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ABSTRACT Mission planners are one of the major classes of autonomy software and their design is
especially challenging in the case cooperation autonomy is required for unmanned multi-vehicle systems.
A clear example of this is given by the applications of teams of drones, such as multi-drone spatio-temporal
sensing. Here, drone teams act as mobile and cooperative sensor networks to simultaneously collect sensor
data in areas of interest and to allow detailed computation on the sensed data. For the design of cooperative
and autonomous drone teams, mission planning shall be accomplished in the form of coordinated sensing
to optimally assign the different sensing tasks and routes to each drone, employing task allocation and
route planning as the basic pillars to maximize the multi-drone mission effectiveness. This work proposes
a dynamic and decentralized mission planner for a drone team performing autonomous and cooperative
spatio-temporal sensing. The design exploits the learning-in-games framework for the processing of optimal
routes in reasonable time frames. Two ad-hoc variants of the binary log-linear learning are proposed as a
coordination algorithm to manage both task allocation and route planning, by demonstrating reachability
and reversibility properties. Also, the work describes an experimental analysis of the proposed solutions
by means of model-in-the-loop simulations, in order to provide a preliminary tune of the main learning
parameters for both solutions.

INDEX TERMS Multi-drone systems, multi-drone sensing, learning in games, multi-agent systems.

NOMENCLATURE MIHJ] (M;) = Set of all the descendant plans of
B™ (M;) =Setofall the ascendant plans of M; order j for the mission plan M;.
with orders until . W = Region of interest.
CY(M;) = Constrained set built starting from T = Set of sensing tasks.
the mission plan M; and considering Cgn = Occurrence cost of the reference
a planning window w. event for the waypoint wp,,.
D = Wet of drones. ECI = Expected Cost of Ignorance.
Fgm) (M;) = Wet of all the descendant plans of G = Global  function  (potential
M; with orders until m. functl'on). o
M = Set of admissible mission plans for M = Joint mission plan.
the ith drone. M; = Mission plan for the ith drone (or
agent).
The associate editor coordinating the review of this manuscript and Ml['+m] = mth order descendant of M.

approving it for publication was Vishal Srivastava. _/\/ll[.im] = mth order ascendant of M.
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M = Joint mission plan M with no
action taken by the ith drone.

M_; = Set of the individual plans of the
drones different from i in the team .

MPOPt = Optimal joint mission plan.

Ny = Number of drones.

N = Number of sensing tasks.

Pg = Occurrence probability of the refer-
ence event for the waypoint wp,,.

J = Mission duration.

ceil(x) = The smallest integer greater than or
equal to the real number x.

d; = ith drone.

i = ith agent.

DPn = Priority of the nth sensing task.

t, = nth Sensing task.

t;, = nth Sensing task assigned to i
in M i

Uj = Utility function for the ith drone.

Vi = Cruise speed of the ith drone.

w = planning window.

wp,, = Waypoint of the nth sensing task

I. INTRODUCTION
Autonomy is defined as ““an unmanned system’s own ability
of sensing, perceiving, analysing, communicating, planning,
decision-making, and acting, to achieve its goals as assigned
by its human operator(s) through designed human-robot inter-
face or by another system” [1]. One of the main classes
of autonomy-enabling software regarding Autonomous Vehi-
cles (AVs), and in particular Unmanned Vehicles (UVs),
is represented by mission planners [2]. In general, mission
planners make decisions about vehicle actions by projecting
the future outcomes of these actions according to models of
the vehicle’s behaviour and environment, and evaluating the
desirability of the outcomes according to an evaluation func-
tion. The evaluation function may encode the vehicle’s goals
and constraints, returning high utilities for plans that meet the
mission goals without violating the constraints. The planning
technology necessarily encompasses some form of search
through an action space, which is commonly an NPhard
problem [2]. At the mission planning level, the following
functions are usually performed [3]: (i) the selection and
ordering of a subset of mission waypoints that make up the
plan; (ii) the definition of the trajectories between the mis-
sion waypoints at a low level of resolution. Thus, a mission
planner system usually focuses on the specific issues of: task
allocation, in order to assign mission waypoints (targets) to
the AV in a specified sequence; route planning, in order to
determine the optimal preliminary trajectories for the AV.
Moreover, the research and design activities of UVs are
facing a major transformation in the past two decades [4], [5].
While previously the focus was on developing large vehicles
capable of carrying significant payloads over large distances,
the recent technological improvements have shifted research
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and industrial interests to cooperative and autonomous oper-
ations involving multiple UVs [6], forming full-fledged
multi-UV systems and achieving common objectives that
may be dynamically changed during the mission execu-
tion. This implies the adoption of cooperative-autonomy
paradigms for multi-UV mission planners.

In general, cooperative autonomy studies how autonomous
agents (i.e., separate decision-making entities) should work
together to achieve common goals [7]. Thus, a Coopera-
tive Autonomous System (CAS) is a system engineered as
a collection of autonomous agents, which shall accomplish
common goals. In the domain of distributed intelligence,
cooperation is a form of interaction in which: entities are
aware of other entities; entities share goals; entities’ actions
are beneficial to their teammates [8]. In the domain of mul-
tirobot and multi-UV systems, cooperation represents joint
operations or actions in a group of robots systematized in
the form of a Multi-Agent System (MAS) [9], which is also
named Multi-Agent Robot System (MARS). In such cooper-
ation, robots pay attention to their own work and to the tasks
from other partners [9].

One of most significant applications about cooperative
multi-UV systems is represented by drones and multi-drone
systems. Indeed, if the Region Of Interest (ROI) is large
and/or the objectives are several, a standalone-drone mission
may take a considerable amount of time and may entail poor
performance. For example, in the case of spatio-temporal
sensing, the use of standalone drones may reduce the use-
fulness and the reliability of the collected information. Drone
teams may overcome these issues, being a networked set of
drones with a common mission, in which all members are
assigned specialized and different tasks to accomplish the
global mission [10], [11]. Such networked sets of drones may
achieve: (i) a group performance that is expected to exceed the
sum of the performance of the individual drones; (ii) mul-
tiple simultaneous interventions; (iii) an efficient cover of
large areas, optimizing the available resources; (iv) fault-
tolerant and resilient missions, by providing redundancy and
capability of reconfiguration in case of a failure of a drone;
(v) costefficiency, since a team of low-cost drones may rep-
resent a less expensive solution with respect to the equivalent
standalone and heavier drone for the same mission. Moreover,
drone teams are gaining greater relevance also in the context
of cooperative system-of-systems integrating both manned
and unmanned aerial vehicles [12].

For the design of cooperative and autonomous drone teams,
task allocation and route planning are the basic pillars to
coordinate the overall team and to maximize the multi-drone
mission effectiveness, guaranteeing optimal task comple-
tion [13]. In the case of spatio-temporal sensing missions,
drone teams act as mobile and cooperative sensor network
to simultaneously collect sensor data in areas of interest
and to allow detailed computation on the sensed data. Here,
mission planning shall be accomplished in the form of
coordinated sensing to optimally assign the different sens-
ing tasks and routes to each drone, while complying with
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the constraints related to sensing requirements and drone
features [14].

This work proposes a dynamic and decentralized mis-
sion planner for a drone team performing autonomous and
cooperative spatio-temporal sensing. The design of the plan-
ner allows for an efficient and resilient management of
simultaneous sensing operations. It exploits game theory for
the assignment of sensing tasks and for the processing of
optimal routes in reasonable time frames, laying the founda-
tion for autonomous real-time implementation. Unlike other
approaches, the proposed game-theoretic framework is able
to manage the team mission planning with multi-priority
tasks, by embedding the concept of expected cost of igno-
rance for a sensing task.

We leverage on some our previous works, which applied
Markov games and the Distributed Stochastic Algorithm for
the configuration of a heterogeneous drone team in persistent
surveillance applications [15]. This work introduces some
changes by applying the learning-in-games framework for the
coordination of the team. For the learning design, we already
proposed an ad-hoc variant of best response and of log-linear
learning as a possible learning algorithm for autonomous
detection and recognition, analyzing the effectiveness of the
approach by comparing it with a centralized solution in
preliminary model-in-the-loop testing [16]. We extend this
previous work with the following main contributions:

« we implement an action-selection strategy based on a

different data-normalization function;

« we provide a mathematical analysis of the reachability
and reversibility properties for the designed learning-
ingames approach;

« we provide a detailed experimental analysis of the coor-
dination algorithm, to assess the influence of significant
learning parameters and to preliminarily tune their val-
ues with respect to the environment.

