ρ - strip density/(kg/m3);
C -specific heat capacity of the strip/J/(kg·◦);
kT -cooling efficiency;
Tw -cooling water temperature/◦;
fs - nozzle flow/(m3/s);
p -nozzle pressure/MPa;
v -strip speed/(m/s);
pc - average unit pressure/MPa;
η - absorption efficiency/%;
lc -length of the contact arc/mm;
β - thermal conductivity efficiency/%;
Troll -temperature of the working roller/◦;
λ - thermal diffusivity of rolling workpiece;
F -rolling force/kN;
kf - deformation resistance/(MPa/kN);
σf - forward tension/MPa;
σb - backward tension/MPa;
R - initial roll radius/MPa;
E - elastic modulus/MPa;
Qp -state coefficient of stress;
F0 - zeroing force/kN;
mf -state coefficient of entry tension;
mb - state coefficient of exit tension;
Mm - mill stiffness/(kN/mm);
S0 - roll gap without load/mm;
vout,i -exit speed of the strip at the ith stand/(mm/s);
vin,i+1 - entry speed at the (i+1)th stand/(mm/s);
cf - viscous friction constant,
L -distance between adjacent stands/mm;
L(θ ) - actual length of the strip/mm;
Vi -working roller speed at the ith stand/(m/s);
φn - neutral angle/rad
L1 -distance between the actual pass line and the

looper pivot/mm;
L2 - distance between the stand and the looper

pivot/mm;
L3 - length of the looper arm/mm;
r - radius of the looper roll/mm;
J -looper moment of inertia;
M - looper motor torque/(kgm2);
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ML - looper load torque/(kgm2);
Mg - torque from looper roll and strip

weight/(kgm2);
WS - strip mass;
WR -looper roll mass.
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