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ABSTRACT The position accuracy of the third mirror’s Z axis will directly affect the measurement accuracy
of the optical telescope, so it is necessary to improve the position accuracy. In order to improve the
control performances of the third mirror’s Z-axis of a large optical telescope, this paper proposes a novel
control algorithm based on hyperbolic tangent function (tanh). The proposed algorithm is used to replace
the traditional integral separated proportional-integral (IS-PI) controller which is widely used in industry
servo control system. Firstly, a mathematical model of the third mirror’s Z-axis is established. Secondly,
a controller based on tanh is proposed, and the characteristics and stability of the algorithm are analyzed.
Thirdly, the parameters tuning method of the proposed algorithm is given. The simulation results show that
the proposed algorithm has higher tracking accuracy than IS-PI controller. Finally, experiments are carried
out on a large optical telescope’s Z axis. In the experiments, IS-PI controller and tanh controller are compared,
and the results show that the control performances are greatly improved.

INDEX TERMS High precision position control, motor control, hyperbolic tangent function, optical
telescope, integral separation proportional integral.

I. INTRODUCTION
Large optical telescope is a kind of high-precision equipment
for astronomical observation. Important scientific achieve-
ments in astronomy and astrophysics rely heavily on the
observation data of optical telescopes [1], [2], [3]. The optical
structure of a large optical telescope mainly includes primary
mirror, secondary mirror and third mirror. The main function
of the third mirror is optical path refraction, which refracts the
beam from the secondary mirror to Cassgrain focus, folding
axis focus, Coude focus, etc. As an observation instrument,
the observing efficiency of a telescope is one of the key
performance parameters. So, it is necessary to make full use
of the focus point to make the telescope have multi-focus
capabilities. The third mirror, which can be freely switched,
is a key component for changing focus and improving the
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observing efficiency of the telescope, and it is getting more
and more attention [4].

Usually, optical telescopes operate within the visible
and infrared wavelength range of electromagnetic waves,
therefore, there are extremely high requirements for the
accuracy of optical systems. The rotation and repeated
positioning accuracy of the third mirror directly affects the
pointing accuracy of the optical telescope [5]. And when
the control performances are not good enough, it will lead
to a significant decrease in the optical performance of the
telescope. The third mirror’s Z-axis control needs to achieve
two goals: 1) fast switching. 2) high position accuracy.

In order to achieve high-performance control goals,
nonlinear PID controller, fuzzy controller, sliding mode
controller, active disturbance rejection controller (ADRC)
[6], [7], [8], [9], [10], [11], are studied and good control per-
formances have been achieved. However, at present, the most
commonly used control method in control engineering is still
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proportional-integral-differential (PID) controller [12], [13].
Although many control methods based on PID are often used
in engineering, how to turning the parameters to achieve the
best control performance is still being studied [14]. To solve
the PID parameter tuning problem, Lawrence N P [15] and
Dogru O [16] use deep learning for PID parameter tuning.
CHAI Tian-You [17] proposed a PID tuning intelligent
system based on end-edge-cloud collaboration. It is a good
idea to study how to adjust PID parameters to optimize
control performance. In addition, we can also study a
controller that has similar control performance to PID
controllers, but with easier parameter turning.

The hyperbolic function is a very common function
that is widely studied and used in neural networks, fil-
ters [18], tracking differentiators [19], etc. Zhang proposed
a fuzzy hyperbolic model (FHM) based on hyperbolic
tangent [20], [21], [22], [23], [24], and the analysis showed
that the control algorithm has very strong nonlinearity coping
ability. However, using the hyperbolic tangent function as a
controller has not been studied and used in application. In this
paper, we propose a control algorithm based on hyperbolic
tangent function to improve the control performances of
the third mirror’s Z axis. The proposed algorithm is
an error-based controller and does not need an accurate
model of the plant. Since differential will amplify the
sensor noise, PI control is often used in motor control
engineering [25], [26]. At present, the most commonly
used control method in optical telescopes is integral sep-
aration proportional integral (IS-PI) algorithm [27], which
is a fundamental form of nonlinear PI control algorithm.
This control algorithm can be added in traditional three
closed-loop control architecture to replace the IS-PI based
position controller. The similarity and differences between
the proposed controller and PI controller can be seen by the
Laplace transform [28], [29], [30], [31], which is similar
to a variable-gain PI control algorithm. In order to verify
the control performance of the controller proposed in this
paper, we will compare it with the IS-PI controller through
simulation and experimentation.

