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ABSTRACT Owing to the immense climate changes recently, the city of Hamburg has decided to allow
the purchase of only emission-free buses for public transportation. Meanwhile, Hamburg focuses on the
implementation of electric buses. For this purpose, the two public transportation companies in Hamburg
which are the Hamburger Hochbahn AG (HOCHBAHN), and the Verkehrsbetriebe Hamburg-Holstein
GmbH (VHH) decided to build new charging infrastructure for electric bus depots. In addition, they started
by electrifying their existing stations. This study proposes an optimal method for electrifying bus depots
by modularizing the subsystems in electrical power systems. An approach that allows the study of different
configurations of power system components. Analyzing these configurations results in the conclusion of
the most technically feasible configuration, achieving the lowest cost. Furthermore, the model objectives
include reducing the required area, which is a challenging criterion for bus depots in many cities. Mixed-
Integer Quadratic Programming (MIQP) is used to generate this combination based on predefined constraints
that must satisfy all implemented constraints of the system.

INDEX TERMS Power system optimization, modularization of system components, electric bus depots,
mixed-integer quadratic programming (MIQP).

NOMENCLATURE
CB The cost, which is created from blocked

buses.
CCable Sum of costs of cable components.
CcHV Sum of costs of all selected HV network

cables.
CcTyp Sum of costs of all selected charger cables

for buses.
CTHV Sum of costs of all selected HV network

transformers.
CTotal Sum of costs of grid components.
CTransformer Sum of costs of all transformer components.
CTyp Sum of costs of all selected bus transformers

for buses.
CPCij Set of all considered cable prices following

the line i -j.

The associate editor coordinating the review of this manuscript and

approving it for publication was N. Prabaharan .

CPTi′ Set of all considered transformer prices at
node i′.

hj Charging task at time instance j.
Hmax Maximum number of buses charging at the

same time.
H (t) Power consumption as a function in time (t).
ICij Set of all considered cable nominal ampac-

ities of the chosen cables following the line
i− j.

LD Constant, which represents the length of the
planned depot in meters which is defined by
the user at the beginning of the simulation.

LF Constant, which represents the length of
the free area that is planned to allow buses
to leave the parking slot (space between
carports).

LTCC Integer variable, which represents the total
length of cables for lengths of carports.
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LTSC Integer variable, which represents the total
length of series carports of both bus types.

LTyp Constant, which represents the length of a bus
according to its type in meters.

LTypC Integer variable, which represents the length
of planned carport for buses.

LTypCC Integer variable, which represents the total
length of cables required for buses.

LTypF Integer variable, which represents the total
planned free area length for buses in meters.

LTypT Integer variable, which represents the total
lengths of buses in meters according to their
configuration.

LTypTC Integer variable, which represents total length
of carports.

N cCH
ij Integer variable describing how many

1 m-cables from each type following the line
i− j are selected for the chargers.

NCH Integer variable, which represents the total
number of chargers in the bus depot.

N cHV
ij Integer variable describing how many

1 m-cables from each type following the line
i− j are selected for the high voltage network
side.

N cTyp
i Integer variable, deciding on the number of

1 m-cables to be used for the buses-network.
NFL Integer variable, which represents the num-

ber of free area lengths (considering the area
length as a variable to be optimized).

NFW Integer variable, which represents the num-
ber of free area widths (considering the area
width as a variable to be optimized).

NLimit Constant, which can be predefined to vary the
limitation in number of buses.

N sTHV
i′ Integer variable describing the total number

selected from each type of transformer in the
point of connection of the bus depot with the
grid.

N sTyp
i′ Integer variable representing the total number

of transformers for buses at node i′.
NTVTyp Integer variable, which represents the

selected number of transformers for each
type of bus.

NTyp Integer variable, which represents the total
number of buses needed to serve all the routes
of each type.

NTypper C Integer variable, which represents the number
of buses per carport.

NTypC Integer variable, which represents the number
of carports.

NTypCP Integer variable, which represents the number
of parallel carports for buses.

NTypCS Integer variable, which represents the number
of series carports for articulated buses.

