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ABSTRACT Cluster analysis, which focuses on the grouping and categorization of similar elements,
is widely used in various fields of research. Inspired by the phenomenon of atomic fission, this paper proposes
a novel density-based clustering algorithm, called fission clustering (FC). It focuses on mining the dense
families of clusters in the dataset and utilizes the information of the distance matrix to fissure the dataset
into subsets. A K-nearest neighbor (KNN) local density indicator is applied to identify and remove the points
of sparse areas so as to obtain a dense subset that consists of the dense families of clusters. The algorithm,
denoted as FC-KNN, is achieved by merging FC and KNN local density indicator. Several frequently-used
datasets were applied to test the performance of the proposed clustering approach and to compare the results
with those of other algorithms. The comprehensive comparisons indicate that the proposed method has
advantages over other common methods.

INDEX TERMS Clustering, density-based, K-nearest neighbor, fission clustering algorithm.

I. INTRODUCTION
The data clustering processes used in numerous current clus-
tering methods are similar to those of atomic fusion. In con-
trast, we propose a method to cluster data by the pattern
of atomic fission. The proposed method can cluster data
category by category without assuming that the number of
categories is known before clustering occurs.

In data clustering, the basic task is to divide data into
distinct groups on the basis of their similarity. Initial methods
of clustering tended to focus on finding the center point of
every category and then assigning the other points to the
nearest center. To make computer cluster data faster, some
researchers, such as Schikuta [1], Ma and Chow [2] et al.,
have applied the grid-based clustering method to divide
objects part by part. The grid-based clustering method does
not need to cluster data point by point; however, this method
is influenced by the size of grid cells and cannot easily
determine the number of categories.

A fundamental and challenging task of clustering analy-
sis is to determine the number of clusters. This number is
however assumed known in the earlier research on clustering.
A clustering approach with few known conditions is expected
when we face increasing numbers of poor information
datasets (scant or incomplete data). The similarity matrix of
objects is the unique known condition in our method.

The associate editor coordinating the review of this manuscript and
approving it for publication was Jenny Mahoney.

Inspired by the phenomenon and rapid process of atomic
fission, a fast and effective clustering method is proposed,
whichwe call fission clustering (FC). If the distances between
every pair of clusters are large enough, two maximal values
are applied to determine the number of categories, i.e., ‘‘the
maximal crack of the distance matrix and the maximal value
of all the distances between objects and their nearest neigh-
bors’’. Otherwise, the K-nearest neighbor method can be
applied to obtain a local density indicator for every object
in the clustering dataset. Then, the objects that have a small
indicator value will be removed, while a dense subset with
large distances between every two clusters is obtained.

Border points are distributed in two cases: (i) the border
points of the ith cluster are far away from the border points
of the jth cluster (i 6= j), and (ii) the border points of different
clusters are close together. The main works in this article
can be described as follows: (a) propose the FC algorithm
for case (i); (b) combine the FC algorithm and the K-nearest
neighbor local density indicator to propose the FC-KNN
algorithm for case (ii); and (c) demonstrate our algorithms
by some numerical experiments of both simulated and real
datasets.

II. RELATED WORK
Clustering, a classical issue in data mining, is widely
used in a number of different areas, such as cli-
mate research [3], computational biology, biophysics and
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bioinformatics [4], [5], economics and finance [6], [7], and
neuroscience [8], [9].

In general, different clustering methods can be basi-
cally categorized as follows: density-based (DBSCAN [10],
NQ-DBSCAN [11], OPTICS [12], DP [13], DP-HD [14] and
CSSub [15]); grid-based (DGB [16], STING [17], CLIQUE
[18] and WaveCluster [19]); model-based (Gaussian mixture
models [20], COBWEB [21] and Latent tree models [22]);
partitioning (K-means [23], CLARANS [24], and TLBO
[25]); graph-based (GRAPHCLUS [26], ProClust [27] and
MCSSGC [28]); and hierarchical (DIANA [29], BIRCH [30]
and CHAMELEON [31]) approaches.