This paper is organized as follows: In section II, the
simplified mathematical model of the third mirror’s Z axis
for large optical telescope is introduced. In section III, a tanh
algorithm is proposed, and the stability and simulation result
are analyzed. Section IV provides the experimental results,
and compared with the integral separation control algorithm.
The summary is drawn in Section V.

II. MECHANICAL STRUCTURE AND MATHEMATICAL
MODEL OF THE THIRD MIRROR’s Z AXIS FOR LARGE
TELESCOPE
A. MECHANICAL STRUCTURE
The optical telescope is traditional alt-azimuth structure,
as shown in Fig.1. And the third mirror’s Z axis is a
key mechanism of the telescope, which is used to achieve
high-precision and rapid switching between different termi-
nals focus.

FIGURE 1. The structure of a large optical telescope.

FIGURE 2. Schematic diagram of the third mirror rotation.

Fig.2 is the schematic diagram of the Z-axis rotation of
the third mirror. Fig.3 is the physical picture of the rotating
axis mechanism of the third mirror (the third mirror is not
installed).

Fig.4 shows the mechanical structure of the rotating shaft
of the third mirror’s Z-axis. The Z axis is equipped with
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FIGURE 3. Physical object of the third mirror’s Z-axis mechanism.

FIGURE 4. Composition of the third mirror’s Z-axis mechanism.

a permanent magnet synchronous motor (PMSM) and a
high-precision position sensor. One brake is installed on the
shafting to provide braking torque when the system is not
powered on.

B. MATHEMATICAL MODEL OF THE THIRD MIRROR’s
Z AXIS FOR LARGE TELESCOPE
For simplicity, a simplified model of the third mirror’s Z axis
system is as shown in Fig.5. The model consists of a series of
mass-spring systems, with a motor and a position sensor. The
load inertia is JL , the motor inertia is JM , the stiffness is Ks,
the corresponding viscosity is bs. TM is the torque provided
by the motor. θM , ωM , aM and θL , ωL , aL are the position,
velocity, and acceleration of each inertia respectively. Td is
the disturbance torque, including unbalance torque, etc. Tf is
the friction torque. cf and cv are the Coulomb coefficient and
viscous coefficient.

Usually, the bandwidth of the current loop of PMSM is
high. So the mathematical model of PMSM [11] can be

FIGURE 5. Simplified model of the third mirror’s Z axis system.

regarded as:

TM = IM · [kT + kM sin (n · θM + ϕM )] (1)

where IM is the Iq current of the motor, kT is the nominal
torque coefficient of the motor, kM sin (n · θM + ϕM ) is used
to simulate the torque fluctuation. The inputs of motor
system are u = IM . The state variables are selected as
x =

[
θM θL ωM ωL

]T , among which θL and ωL are
unmeasurable. The output variables are selected as y =[
θM θL

]T . So the corresponding state space equations of the
model are:

θ̇M = ωM
θ̇L = ωL

ω̇M = −
Ks
JM

· θM +
Ks
JM

· θL −
bs
JM

· ωM +
bs
JM

· ωL

−
cv
JM

· ωM − sign
(
θ̇M
)
·
cf
JM

+
kT+kM sin(n·θM+ϕM )

JM
· IM

ω̇L =
Ks
JL

· θM −
Ks
JL

· θL +
bs
JL

· ωM −
bs
JL

· ωL −
1
JL

· Td

(2)

And the goal of the control system is that: for a given
reference θref and under unknown disturbances θM → θref .

III. DERIVATION OF TANH ALGORITHM
A. TANH ALGORITHM FRAMEWORK
As we all know, tanh(x) =

ex−e−x
ex+e−x , and its first and second

derivative of the function are shown in Fig.6.
From Fig.6, we can see that tanh(x) and its first and second

derivatives are smooth and bounded. It has the following
properties:

tanh(x) ≈


1, x > 5
x, − 0.3 < x < 0.3
−1, x < −5

(3)

When 0.3 < x < 5 or −5 < x < −0.3, the
output of tanh(x) is nonlinear. From Fig.6, we can see that
if hyperbolic tangent function is used as the position loop
controller, the output of the controller is smooth. Based on
the hyperbolic tangent function, we build the tanh controller,
whose expression is as follows:

f (x) = k tanh (a · x) = k
ea·x − e−a·x

ea·x + e−a·x
(4)

where k > 0, a > 0 are tunable parameters and x is input
position error. e = 2.71828 is the natural logarithm.
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FIGURE 6. tanh(x) function and its derivatives.

