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ABSTRACT Both the conventional and dual compensation strategies are widely adopted in a unified power
quality conditioner (UPQC). However, the differences between them are lack of in-depth analysis. This
article establishes the small signalmodels in dq-axis of conventional- and dual-UPQC (C- andD-UPQC)with
consideration of the effects of the phase-locked-loop (PLL) and grid impedance, which lays the foundation
for static and dynamic performance analysis. In addition, the performance of them is analyzed and compared
under different conditions. It is found that: the D-UPQC has a better dynamic performance when the grid
voltage or load suffers sudden variation; the harmonic rejection capabilities of the C- and D-UPQC are
different; the grid impedance has an obvious influence on the load voltage quality in the C-UPQC. The
findings will provide the guideline for the selection of compensation strategies in specific applications.
Finally, experimental results verify the correctness of the comparative performance analysis.

INDEX TERMS Unified power quality conditioner (UPQC), compensation strategies, small signal model-
ing, control performance analysis.

I. INTRODUCTION
The mitigation of the power quality (PQ) issues has been
always one of the focuses and becomes more and more
significant due to the development of the distribution net-
works [1], [2]. Generally, the voltage-related PQ issues
mainly include voltage sag, swell, unbalance, and harmonics,
which are mainly caused by the power system faults and
switching of high-power load [3]. Besides, the current-related
PQ issues [4] include current unbalance, harmonics and so
on, which are caused by nonlinear loads and grid connection
of renewable energy system (RES). To improve the opera-
tion efficiency, the load should be prevented from suffering
the voltage-related PQ issues and the power grid should be
avoided suffering the current-related PQ issues.

To alleviate the PQ issues, lots of compensation devices
have been developed. Based on the topologies, these com-
pensation devices could be divided into three categories:
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the series compensation devices, the shunt ones, and the
hybrid ones. As a representative of the series compensation
devices, the dynamic voltage restorer (DVR) can mitigate
all the voltage-related PQ issues [5], [6]. On the other hand,
the static synchronous compensator (STATCOM) is an out-
standing shunt compensation device and can suppress all the
current-related PQ issues [7], [8]. Among the hybrid ones,
the unified power quality conditioner (UPQC) is a promising
device to mitigate all the voltage- and current-related PQ
issues [9], [10], [11], [12], [13].

From the perspective of compensation strategies, the con-
ventional and dual compensation strategies are the research
focuses of the UPQC. In the conventional-UPQC (C-UPQC)
[14], [15], [16], the series converter functions as a voltage
source to remain the load voltage balanced and sinusoidal;
while the shunt converter operates as a current source to
maintain the grid current balanced, sinusoidal and in-phase
with the voltage at the point of common coupling (PCC).
On the contrary, in the dual-UPQC (D-UPQC) [17], [18],
[19], [20], the series converter works as a current source to
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FIGURE 1. Configuration of three-phase UPQC-QAB.

control the grid current and the shunt converter operates as a
voltage source to control the load voltage. Theoretically, both
the C- and D-UPQC can realize the error-free tracking of the
desired load voltage and grid current.

However, due to the different characteristics of the C- and
D-UPQC, the topologies, models and control performance
will be also different. In [21], the overall performance evalu-
ation of the C- and D-UPQC based on proportional resonant
(PR) control [22] are presented. However, many important
factors are neglected in the comparative performance analy-
sis [21]. For example, 1) all the closed-loop systems neglect
the effects of the phase-locked-loop (PLL); 2) the influence
of control and circuit parameters on control performance is
neglected; 3) the influence of the grid impedance is also
neglected.

To evaluate the performance of the C- and D-UPQC more
realistically and deeply, the dq-axis small signal models
based on proportional integral (PI) control are established.
In synchronous rotation frame (SRF), the PLL is used to
track the phase angle of the PCC voltage and helps real-
ize the transformation from the three-phase AC signals to
the DC signals in dq frame [23], [24]. Thus, the dynamics
of the PLL should not be neglected because of its effect
on the frequency-domain characteristic [25]. Further, based
on the small signal models with consideration of the effects
of the PLL and grid impedance, the static and dynamic per-
formance of the C- and D-UPQC are discussed and compared
detailly.

In summary, the main contributions of this study include:
1) This article establishes the dq-axis small signal models

of the C- and D-UPQC with consideration of the effects of
the PLL and grid impedance, which lays the foundation for
static and dynamic performance analysis.

2) The static/dynamic performance analysis of the C- and
D-UPQC is compared and evaluated. It is concluded that:

(a) The D-UPQC has a better dynamic performance when
the grid voltage or load suffers sudden variation;

(b) Grid voltage harmonics have an obvious influence on
load voltage quality in the C-UPQC;

(c) Load current harmonics mainly distort the gird current
in the C-UPQC and load voltage in the D-UPQC;

(d) Grid impedance mainly has an influence on the load
voltage quality in the C-UPQC.

The rest of contents are organized as follows. Section II
and III introduce the topologies and average models of
the UPQC. In Section IV, the dq-axis small signal models
of the UPQC are deduced. In Section V, the comparative
performance analysis of the C- and D-UPQC is presented.
In Section VI, experimental results are presented and dis-
cussed. Section VII presents the conclusions.

II. TOPOLOGIES OF THREE-PHASE C- AND D-UPQC
The circuit configuration of a quadruple-active-bridge based
UPQC (UPQC-QAB) [26] is presented in Fig. 1. It is
mainly formed of series converters made up of three single-
phase (TSP) H-bridges, a three-phase shunt converter and a
QAB [27] with four DC ports. One DC port (port d) of the
QAB is connected with the shunt converter, while the other
three ones (port a, b and c) are connected with the series
converters.