Of the earlier methods in the literature, a most representa-
tive clustering method may be K-means [23], which focuses
on determiningK centers and dividing data points into K clus-
ters. However, K-means and its variants (see [32], [33]) need
to know the number of categories before clustering occurs.
More recently, a fast algorithm by finding density peaks (DP)
was proposed [13] and widely used. DP can scan its decision
graph to determine the number of clusters automatically, and
the experimenter can also select some core points of the
decision graph as centers when the number of clusters is
known. DP combines the advantages of both density-based
and centroid-based clustering methods. Many variants have
been developed by using DP, such as ADPC [34], GDPC [35],
FastDPeak [36], REDPC [37], FREDPC [38], DPC-KNN-
PCA [39] and SNN-DPC [40], to list a few. As a local
density-based method, DP can obtain good results in most
instances. However, as a centroid-based method, DP and its
variants cannot cluster points correctly when a category has
more than one center.

Schikuta [1] designed a grid structure in the data distribu-
tion area to partition data into blocks, and then applied the
block information via the index structure of the grid cell and
clustered the objects according to their surrounding blocks.
Typical examples of this type of algorithm include STING
[17], CLIQUE [18] and WaveCluster [19]. The grid-based
clustering approach does not need to input the number of
clusters, and it considers cells rather than data points, so it can
deal with cases in which a category has more than one center.
However, these grid-based methods are hard to be applied
to high-dimensional datasets as the number of the cells
in the grid grows exponentially with the dimensionality of
the data.

DBSCAN [10] is a representative density-based algo-
rithm which does not need to input the number of
clusters. It determines clusters by defining the density
criterion with two parameters, Eps-distance and MinPts.
NQ-DBSCAN [11], ReCon-DBSCAN [41], AA-DBSCAN
[42] and RNN-DBSCAN [43] are some up-to-date devel-
opments of DBSCAN. In particular, NQ-DBSCAN is a
high-efficiency algorithm for high-dimensional data. How-
ever, DBSCAN and its extensions are difficult for their
parameters to be set, which are ruleless (as shown
in TABLE 5) on account of the different densities for variant
datasets.

TABLE 1. The full names of the algorithm abbreviations.

In this article, we are proposing a method which will not
need to set the number of clusters as an input. Neither will
it be impacted by the data dimensionality like grid-based
methods. Our method focuses on mining the dense families,
rather than the center points, of the dataset, so it can also
overcome the inadequacy of centroid-based methods, that is,
it can cluster data points correctly when a category has more
than one center. For this reason, our method is more robust
than the related methods as a comparison, with its parameters
easier to be set than those in DGB and NQ-DBSCAN.

III. PROPOSED METHODS
In general, a cluster center is surrounded by neighbors with
lower local densities, and is at a relatively large distance
from other cluster centers [13]. Based on this feature, we can
make an algorithm assumption that there are k−1 neighbour-
hoodsU (xi, ri) composed of higher local density points in the
dataset of k categories. This assumption is satisfied in many
existing simulated and real datasets.

Section A and B below are dealing with the datasets of
the case (i) and (ii), respectively. Section A proposes the
FC algorithm and describes two key steps of that algorithm:
(a) splitting the dataset into subsets and (b) stopping split-
ting sets. Section B includes two parts: (a) using equation
(1) to obtain an indicator for every object in the dataset X ,
presenting Algorithm 2 and then applying Algorithm 2 to
obtain a subset C ⊂ X , which has the feature of case (i);
and (b) proposing the FC-KNN algorithm.

A. FISSION CLUSTERING ALGORITHM (FC)
In this section, we address case (i) first. To develop the
algorithm, we first give a definition needed below.
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Definition: f : X × X → R is a distance (similarity)
function, where X is a sample set, and R is the real number
set. For all xk ∈ X , if f (x0, xk ) 6∈ (f (x0, xi), f (x0, xj)) (or
f (x0, xk ) 6∈ (f (x0, xj), f (x0, xi))), we call |f (x0, xi)− f (x0, xj)|
a crack of (X , f ), where x0, xi, xj ∈ X .
Obviously, the maximal crack (MC) of (X , f ) exists for a

finite dataset.
The key steps of the FC algorithm are to fissure a dataset

into two subsets and to stop fissuring subsets when all the
clusters are obtained. These two key steps are detailed as
follows.

