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ABSTRACT This article presents the generalized optimal design procedure and MATLAB app for rotation
magnetized direction (RMD) permanent magnet thrust bearing for maximum characteristics based on air gap,
outer diameter, and length of a bearing concerning the available space for replacing conventional bearings
in industrial applications. To begin with, MATLAB codes for solving the three-dimensional (3D) equations
of force and stiffness are developed. Then, the curve fit correlations are established to obtain the optimized
design parameters for maximum bearing characteristics. The optimization process is further extended for
different aspect ratios and airgap values of the bearing using the curve fit equations of design variables. The
proposed pragmatic and generalized optimization procedure is demonstrated using the application examples.
Finally, to overcome the process of solving the complex design equations and usage of optimizationmethods,
Industry ready MATLAB app is developed for designing and optimizing the RMD thrust bearing based on
only three general parameters (g, D4, and L). The usage of the proposed computational framework in the
industry is demonstrated by discussing the case study from the literature.

INDEX TERMS Curve fitting, MATLAB app, optimization, rotation magnetized direction, thrust bearing.

ABBREVIATION
AMB Active magnetic bearing.
3D Three-dimensional.
a Number of stator rings.
Br Magnetic flux density.
c Discrete elements on the faces of the

magnet rings.
D1 Inside diameter of the rotor ring.
D2 Outside diameter of the rotor ring .

The associate editor coordinating the review of this manuscript and

approving it for publication was Su Yan .

D3 Inside diameter of the stator ring .
D4 Outside diameter of the stator ring .
e Number of rotor rings .
f Polarized faces of the stator.
FEA Finite element analysis.
Fzmax Maximum axial force.
g Air gap.
h The axial thickness of rings .
j Number of surface elements on the

faces of the rotor.
Kzmax Maximum axial stiffness.
y Polarized faces of the rotor .
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I. INTRODUCTION
Non-contact bearings are well suited for supporting the
rotating objects in high-speed machinery. Conventional bear-
ings could serve the purpose, but they require lubrica-
tion, maintenance, and are prone to wear and tear. Hence
with electromagnetic forces, rotating objects can be sup-
ported without any mechanical contact because they are
friction-free, and can operate at much higher speeds than
conventional bearings [1]. Electromagnetic forces can be
generated with help of permanent magnets or electromag-
nets. A permanent magnet bearing (PMB) uses permanent
magnets to support the rotor with the help of attractive and
repulsive forces exerted by magnets fitted to the rotor and
stator. An active magnetic bearing (AMB) requires input
energy, sensors, and electrical and electronic components,
while a PMB doesn’t. Due to their attractive features, PMB
have been used to support low [2], [3], and high-speed
[4], [5], [6], [7] applications. Despite their attractive features,
PMB suffers from instability and poor damping [8].With help
of AMB [9] or superconducting bearings [10], or mechan-
ical bearings [11] the stability of the rotor supported by
PMB could be improved. Whereas the damping can be
enhanced either with a viscoelastic damper [12] or eddy cur-
rent dampers [13], [14]. Mathematical equations were devel-
oped to ascertain force and stiffness for single [15], [16], [17]
and multi-ring radial [18], [19], [20], [21], [22] and thrust
PMB [23], [24], [25], [26]. Optimization of PMB for
their geometrical characteristics is necessary to obtain bear-
ing characteristics as comparable to conventional bearings.
In [27] and [28], a single objective function was utilized to
optimize monolithic PMB in a particular volume for maxi-
mum characteristics. In stack-structured permanent magnet
(PM) bearings where rings can be axially/radially or perpen-
dicularly polarized, authors in [29] and [30] performed opti-
mization within a particular cylindrical volume. Generalized
plots for optimized parameters were provided concerning
the outer diameter of the bearing. In our earlier research
efforts, a generalized optimum design methodology [31] for
axially magnetized multi-ring PM radial and thrust bearings
was presented by utilizing 3D mathematical equations of
force and stiffness. In addition, a handy MATLAB compu-
tational framework [32] suitable for design and optimization
based on three parameters (g, D4, and L) concerning control
volume was presented. Designers could directly use the pre-
sented framework in the industry for obtaining the optimal
design variables formaximumbearing characteristics without
solving complicated 3D equations and using optimization
techniques.