FIGURE 7. k tanh (a · x), k = 1, a takes different values.

When k and a takes different values, the output of the
function is shown in Fig.7 and Fig.8, it can be seen that the
max value of k tanh (a · x) is determined by k . The slope of
k tanh (a · x) is determined by k and a. It can be seen that
both the first and second derivatives of f (x) are bounded and
smooth.

In order to further analyze the characteristics of
equation (4), the Laplace transform is performed as
follow [28], [29], [30]:

L [k tanh (at)] (s) =

∫
∞

0
e−stk tanh (at) dt

=
k
2a

·

ψ (0)
(
a
4s +

1
2

)
− sψ (0)

( s
4a

)
− 2a

s
(5)

In which ψ (0) (z) =
0′(z)
0(z) , 0 (z) =

∫
∞

0 e−t tz−1dt .

FIGURE 8. k tanh (a · x), a = 1, k takes different values.

If x > 0, the Digamma function is defined as the
first derivative of the logarithm of the gamma function,
with the following integrals or series representation [28],
[29], [30], [31]:

ψ (0) (x) = −γ +

∫
∞

0

e−t − e−xt

1 − e−t
dt

= −γ −
1
x

+

∞∑
n=1

x
n (n+ x)

(6)

In which γ = 0.57721 is Euler constant.
Because k > 0 and a > 0, we have: A=

(
a
4s +

1
2

)
=

2s+a
4s > 0 and B =

s
4a > 0, it can be obtained by using

(5), (6), and (7), as shown at the bottom of the next page.
A traditional PI controller is:

Gpi(s) = kp +
ki
s

(8)

Compared (7) and (8), we can see that tanh controller
is similar to PI controller, but the difference is that it is a
variable-gain controller. From Fig.6 we know that the smaller
the input error x, the greater the controller gain. This reduces
the overshoot with small gain when the error is large. At small
errors, large gains can reduce steady-state errors.

B. TANH CONTROLLER DESIGN
Fig.9 is the block diagram of Tanh controller, Tanh control
method is used as a position controller. The controller is as
follows:

ωref = ωmax tanh (kωeθ ) = ωmax
ekωeθ − e−kωeθ

ekωeθ + e−kωeθ
(9)

ωref is the reference speed value of the position closed-
loop output, ωmax is the maximum speed of the motor,
kω is the tuning parameter and kω > 0, θref is the desired
position, θM is the motor’s actual position, eθ = θref − θM
is the position error, e = 2.71828 is the natural logarithm,
according to (4), we can get −ωmax ≤ ωref ≤ ωmax.
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FIGURE 9. Tanh control block diagram.

The discretization form of (9) is:

ωref (k) = ωmax tanh (kωeθ (k)) (10)

IS-PI controller is used for speed closed-loop control:

eω = ωref − ωM

IM =

{
kp · eω + ki ·

∫ t
0 eωdt, eω ≤ e0

sgn (eω) c
√
eω, eω > e0

(11)

In which sgn (eω) =

{
1, eω > 0
−1, eω < 0

is the sign of input

error. c, kp and ki are turning parameters. The value of e0
is determined by c, kp and ki, we must ensure that when the
value of eω is different, the output of IM is smooth. When the
parameter c = 0, let e0 > emax , the IS-PI controller become
a PI controller.

The discretization form of (11) is:

IM (k) =


kp · eω (k)+ ki · (eω (k)+ eω (k − 1))
+IM (k − 1) , eω ≤ e0
sgn (eω (k)) c

√
eω (k), eω > e0

(12)

In order to protect the motor and the drive system, the
output of the speed controller is limited by the saturation, so:

Iout (k) =


Imax, IM (k) ≥ Imax
IM (k) ,−Imax < IM (k) < Imax
−Imax, IM (k) ≤ −Imax

(13)

where Imax is the maximum current, Iout (k) is the output of
the speed controller.