1) DIVIDE DATASETS
For a distance (similarity) function f (xi, xj) between xi and
xj, we define f (xi, xj) < f (xi, xk ) if the relationship between
xi and xj is closer than that between xi and xk . Then the
distance (similarity) matrix of (X , f ) can be easily obtained,
denoted by S(X ). The matrix S1(X ) is obtained by sorting
every row of the distance matrix S(X ). The ith column of
S1(X ) is subtracted from the (i + 1)th column of S1(X ) to
obtain the ith column of the matrix S2(X ), MC = max{sij :
sij ∈ S2(X )}. If MC = |f (xi, xj) − f (xi, xk )| and f (xi, xt ) 6
min{f (xi, xj), f (xi, xk )}, then xt ∈ X1; otherwise, xt ∈ X2, and
the set X is fissured into two subsets.
If there are k categories of objects in X , then the k cate-

gories can be obtained step by step by application of the above
fissuring method.

A toy example to show how to compute the MC is pre-
sented as follows. Let X = {x1(0, 0), x2(0.1, 0), x3(0, 0.2),
x4(5, 0), x5(5.2, 0.1), x6(5.1, 0.3)} and Euclidean distance
function be the similarity function.

S1(X ) =



0 0.10 0.20 5.00 5.11 5.20
0 0.10 0.22 4.90 5.01 5.10
0 0.20 0.22 5.00 5.10 5.20
0 0.22 0.32 4.90 5.00 5.00
0 0.22 0.22 5.10 5.20 5.20
0 0.22 0.32 5.01 5.10 5.11



S2(X ) =



0.10 0.10 4.80 0.11 0.09
0.10 0.12 4.68 0.11 0.09
0.20 0.02 4.78 0.10 0.10
0.22 0.10 4.58 0.10 0
0.22 0 4.88 0.10 0
0.22 0.10 4.69 0.09 0.01


MC(X ) = S2(X )(5, 3) = 4.88 = |f (x5, x3) − f (x5, x4)|,

if f (x5, xi) 6 min{f (x5, x3), f (x5, x4)}, then xi ∈ X1; other-
wise, xi ∈ X2. X is fissured into two subsets X1 = {x4, x5, x6}
and X2 = {x1, x2, x3}.
The mappings

⋃
xi∈X
{f (xi, xj) : xj ∈ X − {xi}} generate

many cracks (as the Definition described above). If a set
contains two clusters, it must be most reasonable to divide
the dataset into two subsets using the maximal crack of all the
cracks.

2) STOP DIVIDING DATASETS
In this section, we turn to investigate the characteris-
tics of the distance matrix, and then apply the useful
information in the matrix to determine the number of
categories.

We use the following formulae as an illustration: let
d0(C) = max{f (xi, x̂i) : xi ∈ C ⊂ X} and d0 =
max{f (xi, x̂i) : xi ∈ X}, where x̂i is the nearest neighbor
of xi. The object xi ∈ X can be considered as a village and
f (xi, xj) can be considered as the distance between two vil-
lages xi and xj. Suppose there is a road such that xi and xj are
connected for all xi, xj ∈ C , and the distance of every pair of
adjacent connection villages on the road is less than or equal
to d0(C). This road is denoted as d0(C)-road. The theorem
below is an effective indicator to determine the number of
categories.
Theorem: If the distance function f satisfies triangle

inequality and C ⊂ X has a d0(C)-road, then MC(C) 6
d0(C), whereMC(C) is theMC of (C, f ).