Besides, in the C-UPQC, the series converter is controlled
as a voltage source, the LC filter is adopted to suppress the
high-frequency voltage harmonics at series side; accordingly,
the shunt converter is controlled as a current source, therefore,
the L filter is used to mitigate the high frequency current
harmonics at shunt side. On the contrary, in the D-UPQC,
the grid current is directly controlled by controlling the series
converter as a current source. Therefore, the L filter is adopted
at series side; the shunt converter is controlled as a voltage
source to directly control the load voltage, so the LC filter is
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adopted at shunt side. These are the main differences between
the topologies of the C- and D-UPQC.

III. AVERAGE MODELS OF C- AND D-UPQC
For convenience, the parameters of the LC and L filters in the
C- and D-UPQC are kept the same. Namely

LCsrm = LDshm = LV
CCsrm = CDshm = CV
LCshm = LDsrm = LI

(1)

where m∈{a, b, c}. The subscripts ‘‘C’’ and ‘‘D’’ represent
the variables in the C- and D-UPQC, respectively. The sub-
scripts ‘‘sr’’ and ‘‘sh’’ are the related variables of the series
and shunt converters. LV and CV are the filter inductance and
capacitance of LC filter. LI is the filter inductance of L filter.
Besides, considering the dynamic of the DC-link voltage

is much slower than that of the grid current [25], the dynamic
of the DC-link voltage is neglected in this study.

A. AVERAGE MODEL OF THREE-PHASE C-UPQC
From Fig. 1, the average model of the series converter for the
C-UPQC (without line frequency transformers) is expressed
as {

CV dvsrm
/
dt = iCsrm − iSm

LV diCsrm
/
dt = −vsrm + vCim

(2)

where vsrm is the series injected voltage, iSm is the grid
current. iCsrm is the inductor current of the series filter. vCim is
the output voltage of series converter.

According to the Kirchhoff’s law, the grid current in the
C-UPQC can be written as

iSm = iLm − iCshm (3)

where iLm is the load current, iCshm is the injected current.
The average model of the shunt converter is written as (4)

LIdiCshm
/
dt = vCom − vLm (4)

where vLm is the load voltage, vCom is the output voltage of
the shunt converter.

Besides, the relationship between the load and PCC voltage
(vSm) is expressed as,

vLm = vSm + vsrm (5)

Combing (2)-(5) and applying the abc/dq coordinate
transformation, the dq-axis state-space representation of the
C-UPQC is given by

ẋC = AxC + BuC +WC (6)

with

A =



0 ω 1
CV

0 1
CV

0
−ω 0 0 1

CV
0 1

CV
−

1
LV

0 0 ω 0 0
0 −

1
LV

−ω 0 0 0
−

1
LI

0 0 0 0 ω

0 −
1
LI

0 0 −ω 0


,

B =



0 0 0 0
0 0 0 0
1
LV

0 0 0
0 1

LV
0 0

0 0 1
LI

0
0 0 0 1

LI


,

WC = −



0 0 1
CV

0
0 0 0 1

CV
0 0 0 0
0 0 0 0
1
LI

0 0 0
0 1

LI
0 0



vSd
vSq
iLd
iLq

 ,

xC =
[
vsrd vsrq iCsrd iCsrq iCshd iCsrq

]T
,

uC =
[
vCid vCiq vCod vCoq

]T
.

where the subscript ‘‘dq’’ are the d- and q-axis components
of related variables. ω is the grid angular frequency.

B. AVERAGE MODEL OF THREE-PHASE D-UPQC
Based on Fig. 1, the average model of the series converter for
the D-UPQC is expressed as,

LIdiSm
/
dt = vDim − vLm + vSm (7)

where vDim is the output voltage of the series converter.
The average model of the shunt converter for the D-UPQC

is expressed as,{
CV dvLm

/
dt = −iLm + iSm + iDshm

LV diDshm
/
dt = vDom − vLm

(8)

where iDshm is the inductor current of the shunt filter in the D-
UPQC. vDom represents the output voltage of shunt converter.

Applying the Park transformation, (7)-(8) is written as

ẋD = AxD + BuD +WD (9)

with

WD =



0 0 −
1
CV

0
0 0 0 −

1
CV

0 0 0 0
0 0 0 0
1
LI

0 0 0
0 1

LI
0 0



vSd
vSq
iLd
iLq

 ,

xD =
[
vLd vLq iDshd iDshq iSd iSq

]T
,

uD =
[
vDod vDoq vDid vDiq

]T
.

where matrixes A and B in (9) are the same with those
in (6). Referring to (6), in the C-UPQC, if the controllers
directly control the load voltage and grid current, the control
quantities will contain dvSm/dt and diLm/dt . These features
will affect the dynamic performance of the C-UPQC. Rela-
tively, referring to the D-UPQC model (9), it is convenient to
control the load voltage and grid current directly [21].
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FIGURE 2. The system and control frames.

FIGURE 3. The control block diagram of the SRF-PLL.

IV. SMALL SIGNAL MODELING OF UPQC
To analyze the static and dynamic performance of the UPQC,
the dq-axis small signal models are established in this section.
To facilitate comparative analysis, both the series converter of
the C-UPQC and shunt converter of the D-UPQC adopt the
dual closed loop control scheme, where the PI control is used
in the outer load voltage loop and the proportional (P) control
is applied in the inner inductor current loop. Accordingly,
both the shunt converter of the C-UPQC and series converter
of the D-UPQC also utilize the dual closed loop control
scheme, where both the outer DC-link voltage loop and inner
grid current loop use the PI control scheme.