NTypP Integer variable, which represents the num-
ber of buses parking parallel to each other in
a carport.

NTypS Integer variable, which represents the num-
ber of buses parking in series in a carport.

PCh Charging power of the buses per charger.
PN Peak power at the point of connection with

the grid.
PTi′ Set of all transformer power from the data

base to be placed at node i′.
PTHV Continuous variable, which represents

power consumption per transformer of the
high voltage network.

PTyp Continuous variable, which represents
power consumption per transformer of the
carports.

PTypC Continuous variable, which represents
power consumption per carport.

PF Power factor, which is defined as the ratio of
working power to apparent power.

TC Set of all considered cables.
TP Set of all considered transformers.
T Set of simulated time of 24 hours.
UF Utilization factor in the bus depot, which

ranges between 0 (no buses are charging at
the same time) to 1 (all buses are charging
the same time).

V c
ij Set of the cable nominal voltages.
VLV Low voltage at the charger which is pre-

defined to be 0.4 kV (in case of having a
medium voltage at the grid connection point
of 10 kV or 20 kV, the V s

i′ = VLV = 0.4 kV).
V p
i′ Set of possible primary voltage of the trans-

former at the grid point of connection (i′).
It is determined based on the Vp,grid.

Vp,grid Chosen high level voltage for the electrical
network which is either 110 kV, 20 kV, or
10 kV depending on the peak power con-
sumption of the depot.

V s
i′ Set of possible secondary voltage of the

transformer at the grid point of connection
(i′). It is also determined based on the cost.

VSHV Integer variable representing the calculated
secondary voltage of the transformer at the
grid point of connection.

WD Constant, which represents the width of the
planned depot in meters which is defined by
the user at the beginning of the simulation.

WF Constant, which represents the width of the
free area which is planned to allow buses
to leave the parking slot (space between
carports).

WTCC Integer variable, which represents the total
length of cables for widths of carports.
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WTPC Integer variable, which represents the total
width of parallel carports of both bus types.

WTyp Constant, which represents the width of a
bus in meters.

θcCHij Binary variable deciding on the types of
cables from the set TC to be used for the
chargers.

θcHVij Binary variable deciding on the types of
cables from the set TC used on the high
voltage side following the line i -j.

θ
cTyp
ij Binary variable deciding on the types of

cables to be used for the buses-network.
θ sTHVi′ Binary variable deciding on the type of

transformer from the set TP is chosen to be
used for the HV-network or not.

θ
sTyp
i′ Binary variable deciding on the types of

transformers from the set TP to be used for
buses at node i′.

5 Set of calculated nodes for chargers.
ψ Set of calculated nodes for high voltage

level.
� Set of calculated nodes for buses.

I. INTRODUCTION
The importance of reducing the use of fossil fuels has recently
gained more attention worldwide. Recent extreme climate
changes have intensely emphasized this initiative. Involve-
ment of the transportation sector plays an important role
in this improvement [1]. Reducing the emissions from the
public transportation segment represents significant progress
towards a clean environment. One of the major challenges
facing the use of electric buses is the charging infrastructure.
This owes to the complexity of finding an optimum design
that satisfies both cost and technical aspects without affecting
the operation. However, it is easier to plan the electrification
of buses infrastructure in comparison with other transporta-
tion ways as the routes are predefined in advance. Several
studies have demonstrated the possibility of optimizing the
Total Cost of Ownership (TCO) of bus depots as a function
of the number of passengers [2]. Others consider optimization
based on scheduling algorithms with a focus on opportunity
charging and its difference from depot charging, but without
considering construction costs [3]. The authors of [4] stud-
ied the optimum number of chargers along the routes for
opportunity-charging models. Their target was to minimize
the total cost of ownership by optimizing the location of
chargers and the battery capacity per bus. In another prospec-
tive study, the authors of [5] analyzed the curtailment pos-
sibilities for a large-scale bus depot without affecting depot
operation. They targeted the downsizing of the system com-
ponents to reduce the infrastructure total costs. The authors
of [6] studied the electrification of public transportation net-
works. They considered both opportunity and depot charging.
Their research is based on categorizing depots into groups
with different battery capacities. They showed that depot

charging requires more buses to cover predefined routes.
In [7], the authors presented a planning tool for bus depots
that considered various technical and operational aspects.
This tool enables the study of parking, vehicle dispatching
and price-oriented charging. In [8], the authors assessed the
effect of charging buses in depots on a grid. In their study,
they considered the depot and opportunity charging. They
observed a 30% increase in peak power demand in winter.