Proof: Shown as APPENDIX A.
If the distance of every pair of clusters is much greater than

d0, and every cluster has a d0-road, the inequationMC(C) 6
d0 can be considered as the condition under which stop
fissuring a subset C . If all the subsets that fissured from X
are satisfied by the inequationMC(C) 6 d0, then the process
of fissuring subsets will stop. The number of clusters will be
determined at the same time.

Numerous common distance functions satisfy the triangle
inequality, such as the Manhattan distance, Euclidean dis-
tance, and Minkowski distance. If the densities of clusters are
not extremely different in the same dataset, the inequation is
effective.

The details of the FC algorithm are as shown in follows,
where Sk (C)(:, i) is the ith column of Sk (C).

B. THE FISSION CLUSTERING ALGORITHM WITH
K-NEAREST NEIGHBOR LOCAL DENSITY
INDICATOR (FC-KNN)
In this section the main purpose is to obtain a dense subset
C ⊂ X in Case (ii) such that the distances between every pair
of clusters in C are large enough but the distances between
every pair of nearest neighbors are sufficiently small, and then
apply the Algorithm 1 to split the subset C .

1) OBTAIN THE LOCAL DENSITY INDICATOR
FOR DENOISING
This subsection aims to obtain a local density indicator ρi for
every object xi and then distinguish the dense area objects
from the sparse area objects.

KNN-density is a frequently-used indicator to describe the
local density indicator ρi [36], [39]. Our method focuses
on mining the dense families of the dataset. It is more
robust than other methods which focus on mining the center
points. Then, we select a relatively straightforward and useful
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FIGURE 1. The flowcharts of Algorithm 1 and 2.

Algorithm 1 FC algorithm.
Input: Distance matrix S(X ).
Output: Clusters of X .
1. d0← max{f (xi, x̂i) : xi ∈ X}.
2. C1← X (initial value).
3. While There is a subset Ci such thatMC(Ci) > d0 do
4. repeat
5. Pick the subset Ci if MC(Ci) > d0.
6. Sort every row of S(Ci) to obtain S1(Ci).
7. S2(Ci)(:, k) ← S1(Ci)(:, k + 1) − S1(Ci)(:, k), k = 1, 2,
· · · , n− 1.
8. MC ← max{S2(Ci)(k, j) : k = 1, 2, · · · , n, j = 1, 2,
· · · , n− 1}.
9. Find out xi, xj and xk which generate the MC (|f (xi, xj)
− f (xi, xk )| = MC).
10. If f (xi, xt ) 6 min{f (xi, xj), f (xi, xk )} then xt ∈ Ccount ;
otherwise, xt ∈ Ccount+1.
11. until max{MC(Ci)} 6 d0.
12. end while

KNN-density indicator, as shown in follows:

ρi = 1/
∑

xj∈KNN (xi)

f (xi, xj), (1)

where KNN (xi) is the K-nearest neighbor set of xi.
Differently from the objects of the sparse area, the objects

in a dense area have a spherical neighborhood with a smaller
radius which contains the same number of neighbors. The
object in the dense areas has a larger local density indicator
ρi by using equation (1). The sample is considered to belong
to the dense subset C if it has a larger ρi.

A denoising method is designed as Algorithm 2 after
obtaining ρi for every object.

Algorithm 2 Denoising.
Input: Distance matrix S(X ), t and N0 = |KNN (xi)|.
Output: The dense subset C .
Initialize: r=0.4.
1. Apply equation (1) to obtain ρi for every object.
2. Remove [0.4 ∗ n] objects of X that have smaller ρi, retain
the other objects in C .
3. d0← max{f (xi, x̂i) : xi, x̂i ∈ C}.
4.WhileMC(C) 6 t × d0 do
5. repeat
6. r ← r + 0.1.
7. Remove [r ∗ n] objects of the entire dataset X that have
smaller ρi, retain the other points in C .
8. Update d0 and MC(C) of the new subset C .
9. until MC(C) > t × d0 or r = 0.9.
10. end while.