C. STABILITY ANALYSIS
By discretizing (2), we can get:

θM (k + 1) = ωM (k) · T + θM (k)
θL (k + 1) = ωL (k) · T + θL (k)
ωM (k + 1) = ωM (k)−

Ks
JM

· θM (k) · T +
Ks
JM

· θL (k) · T−

bs
JM

· ωM (k) · T +
bs
JM

· ωL (k) · T−

cv
JM

· ωM (k) · T − sign (ωM (k)) ·
cf
JM

· T

+
kT+kM sin(n·θM (k)+ϕM (k))

JM
· Iout (k) · T

ωL (k + 1) =
Ks
JL

· θM (k) · T −
Ks
JL

· θL (k) · T+

bs
JL

· ωM (k) · T −
bs
JL

· ωL (k) · T−

1
JL

· Td (k) · T + ωL (k)

(14)

where T is the sampling period.
Since cascade control is used, the stability of the inner loop

controller is first demonstrated.

1) THE STABILITY OF VELOCITY CLOSED-LOOP
CONTROLLER
Let:

eω (k + 1) = ωref − ωM (k + 1) (15)

eω (k) = ωref − ωM (k) (16)

The Lyapunov function is designed as [25]:

V (k) =
1
2
e2ω (k) (17)

We can get ∀ωref (k) ̸= ωM (k), V (k) > 0.

L [k tanh (at)] (s) =
k
2a

−γ −
1
A +

∞∑
n=1

A
n(n+A) − s

(
−γ −

1
B +

∞∑
n=1

B
n(n+B)

)
− 2a

s

=
k
2a

−γ −
1

2s+a
4s

+

∞∑
n=1

2s+a
4s

n
(
n+ 2s+a

4s

) − s
(

−γ −
1
s
4a

+

∞∑
n=1

s
4a

n(n+ s
4a )

)
− 2a

s

=
k
2a

[
γ +

(2a− γ )

s

]
−

2ks
a(2s+ a)

+
k
2a

∞∑
n=1

2s+ a
ns (4ns+ 2s+ a)

−
k
2a

∞∑
n=1

s
n (s+ 4an)

(7)
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According (14), (15), (16) and (17), we have:

1V (k) = V (k + 1)− V (k)

=
1
2
e2ω (k + 1)−

1
2
e2ω (k)

=
1
2

(
ωref − ωM (k + 1)

)2
−

1
2

(
ωref − ωM (k)

)2
=

1
2

(
ωref − (δ + ωM (k))

)2
−

1
2

(
ωref − ωM (k)

)2
=

1
2

(
ωref − ωM (k)

)2
·

(
1 −

δ

ωref − ωM (k)

)2

−
1
2

(
ωref − ωM (k)

)2
=

1
2

(
ωref − ωM (k)

)2
·

(
−

2δ
ωref − ωM (k)

+

(
δ

ωref − ωM (k)

)2
)

(18)

In which:

δ = −
Ks
JM

· θM (k) · T +
Ks
JM

· θL (k)

· T −
bs
JM

· ωM (k) · T

+
bs
JM

· ωL (k)

· T −
cv
JM

· ωM (k) · T − sign (ωM (k)) ·
cf
JM

· T

+
kT + kM sin (n · θM (k)+ ϕM (k))

JM
· Iout (k) · T (19)

If 1V (k) < 0, velocity error eω (k) is asymptotically
convergent, we have ωM → ωref . So we need:

1V (k) =

1
2

(
ωref − ωM (k)

)2
·

(
−

2δ
ωref − ωM (k)

+

(
δ

ωref − ωM (k)

)2
)
< 0

(20)

Let ρ =
δ

ωref −ωM (k)
, so when 0 < ρ < 2, 1V (k) < 0.