The experimental analysis is performed by means of
modelin-the-loop simulations, exploiting the implementation
of the mission planner in an Agent-Based Modelling and
Simulation (ABMS) environment.

The remainder of this paper is organized as follows.
Section II describes the related research, focusing on the
topics of multi-agent coordination, multi-drone coopera-
tion, multidrone task allocation, and multi-drone routing.
Section III introduces the application scenario and formally
states the reference problem. Section IV describes the pro-
posed gametheoretic solution, by presenting the design of
the game model and of the learning-in-games method, and
the implementation of the coordination algorithm. Section V
describes the experimental analysis of the proposed solution.
Section VI concludes the work.

Il. RELATED WORK

Recently, the decision-making and the control of a group
of autonomous systems (or autonomous agents) have been
intensively investigated from different perspectives. Specifi-
cally, in the case of MARS, the identification of a common
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framework for developing the best engineering solution is
a challenging topic since these systems cannot be studied
and evaluated by generalizing the case of a single robot [9].
Currently, MARS with distributed coordination have already
demonstrated their capabilities for being robust, adaptive,
flexible and scalable [17]. However, some relevant issues
exist for task allocation and learning since these require the
decision-making process to be distributed in a robust and
efficient manner, considering both processing and commu-
nication overhead [18].

For the specific case of multi-drone cooperation, several
architectures have been proposed [19]. Relevant research
has been performed so far to advance the applications of
multidrone systems, especially in regard to the analysis of
drone communication aspects [20], [21], [22]. Nevertheless,
the mission planning process and the related problems, such
as multi-drone task allocation and routing, have become a
challenging issue for the achievement of real autonomy in
drone operations for different domains [23], [24]. This applies
in particular for multi-drone spatio-temporal sensing [14].

In regard to multi-drone task allocation, references [25]
and [26] provides a detailed survey of the most recent
decentralized algorithms. Apart from the distinction in cen-
tralized and decentralized approaches, these algorithms may
be divided in the following taxonomy presented in [26].

o Optimization-based algorithms - These methods adapt
classical optimization methods to solve the task alloca-
tion problem. They may be deterministic or stochastic.
An example of deterministic Hungarianbased method
is represented by the Multi-UAV Collaborative Target
Allocation (MCTA) algorithm [27]. Stochastic algo-
rithms include bio-inspired methods, which mimic spe-
cific biological behaviors to deal with the optimization
problem related to task allocation [25].

« Auction-based algorithms - These methods rely on eco-
nomic principles, designing the agents by means of
negotiation protocols to bid on tasks in an auction. They
may be centralized or decentralized. Some examples are
represented by the Consensus-Based Bundle Algorithm
(CBBA) [28] and by the Contract Net Protocol
(CNP) [29].

o Game-theoretic algorithms - These methods apply
frameworks based on game theory to design the interac-
tion strategies amongst the agents, which are assumed to
behave as independent and self-interested players, or as
group of these players. Here, the general objective is to
find an equilibrium, such as a Nash equilibrium, between
the decisions deliberated by the agents [30].

o Hybrid algorithms - These methods represent a combi-
nation of the aforementioned methods. This combina-
tion is usually adopted to meet the requirements of a
specific application.

In particular, game-theoretic approaches for multi-drone
task allocation generally [26]: (i) demonstrate greater effi-
ciency with respect to other decentralized approaches, pro-
ducing suboptimal solutions that are closer to the optimal
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one; (ii) have comparable or lower complexity with respect
to CBBA approaches and are suitable for large-scale systems;
(iii) have limited communication burden, especially in the
case of competitive algorithms (i.e., using non-cooperative
game settings) [30].

In regard to multi-drone route planning, several detailed
surveys are available [31], [32], [33], [34], [35], mostly
focusing on drone delivery systems in logistic applications.
These aim at determining the joint optimal routes of teams of
drones for the delivery at specific customer points, starting
from a given depot or from a set of depots. Most of the
works deal with the extension of classical routing problems
for designing a multi-drone route planner, such as: the Trav-
eling Salesman Problem with Drones (TSP-D), including the
Flying Sidekick Traveling Salesman Problem (FSTSP), the
Parallel Drone Scheduling TSP (PDSTSP) and the multiple
FSTSP (mFSTSP) [36], [37], [38]; the Vehicle Routing Prob-
lem with Drones (VRP-D) [39]. Even if centralized exact
solutions [36], [37], [38] and bio-inspired approaches [33]
are available, the trend is to move towards a decentralized
and multi-agent planner for multi-drone routing [34], [40].

From the review of multi-drone task and route planning
approaches, in addition to the traditional challenges (local
optima, ungranted completeness, slow convergence), new
challenges have come up in connection with:

o Fault tolerance - This topic has not been sufficiently
considered in classical methods [34]. Some works
mention real-time implementations, but they largely
focus on computational efficiency and faster conver-
gence for online computation. Instead, they do not
consider updates based on drone and environment
status.

o Inaccurate target assignment - Typically, multi-drone
planners execute target assignment (i.e., task alloca-
tion) first and then route planning, based on the results
of target assignment. However, this strategy may lead
to inaccurate target assignment, especially in dynamic
and uncertain environments [41]. Indeed, if the routing
aspects are ignored, target-assignment planning may be
based on a too simplified view on task demands and
their spatial distributions. Clearly, such inaccuracy prop-
agates to the route-planning step.

To overcome these emerged challenges, multi-drone mis-
sion planners need to perform autonomous target assignment
and route planning simultaneously and jointly in a dynamic
setting. However, there are only a few works about this
topic [41]. For example, some researchers have discussed the
combined problem of multi-agent target assignment and route
planning for the Multi-Agent Pickup and Delivery (MAPD)
problem, where a team of robots has to transport a set of
objects, each from an initial location and each to a specified
target location. Reference [42] implements some heuristic
and metaheuristic strategies to solve this problem, based on
actual delivery costs. Instead, reference [41] proposes a Deep
Reinforcement Learning (DRL) framework for multi-drone
target assignment and path planning, in order to minimize
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the total flight path length under the constraints of targets’
completely assignment and collision-free.

To the best of the authors’ knowledge, there are no works
applying game-theoretic frameworks for the multi-drone mis-
sion planning, meant as combined task and route planning,
in spatio-temporal sensing with tasks having possible differ-
ent priorities. A similar work to ours is proposed in [43],
but the action selection to be negotiated by each drone refers
to the next movement, and not to a full route plan spanning to
the overall mission.

lll. PROBLEM STATEMENT

This section states the reference problem by describing the
application scenario and by providing the formalization of the
related problem.

A. APPLICATION SCENARIO

Our reference application is a multi-drone spatio-temporal
sensing mission, where: (i) ““spatio-temporal sensing’” means
the execution of sensing tasks to collect reference spatiotem-
poral data in sites (waypoints) of interest; (ii) “multidrone”
means the exploitation of a drone team to attain a cooper-
ative autonomous behaviour concerning the region sensing.
We assume homogeneity of the drones in the team, both for
their sensing capability and for their dynamic features. The
mission scenario consists in a set of sensing tasks, possibly
based on a risk map, which provides the risk values of the
reference event to sense within the ROI. Thus, the risk map
enables a priority-based sensing of the ROI.

The drones in the team are equipped with the specific
payload required for the sensing. At each moment, a drone
may sense (i.e., acquire the reference sensing data of) a
ground region, representing the sensor footprint, which has
size depending on the flight height (i.e., the elevation with
respect to ground). For the sake of convenience and in anal-
ogy with other works [44], we assume the following mission
requirements:

« the ROI and each sensor footprint are respectively rect-

angular and square surfaces with fixed dimensions;

o all the drones move in a plane, at the same constant
height and with the same constant cruise speed;

« the ROI may be discretized in square cells, named sens-
ing cells, with the same size of the sensor footprint;

« therisk map is a spatial function that associates a priority
or risk number to each sensing cell of the ROI,

« cach sensing cell is associated to a sensing waypoint,
which is the ground projection of the cell center with
respect to the flight height of the team;

« adrone has to loiter on a sensing waypoint for a given
time interval in order to successfully sense the associated
cell.