A. SMALL SIGNAL MODELING OF PLL
Based on the PI control schemes, both the series and shunt
controllers of the UPQC need to track the phase angle
of the PCC voltage to control the output voltages of the
series and shunt converters. However, when the PCC volt-
age is disturbed, the input phase angle of the controller
is affected through the PLL, and then the state variables
(such as voltage, current) in the controller coordinate will be
affected [25].
Fig. 2 show the UPQC system (d sqs) and control (dcqc)

frames. The superscripts ‘‘s’’ and ‘‘c’’ are the variables in
the system and control coordinates. The sign‘‘1’’ represents
disturbance signal. As shown, the system frame is defined by
the actual PCC voltage and rotates according to the actual
PCC synchronous angular speed; while the control frame is
defined by the PLL, and the rotation speed is affected by the
output of the PLL. In the steady-state, the PLL can realize the
error-free tracking of the PCC voltage, where the system and
control frames coincide; when the PCC voltage is disturbed,

there will be a phase difference 1θ between the system and
control frames. From Fig. 2, the following relationship could
be obtained

ncdq =

[
cos (1θ) sin (1θ)

− sin (1θ) cos (1θ)

]
nsdq (10)

where n represents the related variable (voltage or current)
and ndq = [nd nq]T .

Fig. 3 represents the SRF-PLL structure. When the PCC
voltage is slightly disturbed, the PLL output is expressed as

1θ =
GPI (s)

s+ GPI (s)VS
1vsSq (11)

where Vs is the amplitude of the PCC voltage and GPI (s) is
expressed as

GPI (s) = kPpll + kIpll
/
s (12)

where kPpll and kIpll are the proportional and integral gains
of the PI controller. Since the controller tracks the phase
angle of the PCC voltage, then the following relationship is
achieved [

V s
Sd
V s
Sq

]
=

[
VS
0

]
(13)

After perturbation of (10), the following relationship is
achieved

1ncdq = 1nsdq +

[
0

GPI (s)N s
q

s+GPI (s)VS

0 −
GPI (s)N s

d
s+GPI (s)VS

]
· 1vsSdq (14)

where N represents the steady-state value of the variable n.

B. SMALL SIGNAL MODELING OF UPQC CIRCUIT
1) SMALL SIGNAL MODELING OF THE C-UPQC CIRCUIT
Fig. 4 shows the dq-axis small signal model of the C-UPQC
circuit. Based on the average model (6), the dynamic of the
series converter circuit in frequency domain is expressed as

1vsCidq − 1vssrdq = ZLV (s) · 1isCsrdq (15)

1isSdq − 1isCsrdq = ZCV (s) · 1vssrdq (16)

where

ZLV (s) =

[
sLV −ωLV
ωLV sLV

]
,ZCV (s) =

[
sCV −ωCV
ωCV sCV

]
.

Accordingly, the dynamic of the shunt converter circuit for
the C-UPQC is given by

1vsCodq − 1vsLdq = ZLI (s) ·

(
1isLdq − 1isSdq

)
(17)

where

ZLI (s) =

[
sLI −ωLI
ωLI sLI

]
.
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FIGURE 4. The dq-axis small signal model of the C-UPQC circuit.

FIGURE 5. The dq-axis small signal model of the D-UPQC circuit.

2) SMALL SIGNAL MODELING OF THE D-UPQC CIRCUIT
The small signal model of the D-UPQC circuit is shown in
Fig. 5. As seen, the dynamic of the series converter circuit in
frequency domain can be written as

1vsDidq − 1vssrdq = ZLI (s) · 1isSdq (18)

The dynamic of the shunt converter circuit for the D-UPQC
in frequency domain is expressed as

1isSdq + 1isDshdq − 1isLdq = ZCV (s) · 1vsLdq (19)

1vsDodq − 1vsLdq = ZLV (s) · 1isDshdq (20)

Besides, due to the existence of the grid impedance, the
relationship between the grid and PCC voltage is expressed
as

1vsGdq − 1vsSdq = Zg (s) · 1isSdq (21)

with

Zg (s) =

[
Zgdd Zgdq
Zgqd Zgqq

]
=

[
sLg −ωLg
ωLg sLg

]
,

where Lg is the grid inductance.

C. SMALL SIGNAL MODELING OF UPQC
1) SMALL SIGNAL MODELING OF THE C-UPQC
Fig. 6(a) shows the dual closed-loop control block diagram
of the series converter for the C-UPQC. From Fig. 6(a), the
output of the outer voltage loop PI controller is given by

1icCsrdqr = GCvv (s) · I ·

(
1vcLdqr − 1vcLdq

)
(22)

GCvv (s) = kCvvp + kCvvi
/
s (23)

where GCvv(s) is the transfer function (TF) of the outer loop
PI controller. kCvvp and kCvvi are the gains, respectively. I is
the 2× 2 identity matrix. In (22), the reference value 1vcLdqr
is given directly, the input1vcLdq is derived from (14), namely

1vcLdq = 1vsLdq + FCL (s) · 1vsSdq (24)

where

FCL (s) =

 0
GPI (s)V sLq
s+GPI (s)VS

0 −
GPI (s)V sLd
s+GPI (s)VS

 .

In this study, the UPQC-P [9] scheme is used. Thus, after
compensation, the load voltage should be in-phase with the
PCC voltage (Vs Ld = VS0 and Vs Lq = 0V).
From Fig. 6(a), the output of the inner current loop PI

controller of the series converter is expressed as

1vcCidqr = GCvi (s) · I ·

(
1icCsrdqr − 1icCsrdq

)
(25)

GCvi (s) = kCvip (26)

where kCvip is the gain of the P controller. The inductor
current reference1icCsrdqr is achieved from (22), and the input
1icCsrdq is obtained by applying the transformation (14)

1icCsrdq = 1isCsrdq + FCr (s) · 1vsSdq (27)

where

FCr (s) =

 0
GPI (s)I sCsrq
s+GPI (s)VS

0 −
GPI (s)I sCsrd
s+GPI (s)VS

 ,

[
I sCsrd
I sCsrq

]

=

[
VS0I sLd

/
VS

ωCV (VS0 − VS)

]
.