In general, |C|>[50%n] (n = |X |), r = 0.4 is considered as
an initial value, i.e. [60%n] points are considered as the initial
members of the dense subset. A smaller initial value of r may
let Algorithm 2 add the times of iteration. r = 0.9 (line 9.
of Algorithm 2) means that |C| > 10%|X |. The flowcharts of
Algorithm 1 and 2 are as shown in FIGURE 1.

2) FC-KNN ALGORITHM
The main steps of the FC-KNN are as shown in follows.

When the fission of dense subsetC is complete after Step 2
of the FC-KNN processes, the remaining objects in the set
X −C need to be assigned to their correct category. A simple
method is applied to assign the objects of X − C : let A ⊂ X
be the subset that contains the already classified points and
U ⊂ X be the subset of unclassified points. If f (x ′i , x

′
j ) =

min{f (xi, xj) : xi ∈ A, xj ∈ U}, then x ′j is assigned to the
category that contains x ′i .
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FIGURE 2. Results for tuning courses with parameter t .

FIGURE 3. A simple example for describing the processes of Algorithm 3.

Algorithm 3 FC-KNN algorithm.
Input: Distance matrix S(X ), t and N0 = |KNN (xi)|.
Output: The clustering result.
Initialize: r=0.4.
1. Use Algorithm 2 to obtain a dense subset C .
2. Cluster the subset C by using Algorithm 1.
3. Assign the objects of X − C to their nearest cluster.

The parameter N0 is set according to the number of objects
in X (such as N0 = [1%|X |]). We suggest N0 < min{|Ci| :
i = 1, 2, · · · , t}, where Ci is the dense family of ith cluster
in X and C = C1 ∪ C2 ∪ · · · ∪ Ct . Note that t > 1 can be
considered as a tuning parameter. As shown in FIGURE 2 (b),
the densities of different areas can be approximatively ranked
as: density(A) ≈ density(D) > density(B) ≈ density(F) >
density(E). Algorithm 2 increases the value of t to remove
more border points (sparse area points). For N0 = [2%n],
when t ∈ (1, 3.2] the dense subset C = A ∪ D ∪ B ∪ E ∪ F ,
the familiesB andF are connected by some points ofE , so the

dense families of categories are A, D and B ∪ E ∪ F . When
t ∈ [3.3, 7.3] the dense subset C = A∪D∪B∪F , the points
of E are considered as the sparse area points and removed,
so the dense families of categories are A, D, B and F . When
t ∈ [7.4, 55] the dense subset C = A ∪ D, the points of B ∪
E ∪ F are considered as the sparse area points and removed,
the dense families of categories are A and D.

FIGURE 3 shows the processes of Algorithm 3.
Algorithm 2 is used to obtain a dense subset C , as shown
in FIGURE 3 (a) and (b). Algorithm 1 is applied to
split the dense subset C into several subsets, as shown in
FIGURE 3 (c), (d) and (e). When Algorithm 1 stops splitting
subsets, the border point is assigned to its nearest cluster,
as shown in FIGURE 3 (f).

IV. EXPERIMENTS
In this section, we evaluate the performance of the proposed
method on both simulation data and real data, and then
compare it with some state-of-the-art methods that do not
need the number of clusters to be input. All the experiments
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FIGURE 4. The clustering results for different methods used on the Imbalance dataset. ((b), (c) and (d) Were clustered by DGB, AP and NKGA, respectively.
FC-KNN and NQ-DBSCAN obtained the same result as in (a)).

TABLE 2. The simple description of datasets.

TABLE 3. Number of clusters estimated by various methods.

are implemented based on the same software and hardware:
MATLAB R2014a in the Win7 operating system with Intel
Core I5-3230 M 2.6 GHz and 32 G Memory.

The Euclidean function was applied to obtain the dis-
tance matrix in all experiments. We selected the following
methods for our comparisons with the proposed method: the
affinity propagation algorithm (AP) [44], automatic find of
density peaks (ADPC) [34], Neighbor Query DBSCAB (NQ-
DBSCAN) [11], NK hybrid genetic algorithm (NKGA) [45]
and a density and grid based (DGB) clustering method [16].