According (19) we have:

ρ =
δ

eω (k)

= −
Ks

JMeω (k)
· θM (k) · T +

Ks
JMeω (k)

· θL (k) · T

−
bs

JMeω (k)
· ωM (k) · T +

bs
JMeω (k)

· ωL (k) · T

−
cv

JMeω (k)
· ωM (k) · T − sign (ωM (k)) ·

cf
JMeω (k)

· T

+
kT + kM sin (n · θM (k)+ ϕM (k))

JMeω (k)
· Iout (k) · T

(21)

Further, according to equations (12):

ρ = −
Ks

JMeω (k)
· θM (k) · T +

Ks
JMeω (k)

· θL (k) · T

−
bs

JMeω (k)
· ωM (k) · T +

bs
JMeω (k)

· ωL (k) · T

−
cv

JMeω (k)
· ωM (k) · T − sign (ωM (k)) ·

cf
JMeω (k)

· T

+
kT + kM sin (n · θM (k)+ ϕM (k))

JMeω (k)
Iout (k) · T

= A−B (22)

In which:

A =
(kT + kM sin (n · θM (k)+ ϕM (k)))

JMeω (k)
· Iout (k) · T (23)

and

B =
Ks (θM (k)− θL (k))+ bs (ωM (k)− ωL (k))

JMeω (k)
·

T +
cvωM (k)+ sign (ωM (k)) cf

JMeω (k)
· T (24)

Ignoring motor torque fluctuations, (23) can be simplified
to:

A =


kT (kp·eω(k)+ki·(eω(k)+eω(k−1))+IM (k−1))

JM eω(k)
· T , eω ≤ e0

kT (sgn(eω(k))c
√
eω(k))

JM eω(k)
· T , eω > e0

(25)

Commonly, we have θM (k) − θL (k) ≪ ε, ωM (k) −

ωL (k) << ε, ε → 0. Ignoring these two items, (24) can
be simplified to:

B =
cvωM (k)+ sign (ωM (k)) cf

JMeω (k)
· T (26)

According (25) and (26), we can find the appropriate
parameters c > 0, kp > 0 and ki > 0 to make A > B and
A < 2 + B, at this time 0 < ρ < 2, 1V (k) < 0 can be
satisfied. At the same time, it can be seen that the smaller the
sampling time T , the easier it is to meet this condition. Thus,
the error of speed closed-loop controller is asymptotically
convergent. From the above theoretical analysis, we can see
that the stability of the velocity closed-loop system can be
guaranteed.

2) THE STABILITY OF POSITION CLOSED-LOOP
CONTROLLER
When the speed closed-loop control is stable, with ωM →

ωref , we can assume ωM = ωref , so we can see from (10) :

ωref = ωmax tanh
(
kω
(
θref − θM

))
(27)

The Lyapunov function is designed as follows:

V (t) = ln
(
cosh

(
kω
(
θref − θM

)))
(28)
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Because cosh (x) =
ex+e−x

2 ≥ (ex)
1
2
(
e−x

) 1
2 = 1,

cosh
(
kω
(
θref − θM

))
≥ 1, we can get ∀θref ̸= θM , V (t) >

0, It can be obtained that:

V̇ (t)

= tanh
(
kω
(
θref − θM

))
· kω ·

(
−θ̇M

)
= −kω tanh

(
kω
(
θref − θM

))
· ωmax tanh

(
kω
(
θref − θM

))
= −kωωmax

(
tanh

(
kω
(
θref − θM

)))2 (29)

Because ωmax > 0, When kω > 0, V̇ (t) < 0.
So the stability of the position closed-loop system can be
guaranteed.

D. PARAMETER TUNING METHOD
The proposed algorithm only have 2 parameters: kω, ωmax.
ωmax do not need to be tuned, ωmax is the maximum velocity
of the system. How to adjust the parameter kω will be derived
below.

According (10), we know when the position error
eθ (k) ≤ e1, the speed will begin to decrease. In order to
ensure the smooth of the output speed under different position
error eθ (k), we have:

ωmax tanh (kωe1) = ωmax (30)

According (3) we have tanh (5) = 1, so the value of kω is
according to the e1.

kω =
5
e1

(31)

FIGURE 10. Uniform acceleration and deceleration.

As shown in Fig.10 we can derive e1 by the uniform
acceleration and deceleration method:

e1 ≈
ω2
max

2amax
(32)

In which amax is the maximum acceleration. So we have:

kω ≈
10amax

ωmax2
(33)

kω is adjusted according to the maximum acceleration and
maximum velocity. Therefore, we can calculate the value of
the tuning parameters through actual requirements and do
not need to identify the accurate model of the control object,
which is more convenient for engineers than IS-PI control.