Considering the effects of the PLL and control delayGd (s),
the relationship between 1vcCidqr and 1vsCidq is expressed as

1vsCidqr = 1vcCidqr − FCi (s) · 1vsSdq (28)

1vsCidq = KPWMGd (s) · I · 1vsCidqr (29)

with

FCi (s) =

 0
GPI (s)V sCiq
s+GPI (s)VS

0 −
GPI (s)V sCid
s+GPI (s)VS

 ,Gd (s) =

(
1 − e−sTs

)
e−sTs

sTs
,
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FIGURE 6. The dq-axis small signal model of the C-UPQC.

where Ts is the sampling period. KPWM is the PWM gain.
Combing (6) and (13), the expression of the steady-state
output voltage for the series converter is[

V s
Cid
V s
Ciq

]
=

[ (
1 − ω2LVCV

)
(VS0 − VS)

/
KPWM

ωLVVS0I sLd
/
KPWMVS

]
(30)

Therefore, the expression of the load voltage in the
C-UPQC is expressed as

1vsLdq = G1(s)1vsSdq + G2(s)1isSdq CG3 (s)1vcLdqr (31)

where, as shown in the equation at the bottom of the next
page.

The grid current-loop control block diagram of the shunt
converter for the C-UPQC is shown in Fig. 6(b). The output
of the grid current loop PI controller is given by

1vcCodqr = −GCi (s) · I ·

(
1icSdqr − 1icSdq

)
(32)

GCi (s) = kCip + kCii
/
s (33)

where kCip and kCii are the gains of grid current PI controller.
In (32), the d-axis grid current reference value 1ic Sdr

is given by the DC voltage loop directly and regarded as a
constant value. The q-axis current reference value 1ic Sqr is
given as 0A.

The input1icSdq is derived by using the transformation (14)

1icSdq = 1isSdq + FCs (s) · 1vsSdq (34)

where

FCs (s) =

 0
GPI (s)I sSq
s+GPI (s)VS

0 −
GPI (s)I sSd
s+GPI (s)VS

 ,

[
I sSd
I sSq

]
=

[
V sLd I

s
Ld+V

s
LqI

s
Lq

VS
0

]
.

From Fig. 6(b), the relationship between 1vcCodqr and
1vsCodq is descripted as

1vsCodqr = 1vcCodqr − FCo (s) · 1vsSdq (35)

1vsCodq = KPWM · Gd (s) · I · 1vsCodqr (36)

where

FCo (s) =

 0
GPI (s)V sCoq
s+GPI (s)VS

0 −
GPI (s)V sCod
s+GPI (s)VS

 ,

[
V s
Cod
V s
Coq

]

=

 (
VS0 − ωLI I sLq

)/
KPWM

ωLI I sLd
(
1 −

VS0
VS

)/
KPWM

 .

Thus, the expression of the grid current in the C-UPQC is
expressed as

1isSdq = G4 (s) 1vsSdq + G5 (s) 1vsLdq + G6 (s) 1isLdq
+ G7 (s) 1icSdqr (37)

where

G4 (s) =−
KPWMFCo (s)Gd (s)+KPWMFCs (s)GCi (s)Gd (s)

ZLI (s) + KPWMGCi (s)Gd (s)
,

G5 (s) =
I

ZLI (s) + KPWMGCi (s)Gd (s)
,

G6 (s) =
ZLI (s)

ZLI (s) + KPWMGCi (s)Gd (s)
,

G7 (s) =
GCi (s)Gd (s)

ZLI (s) + KPWMGCi (s)Gd (s)
.

Combing (21), (31) and (37), the related TFs are written as

GLG (s) =
1vsLdq
1vsGdq

=

[
I − JK−1G5 (s)

]−1

[
G1 (s) + JK−1G4 (s)

]
GLL (s) =

1vsLdq
1isLdq

=

[
I − JK−1G5 (s)

]−1
JK−1G6 (s)

(38)
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FIGURE 7. The dq-axis small signal model of the D-UPQC.


GSG (s) =

1isSdq
1vsGdq

= [K − G5 (s) J]−1

[G4 (s) + G5 (s)G1 (s)]

GSL (s) =
1isSdq
1isLdq

= [K − G5 (s) J]−1 G6 (s)

(39)

where {
J = G2 (s) − G1 (s)Zg (s)
K = I + G4 (s)Zg (s)

2) SMALL SIGNAL MODELING OF THE D-UPQC
Fig. 7(a) shows the grid current-loop control block diagram
of the series converter for the D-UPQC. As seen, the output
of the grid current loop PI controller is

1vcDidqr = GDi (s) · I ·

(
1icSdqr − 1icSdq

)
(40)

GDi (s) = kDip + kDii
/
s (41)

where kDip and kDii are the gains of the grid current PI
controller.

The relationship between 1vcDidqr and 1vsDidq is expressed
as

1vsDidqr = 1vcDidqr − FDi (s) · vsSdq (42)

1vsDidq = KPWM · Gd (s) · I · 1vsDidqr (43)

where

FDi (s) =

 0
GPI (s)V sDiq
s+GPI (s)VS

0 −
GPI (s)V sDid
s+GPI (s)VS

 ,

[
V s
Did
V s
Diq

]
=

[
(VS0 − VS)

/
KPWM

ωLIVS0I sLd
/
KPWMVS

]
.