The proposed assumptions are graphically depicted in
Fig. 1 and Fig. 2. In detail, the concepts of risk map, sensing
cells and sensing waypoints imply the definition of a sensing
matrix, as illustrated in Fig. 2. Instead, Fig. 3 shows the over-
all system workflow for the application. In detail, a Ground
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Control Station (GCS) contains all the command and control
tools and the mission monitoring facilities, including a
specific interface allowing the supervising of the mission
operator. Such operator supplies two main inputs: (i) the
definition of the ROI in terms of a risk map with respect
to the reference event to be sensed; (ii) the mission tem-
plate, which provides the additional user requests for the
mission, e.g., cruise speed, flight height, loiter times, fixed
obstacles, no-fly zones, etc. These inputs are processed by
the on-Ground Mission Manager (GMM), which is a specific
on-ground software module in charge of the computation of
the sensing matrix and of the additional multi-drone mis-
sion settings to be delivered to the on-Board Team Mission
Planner (BTMP). Note that the sensing matrix represents a
full-fledged basis to then typify the mission action space as a
route graph.

Height

I,"' Sensor Footprint

ROI

FIGURE 1. Drone and sensor footprint in a region of interest.

Fig. 4 (left) shows the high-level system architecture,
which implements a decentralized solution for the team mis-
sion planning: there are no central mediators for planning,
but every drone is equipped with its mission planner, which
interacts with the mission planners of the other drones in
a ‘“‘peer-to-peer” way. Thus, the BTMP is structured as a
MAS, with agents represented by the individual mission
planners. The communication infrastructure includes data
links between the GCS and the drones, and a Flying Ad-Hoc
Network (FANET), by means of which drones in the team
exchange data related to the mission planning process. Thus,
the mission planners represent the FANET nodes, estab-
lishing a cooperative network for the processing of task
allocations and route plans in the team. Note that the diagram
in Fig. 4 (left) reports just a high-level specification of the
architecture, whereas the topology of the network may imple-
ment several data routing mechanisms. For example, some
specific drones in the team may play the role of backbone
nodes, acting as gateways for data relaying between the GCS
and other drones in the network [45].

Fig. 4 (right) illustrates the block diagram of the planning
hierarchy for the single-drone view. The mission planner is
decomposed in two hierarchical blocks: (i) the task planner,
which is the higher-level mission planner to produce the
selection and the ordering of the waypoints for the mission
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FIGURE 2. Sensing matrix for priority-based multi-drone sensing.

accomplishment; (ii) the route planner, which is the low-
erlevel mission planner to process globally optimal routes
amongst the assigned waypoints. The former acts according
to the team-planning level, interacting with the distributed
mission planners within the team, based also on the mission
goals (i.e., sensing matrix and additional multi-drone mis-
sion settings) and on the feedbacks coming from the route
planner. The latter acts according to the drone-planning level,
interacting with the autopilot (i.e., the flight control software)
to allow for real-time reactions to environmental changes.
However, in our work, the distinction between task planner
and route planner is only logical and the two related planning
problems are jointly solved.

Lastly, we assume that drones are not equipped with
preloaded mission plans, which shall be online generated and
selected in a planning and re-planning scenario. Moreover,
in the remainder of the paper, the words agents, mission
planners and drones are interchangeably used.

B. PROBLEM FORMALIZATION
For a given mission, a ROI, denoted with W, is the portion
of space identified by a certain Earth surface and a variable
height where the mission itself must be carried out. The
mission, denoted with T, is a set {t;, - - - , ty,} of N, sensing
tasks, where each task t, = (wp,, p,) is a pair composed
of the related sensing waypoint wp, and the priority p,
associated with it. In the following, we will interchangeably
use the terms (sensing) waypoint, cell, task and target. The
drone team, denoted with I, is a set {dl, . ,de} of Ny
drones, tasked with carrying out the mission T. Even if each
drone d; may exhibit a cruise speed v;, this is considered a
constant v for all the drones, coherently with the homogene-
ity assumption for the team. Furthermore, the physics-based
modelling of the drones, we adopt a point-mass model, which
approximates the vehicle evolution as a single point with a
mass [46].

A mission plan M;(T) = M; for the ith drone is
defined as a sequence of sensing tasks assigned to the drone
itself, i.e.,

Mi= (tij, tiy, ... t),
witht, €T Vme{l2,....kL, k<N, (1)
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FIGURE 3. Overall system workflow for team management in multi-drone spatio-temporal sensing.
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FIGURE 4. (left) High-level system architecture; (right) Block diagram of the planning hierarchy (single-drone view).

Thus, t;, is the mth task assigned to i in M;. The mis-
sion plan in (1) is an ordered task plan, that is: (i) i shall
carry out t;, then t;, then t;,..., then t;, if it selects
M;; (i) M; includes only the waypoints associated to the
mission tasks; (iii) the associated route of M; is defined
by the sequence of edges connecting consecutive waypoints
in the plan and by the loitering times on each waypoint.
In general, such plan includes also intermediate waypoints,
which are inserted to avoid fixed obstacles and no-fly zones.
Furthermore, the mission plan M; is named admissible if it
satisfies all the additional constraints related to the mission
execution (e.g., drone endurance, mission duration, etc.).
In the remainder of this work, we will denote with M; an
admissible mission plan for the ith drone.

The mission plan M; can also be interpreted as a possible
action that the ith agent may deliberate, where the action is
the route assigned to the drone for mission execution. The set
of all admissible actions of i is the set M[;(T) = M];, composed
of all admissible mission plans that the ith drone may carry
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out during the mission. Since the sensing tasks are finite,
the cardinality of M is finite and limited by the following
relation,

Ne N ;
Mil <D o Vel N @

A joint mission plan Mp(T) = M is defined as the Nq-set
of the plans assigned to each drone of the team D, i.e.,

MZ{M1,M2,...,MNd}, 3)

and it belongs to the joint set of the drone action spaces
M:M] XM2 X ... XMNd.

In order to evaluate the proposed solution, a sensing per-
formance index is introduced resorting to the concept of
Expected Cost of Ignorance (ECI). In detail, if E is the refer-
ence event to be sensed, the not visitation cost of a waypoint
wp,, within a given time interval is related to the occurrence
probability Pg , and the occurrence impact Cg , of E over
wp,, in that time interval. Probability and impact functions
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depend on targets in the risk map, i.e., they allow a ranking
of their priority based on their risk figures. The ECI of a task
t, according to a joint mission plan M is given by,

t N
ECIp (t,) = / " PEu(t)CE n(t)dt, )
0

where 74, is the first instant of time in which the waypoint
of t, is visited according to M. Note that the definition of
tM.n as the first visitation instant implies that, in case of
overlapping on t, in M (i.e., the task t, is assigned to more
than one drone in M ), only the assignment corresponding
to a4, will affect the ECI value of t,. Thus, the coverage
of a task with more drones will not provide an improvement
(i.e., a reduction) of the ECI. Note that, according to the
definition of the ECI operator in (4), the routing space of each
drone may be represented as a weighted graph, whose edges
connect waypoints and have weights equal to the variation of
ECI p/ in case that edge is crossed for a mission plan.

The ECI of the mission T related to a joint mission plan M
is given by,

ECIy(T, D) = Zt o ECLu (1), (5)

In order to minimize the ECI of the mission, an optimal
joint mission plan M°P' must be considered, therefore, the
following optimization problem must be solved,

MOPt = argminECI \((T, D) 6)
MeM
The problem in (6) represents a constrained stochastic
optimization problem and extends some well-known prob-
lems, such as the vehicle-target assignment, the multivehicle
motion planning and the multi-agent task allocation.

IV. GAME-THEORETIC SOLUTION

This section describes the game-theoretic solution of the
problem in (6). Such solution is structured in three steps:
(1) the design of the game to be played by the agents; (ii) the
design of the learning-in-games method; (iii) the implemen-
tation of the coordination algorithm.