In [9], the authors focused on concluding cost-optimal
feeding stations for a transportation network applied to an
opportunity-charging model. In general, showing the opti-
mum design of charging infrastructure motivates bus oper-
ators to electrify their depots. Subsequently, this decreases
the impact of integrating electric vehicles into the distribution
network [10]. The authors in [11] developed a MILP model,
that can be used to optimize the design of electric mobility
services for a Local Energy Community (LEC). Their focus
was to combine microgrid with Photovoltaic (PV) plants and
storage systems with the demand of electric shuttles and shar-
ing vehicles. As a result, they concluded the optimum number
of vehicles and charging stations associated with PV and stor-
age systems considering their costs. Authors in [12] devel-
oped a placement approach for electric freight trucks, which
serve in a Multi-Depot Multi-product distribution system.
Their objective was to obtain the optimum location-routing
for the trucks with regarding the supply distribution to realize
theminimum system costs. In [13] aMILPmodel is presented
to design and operate a distributed energy system optimally.
Authors focused in their study on optimizing the heating,
cooling and electricity loads for an urban neighborhood.
In [14] a MILP model is developed to identify the energy
storage system potential for one bus depot combined with
three charging stations along the route. Their contributionwas
to design a battery storage system, that can mitigate the peak
demands to reduce the electricity bills. In [15] a case study
for solving an optimization problem of routing and charg-
ing electric vehicles is presented. The authors decomposed
the MIP problem into two linear programming problems.
In [16] a study of the optimal sizing and efficient routing for
an electric vehicle-on-demand system is conducted. Authors
developed a MILP model to satisfy the system requirements
at minimum investment. Their objective was to reduce the
total number of electric vehicles by scheduling a suitable
assignment for them. The authors in [17] developed a MILP
model for multistage planning of electric vehicle charging
stations. Their objective was to identify the optimum size,
location and installation time of system components. Further-
more, they planned the services of charging stations to cover
electric vehicles users geographically at the minimum costs.

The estimation of the load profile is the first step in design-
ing the charging infrastructure. Nevertheless, after determin-
ing the required capacity, the problem embraces optimizing
the components needed in the bus depot. Based on the total
profile, the transformer configurations could have been deter-
mined, only if all buses were placed in one carport. This
optimization problem involves the dependency of the design
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process on other factors, such as the arrangement of buses
and limited area. Additionally, two different types of buses
are considered, whichmeans having at least two carports (one
carport for each type) owing to their different geometries.

To solve this problem, this study proposes amulti-objective
optimization model that determines the most cost-optimum
design of the components of both the primary and secondary
distribution systems of a large-scale electric bus depot. The
optimization model uses the Mixed-Integer Quadratic Pro-
gramming (MIQP) to reach the optimum solution regarding
the predefined constraints. The selection of MIQP as a non-
linear method allows to consider nonlinear constraints. This
enables the mathematical formulation of various parameters,
that have nonlinear relations [18]. An electrical network con-
sists of primary and secondary network. The primary grid
is the network between the substation and distribution trans-
formers, whereas the secondary grid is the network between
the distribution transformers and loads. This optimization
methodology considers the network as a group of modules.
The selection of components is based on the objective of
satisfying the technical aspects regarding the optimum costs.
Modularization of the system facilitates standardization and
scalability of the proposed solution at optimum costs [19].