As it was shown in the literature [30] the RMD config-
uration is much superior to the conventional one in terms
of force and stiffness. Optimization of the RMD configu-
ration is carried out concerning to aspect ratio (L/D4) as
shown in Fig. 1. The parameters (n, D1, D2 and D4) are
optimized for maximum bearing characteristics. After opti-
mization, the designer has to solve complicated equations of
bearing features for its usage in the industry. To overcome

this, a pragmatic optimization, and the generalization of
the same with respect to any aspect ratio is presented in
this paper. In addition, A MATLAB app suitable for the
design and optimization of RMD thrust-bearing configura-
tion for any aspect ratio and magnetic flux density (Br) is
presented.

II. ROTATION MAGNETIZED DIRECTION THRUST
BEARING CONFIGURATION
The force as well as stiffness generated by the single-ring
PMB, are very less as compared to the conventional bear-
ing [8]. This problem can be solved by incorporating multiple
rings into the stator and rotor to form a stacked structure
where rings are magnetized either in the axial or radial
direction. It can be further improved by employing an RMD
structure where rings are magnetized axially and radially and
are arranged in opposition.

Rotation magnetized direction PM thrust bearing config-
uration is shown in Fig. 1. The inner rings are attached to
the rotor, while the outer one to the stator. The rotor will
be levitated as a result of the repulsive and attractive forces
between the magnet’s faces.

FIGURE 1. RMD thrust bearing configuration employed for optimization.

III. SEMI-ANALYTICAL MODEL
Rotation magnetized direction thrust-bearing properties are
evaluated based on a mathematical model presented in this
section. In RMD thrust bearings, the stator rings exert a net
force on rotor rings due to the interaction between (i) Axially-
Axially (ii) Radially-Radially, and (iii) Axially-Radially or
Radially-Axially polarized magnet rings. The Fig. 2 depicts
the magnetic interaction that occurs between the faces of
ring magnets. Based on the Cartesian coordinate system, the
eth ring is mounted on the rotor, which can move freely
relative to the ath ring mounted on the stator. 1, 2, 3, and 4
are the charged surfaces of magnet rings. Based on the inter-
actions between all faces of stator-rotor rings, the net axial
force acting on the rotor rings is given by equation (1) by
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FIGURE 2. Interactions between axially and radially polarized magnet
rings [26].

Bekinal et al. [26].

Fz =
B2r
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Number of discrete elements on the faces of the magnet
rings is c. The surface area (SA) of r th element positioned on
yth surface of the eth rotor magnet is denoted as Srye and Sjfa
denotes the SA of the jth element positioned on the f th surface
of the ath stator magnet. Where,
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√(
Xjfa − Xrye

)2
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)2
and

R(rye)(jfa) =
(
Xjfa − Xrye

)
i+

(
Yjfa − Yrye

)
j +

(
Zjfa − Zrye

)
k

The position coordinates of the elements of the faces are given
below.

If e and a are of odd values

Xrye = (x + rmr cosβ) i

Yrye = (y+ rmr sinβ) j

Zrye = (z+(e−1)l) k

Xjfa = (rms cosα) i

Yjfa = (rms cosα) j

Zjfa = (al) k (2)

If e and a are of even values

Xrye = (x + R2 cosβ) i

Yrye = (y+ R2 sinβ) j

Zrye = (z+ lm) k

Xjfa = (R4 cosα) i

Yjfa = (R4 sinα) j

Zjfa = (lm) k

lm = l (h− 1) + (j− 1)
1
N1

+
1

2N1
(3)

where h is either e or a and e and a= 1, 2, 3,. . . n, The surfaces
of the polarized rings are divided into N1 number of elements
and j=1, 2,3,. . .N1.

FIGURE 3. Flow charts depicting the optimization process (a) optimization
of the number of rings for maximum force (b) optimization of D1 for
maximum stiffness (c) optimization of D3 for maximum force.

The following criteria are used to evaluate the value of b in
equation (1).

If e is even or odd and (e+a) is even,

b =

(
(e+ a)

2
− e

)
(4)

84348 VOLUME 11, 2023



SUPREETH D. K. et al.: Analysis of RMD Permanent Magnet Thrust Bearing

TABLE 1. Curve fit equations of RMD thrust bearing for Fzmax .