Thus, the expression of the grid current in the D-UPQC is
expressed as

1isSdq = ϕ1 (s) 1vsSdq + ϕ2 (s) 1vsLdq + ϕ3 (s) 1icSdqr (44)

where

ϕ1 (s) =
I + KPWM [FDi (s) − FDs (s)GDi (s)]Gd (s)

ZLI (s) + KPWMGDi (s)Gd (s)
,

ϕ2 (s) = −
I

ZLI (s) + KPWMGDi (s)Gd (s)
,

ϕ3 (s) =
KPWMGDi (s)Gd (s)

ZLI (s) + KPWMGDi (s)Gd (s)
.

where FDs(s) = FCs(s).
The dual closed-loop control block diagram of the shunt

converter for the D-UPQC is seen in Fig. 7(b). From Fig. 7(b),
the output of the outer voltage loop is

1icDshdqr = GDvv (s) · I ·

(
1vcLdqr − 1vcLdq

)
(45)

GDvv (s) = kDvvp + kDvvi
/
s (46)

where GDvv(s) is the transfer function of the outer voltage
loop PI controller, kDvvp and kDvvi are the gains.

G1 (s) = I +
KPWM [FCi (s) − (FCL (s)GCvv (s) − GCvv (s) + FCr (s))GCvi (s)]Gd (s)
I + ZCV (s)ZLV (s) + KPWM [GCvv (s)GCvi (s) + GCvi (s)ZCV (s)]Gd (s)

,

G2 (s) = −
KPWMGCvi (s)Gd (s) + ZLV (s)

I + ZCV (s)ZLV (s) + KPWM [GCvv (s)GCvi (s) + GCvi (s)ZCV (s)]Gd (s)
,

G3 (s) =
KPWMGCvv (s)GCvi (s)Gd (s)

I + ZCV (s)ZLV (s) + KPWM [GCvv (s)GCvi (s) + GCvi (s)ZCV (s)]Gd (s)
.
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TABLE 1. Main circuit parameters for the UPQC-QAB.

From Fig. 7(b), the output of the inner current loop P
controller is

1vcDodqr = GDvi (s) · I ·

(
1icDshdqr − 1icDshdq

)
(47)

GDvi (s) = kDvip (48)

where kDvip is the gain of the P controller.
Based on (14), the relationship between the variable

1isDshdq and 1icDshdq is expressed as

1icDshdq = 1isDshdq + FDh (s) · 1vsSdq (49)

where

FDh (s) =

 0
GPI (s)I sDshq
s+GPI (s)VS

0 −
GPI (s)I sDshd
s+GPI (s)VS

 ,

[
I sDshd
I sDshq

]
=

[
I sLd

(
1 − VS0

/
VS

)
I sLq + ωCVVS0

]
.

Then, the relationship between the control output and the
system input for the shunt converter is descripted as

1vsDodqr = 1vcDodqr − FDi (s) · 1vsSdq (50)

1vsDodq = KPWM · Gd (s) · I · 1vsDodqr (51)

where

FDo (s) =

 0
GPI (s)V sDoq
s+GPI (s)VS

0 −
GPI (s)V sDod
s+GPI (s)VS

 ,

[
V s
Dod
V s
Doq

]
=

[ [
VS0 − ωLV

(
I sLq + ωCVVS0

)]/
KPWM

ωLV I sLd
(
1 − VS0

/
VS

)/
KPWM

]
.

From Fig. 7(b), the expression of the load voltage in the
D-UPQC is expressed as

1vsLdq = ϕ4 (s) 1vsSdq + ϕ5 (s) 1vcLdqr + ϕ6 (s) 1isLdq
+ ϕ7 (s) 1isSdq (52)

with, as shown in the equation at the bottom of the next page,
where FDL(s) = FCL(s).

TABLE 2. Control parameters for the UPQC-QAB.

FIGURE 8. Frequency response of the TFs in the C- and D-UPQC.

Combing (21), (44) and (52), the related TFs are written as

ϕLG (s) =
1vsLdq
1vsGdq

=

[
I − LM−1ϕ2 (s)

]−1

[
ϕ4 (s) + LM−1ϕ1 (s)

]
ϕLL (s) =

1vsLdq
1isLdq

=

[
I − LM−1ϕ2 (s)

]−1
· ϕ6 (s)

(53)
ϕSG (s) =

1isSdq
1vsGdq

=
[
M − ϕ2 (s)L

]−1

[
ϕ1 (s) + ϕ2 (s) ϕ4 (s)

]
ϕSL (s) =

1isSdq
1isLdq

=
[
M − ϕ2 (s)L

]−1
ϕ2 (s) ϕ6 (s)

(54)
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FIGURE 9. Frequency response of TFs under different control parameters.

where {
L = ϕ7 (s) − ϕ4 (s)Zg (s)
M = I + ϕ1 (s)Zg (s)

V. CONTROL PERFORMANCE ANALYSIS OF UPQC
The dq-axis small signal models of the C- and D-UPQC are
deduced detailly in section IV. On the basis of the models
above, this section will further compare and analyze the
performance of the load voltage and grid current in the C-
and D-UPQC.

In addition, the control parameters of the UPQC
are designed based on the system engineering design
method [23]. For the load voltage controllers, both two
schemes utilize the dual closed-loop PI control. Generally,
the bandwidth of the inner current loop should be no more
than 0.1∗2π∗fsw (fsw is the switching frequency), and the
bandwidth of the outer voltage loop should be less than 1/10
of the inner current loop bandwidth. Accordingly, for the grid
current controllers, both two schemes utilize the PI control.
The parameter design of the grid current loop can refer to
load voltage controller. The electrical and control parameters
of the UPQC are shown in Table 1 and 2. The switching

FIGURE 10. Frequency response of TFs under different circuit parameters.

FIGURE 11. Frequency response of TFs under different grid impedance.

frequency of series, shunt and QAB converter are given as
20kHz, 20kHz and 50kHz.