A. GAME DESIGN

To solve the problem in (6) by means of a game-theoretic
approach, the first step is to design the game model to define
the interaction structure amongst the players (i.e., the agents).
Within this work, we adopt a competitive paradigm underly-
ing the game model: the agents are antagonistic (selfish or
self-interested), namely, they have distinct individual objec-
tives (that are potentially in conflict with each other) and
independently act according to their local information [47].
Competitive agents fit better with scalable and resilient con-
texts: in spite of its internal competitive nature, a MAS with
selfish agents may effectively control a distributed system
with a single global objective and may provide the degree
of robustness and flexibility that are needed in classic large
distributed applications [48]. In our case, an artificial compe-
tition is set amongst the selfish agents representing mission
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planners, which cannot be real opponents because their inter-
action shall achieve a global goal, namely, the minimization
of the ECI. Based on this competitive paradigm, a non-
cooperative game is designed. Indeed, noncooperative game
theory is the study of games wherein the players indepen-
dently make decisions and is well suited for competitive
MAS, providing a tool to explicitly model both the internal
processes of individual agents and their interactions with
others (i.e., how their choices mutually affect others) [48].

Thus, utility functions are introduced to model both indi-
vidual behaviours and global interactions of the agents in
a competitive utility-oriented setting. We start designing a
global (i.e., agent-independent) function G = G(M) to be
maximized, which captures the desired behaviour for the
overall team D to accomplish T and represents the interaction
structure amongst the mission planners. This function is also
named mission utility and is defined as,

G(M) = —ECLy(T, D) = — Zt _ECLu (). ()

Instead, individual utility functions capture the preferences
of the agents over their individual mission plans and are
designed exploiting the concept of wonderful life utility or
marginal contribution utility [49]. In detail, the following
function u; represents the individual utility of the ith drone,

(M) = GM) — G (M?) : ®)

where M? is the joint mission plan M without considering
any action for the ith drone, i.e., with M; as the empty
sequence. With a such utility function, the proposed game
model is an exact potential game [50] with G(M) as potential
function, as proven in [51] for the games following the utility
structure based on wonderful life utility. This means that,
when a player i changes its plan, the variation in its utility
function u; is equal to the variation in the global utility G,
i.e., the individual utility improvement of each player is equal
to the improvement in the global utility.

Potential games are a particular class of non-cooperative
games provided with [52]: (i) at least a Nash equilibrium,
which coincides with the optima (even local) of the potential
function; (ii) the finite improvement property, which implies
that any sequence of improving players’ moves converges
to a Nash equilibrium in finite time. Thus, any coordination
algorithm that converges to a Nash equilibrium of the poten-
tial game, will also converge to the optima of G(M) and,
equivalently, of ECI,(T), solving the problem in (6).

B. LEARNING DESIGN

The next step aims at designing a method to solve the
game model (i.e., to find a Nash equilibrium) in a dynamic
and decentralized setting. The proposed method relies on a
learning-in-games approach. The topic of learning in games
addresses the issue of dynamic processes leading to equi-
librium by means of learning schemes, where players learn
about the environment (including the behaviour of other

VOLUME 12, 2024



V. U. Castrillo et al.: Learning-in-Games Approach

IEEE Access

players). In the setup of learning in games [53]: (i) play-
ers repetitively play a game over a sequence of stages;
(i1) at each stage, players apply a learning rule, using past
experiences/observations to select a strategy for the current
stage; (iii) once player strategies are selected, the game is
played, information is updated, and the process is repeated.
This process may effectively suggest an online algorithm to
dynamically reach a Nash equilibrium, exploiting specific
learning rules [54].

In our case, considering the planning and re-planning
scenario highlighted in section III.A, a learning rule must
be designed for embodying the notion of equilibria selec-
tion in potential games, i.e., to guarantee convergence to
the most efficient Nash equilibrium. A learning rule that
could serve this purpose is the Log-Linear Learning (LLL)
[55]. By introducing random perturbations into the decision-
making process, such rule allows the selection of suboptimal
actions to avoid the convergence to local minima of G.
In potential games, LLL guarantees that only the joint action
profiles that maximize the potential function are stochasti-
cally stable [55]. The structure of its learning strategy has the
following settings:

« asynchrony - players update their actions one at a time;

« decomposition - the learning rule is independent of the
utility function;

« decoupling - the actions of an agent depend on its indi-
vidual utility function, but not on the utility functions of
other agents (only the past stream of previous actions of
itself and of other players is used);

« completeness - at any stage, a player can select any
action in the related action set.

Considering the application under exam, the first three
settings may be easily implemented. On the contrary, com-
pleteness entails a tough implementation challenge because
of the size of the sets M;, which increase with N; according
to (2). Indeed, for each drone, LLL requires the evaluation
of the utility function for each mission plan in M and,
consequently, the design of a practical online implemen-
tation is computationally intractable also for small values
of M.

A way to tackle the completeness issue is to exploit the
Binary LLL (BLLL) [55], i.e., a variant of LLL which allows
to consider a constrained action set C; (rather than the entire
Mj; ) for the ith agent, maintaining the prerogative that only
potential function maximizers are stochastically stable. More
in general, C; is a subset of the action space A; of the ith agent
( C; € A;), which depends on the action selected at the
preceding step by i. By convention, a; € C;(a;) for any
action a; € A; [55], that is a player is allowed to stay with its
previous action. Furthermore, C; must satisfy the following
two properties [56]:

« reachability - for each agent i and any pair of action

a?, al € A, there exists a sequence of actions a? —

al.1 — s> al’."_1 — a" satisfying aé‘ e G (af.c_l) Vk
ell,...,m};
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« reversibility - for each agent i and any pair of action
a?, ail € A, ifail e C; (a?), then a? e C; (al-l).

The BLLL learning structure is the following [55]:

1. ateach time step #, a player i is randomly chosen and is
allowed to alter its action while all other agents repeat
their previous actions;

2. the player i uniformly (or with a given distribution
probability) chooses a new possible action a; within
C; (aj(t — 1)), where a;(t — 1) is the previous action
selected by i;

3. the player i selects a} as its new action a;(t) according
to the following probabilities,

e Fuiat=1)

P(aj(t) = ai(t — 1)) = O
(ai(?) i€ % e%ui(a(tfl)) + e%ui(a}k,a—i(tfl)) ®
1 *
e?ui(ai ,a_i(t—1))
P(ai(t) =a}) = ’
( i(1) l) e%ui(a(t,])) _I_e%u,-(a;f,a—i(tfl))
(10)

where a(t—1) is the joint action set at the step (r—1), a_;(t—1)
is the joint action set played by all the players except for i, and
T (with T > 0) is a parameter called temperature.

In order to apply the BLLL to our application, we need
to define a filtering rule for the ith agent to determine its
constrained action set at the step #, based on the given mission
plan deliberated by i at + — 1. For this purpose, we introduce
some definitions reported hereinafter.

Given a mission plan M; € M as a sequence of k tasks,
another plan ./\/ll[-H] is an immediate descendant of M; if
Mz['+1] =M;+ ti & (til U T tik+1)’ with ti ., € T—
T;, where T; = {t;,...,t;}, and with /\/ll[.H] being an
admissible plan. Likewise, a plan J\/ll[_” is the immediate
ascendant (or ancestor) of M; if /\/lr“ = M, -t e
(ti, tiy, ..., ti_,) with k > 1, where t; is the last task
of the sequence in M;..M; is also named parent of /\/llH”,
and Ml[_l] is parent of M;. More generally, ./\/ll[+m] is an
mth order descendant of M; if,

M = Mit b+t by, =

= (tiys oo b, b oo b))
with:
ti,, € T —T;
ti,, € T-T,; — {tik+l}""
tic € T—Ti — {tisrn .oty }
M is an admissible plan. (11)

./\/li.fm] is the mth order ascendant (or ancestor) of M,; if,

Mz['_m] =M;— Gy ety ~ by =ty =
=ty tiy, ...ty ), k>=m (12)

If m > k, we assume Ml[-_m] to be the empty sequence.
If M, is the empty sequence, then M; has no ascendants.
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Consequently, a mission plan M; € M; with k tasks has
k ancestors (including the empty sequence) and at most

Zﬁ | (k descendants where k = |T| — k. Finally, given

the ith agent, we respectively denote with Ffm) (M;) and
]Bgm) (M) the set of descendant (or forward) plans and the set
of ascendant (or backward) plans of M; with order until m.
Thus,

FP My = (M o =1 mb L a3)

B (M;) = {Miﬁ“, M M[f’”'} . (14
where Ml[.ﬂ ] (M) is the set of all the descendant plans of
order j for the mission plan M;.