If e is even and (e+a) is odd

b =

(
(e+ a+ 1)

2
− e

)
(5)

If e is odd and (e+a) is odd

b =

(
(e+ a− 1)

2
− e

)
(6)

The axial stiffness produced in the RMD thrust bearing is
given by Bekinal et al [26].

KZ = −
dF z
dZ

(7)

By using MATLAB, the maximum force as well as stiff-
ness, are determined by employing the equations (1)-(7).

IV. OPTIMIZATION OF RMD THRUST BEARING
By optimizing the design parameters, the bearing features
of the RMD thrust bearing can be maximized. For a given
bearing volume, the important bearing characteristics were
optimized. The optimization variables are D1, D2, D3, and n,
and the flowchart below (Fig. 3) illustrates the methodology
used.

Based on the analysis results presented in [30] and [31],
D1, D2, D3, and n were taken as the parameters which affect
the force and stiffness of a RMD thrust bearing for a given
D4, L and g values. Hence these variables were taken for the
optimization process.

Optimization details of variables and relationships between
optimum design variables (nopt , D1opt , D2opt, and D3opt )
and the ratio (g/D4) were presented in [33]. In addition,
curve fit equations (shown in Table 1 and Table 2) expressing
relationships were also presented.

These curve fit equations have been utilized to ascertain
the optimized parameters for the bearing having dimensions,
D4 = 70 mm, g = 2 mm, and L = 70 mm, the corresponding
optimized dimensions for RMD thrust bearing for Fzmax and
K zmax are given in Table 3.

TABLE 2. Curve fit equations of RMD thrust bearing for Kzmax .

TABLE 3. Optimized dimensions of RMD thrust bearing.

Themaximum axial force calculated from the optimization
is validated using ANSYS. The magnet rings considered for
analysis are N35 grade with Br = 1.2 T, relative permeability
µr = 1.1, and coercive force Hc = 868 kA/m. Modeling
of the thrust bearing is based on a Solid97 elements with
dimensions calculated using equations given in Table 1. The
rings are axially and radially magnetized and are arranged in
opposition (Fig. 4 (a)). In Fig. 4(b), flux lines generated in
thrust bearing are shown. The magnetic virtual displacement
method is used to ascertain the maximum force (Fig. 4(c)) in
the RMD thrust bearing. The maximum axial force generated
is 5191.3 N for an axial offset of 5.5 mm which is in good
agreement with force value of an optimized configuration.

V. OPTIMIZATION OF RMD CONFIGURATION
CONCERNING DIFFERENT ASPECT RATIOS
The optimum design methodology for RMD thrust bear-
ing for different aspect ratios has been presented in this
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FIGURE 4. FEA results, (a) modeling of the stator as well as rotor rings,
(b) flux lines generated in both rotor and stator, (c) Maximal axial force
developed at an offset of z = 5.5 mm.

section. Table 4 shows the selected dimensions of the RMD
thrust bearing with different air gaps and lengths so that
the aspect ratio is varied from 0.25 to 1.5 in steps of 0.25.
With the selected configuration, the optimal design param-
eters (Tables 5 and 6) are determined using corresponding

TABLE 4. Thrust bearing dimensions.

curve-fit equations provided in Tables 1 and 2. The maximum
force and stiffness are evaluated by using equations (1) - (7)
for the optimized parameters concerning different aspect
ratios considering optimum number of rings as well as only
one ring in the control volume defining each aspect ratio.
Then, the relationship between the ratios ( (Fzmax

/
Fzmaxs)

and (L/D4)), ( (K zmax
/
K zmaxs) and (L/D4)) is established for

different (g/D4) values and corresponding curve fit equations
are shown in Figs. 5 and 6.

VI. APPLICATION EXAMPLE
In this section, the optimum design methodology for RMD
thrust bearing is demonstrated with the help of an example.
The steps involved in the selection and optimizing the bearing
are given below.

1. For the optimization process, the specific values of
L/D4 and g/D4 should be chosen.

84350 VOLUME 11, 2023



SUPREETH D. K. et al.: Analysis of RMD Permanent Magnet Thrust Bearing

TABLE 5. Optimized design parameters and the ratio of Fzmax
/

Fzmaxsfor differentg
/

D4andL
/

D4values.