A. DESCRIPTIONS OF EXPERIMENT DATA
1) SIMULATION DATA
First, some frequently-used datasets obtained from dif-
ferent references are applied to test the algorithms, such
as R15 [46], D31 [46], Aggregation [47], A1 [48],

S1 [49], Dim2 [50] and Dimond [51] etc. And then three
datasets, Imbalance (FIGURE 4), SynthesisO
(FIGURE 5) and SynthesisT (FIGURE 5), are constructed for
the supplementary tests. All the simulation data are points of
two-dimensional Euclidean space.

2) REAL DATA
Several real-world datasets are applied to test the perfor-
mance of the proposedmethod, including three plant datasets:
Iris1 [52], [53], Seeds1 [54] and Soybean1 [55]; a wire-
less signal dataset: Wifi1 [56]; a human vertebral column
dataset: Vertebral1 [57]; a web page dataset: WebKB2 [58];
and four high-dimensional gene datasets: Adenoma3 [59],

1http://archive.ics.uci.edu/ml/datasets.php
2http://www.cs.umd.edu/sen/lbc-proj/LBC.html
3http://portals.broadinstitute.org/cgi-bin/cancer/datasets.cgi
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TABLE 4. The results’ comparison for different methods.

FIGURE 5. SynthesisO and SynthesisT.

Leukemia3 [60], AML3 [61] andHL603 [61]. Simple descrip-
tions of these real datasets are provided in TABLE 2.

B. RESULTS AND COMPARISONS
1) PRESENTATION OF RESULTS
A simple description of datasets is presented in TABLE 2.
TABLE 3 presents the number of clusters estimated by var-
ious methods. TABLE 4 shows the clustering results when
compared with other various methods.

To evaluate and compare the performance of the clustering
methods, we apply the evaluationmetrics: Accuracy, F-Score,
Adjusted Rand Index (ARI) [62] and Normalized Mutual
Information (NMI) [63] in our experiments to do a compre-
hensive evaluation. The higher the value, the better the clus-
tering performance for all these measures. Compared with
the best results of other algorithms, our method has relative
advantages of 0.1333, 0.149, 0.3731 and 0.2827 (TABLE 4)
with respect toAccuracy, F-Score, ARI andNMI for theAML
dataset, respectively.

We conduct the Friedman test with the post-hoc Nemenyi
test (α= 0.10) [15] to examine whether the difference between
any two clustering algorithms is significant in terms of their
average ranks. The difference between two algorithms is sig-
nificant if the gap between their ranks is larger than CD. There
is a line between two algorithms if the rank gap between them
is smaller than CD. This test shows that FC-KNN is signifi-
cantly better than other methods. ADPC and NQ-DBSCAN
are significantly better than NKGA and AP.

In summary, our method achieves better results with
respect to the estimation of cluster number, Accuracy,

VOLUME 8, 2020 71003



S. Lu et al.: Clustering by Using the Way of Atomic Fission

TABLE 5. The parameter settings of FC-KNN, NQ-DBSCAN, DGB and ADPC for experimental datasets.

FIGURE 6. Critical difference (CD) diagram of the post-hoc Nemenyi test.

F-Score, ARI and NMI, compared comprehensively with
other methods.

2) PARAMETER ANALYSIS
As shown in TABLE 5, the parameter settings of
NQ-DBSCAN and DGB are random and ruleless for the
datasets. It is thus difficult to guess the right parameters for
NQ-DBSCAN and DGB if the results are unknown before
clustering occurs. Because the parameters of the FC-KNN
have their own regulation, N0 can be set by the indicator of
the objects’ number, such as N0 = ceil(2%n), where ceil(·)
is a rounding function. The selection of parameter t has a
direction: the larger the value of t , the fewer the points are
retained in the dense families. The parameters of the FC-KNN
are therefore easy to set.