Let M () be the mission plan (i.e., the action) selected by
the agent i at the time step ¢. For the purposes of our learning
method, we design the constrained action set of M;(¢) as,

CY (Mi(0) = B™ (M(1) U M) UR™ (Mi(t)), (15)

where w < |T| is a parameter named planning window,
indicating the maximum order of descendants and ascendants
of M;(t) that are part of its constrained action set. In other
words, at each time step, w represents the maximum number
of tasks which could be added or subtracted to or from M;(¢)
to generate the set C}” (M;(t)) of possible new mission plans
for i.

Then, the agent i may randomly (e.g., uniformly) select a
mission plan in C” (M, (2)) as its updated action for the time
step £+ 1. Furthermore, if k(¢) is the number of tasks of M;(t)
andk(¢) = |T|—k(t), at most k(r) tasks can be added to M;(¢)
when w > k(#), and at most k(¢) tasks can be subtracted
from M;(t) when w > k(). Fig. 5 shows an application
example of the designed filtering rule in (15) for the learning
process.

The filtering rule in (15) complies with the required prop-
erties of a constrained action set for BLLL, considering the
association between actions a; and plans M,;. Firstly, the
set C! (M;) satisfies the relation M; € C} (M;) as per
construction of C (M;). Moreover, it complies with the
reachability and reversibility properties. The redefinition of
the above properties in the case of drones’ mission plans are
shown by the following theorems:

o Theorem 1 - Reachability: for any drone i and any pair of
mission plans M?, M e M, there exists a sequence
of mission plans M? — M! — ... — M;"il - M7
satisfying M¥ e C Mf_l Vke(,...,m).

o Theorem 2 - Reversibility: for any drone i and any pair
of mission plans MY, M} € M;, if MY € C¥ (M]),
then M} € C¥ (./\/l?)

The proofs of these theorems are respectively reported in
Appendix A and Appendix B. Thus, our proposed filtering
rule in (15) represents a proper basis for an ad hoc learning
method, relying on BLLL, to be adopted by the proposed
mission planners.
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FIGURE 5. Application example of the designed filtering rule in the
learning process.

C. COORDINATION ALGORITHM

Based on the filtering rule in (15), the final learning rule for
our coordination algorithm requires the determination of the
distribution probability to select the new mission plan M* €
C; (M;(t — 1)) at the time step ¢. In our case, a uniform
distribution (that is the distribution considered in the basic
version of BLLL) cannot be efficiently applied considering
how C (M;(¢ — 1)) is built. Indeed, the number of descen-
dant mission plans is generally much larger than the number
of ancestor mission plans. Therefore, if a uniform distribution
is used for selecting M7, the sequence of joint mission plans
will likely include random sequences of sensing tasks with
many overlaps (i.e., tasks assigned to more than one drone),
which do not represent a benefit for G(M) as per definition
of the ECI operator in (4).

To overcome this issue, we propose the adoption of a
random distribution weighted on the agents’ individual utility
functions. To define a suitable weighing for a such distribu-
tion, we need to investigate how the evolution of the learning
in the game is influenced by the global function G(M) in (7).

For this purpose, we suppose that Pg ,(f) and Cg () are
constant and equal to 1 for each waypoint wp,,. Anyway, these
assumptions are introduced just for the sake of illustration,
and the proposed approach is the same in the case of time-
and waypoint-variable functions of Pg ,(¢) and Cg ,(¢). If the
mission duration is equal to 7, the global function G(M) is
given by,

GM == BCM ) =2,

where 7, is the assignment time of the sensing task t,,
i.e., the time when t,, is carried out according to M. If a task

My, (16)

VOLUME 12, 2024



V. U. Castrillo et al.: Learning-in-Games Approach

IEEE Access

t, is not assigned in M, the related assignment time 74 ¢,
will be equal to 7.

Given the joint plan M(t), the individual plan M;(t) of the
drone i, and the set of individual plans M_;(t) of the other
drones in the team D, we denote with:

e N, the number of tasks that are included in M;(t) and
are not included in M_;(t), identified by the set T, =
{ta - tay, }i

o N, the number of tasks that are included both in M;(t)
and in M _;(t), and that are carried out with a greater
utility in M;(t) than in M_;(t), identified by the set
Te = {tcl» 7tch};

e N; the number of tasks that are (i) not included in
M;(t) and are included in M_;(t), or (ii) that are
included both in M;(t) and in M _;(t) and are carried
out with a greater utility in M _;(t), identified by the set
T, = {tl‘la Tt trNr};

e N, the number of tasks that are not included neither
in M;(t) nor in M_;(t), identified by the set T, =
{tul* o ’tuNu}'

In other words, at the time step ¢ : N, is the number of tasks
that are allocated only to i; NV, is the number of tasks that are
allocated to i and also to other drones, but that are carried out
with a greater utility by i (or that i carries out earlier, in the
case of the assumptions introduced for Pg , and Cg , ); Ny is
the number of tasks that are allocated to some drones that are
different from i, or that are allocated to i and also to other
drones, but that are carried out with a greater utility by other
drones; N, is the number of tasks that are not allocated at
all. With these notations, the individual utility function of the
ith drone can be written as,

wM(©) = GM@) = G (MP1) =
— thETa IMi.4 + NaT — them M.+

£ it )

‘We suppose that the ith drone is allowed to alter its mission
plan at the step 7 + 1 according to the BLLL rules, choosing a
new plan in the constrained set C” (M;(#)). Just for the sake
of illustration, we also assume w = 1. We can demonstrate
that the selectable mission plans M;(t + 1) € (Cl-l (Mi(2))
increasing the utility of i, i.e., with u; (M;(t + 1), M_;(¢)) >
u; (M), M_i(t)) and with M_;(t) = M_;(t + 1), are
probably only those adding a task t, € T, to M;(t), i.e., a task
not allocated to other drones in M _;(t). Indeed, the following
cases may occur for the selection of M;(t + 1) starting
from M;(t) and its impact on Au;(t + 1) = u; (M;(t+ 1),
M_i(1) — uj (M;(t), M_i(1)) :

e M;(t + 1) is a descendant of M;(r) adding a task t, €

T, - In this case, there is an increase of the individual
utility of i equal to,

Auit +1)=T — Mt +1) (18)

o M;(t + 1) is a descendant of M;(¢) adding a task t. €
T. - In this case, there is an increase of the individual
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utility of i equal to,
Aui(t +1) = M@t~ IMiG+D (19)

Therefore, the task t. will provide a greater increase of
the individual utility of i with respect to the task t, only
if:

(IM?(I)JC - tM;(IJrl),tc) > (T - tMi(f‘H)sta) =
= M+t < (M8, + @) (20)

where ¢ = tM?(t),tc — 7 is a negative quantity as per
definition of 7. It is clear that the relationship in (20) is
unlikely to be satisfied because the mission duration 7°
is generally much larger than zaq,;+1),,-

e M;(t + 1) is a descendant of M;(¢) adding a task t, €
T, - In this case, there is no variation of the individual
utility of 7, i.e., Au;(t + 1) = 0.

o M;(t+1) = M;(¢) - In this case, no tasks are added and
the previous plan is still selected, thus, Au;(z+ 1) = 0.

e M;(t + 1) is an ancestor of M;(¢) - In this case, it is
evident that there is a possible reduction of the individual
utility of 7, i.e., Au;(t + 1) < 0.

Therefore, if we adopt a utility-weighted distribution for
the learning rule, at each time step the agent i (if allowed to
alter its plan) will:

o add atask t, € T, with high probability, proportionally

to the term in (18);

o add atask t. € T,, with lower probabilities with respect
to the previous option, proportionally to the term in (19);

« add other tasks, or will select the previous plan, or will
select an ancestor plan, with even lower probabilities.

Such rule is expected to provide better results with
respect to the uniform distribution by drastically reducing
the overlapping in agent planning, while keeping stochastic
perturbations. However, it could be not yet satisfactory for
a practical implementation since the tasks t; € T, could
provide numerical values of Au;(t+1) with small differences.
In this case, little stochastic perturbations may significantly
affect the selection of t,, i.e., the ith drone would add a new
task t, ina ““too random” way, not rewarding enough the tasks
that would increase the agent’s utility and possibly cumulat-
ing this stochastic penalty in the next stages of selection.