A. INFLUENCE OF VOLTAGE/CURRENT HARMONICS
1) LOAD VOLTAGE TRACKING PERFORMANCE
Firstly, the load voltage tracking performance is analyzed
from the topologies. Since the capacitive reactance of the
LC filter is inversely proportional to the frequency, the load
voltage in the C-UPQC has a poor performance in mitigating
the high-frequency grid voltage harmonics. In addition, the
inductive reactance of the shunt L filter is proportional to the

ϕ4 (s) =
[FDo (s) − (FDL (s)GDvv (s) + FDh (s))GDvi (s)]KPWMGd (s)

I + ZCV (s)ZLV (s) + [GDvv (s)GDvi (s) + GDvi (s)ZCV (s)]KPWMGd (s)
,

ϕ5 (s) =
GDvv (s)GDvi (s)KPWMGd (s)

I C ZCV (s)ZLV (s) + [GDvv (s)GDvi (s) + GDvi (s)ZCV (s)]KPWMGd (s)
,

ϕ6 (s) = −
GDvi (s)KPWMGd (s) + ZLV (s)

I + ZCV (s)ZLV (s) + [GDvv (s)GDvi (s) + GDvi (s)ZCV (s)]KPWMGd (s)
,

ϕ7 (s) =
GDvi (s)KPWMGd (s) + ZLV (s)

I + ZCV (s)ZLV (s) + [GDvv (s)GDvi (s) + GDvi (s)ZCV (s)]KPWMGd (s)
,
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FIGURE 12. The simulation waveforms under grid voltage sag and swell: (a) C-UPQC, (b) D-UPQC.

FIGURE 13. The simulation waveforms under grid voltage harmonics distortion: (a) C-UPQC, (b) D-UPQC.

FIGURE 14. The spectrum analysis of vSa and vLa under grid voltage harmonics distortion.

frequency, thus the shunt converter in the C-UPQC tends to
block the high frequency components of the load currents.
It leads to the high frequency current harmonics flow into the
power grid and affect the grid current and the load voltage.
However, in theD-UPQC, the high-frequency load current
harmonics tend to flow through the capacitor CDshm due to its
smaller capacitive reactance. Thus, in the D-UPQC, the load
voltage is mainly affected by the load current harmonics.

Secondly, the load voltage tracking performance is ana-
lyzed from the small signal model ((38) and (53)). For
convenience, the d-axis coordinate system is taken as an

example to draw the relevant TF bode diagrams (Fig. 8(a)-
(c)). Fig. 8(a) shows the bode diagram of G3dd (s) and ϕ5dd (s)
(G3(s) = ϕ5(s)). As seen, in the C- and D-UPQC, the load
voltages 1vs Ld can realize the error-free tracking of the
reference signal 1vs Ldr. As seen in Fig. 8(b), in most cases,
the amplitude of GLGdd (s) is bigger than that of ϕLGdd (s);
especially, the amplitude of GLGdd (s) is equal to 0dB in
high frequency range. In Fig. 8(c), the load voltage cannot
suppress the influence caused by the grid current harmonics
(1∼10kHz) and the amplitude ofGLLdd (s) is smaller than that
of ϕLLdd (s) in low frequency range. Thus, the grid voltage
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FIGURE 15. The simulation waveforms under high-frequency grid voltage harmonics distortion:
(a) C-UPQC, (b) D-UPQC.

FIGURE 16. The spectrum analysis of vSa and vLa under high-frequency grid voltage harmonics distortion.

harmonics mainly distort the load voltage in the C-UPQC;
the load current harmonics will distort the load voltages in
two schemes.

2) GRID CURRENT TRACKING PERFORMANCE
From the topologies, the D-UPQC has a better perfor-
mance in blocking the load current harmonics flowing
to the power grid because the inductive reactance is
higher in high frequency range. In the C-UPQC, the
shunt converter blocks the high frequency load current
harmonics.

Next, from the small signal models ((39) and (54)),
Fig. 8(d)-(f) show the TF bode diagrams of the d-axis grid
current loop in the C- and D-UPQC. In Fig. 8(d) (G7dd (s) =

ϕ3dd (s)), in both two schemes, the gird current 1isSd can
realize the error-free tracking of the reference signal 1isSdr .
As seen in Fig. 8(e), although the amplitude of ϕSGdd (s)
is bigger than that of GSGdd (s) in low frequency range,
the amplitude of ϕSGdd (s) and GSGdd (s) is always smaller
than 0dB. In Fig. 8(f), the amplitude of GSLdd (s) is always
bigger than that of ϕSLdd (s); especially in high frequency
range, the amplitude of GSLdd (s) is equal to 0dB. Thus,
the load current harmonics affect the current quality in
the C-UPQC, and the influence caused by the grid volt-
age harmonics on the grid current is not obvious in two
schemes.

TABLE 3. Load parameters in the simulations.

B. INFLUENCE OF CONTROL AND CIRCUIT PARAMETERS
This subsection analyzes the control performance of the
UPQC under different control and circuit parameters (kDvvp,
kCvvp, kDip, kCip, CV and LI ).

Fig. 9 shows the related TF bode diagrams of the C-
and D-UPQC under different control parameters. As seen,
with the increase of kDvvp/kCvvp and kDip/kCip (increase of
the bandwidth of load voltage and grid current loop), all
the amplitudes of the TFs tend to decrease. It means that
increasing the bandwidth of the outer load voltage and grid
current loop helps improve the load voltage and grid current
quality in both two schemes.

The related TF bode diagrams under different filter param-
eters are seen in Fig. 10. As shown, whenCV or LV increases,
the amplitudes of the TFs in the D-UPQC tend to decrease in
most cases, while these amplitudes in the C-UPQC tend to
increase. It means that increasing the filter inductance and
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FIGURE 17. The simulation waveforms under different loads: (a) C-UPQC, (b) D-UPQC.