The proposed method is robust. It can obtain the same clus-
tering results even when we choose values for parameters t
and N0 in wide intervals [t−, t+] and [N

−

0 ,N
+

0 ], respectively.
For the Iris dataset, the FC-KNN can obtain the same results
with N0 ∈ [ceil(3%n), ceil(5%n)] and t ∈ [1.1, 6]. How-
ever, NQ-DBSCAN cannot obtain the same results for three

slightly different cases of Eps=0.41, Eps=0.42 and Eps=0.43,
when MinPts=5. In fact, three of the most influential param-
eters for DGB are cutoff factor (CF), grid number (GN) and
noise threshold (NT). The DGB cannot get the same results
for three cases of CF=0.19, CF=0.20 and CF=0.21, when
GN=252 and NT=0. Clearly, the NQ-DBSCAN and the DGB
are not robust in their parameters.

In the description of the above algorithms, the distance
matrix is a significant input. This matrix depends on the
correct selection of the attributes, the correct value of the
selected attributes and a good distance (recognition) function.
We say the recognition function f1 is better (stronger) than
f2 if |f1(xi, x ′i ) − f1(xi, xj)| > |f2(xi, x ′i ) − f2(xi, xj)| for all
xi, x ′i ∈ Ci and xj ∈ Cj, where Ci and Cj are two clusters
of X .

For the simulation data that are Euclidean space points,
the Euclidean function is a strong recognition function for
them; then, the parameter t can be set to a large value.
However, if the Euclidean function is a weak recognition
function for some real datasets, such as the dataset Vertebral,
the AP algorithm classifies the data Vertebral as one cluster.
Differently, our FC-KNN algorithm can determine the correct
clusters after tuning the parameter t with a smaller valuewhen
the recognition function is weak.

3) RUNTIME
Equation (1) takesO(n∗N0) operations. Algorithm 1 splits the
set X (or dense subset C) into subsets C1,C2, · · · ,Ck . Since
|Ci| � |X |, data processing will become faster and faster,
accompanied by the dividing courses of subsets. k clusters are
obtained after k − 1 times of dividing subsets, then, its time
complexity is O(1). Moreover, if |C| = m, then |X − C| =
n− m, and the time complexity of assigning border points is
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TABLE 6. The runtime (second) of various methods.

hence O(n−m). The time complexity of the whole FC-KNN
algorithm is O(n2) in the worst case.

The runtime of various methods for four datasets are pre-
sented in TABLE 6. Here the SynthesisT dataset has the
most objects, the D31 dataset has the most clusters, and
the HL60 and AML datasets have the most dimensionality.
The runtime of our method is not influenced by the data
dimensionality.

4) COMPARISONS AND DISCUSSIONS
In FIGURE 4, we plotted the densities of the two clusters in
the Imbalance dataset, which have a significant difference.
It is difficult to determine the number of categories with the
AP, ADPC, NKGA and DGB algorithms. The ADPC can
not find the second center point of the Imbalance dataset,
that is this algorithm considers the dataset as one cluster.
In FIGURE 5, clearly no single point can be considered as the
geometrical centroid of the annulus in the SynthesisO dataset,
and no single point can be considered as the geometrical
centroid of the T shape cluster in the SynthesisT dataset.
The ADPC, as a state-of-the-art centroid-based clustering
method, cannot correctly estimate the number of clusters for
them. Our proposed method aims at mining the dense family
of every category, not the center points. It can correctly deter-
mine the number of clusters for the Imbalance, SynthesisO
and SynthesisT datasets.

The NQ-DBSCAN and the DGB produce good results for
two-dimensional data after they tune the parameters many
times with reference to two-dimensional figures. However,
they do not work well for high-dimensional data, because
these data cannot show well in two-dimensional figures. The
DGB and the NQ-DBSCAN are much superior to their pro-
totypes with respect to accuracy and runtime. However, they
are also hampered by the ruleless parameters when they deal
with multidimensional data.