In order to have a more balanced weighted distribution for
the performance maximization, we propose a first solution
of the coordination algorithm, which normalizes and then
overweighs the distribution of drones’ utility (over M ) using
an exponential function and a temperature $ in a similar way
as reported in (9) and in (10). In other words, the exponen-
tial function and the temperature allow the agent to select
(if required) the new mission plans by further rewarding those
with higher utilities in the constrained action set. The pro-
posed balancing aims at achieving a satisfactory equilibrium
for the game. The pseudocode of this first solution is shown
in Fig. 6.

Note that the normalization of the values of the drones’
utility is necessary to prevent any numerical overflows when
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1: function drone_mission_planning(i, Mil, T,D,w,a,y,B,T, t)

Input: identifier i of the drone; last mission plan proposal M of i (notice that M}=M; (t — 1)); target set T; drone team I; planning window w;
« and y percentiles of the utilities related to the plans belonging to the constrained set (with @ > y); temperatures 8 and 7; current time step t

Output: new mission plan proposal M; (t) of i

2: M_;(t — 1) « drone_receive_message(ID) D> collect proposals (if any) from a drone
3: if M_;(t — 1) = @ then D> t is not the turn of i for proposing a new mission pla
4: ]Fgw) t) = update_descendant_plan_library(]v[il, w) > resume generation of plans in the library IFSW) att
S: return M (t)
6: else D> t is the turn of i for proposing a new mission plan
7: ]Fgw)(t) = update_descendant_plan_library(M}, w) > complete the descendant plan library [Ffw) att
8: ]B%gw)(t) = update_descendant_plan_library(M}, w) > complete the ascendant plan library ]B%fw) att
9: (EEW) )= [BEW) ®uMiu IFEW) ® D> compute the constrained library for new proposals

. U (£) = {u, (M), M (t = 1)), M) € c™ (e D> compute the utilities considering each mission plan
10: of ©={ (9 i ), MO in the constrained library

u; — percentile(Uguw (1), (¢ +7)/2) .
11: U (6) = d S € Ugon (8 > normalize the utilities using percentiles of U o)
G percentile (Uc(w)(t), a) — percentile ([U(C(W)(t), y) t i
%-u{'(M{,M,i(tﬂ))
12: p. = p(Mij, t) _ e - ) Mij € (El(w) > compute t}_le probability disFribution of the mission
2l (MF M (t-1)) plans belonging to the constrained set
Ygrectn €

. . _ . w) D> Ist random selection according to the second step of

13: M = random_selection(C;"’ (t),P,) the BLLL
> compute the maximum between the utilities

. max _— . L (t — . * (t —

14 B max (u‘ ('M‘ Mt 1)) (M, M 1))) related to the plans M;" and M}
v eru;‘“" (2] i) _ > compute the probability distribution of final plans
15: Pt = {p(M,t) = T L M) e (7 u My according to the third step of the BLLL (scaling the
e (MM (-1) s . .
Sockeperuneg €™ ' utility function with the related max value)

16: M; () = random_selection({Mi* UM/}, Pinal ) D> 2nd random selection (final plan proposal)
17: k = random_selection(ID) D> random selection of the next drone k for proposing

. _ D> send the selected proposal and the last other
18: drone_send_message(k, M;(t), M_;(t 1)) proposals to the drone k
19: return M; (t)
20: end
21  end

FIGURE 6. Pseudo code of the first solution for the coordination algorithm.

calculating the probabilities in (9) and in (10) in a practical
implementation. For this purpose, a normalization method,
derived from the robust scaler technique [57], is used. This
method replaces median, second and third quartile of the
robust scaler with parametric percentiles in order to further
reward the higher utilities without resorting to too small
values for 8. However, a limitation of the solution in Fig. 6
is represented by the rare selection of ancestor plans, which
could not allow a sufficient diversity in the exploration strat-
egy over the set M, e.g., to escape from local equilibria
caused by previous selections in the sequence. Therefore,
we have also designed a second solution for the coordination
algorithm, which modifies the third point of the BLLL’s
structure by increasing the probability to select an ancestor
mission plan acting on the temperature t. This second solu-
tion has been explicitly implemented for the case w = 1 for
computational reasons, even if it is theoretically applicable
for any value of w.

In detail, in this second solution, the ith agent will select
the new mission plan (modifying the line 15 of the algorithm
in Fig. 6) according to the following probabilities,

e;ui(M;‘,M,,—(t—l))

P (/\/l,(l) = M:k) = Z() R

2D
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e%ui(./\/li(t—l),f\/lfi(l—l))
>0 ’

(M a-D M)

20 ’
(23)

PMi(t) = Mi(t — 1)) = (22)

P (Mity =M - 1) =

where,
1. * (f— 1. . (f—
2:(,)56;14,(/\4,-,/\/1710 D) 4 oM@ M_i(t=1)

N (M= Mo

(24

Strictly speaking, the demonstrations of reachability and
reversibility properties are valid for both algorithms. Instead,
the stochastic stability of G maximizers is formally valid
only for the first solution, since this adopt the same “‘double-
selection” structure in (9) and (10) of the basic BLLL for
the selection of the new action. Instead, the second solu-
tion exhibits the aforementioned ““triple-selection” structure,
which requires further analysis to evaluate the stochastic
stability of G maximizers. The next section reports detailed
experimental analysis, also to show the performance differ-
ence between the first and the second solution.
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V. EXPERIMENTAL ANALYSIS

The proposed solutions for the problem in (6) were tested by
means of model-in-the-loop simulations. The Mesa frame-
work [58] was used for the coding and the simulation of
the agent-based models underlying the planner and the drone
team. It is a modular Python-based framework for building,
analysing, simulating and visualizing agent-based models.
Our previous work [16] already reported some experimen-
tal results with the support of Mesa framework to confirm
the effectiveness of a preliminary version of the learning
design. These results especially concerned a comparison
with a centralized coordination method (exploiting K-means
algorithm), by assessing an efficiency metric as the ratio
between the ECI values of our solution and the centralized
one. The previous work demonstrated that the efficiency
increases with the number of targets, thus the game-theoretic
coordination mechanism is scalable with respect to the com-
plexity of scenario (i.e., the number of waypoints in the ROI).

For this work, some specific simulation campaigns were
set with:

e a mission with a duration 7 equal to 10 ’000 s

(2.78 hours);

e a 5-drone team with an average cruise velocity equal
to 1 m/s for each drone and with enough endurance to
cover the duration 7 ;

« a ROI having a surface area equal to 400 m x 400 m;

« afree-space ROI (i.e., with no-fly zones and obstacles);

« ahome (i.e., the starting point of the drones) included in
the ROI and with the same positions for all the drones in
the team;

« a variable number of sensing waypoints located in the
ROI;

« homogeneous targets, i.e., with the same priority and the
same time needed for the inspection sensing (assumed to
be null).

The conditions about free-space ROI and homogeneous
target are without loss of generality for the proposed solutions
and are adopted just to facilitate the experimental analysis.
For example, the impact of possible obstacles may be easily
processed by computing the increase of ECI variations for
the edges between sensing waypoints which pass through the
obstacles, and by adding the proper intermediate waypoints
in the mission plans.

As example, Fig. 7 shows the mission plans for each drone
provided by the first proposed solution at the end of a sim-
ulation run, for two scenarios characterized respectively by
50 and 100 tasks with the home centered in the ROL

The sample average of the minimum ECI (ECly;, ) and,
equivalently, of the maximum mission utility G(M) (Gmax),
were calculated as metrics to evaluate the performance of the
proposed solutions. As additional reference metrics, we con-
sidered: (i) the number of assigned tasks in the joint plan
N(t) = |M()], that is the sum of cardinalities of M,
ie,N() = Zf\i‘] |M;(8)]; (ii) the Convergence Step (CS) as
the number of steps after which the coordination algorithm
obtains the 99% of the minimum value of the ECI of the
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TABLE 1. Simulations results of the first solution.