TABLE 1. Position error comparision.

E. SIMULATION RESULTS
Due to the lack of integral separation in traditional PI
control, there is significant overshoot, which can cause
significant oscillations. In the simulation, Integral separation
proportional integral (IS-PI) controller and tanh controller
are tested respectively. Simulation model is shown in Fig.11.
In order to reduce the tracking error, combined with speed
feedforward. Since the maximum speed and current output
of the motor are limited, there is a saturation link behind each
IS-PI controller, which protects the motor and motor driver.
The controller is the controller to be compared, and the other
parts are exactly the same.

The common parameters of speed closed-loop(IS-PI1) are
the same: kp = 0.175, ki = 20, Imax = 10, c = 0. The
common parameters of current closed-loop(IS-PI2) are the
same: kp = 31.4159, ki = 1200, c = 0, these parameters
are determined by the motor’s inductance and resistance. The
IS-PI controller parameters of position closed-loop are kp =

100, ki = 0.01, ωmax = 250, c = 65, e0 = 0.05◦. The tanh
control parameters of position closed-loop are ωmax = 250,
kω = 1.05. The coulomb friction coefficient is cf = 0.05 and
the viscous friction coefficient is cv = 0.05. The sampling
time is T = 0.0001s.

1) A COMPARISON OF STEP SIGNAL TRACKING SIMULATION
The step response is shown in Fig.12.

From Fig.12, we can see that settling time and overshoot of
tanh controller is smaller than IS-PI controller. What’s more,
steady-state error of the tanh controller is 0.58′′, while for the
IS-PI controller is 0.99′′.

2) A COMPARISON OF SINE SIGNAL TRACKING SIMULATION
The tracking errors of different sine signals are shown in
Fig. 13, Fig. 14, Fig. 15 and table 1.
When reference signal is 2◦ sin(0.5t), the maximum speed

of tracking signal is 1◦/s, the results are shown in Fig.13,
and table 1. When reference signal is 2◦ sin(t), the maximum
speed of tracking signal is 2◦/s, the results are shown in
Fig.14, and table 1. When reference signal is 5◦ sin(t), the
maximum speed of tracking signal is 5◦/s, the results are
shown in Fig.15, and table 1.From Fig. 13, Fig. 14, Fig. 15
and table 1, we can see that the tracking error RMS value and
PV value of tanh control algorithm are smaller than those of
IS-PI control algorithm.
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FIGURE 11. Block diagram of Simulation.

FIGURE 12. Step signal tracking simulation results.

FIGURE 13. Sine signal 2◦ sin(0.5t) tracking simulation results.

From the simulation results, it can be seen that the method
proposed in this paper effectively reduces the peaks in the
position errors. Compared with IS-PI controller, the tracking
error PV (peak-to-peak) value is reduced by nearly 53.5%.

IV. EXPERIMENTS
A. EXPERIMENT AND PARAMETERS SETUP
The experimental setup is shown in Fig.16. The isolated
power and control unit are installed inside the box on the

FIGURE 14. Sine signal 2◦ sin(t) tracking simulation results.

FIGURE 15. Sine signal 5◦ sin(t) tracking simulation results.

telescopemount. The control unit is a DSP TMS320F28379D
based board, which completes the encoder data acquisition,
position loop, speed loop and current loop calculation. The
operation frequency of speed and position loop is 1kHz, and
the current loop is 16kHz. The current loop adopts the field
oriented control (FOC) algorithm based on IS-PI controller,
and the bandwidth of the current closed-loop is 800Hz. A high
precision position sensor is installed at ends of the Z axis,
and the resolution is 32 bits. The data recorded by the host
computer and the recording frequency of is 100Hz. The
parameters of the system are shown in table 2.
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FIGURE 16. Experiment setup.

TABLE 2. Known parameters of the system.

FIGURE 17. Block diagram of the IS-PI control.