AP [44] is an unsupervised algorithm without any parame-
ters. The parameters of NKGA [45] are recommended by the
publication [45]. The algorithms of parameter-free or fixed
parameter value may not be adaptive to various kinds of
datasets. The parameter of ADPC [34] is shown in TABLE 5,
dc = 0.02 means that the parameter of ADPC takes the value
at the position of first 2% of all distances [34].

Unlike the methods that need the number of clusters to be
input, such as K-means, our method need no prior conditions.
In contrast to the centroid-based methods, such as ADPC, our
method focuses on seeking dense families for every category,
not just the center point, so it can deal with more kinds of

datasets. To compare it with the grid-based method DGB,
our method is not influenced by the size or number of grid
cells and the dimensionality of data. Moreover, unlike the
NQ-DBSCAN, our method it is easier to set parameters.
Our FC-KNN obtains satisfying results more easily than the
DGB and the NQ-DBSCAN do, when faced with a new
high-dimensional dataset that has no references to known
clustering results.

V. CONCLUSION
In this article, the FC algorithm is proposed, and then it is
combined with the K-nearest neighbor local density indi-
cator to propose the FC-KNN algorithm. The fundamental
task that is challenging for clustering is how to determine
the number of clusters for a dataset. Our proposed method
aims at dealing with this task. Interestingly, our method does
not need to assume that the number of categories is known
before clustering occurs. Both the simulation and real datasets
are applied to test the performance and effectiveness of the
proposed method. Our proposed algorithm is also compared
with several frequently-used clustering algorithms, including
the centroid-based algorithmADPC, the intelligent algorithm
NKGA, the grid-based algorithm DGB, the density-based
algorithm NQ-DBSCAN and the parameter-free algorithm
AP. The experiments indicate that our method achieves bet-
ter results, in terms of the evaluation metrics (TABLE 4)
and the estimated number of clusters (TABLE 3), than the
other methods under comparison. Based on this work, it will
be interesting to extend our FC-KNN into a fully adaptive
method in the future.

APPENDIX A: THE PROOF OF THEOREM
Reduction to absurdity is applied to prove the theorem.
If there is a crack |f (x0, xi) − f (x0, xj)| > d0(C), then
there is an xs such that f (x0, xs) ∈ (f (x0, xj), f (x0, xi)) holds.
On the other hand, |f (x0, xi)− f (x0, xj)| is a crack, f (x0, xs) 6∈
(f (x0, xj), f (x0, xi)) for all xs ∈ X . Detailed descriptions are
as follows.

Proof: If there is a crack |f (x0, xi)− f (x0, xj)| > d0(C),
then f (xi, xj) > f (x0, xi) − f (x0, xj) > d0(C) (suppose
f (x0, xi) > f (x0, xj)). Thus, if xi and xj are not adjacent points
on the d0(C)-road, there must be a point xk on the road from
xi to xj (xi ∼ xk ∼ xj).
If f (x0, xk ) 6∈ (f (x0, xj), f (x0, xi)), then one of |f (x0, xi) −

f (x0, xk )| > |f (x0, xi) − f (x0, xj)| > d0(C) and |f (x0, xj) −
f (x0, xk )| > |f (x0, xi) − f (x0, xj)| > d0(C) holds. Assuming
that |f (x0, xi)−f (x0, xk )| > d0(C), then there is xt on the road
xi to xj (xi ∼ xt ∼ xk ∼ xj). Because the road of xi to xj is
a part of the d0(C)-road, xi and xj can be connected by some
points, and the distance between two connection points is less
than or equal to d0(C). If f (x0, xt ) 6∈ (f (x0, xj), f (x0, xi)), then
there must be a point xs on the road from xi to xj such that
f (x0, xs) ∈ (f (x0, xj), f (x0, xi)) holds in the finite set C .
However, |f (x0, xi) − f (x0, xj)| is a crack, f (x0, x) 6∈

(f (x0, xj), f (x0, xi)) for all x ∈ C . It is a contradiction. Hence,
all the cracks must be less than or equal to d0(C).
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