EClyin

u o CI @ 95%

—0 001 67.1 15206 1568

[15068, 15343]

2 1 —0 0.05 733 15174 1561 [15037,15311]
3 1 -0 0.1 79.5 15158 1629 [15015, 15301]
4 1 —0 05 103.6 15169 1561 [15032,15306]
5 1 -0 1 114.1 15199 1575 [15060, 15337]
6 1 —0 5 119.6 15303 1508 [15170, 15435]
7 1 -0 10 122.7 15158 1500 [15027,15290]
8 1 —0 100 1241 15114 1571 [14976, 15252]
9 1 0.01 0.01 69.0 15195 1588 [15055, 15334]

100 1 0.05 0.01 689 15438 1662 [15292,15583]

11 1 0.1 001 694 15704 1558 [15567,15840]
12 1 0.5 001 748 24639 2294 [24438,24840]
13 1 1 0.01 926 34455 3389 [34158,34752]

14 2 —0 001 368 14545 1300 [14431,14658]

joint mission plan in the learning sequence. Each step is also
named learning step or negotiation step, and we use the term
‘negotiation’ to denote the iterative learning process to reach
an equilibrium in the joint plan selection.

The first simulation campaign aimed at studying the effec-
tiveness of the first solution, also by preliminarily assessing
how the variation of its main parameters influences the statis-
tics of the performance of the algorithm. In such campaign,
the home position was centered in the ROI and 50 sens-
ing tasks were considered. The first solution was analyzed
using the values 100 and 90 for the percentiles « and y,
and assessing the influence of w, 8 and 7 in three steps.
The influence of the temperature T was firstly assessed by
using w = 1 and by adopting the condition § — 0, which
corresponds to a best response learning policy (i.e., the plan
with the highest utility is deterministically selected) for the
first random selection (line 13 of the algorithm in Fig. 6).
Afterwards, the influence of the temperature 8 was assessed
by using w = 1 and the optimal setting of t (i.e., the
one minimizing EClyi, ) as identified in the previous step.
Lastly, the influence of the planning window w was assessed,
using the optimal settings of 8 and t previously identified.
The evaluation was performed by simulating 500 random
scenarios (i.e., random spatial distributions of the waypoints
associated to the 50 sensing tasks).

The results are shown in Table 1, where: S indicates the
identifier of the simulation set (i.e., the aggregation of ran-
dom scenarios); CS represents the sample mean of the CS
metric; i, o and CI respectively indicate the sample mean,
the sample standard deviation and the confidence interval
of ECliin.
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FIGURE 7. Mission plans assigned to the drone team provided by the first solution for the coordination algorithm considering a first scenario
with 50 sensing tasks (left) and a second scenario with 100 sensing tasks (right).

In regard to the influence of 7, such table highlights
that: (i) variations of t (simulation sets 1-8) do not produce
remarkable changes of the statistics of ECl,, , whereas CS
increases with 7 (an explanation for this is subsequently pro-
vided); (ii) the best setting for t is 0.01 within best response
policy (simulation sets 1-8). In regard to B, this does not
significantly affect the statistics of ECl i, values in the range
10, 0.1], whereas it produces worse average values of EClyyi,
for B > 0.1. This is because, as § increases, the coordination
algorithm allows the drones to add tasks to their mission
plans in an increasingly random manner. Also note that CS
increases with B (an explanation for this is subsequently
provided). Lastly, both statistics of ECI;, and CS improve as
w is increased, as evident for the last simulation set in Table 1.
Indeed, greater values of w allow an enhanced research for
the agent i in the constrained set C" (M;(t)), since this set
contains more plans if w is increased. On the other hand,
larger planning windows imply a greater computational load
for the online generation of individual mission plans.

The above results also confirm that, for the first ran-
dom selection (line 13 of the algorithm in Fig. 6), a simple
weighted distribution (i.e., without exponential functions)
would not be suitable to select M. Indeed, better per-
formance is achieved for lower values of S (i.e., for near
best response policy), resulting in an exponential weighing
providing larger increments for the related cumulative distri-
bution function at the mission plans with the highest utility
values. To the contrary, greater values of f tend towards a
uniform distribution.

Fig. 8 shows other views of the results of the first campaign
to better understand their implications, related to the time
evolution of negotiation. In detail, such evolution is generally
characterized by the following phases:

« First negotiation phase - This is the initial phase of
the negotiation evolution, which is distinguished by the
presence of tasks that are not allocated in any indi-
vidual plans, i.e., Ty, # ¢. Here, at each time step
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the coordination algorithm allows the enabled agent to
select either its previous plan or a new plan. In the former
case, the joint plan and the total mission utility do not
change with respect to the previous step, so the negotia-
tion step is also named a “‘stalemate’ step. In the latter
case, the algorithm tends to lean towards not allocated
tasks, i.e., to select other tasks in T,. This phase on
average has a quick growth in the mission utility, as a
consequence of (18).

« Second negotiation phase - Once all the tasks have been
allocated to at least one drone ( T, = ¥ ), a second
phase starts, wherein agents may compete for tasks
already allocated. Here, the mission utility on average
has a slower growth with respect to the first phase, as a
consequence of (19).

o Equilibrium phase - The second phase continues until
an equilibrium is reached, which is distinguished by a
stable joint plan that is not perturbed by the coordination
algorithm.

The aforementioned phases are evident in the charts in
Fig. 8, which all depict the time evolution of the mission util-
ity for given simulation runs related to different combinations
of the temperatures 8 and t, with w = 1.

Fig. 8 (bottom-left) shows a clear example of the influence
of the temperature t, whose variation does not imply remark-
able changes of the equilibrium value of G(M(t)). Indeed,
T only influences the number of stalemate steps occurred
during the second negotiation phase, resulting in a mere
increase of the value of the CS. Instead, Fig. 8 (bottomright)
highlights the reduction of the equilibrium values of G(M(t))
and the increase of the CS as 8 increases. In detail, the value
of the CS gets larger because the number of stalemate steps
increase and the second negotiation phase takes more steps
to converge, due to the greater randomness in the selection of
new plans.

Lastly, Fig. 9 illustrates a comparison between the simula-
tion sets 1 and 14, characterized by the same settings except
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FIGURE 8. (top-left) Mission utility and number of sensing tasks selected by the drones for a given scenario with the
configuration of the simulation set 3; (top-right) Detail of the mission utility shown in (top-left) illustrating the transition
between the negotiation phases; (bottom-left) and (bottom-right) Mission utility for different configuration of temperatures g
and z. All the data shown in the figures refer to the first solution for the coordination algorithm with w = 1.

for w. Such figure demonstrates how the statistics of EClpyn
and Gn,x improve as w increases by reporting a histogram of
the occurrences of G,y respectively forw = 1 and w = 2.

Afterwards, the second simulation campaign aimed at
studying the effectiveness of the second solution, with the
same approach of the first campaign. The solution was
assessed using the same 500 random scenarios and the same
values for the percentiles & and y of the first campaign. In this
case, only the influence of 8 and T was assessed, whereas a
constant planning window w = 1 was adopted.

With the second solution, the negotiation is expected to
not reach an equilibrium because further randomness is intro-
duced in the second random selection (line 16 in Fig. 6)
allowing a drone to deliberate an ancestor plan with a not null
probability. Therefore, the value of EClyy;, is a function of the
number of time steps fmax granted to the coordination. Thus,
also the influence of such number of time steps should be
assessed in this case. In detail, we considered two different
values of fiax, respectively 600 and 1000 steps, to find the
best combination of iy, and T in the case 8 — 0. Then, other
simulations were carried out considering different values of
B to assess its influence. The obtained results are shown in
Table 2.

In the simulation sets 1-5 (fmax = 600 and 8 — 0), a small
improvement in performance was observed for small values
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FIGURE 9. Comparison between performances obtainable with two
different values (respectively 1 and 2 ) for w using the first solution for
the coordination algorithm.

of T ( < 0.1 ) with respect to the average value of EClp;,
provided by the first solution (considering w = 1). How-
ever, a significant increase was detected for the value of
CS. Moreover, a worsening of the statistics of ECly;, was
observed for T > 0.1, in contrast to the first solution.
Instead, in simulation sets 6-10 ( tpax = 1000 and 8 — 0),
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TABLE 2. Simulations of the second solution.