2. Based on the values D4 and L concerning the applica-
tion, g is calculated.

3. Curve fit correlations are used to calculate opti-
mal design parameters and the ratios Fzmax

/
Fzmaxs,

Kzmax
/
Kzmaxs (Refer to Tables 1 and 2 as well as

Figures 4 and 5.).
4. Force and stiffness produced for a single-ring con-

figuration Fzmaxs and Kzmaxs are calculated using
equations (1) and (7).

5. Finally, Fzmax and Kzmax are calculated using the ratios
calculated in step 3.

A. CASE STUDY 1
Rotation magnetized direction thrust bearing is designed and
optimized for g

/
D4 = 0.025 and L

/
D4 = 0.5 for maxi-

mum axial force and stiffness. Utilizing the steps outlined in
this section and by assuming g=2 mm, the optimal design
parameters as well as force and stiffness are determined.
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TABLE 6. Optimized design parameters and the ratio of Kzmax
/

Kzmaxs for different g
/

D4andL
/

D4 values.

The calculated values for maximum axial force, as well as
stiffness and the corresponding optimized design variables,
are given in Tables 7 and 8. Apart from using the proposed
optimization method, the values of the maximum force and
stiffness are also calculated using the mathematical model
and results are provided in Tables 7 and 8. The results
obtained from optimization are in close agreement with the
values calculated using the mathematical model. The devia-
tion of 0.046% and 1.12% are observed in force and stiffness

values with respect to mathematical model results. In addi-
tion, the maximum axial force is calculated by modeling the
optimized configuration in ANSYS (Fig. 7) and the deviation
of 6.29% is observed in the axial force value with respect to
the results of the optimization.

B. CASE STUDY 2 (PROTOTYPE MODEL)
In our previous research efforts, we designed and developed
an RMD thrust bearing, which was subsequently presented
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FIGURE 5. Relationship between Fzmax/Fzmaxs and L/D4 for RMD thrust bearing with curve fit equations with g/D4 equals
to (a) 0.00625, (b) 0.0125 (c) 0.01875 (d) 0.025 (e) 0.03125 (f) 0.0375 (g) 0.0438 (h) 0.05.

in [24]. The force and stiffness generated by the configured
prototype were initially calculated using MATLAB code.

To ensure the accuracy and reliability of these calculations,
further verification was conducted using ANSYS simulations
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FIGURE 6. Relationship between Kzmax/Kzmaxs and L/D4 for RMD thrust bearing with curve fit equations for g/D4 equals to (a) 0.00625
(b) 0.0125 (c)0.01875 (d) 0.025 (e) 0.03125 (f) 0.0375 (g) 0.0438 (h) 0.05.
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TABLE 7. Results using the proposed optimization and mathematical
model for Fzmax .

and experimental testing. Illustration of the test rig is shown
in Fig. 8. The dimensions of the developed configuration,
as well as the corresponding force and stiffness values, are
provided in Table 9.

Using the proposed optimization procedure, the developed
RMD thrust bearing is optimized in a control volume pertain-
ing to D4 = 68 mm and L = 15 mm and results are presented
in Table 10. The results of the optimization are validated with
mathematical model and FEA results (Fig. 9) The maximum
axial force measured in the first prototype was 271.2 N. The
maximum axial force increased to 325 N after implementing
the proposed optimization procedure. Thus, in the optimized
configuration the axial force generated is 19.92% higher than
the original prototype. The value of the axial force for the
optimized configuration obtained in ANSYS is 322.39 N
which is very close to an optimized value of 325 N calculated
using the proposed optimization method.

VII. MATLAB APP FOR DESIGN AND OPTIMIZATION
The proposed application is created in app Designer by con-
sidering two windows: procedure and RMD thrust bearing
optimization. In the initial window (Fig. 10), a description of
managing the framework used for the design, and optimiza-
tion is provided.

In the second window, users can optimize the RMD thrust
bearing by selecting various tabs such as input, g/D4, force

TABLE 8. Results using the proposed optimization and mathematical
model for Kzmax .

TABLE 9. The dimensions of RMD thrust bearing and characteristics.

calculation, and optimized results. An illustration of the RMD
thrust bearing configuration is also provided for the user’s
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TABLE 10. Results of prototype using the proposed optimization
procedure.