FIGURE 18. The spectrum analysis of iLa, iSa and vLa under different loads.

capacitance can improve the load voltage and grid current
quality in the D-UPQC.

C. INFLUENCE OF GRID IMPEDANCE
This subsection mainly considers the control performance of
the UPQC under different grid impedance.

From the UPQC circuits, the grid current controlled by the
UPQC contains few harmonics, and they will flow through
the grid impedance and further distort the PCC voltage qual-
ity. Since the C-UPQC cannot mitigate the high frequency
PCC voltage harmonics, the load voltage quality in the
C-UPQC will be poorer when Lg increases.
As seen in Fig. 11, when Lg increases, the TFs of the

D-UPQC can remain unchanged. It means that the D-UPQC
can still keep good load voltage and grid current quality
under different grid impedance. However, in the C-UPQC,
the amplitude of GLLdd (s) in high frequency range becomes
greater and bigger than 0dB when Lg increases. Thus, the
load voltage in the C-UPQC will affected heavily by the load
current harmonics in weak grid. It is concluded that the grid
impedance mainly affected the load voltage quality in the C-
UPQC, while the performance of the D-UPQC is not affected.

VI. SIMULATION AND EXPERIMENTAL RESULTS
In this section, the correctness of the system performance
analysis for the C- and D-UPQC is verified in the MAT-
LAB/Simulink and experimental platform.

A. SIMULATION RESULTS
The circuit and control parameters in the simulations are seen
in Table 1 and 2. The switching frequency of the UPQC
system are the same with those in section V. And the detailed
load parameters are seen in Table 3.

1) INFLUENCE OF THE GRID VOLTAGES
This case mainly illustrates the influence on the load voltage
and the grid current for the C- and D-UPQC caused by the
grid voltage fluctuation. The load 1 is connected, and the grid
inductance is given as 0.05mH.

Fig. 12(a)-(b) show the waveforms of vS and vL . As seen,
the grid voltage sags with a depth of 20% within [0.16, 0.20]
s and swells with a depth of 20% within (0.20, 0.20] s.
After compensation, the load voltage amplitudes of the C-
and D-UPQC could be at the nominal values. However, the
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TABLE 4. The comparative analysis results of C- and D-UPQC with different control and circuit parameters.

FIGURE 19. The simulation waveforms under different grid impedance: (a) C-UPQC, (b) D-UPQC

D-UPQC has a better dynamic performance when the grid
voltage suffers sudden variation.

Fig. 13(a)-(b) illustrates the waveforms of vS , vL and iS
when the grid voltage suffers harmonic distortion. Fig. 14 is
the related spectrum analysis of vSa and vLa. From Fig. 14, the
grid voltage mainly contains 11th and 13th harmonic compo-
nents. After compensation, the load voltage in the D-UPQC
can remain sinusoidal (the total harmonic distortion (THD)
is 1.59%), while the THD of the load voltage in the C-UPQC
is higher (the related THD is 3.15%). Figs. 15-16 show the
related waveforms and spectrum analysis when the grid volt-
age suffers high-frequency harmonic distortion. As shown
in Fig. 16, the grid voltage mainly contains 41th and 43th

harmonic components (the related THD is about 11.19%).
After compensation, the load voltage in the D-UPQC can
keep sinusoidal and the related amplitude is at nominal value
(the related THD is 1.13%). However, the load voltage in the
C-UPQC contains lots of harmonic components (the related
THD is 13.39%). Besides, the grid currents in both two
schemes can remain sinusoidal. Thus, from the above analy-

sis, the load voltage in the D-UPQC has a stronger robustness,
and the grid currents in both two schemes are robust to the
grid voltage harmonic distortion.

2) INFLUENCE OF THE LOAD CURRENTS
This case study is designed to verify the performance analysis
of the UPQCwhen the load current harmonics are considered.
In addition, the grid voltage is normal and the grid inductance
is given as 0.05mH. The load 2 is connected.

Figs. 17-18 shows the waveforms and spectrum analysis
for the UPQC when load 1 and 2 are switched. As seen, the
three-phase balanced load 1 is switched to the purely non-
linear load 2 (the THD of the load current is 29.47%). After
compensation, the grid current in the C-UPQC still contains
lots of harmonic components (the related THD is 29.47%),
while the grid current in the D-UPQC can almost remain
sinusoidal (the related THD is 3.86%). Besides, in both two
schemes, the load voltage contains few harmonics.

But the THD of the load voltage in the D-UPQC (3.78%)
is higher than that in the C-UPQC (1.90%). It is concluded
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FIGURE 20. The spectrum analysis of vLa and iSa under different grid impedance: (a) C-UPQC,
(b) D-UPQC

that the grid current in the D-UPQC has a better robustness
and the load voltage quality in the C-UPQC is better when
the load currents is distorted.

3) INFLUENCE OF CONTROL AND CIRCUIT PARAMETERS
This subsection is designed to test the performance of the
UPQC under different control and circuit parameters.

Table 4 shows the comparative results of the THD for vSa,
vLa, iSa and iLa. As shown, with the increase of kDvvp/kCvvp,
the THDof vLa decreases; whenCV increases, the THDof vLa
in D-UPQC also decreases while the THD of vLa in C-UPQC
increases. Besides, when kDip/kCip increases, the THD of iSa
in both two schemes decrease; however, with the increase of
LI , the THD of iSa in the D-UPQC decreases greatly, but the
THD of iSa in the C-UPQC increases. The results in Table 4
have proven the correctness of the comparative analysis in
section V.

4) INFLUENCE OF THE GRID IMPEDANCE
This case study is designed to test the performance of
the UPQC under different grid impedance (Lg increases to
5mH from 0.2mH at 0.2s). And other parameters remain
unchanged.