EClin

S B tmax T E

P o CI @ 95%

—0 600 0.01 875 15088 1563

—_

14951, 15225]

[
2 —0 600 005 1562 15059 1585 [14920,15198]
3 =0 600 0.1 1683 15086 1553 [14950,15222]
4 —0 600 05 2749 16274 1777 [l16118,16430]
5 —0 600 1 3769 17814 5936 [17293,18334]
6 —0 1000 0.01 925 15073 1572 [14935,15211]
7 —0 1000 0.05 204.7 15039 1580 [14900, 15177]
8§ —0 1000 0.1 219.6 15119 1578 [14810, 15428]
9 —0 1000 05 289.1 16354 1834 [16193,16515]
10 —0 1000 1 4232 17044 1974 [16871,17217]
11 0.0l 600 005 1334 15176 1616 [15035,15318]
12 0.05 600 005 136.6 15410 1645 [15266,15554]
1301 600 005 1433 15664 1575 [15526,15802]
14 05 600 005 1732 24163 2281 [23963,24363]

no significant differences for the statistics of EClyi, were
noticed with respect to simulation sets 1 — 5. To conclude:
(i) the optimal setting of 7 is 0.05 and (ii) the increase fmax
does not produce notable improvement. Moreover, using the
settings for t = 0.05 and #p,x = 600, no improvements were
observed for 8 < 0.05 in simulation sets 11 — 14 with respect
to the previous simulation sets, whereas some worsening was
observed for § > 0.5. This influence of 8 is similar to the
results of the assessment of 8 obtained for the first solution.

Fig. 10 and Fig. 11 provide a temporal view of the above
results for a sample simulation scenario, confirming the
absence of the equilibrium phase. Indeed, a persistent vari-
ation of G(M) and N (¢) is evident in Fig. 11.

An additional comparison between the first and the second
solution is shown by means of the histogram in Fig. 12, where
the occurrences of the values of mission utility are reported
with the same settings for § — 0,7 = 0.05 and w = 1 for
both solutions, and with f,,x = 600 for the second solution.
The histogram experimentally confirms the slight improve-
ment introduced by the second solution for the average values
of Gnax. As mentioned in section IV.C, this experimental
analysis shall be complemented with a formal analysis of the
stochastic stability of the maximizers of the mission utility
function.

The third simulation campaign aimed at assessing the
influence of the distribution of sensing tasks on the per-
formance of the coordination algorithm. For this purpose,
we used the following configuration for the parameters of the
first solution: (i) the values 100 and 90 for the percentiles «
and y, (i) B — 0, (iii) T = 0.01 and (iv) 100 random sce-
narios for each simulation set, where the settings for g and t

77600

= W
o W

—200 A

—300 1

G(M(1)) (x1e3)

-400 4
—— B~0,7=0.01
—— B~0,7=0.1
—— B~0,7=0.5

=500 A

T T T T T T T
0 100 200 300 400 500 600
t

FIGURE 10. Mission utility for different configuration of v with 8 — 0,
obtained with the second solution for the coordination algorithm.

B~0,7=0.1

| 54

=50
52

—40 4
[ 50

—60 4
|48

-80 1 I 46

G(M(t)) (x1e3)
V(t)

~100 1 | 42

=120 1 42

|40
100 200 300 400 500 600
t

FIGURE 11. Detail of the mission utility and the total sensing tasks
selected by the drones for a given scenario with the configuration defined
for the simulation set 3 in Table 2. The data shown refer to the second
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FIGURE 12. Comparison between the maximum mission utility provided
by the first and the second solutions of for the coordination algorithm
considering 8§ — 0 and = = 0.05.

represent the best trade-off for the first solution, as identified
in the first simulation campaign. The analysis was carried out
by varying: (i) N; € {50, 100, 150, 200, 250, 300}; (ii) the
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TABLE 3. Simulations of the third campaign.

EClyin

S HP N, w CS

u v Cl@95%

15249 1517

[

centered 50 1 68.6 [14950, 15547]

2 centered 50 2 357 14447 1257  [14201, 14694]
3 centered 100 1 1192 39528 3260  [38889,40167]
4 centered 100 2 645 38009 3005  [37420,38597]
5 centered 150 1 1728 71074 6028  [69892,72255]
6 centered 200 1 220.0 103316 7768 [101794,104839]
7 centered 250 1 2757 140650 8394 [139005, 142295]
g centered 300 1 341.0 184019 10167 [182027,186012]
9 random 50 1 654 17129 1779  [16780, 17477]
10 random 50 2 386 16383 1616  [16066, 16700]
11 random 100 1 1175 41979 3816  [41231,42727]
12 random 100 2 612 40731 3032  [40137,41325]
13 random 150 1 1684 73694 5657  [72585,74802]
14 random 200 1 2145 107381 7784 [105855,108907]
15 random 250 1 269.5 146236 8689 [144533,147939]
16 random 300 1 330.8 189516 10601 [187438,191594]

home position, which might be fixed and centered in the ROI,
or it might be randomly located (with a uniform distribution)
in the ROL. For the planning window, the setting w = 1 was
used for all the values of N;, whereas the setting w = 2 was
also used for Ny = 50 and N; = 100. The results are shown
in Table 3, where HP indicates the home position (centered
or random).

Based on the results in Table 3, Fig. 13 (left) and (right)
respectively show the average value of the CS and of ECly;,
as functions of N; for both random and centered home posi-
tions, with w = 1. In detail, Fig. 13 (left) highlights that

VOLUME 12, 2024

the convergence step increases almost linearly with N; for
each configuration, confirming the scalability of the proposed
coordination algorithms.

VI. CONCLUSION

This work reports the design of a dynamic and decentralized
mission planner for a drone team performing autonomous
and cooperative spatio-temporal sensing. It applies the
learning-ingames framework for the coordination of the team,
introducing ad-hoc variants of the binary log-linear learn-
ing. Also, the work provides a mathematical analysis of
the reachability and reversibility properties for the designed
learning-in-games approach. Lastly, a detailed experimental
analysis is presented, which allows for a preliminary tune of
some learning parameters.

Future work entails a systematic optimization of the learn-
ing parameters with respect to the mission scenario and
a trade-off with other reinforcement-learning approaches.
For example, Agent-based Evolutionary Search (AES) may
be applied for the optimization strategy of the learning
parameters, similarly to other multi-agent applications [59].
Moreover, a formal analysis shall be performed to evaluate
the stochastic stability of the maximizers of the mission utility
function for the second coordination solution, considering
possibly additional frameworks for the stability analysis of
learning in games [60]. In case of spatio-temporal sensing
for security-driven applications, the coordination mecha-
nism shall be enriched to consider advanced and intelligent
behaviours of the reference threat, e.g., by means of Stackel-
berg security games. Lastly, future work shall consider actual
flight tests to further verify the performance of the proposed
mission planner in a real environment.

APPENDIX A

PROOF OF THEOREM 1—-REACHABILITY

We firstly consider the case where M" is an ancestor or
a descendant of ./\/l?. If the plans M? and M" differ in r
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tasks with r < w, the proof is trivial, because the property is
verified as per construction of C}’. Otherwise (r > w):

o if M" is a descendant of M?, we can apply a sequence
of ceil (r/w) steps to add the r differing tasks to the
previous plan, starting from M?, to obtain M";

o if M is a descendant of M?, we can apply a sequence
of ceil (r/w) steps to subtract the r differing tasks from
the previous plan, starting from M?, to obtain M

i

Instead, if M?" is not an ancestor or a descendant of /\/l?,
we can apply a first sequence of plans, which starts from M?
and subtracts tasks from the previous plan of each sequence
step, until it reaches the empty plan. Then, we can apply
a second sequence of plans, which starts from the empty
sequence and adds the tasks of M}" to the previous mission
of each sequence, until it reaches the fully M". Merging the
two sequences, the property is proved also in this case.

APPENDIX B
PROOF OF THEOREM 2—REVERSIBILITY
As per construction of CY, if ./\/l? eCy (Mll), then /\/l? can
be: (i) a j th order descendant of /\/ll1 with j < w; (i) aj th
order ancestor of Pil with j < wj; or (iii) equal to Mll
In the case (i), since C}” (M?) includes all the ancestors of
/\/ll-O up to (at least) the order j, therefore it includes also M 11
In the case (ii), since C}" (M?) includes all the descendant

of M? up to (at least) the order j, therefore it includes
also M ll
In the case (iii), the proof of the property is trivial.
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