FIGURE 7. FEA results of the proposed optimization procedure.

reference in Fig. 11. Four edit fields are available on the input
tab: g, D4, L, and Br.
The Fig. 11 shows how different values of L and D4 can be

inputted into their respective fields, while different magnetic
flux density (Br) values can be used. The users can enter their
required L, D4 and Br values as per their requirements. The
flowchart in Fig. 12 depicts the steps to be taken when using
the MATLAB app.

In the proposed work, the optimization process is gen-
eralized by establishing the relationship between optimized
parameters and air gap with respect to outer diameter. This
generalization is with respect to geometrical aspects and it
suits to permanent magnet with any magnetic flux density

FIGURE 8. Description of the test rig used to measure axial force:(a) An
illustrated representation is provided, showcasing the configuration of
rings placed on the inner ring holder, also known as the rotor. (b) The
positioning of the rings on the outer ring holder, referred to as the stator,
is described. (c) A test rig is depicted, featuring both a load cell and a dial
gauge, which are integral components used for measuring the axial force.

FIGURE 9. Modeling of rings in ANSYS along with value of Fzmax.

FIGURE 10. Initial procedure window of MATLAB app.

(Br) value. In addition, optimization is extended to differ-
ent aspect ratios of the RMD configuration and the final
maximized force and stiffness values of the optimized con-
figuration are calculated by utilizing (running) the MATLAB
code written for a single ring configuration in the selected
control volume at the back end of the app.

The designer/user will be providing flux density value in
the initial window of MATLAB app depending upon the
selected magnet grade and thereafter all calculations will
be carried out with respect to chosen magnetic flux density
value.
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FIGURE 11. The second window of the MATLAB app for design and
optimization.

FIGURE 12. Flowchart depicting steps to be followed in MATLAB app.

VIII. RESULTS AND DISCUSSIONS
This section provides the usage of the MATLAB app devel-
oped to design and optimize RMD thrust PMB for different
aspect ratios and any remanence values of the magnets.

FIGURE 13. Optimized result for RMD thrust bearing for Fzmax .

FIGURE 14. Optimized result for RMD thrust bearing for Kzmax .

A. EXAMPLE
For designing an optimized RMD thrust bearing for max-
imum force as well as stiffness, only D4 = 0.04 m, L =

0.02 m, g
/
D4 = 0.0025, and Br = 1.2 T are chosen. By run-

ning the app, the optimized values of the design variables
and maximized axial force for an RMD thrust bearing are
shown in Fig. 13. The results obtained using app are in
consistent with results presented in [30], and the deviation in
the maximum axial forces is 4.79%. The maximum stiffness
obtained for RMD thrust configuration is shown in Fig. 14.
The value of maximum stiffness (5.88 × 105 N/m) obtained
in [30] is in close agreement with value obtained using app
(5.39 × 105N/m).

IX. CONCLUSION
In this paper, a complete generalized optimum design
methodology and a computational framework (for selecting
the optimum design parameters with maximized character-
istics in a particular volume of the bearing) for RMD thrust
bearing are presented. Based on the present work, the follow-
ing conclusions are drawn:

• With the help of the proposed generalized optimization
procedure, the optimal design parameters and corre-
sponding maximized force and stiffness values of the
RMD thrust bearing in a particular volume could be
determined just by calculating the force and stiffness
values of a monolithic bearing in that volume.
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• Results of the proposed optimization procedure were
validated using the results obtained by solving compli-
cated 3D equations of force and stiffness for RMD thrust
bearing. A deviation of 0.046% for maximum force and
1.12% for maximum stiffness was observed.

• To overcome the burden of calculating bearing features
for a monolithic bearing using complicated equations in
the proposed optimization method, a MATLAB compu-
tational framework was developed.

• A MATLAB app could be easily used to calculate opti-
mal design parameters along with maximum bearing
features in a particular volume just by providing values
of L, D4, Br, and g.

• Results obtained using theMATLAB app were validated
by selecting the case study of RMD thrust bearing from
the literature.

• The proposed generalized optimization procedure and
MATLAB app are best suited for an industrial use for
any aspect ratio (L/D4) and magnetic flux density (Br)
values.
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