Figs. 19-20 show the waveforms and spectrum analysis
for the UPQC under different gird impedance. As illustrated,
when Lg increases, the PCC voltage is distorted more heavily.
In the C-UPQC, the THD of the load voltage increases to
50.31% from 4.81%, while the related THD in the D-UPQC
increases to 1.16% from 1.01%. And the THDs of the
grid currents (always smaller than 5%) decrease in both
two schemes with the increase of Lg. Therefore, the grid
impedance mainly affects the load voltage quality in the C-
UPQC.

B. EXPERIMENTAL RESULTS
In this section, the experimental platform is built to verify the
performance analysis of the UPQC. A 2-kW prototype has

FIGURE 21. Experimental prototype

FIGURE 22. Experimental waveforms under the grid voltage sag and
swell: (a) C-UPQC, (b) D-UPQC.

been built in the laboratory, as shown in Fig. 21. The circuit
parameters are seen in [26]. Besides, the QAB converter
is composed of four full bridge modules and four leak-
age inductors, which are connected through high frequency
transformer (HFT). The HFT adopts PQ 50-50 magnetic
core. Chroma 61830 supplies the three-phase UPQC-QAB
system.
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FIGURE 23. Experimental waveforms under the distorted grid voltage:
(a) C-UPQC, (b) D-UPQC.

FIGURE 24. Experimental waveforms under the distorted grid voltage:
(a) C-UPQC, (b) D-UPQC.

1) INFLUENCE OF THE GRID VOLTAGES
This subsection mainly considers the grid voltage sag, swell
and harmonics. The depths of the voltage sag and swell are
40%. And the load parameters are set as: R = 8� and L =

12mH.
Fig. 22 illustrates the waveforms of vSa, vLa, vLb and vsra

under the voltage sag and swell. When the PCC voltage sags
or swells, the load voltage in the C- and D-UPQC remains
sinusoidal and the amplitudes of vLa and vLb are kept constant
(81.7V). However, when the PCC voltage suffers sudden sag
or swell, the load voltage in the D-UPQC does not suffer the
transient; in the C-UPQC, the load voltage suffers transient.
Thus, the load voltage in the D-UPQC has a better dynamic
performance.

Fig. 23-24 shows the waveforms of vSa, vLa, vsra and iSa
under the distorted grid voltage. As seen, when the grid

FIGURE 25. Experimental waveforms under different loads: (a) C-UPQC,
(b) D-UPQC.

FIGURE 26. Experimental waveforms under different grid impedance:
(a) C-UPQC, (b) D-UPQC.

voltage contains low-frequency harmonics, the load voltage
in the C-UPQC is disturbed slightly; while when vS contains
high frequency harmonics, the load voltage in the C-UPQC is
disturbed heavily. Besides, the load voltage in the D-UPQC
can always be kept sinusoidal when the grid voltage is dis-
torted. Thus, the load voltage quality in the D-UPQC is better
under the grid voltage harmonics.

2) INFLUENCE OF THE LOAD CURRENTS
In this subsection, the nonlinear load is considered, where the
rectifier load is connected (R = 8� and L = 24mH).

The waveforms of vSa, vLa, iLa and iSa for the UPQC
under the nonlinear load are shown in Fig. 25. As seen, when
the linear load is switched to the nonlinear load, in the C-
UPQC, the load voltage is kept sinusoidal while the grid
current is disturbed; in the D-UPQC, the grid current is more
sinusoidal while the load voltage is disturbed. Therefore, it is
concluded that load current harmonics mainly affect the grid
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current in the C-UPQC and the load voltage in the D-UPQC.
Besides, the grid current in the D-UPQC has a better dynamic
performance under the transient of load switching.

3) INFLUENCE OF THE GRID IMPEDANCE
This subsection is designed to test the performance of the
UPQC under different grid impedance (Lg = 0.5 and 5mH).
Fig. 26 shows the waveforms of vSa, vLa, vsra and iSa.

As seen, when Lg increases, the PCC voltages vSa in both
the C- and D-UPQC are distorted more heavily, and the load
voltage vLa in the C-UPQC are also distorted more seriously.
However, the load voltage in the D-UPQC and the grid cur-
rents in both two schemes can remain sinusoidal. Thus, the
grid impedance has an obvious influence on the load voltage
in the C-UPQC.

VII. CONCLUSION
In this article, the dq-axis small signal models with consider-
ation of the effects of PLL and grid impedance are established
to analyze the performance of the C- and D-UPQC. The
static and dynamic performance for the C- and D-UPQC are
discussed and compared detailly, where the effect of control,
circuit parameters and grid impedance are also taken into
account. The main conclusions are drawn as follows:

1) The D-UPQC has a better dynamic performance when
grid voltage or load suffers sudden variation;

2) Grid voltage harmonics mainly distort the load voltage
in the C-UPQC;

3) Load current harmonics have a significantly influence
on the grid current in the C-UPQC and load voltage in
the D-UPQC;

4) Grid impedance has an obvious influence on the load
voltage in the C-UPQC.

The correctness and effectiveness of the above findings are
verified via the simulation and experimental results, which
will provide the guideline for the selection of suitable com-
pensation strategies in specific applications.

APPENDIX A
DESIGN OF DUAL PI CONTROL GAIN
From [23], in the dual closed-loop PI control, the band-
width of the inner current loop αc should be no more than
0.1∗2π∗fsw (fsw is the switching frequency), which means,

kpc = αc · LV (A1)

αc ≤ 0.2π fswLV (A2)

And the bandwidth of the outer voltage loop αd should be
less than 1/10 of αc, which means,

kpd = αd · CV (A3)

αd ≤ 0.1αc (A4)

Besides, the specific design the dual PI control gains could
be achieved according to the transfer function of closed loop
system.
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