In the experiment, Integral separation proportional integral
(IS-PI) controller and Tanh controller are tested respectively.
The block diagrams of the IS-PI and Tanh controller are
shown in Fig.17 and Fig.18. In order to reduce the tracking
error, speed feedforward is added. The parameters of IS-PI
are kp = 110, ki = 0.001, c = 60.45, e0 = 0.05◦. The
parameters of IS-PI2 are kp = 0.175, ki = 0.05, c = 0, and
other parameters are ωmax = 110, Imax = 4A, τ = 0.000796.
The parameters of tanh are ωmax = 110, kω = 1.

B. EXPERIMENT RESULTS
1) A COMPARISON OF SINUSOIDAL SIGNAL TRACKING TEST
In this experiment, the reference signal is θref = 5◦

+

5◦ sin (π t), the maximum speed of tracking signal is 15.7◦/s,

FIGURE 18. Block diagram of the Tanh control.

FIGURE 19. Sine signal θref = 5◦ + 5◦ sin
(
πt

)
tracking test.

FIGURE 20. Sine signal θref = 5◦ + 5◦ sin
(
2πt

)
tracking test.

the results are shown in Fig.19 and table 3. The reference
signal is θref = 5◦

+ 5◦ sin (2π t), the maximum speed of
tracking signal is 31.4◦/s, the results are shown in Fig. 20
and table 3.

From the sinusoidal signal tracking results, it can be seen
that the proposed method in this paper effectively reduces the
tracking error RMS (root mean square) value compared with
the IS-PI controller, and the tracking error PV (peak-to-peak)
value is greatly reduced. The position errors have a sinusoidal
shape. That’s because the closed-loop bandwidth of the
control system cannot be very high, and there are steady-state
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TABLE 3. Position error comparision.

FIGURE 21. Step signal 0◦to5◦ tracking test.

FIGURE 22. Step signal 5◦to0◦ tracking test.

errors when tracking a relatively higher frequency signal. The
peaks in the position errors are caused by the change direction
of the friction torque. When tracking reference signal is
θref = 5◦

+ 5◦ sin (π t), compared to IS-PI controllers, the
tracking error RMS value is reduced by 53% and the PV
value is reduced by 50%. When tracking reference signal is
θref = 5◦

+ 5◦ sin (2π t), compared to IS-PI controllers, the
tracking error RMS value is reduced by 56% and the PV value
is reduced by 51%.

2) A COMPARISON OF STEP SIGNAL TRACKING TEST
Step signal tracking results are shown in Fig. 21, Fig. 22,
Fig. 23, Fig. 24, and table 4.

FIGURE 23. Step signal 5◦to10◦ tracking test.

FIGURE 24. Step signal 10◦to5◦ tracking test.

TABLE 4. Position error comparision.

We can see that the tanh controller has smaller steady-state
error, and faster response performance than IS-PI controller.It
can be concluded that, by using the tanh controller, when
tracking the step signal, the steady-state error is reduced
by 12%.

3) A COMPARISON OF STEP SIGNAL TRACKING TEST WITH
DISTURBANCE
The brake is used to act as external step disturbance, we add
disturbance torque by controlling the brake, the test results
are shown in Fig.25.

From the experiment results, we can see that the tanh
method has the smaller tracking error compared with
IS-PI method. Compared to the IS-PI method, the Tanh
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FIGURE 25. Step signal 0◦to10◦ tracking test with disturbance.

TABLE 5. Turning parameters number of two method.

method has higher positioning accuracy, which is beneficial
for improving the pointing accuracy of optical telescopes.

In addition, as shown in Table 5, the Tanh method only
needs to adjust one parameter, which is easier to turning
parameters than the IS-PI method.

V. CONCLUSION
This paper proposed a tanh algorithm to improve the control
performance in the third mirror Z axis for a large optical
telescope. Different from the traditional three closed-loop
IS-PI control methods, a tanh algorithm is used in the position
loop. The simulation and experiment results show that the
proposed algorithm can improve both tracking accuracy and
response performance. Compared to IS-PI controllers, Tanh
controllers have a faster response and smaller steady-state
error when tracking step signals. At the same time, the
Tanh controller effectively reduces PV error value and RMS
error value when tracking sinusoidal signals. There is only
one parameter need to be turned in this method, and the
parameter has clear physical significance, which can be
calculated according to the control requirements, which
is more convenient for use in engineering. In the further
study, tanh control method can be extended to speed loop
and current loop, a disturbance observer can be added to
compensate for the disturbance caused by friction.
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