Several sensitivity analyses are performed to obtain a gen-
eral solution for this problem. The aim is to test the selection
criteria for a circuit under various conditions. The unique
contribution of this research is its ability to show the optimum
design of the bus depot to bus operators by considering
predefined routes, the types of available buses, and the area
of the depot. The model presents in this study can determine
the effect of varying the charging power on the requirements
of the charging infrastructure. The main contributions of this
paper are summarized as follows:

First, it proposes a multi-objective model for optimal plan-
ning the electric network of bus depots infrastructure.

Second, the proposed formulation ensures that the deter-
mined components are based on the optimal scheduling of
buses. This guarantees an optimal peak load of the depot
as well as minimum number of buses required to travel the
routes.

Third, this framework enables the consideration of area
limitations, which is an important constraint in large cities.
Accordingly, the area is divided into two variables, which
area the length and the width. By optimizing both variables,
the optimum total area is concluded. For that reason, the
geometry of the depot is considered as a rectangle.

Fourth, this framework considers the least number of com-
ponents in an electrical power system of a bus depot. Conse-
quently, this ensures planning the depot at minimum cost.

The problems addressed in this study are discussed in
section II. Section III describes the methodology used in this
study. The applied constraints are described in this section
as well. In Section IV, the results of applying the model to
a bus depot are presented, and the effects of implementing
sensitivity studies on the calculated area, components of the
electrical system, and configuration of the buses in the depot

FIGURE 1. A conventional single line diagram of the electric bus
depot [21].

are observed. Finally, a conclusion and brief overview of
future research are presented.

II. PROBLEM DEFINITION
The main problem addressed in this study is the identification
of the main variants that affect the electrification process
of buses. Before using any optimization in the design, the
status quo of the bus depot power system is presented as
shown in FIGURE 1. The complexity of the problem for the
proposed modules, is that they should result in the lowest
possible system cost along with the system compatibility to
the available area. The proposed solution divides the system
into modules, that can be optimized according to its specific
parameters. Consequently, each component in the system
can be optimized, which satisfies the main objective of the
algorithm to reduce the total cost.

The problem involves a group of continuous and binary
variables. Continuous variables determine the number of sys-
tem components, such as transformers, cables, and chargers.
The binary variables are the decision variables that select the
existence of each branch. This means, for example, whether
it is essential to have a high voltage network. The variables
are chosen to be content with predefined constraints to satisfy
the objective function of the problem. The design problem is
based on the successive construction of the system, in which
the model generates a new search tree at each step. At each
node, the model determines the optimal branch to consider its
connection to the subsequent node [20]. The Gurobi solver
is implemented to solve the entire tree by determining the
optimal answer to the original MIQP problem.
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III. METHODOLOGY
In comparison to other software tools for power system mod-
elling in [22], [23], and [24], the model introduced in this
study focuses on large-scale bus depots. Each class comprise
a group of variables and methods. In the main class, the
Graphical User Interface (GUI) is initialized to select the
targeted depot. Based on this selection, the input data are read
in the input class. With the help of sorting algorithms in the
charger and route classes, the class schedule shows which
bus shall travel each route. The load curve is calculated by
summing up the charging power of buses charging at the same
time. Afterward, all the data are fed into the optimization
class to determine the number of components and draw the
layout of the depot. In turn, the model includes calculating
the peak load, which depends on the planned routes, and
considers the area limitations. Subsequently, optimization
constraints and objectives are implemented. All constraints
are built depending on each component specific features. For
instance, the selection of transformers is dependent on their
power, voltage, price and foundation costs. Additionally, the
number of transformers depends on the number of carports,
as it is planned to supply each carport independently but in
a ring system. A detailed overview of the model is presented
in FIGURE 3. Mixed-Integer Programming (MIP) method is
used to determine the optimal design of the depot in this study.
In general, any MIP problem contains continuous variables
and at least one integer. In some cases, the objective function
does not include any quadratic term; hence, the problem
is defined as Mixed-Integer Linear Programming (MILP).
In other cases, only the constraints embrace quadratic terms.
Therefore, the problem is represented as a Mixed Integer
Quadratic Constrained Programming (MIQCP). In our case,
both the constraints and the objective function are quadratic;
thus, MIQP is implemented. The system is generally pre-
sented as a group of blocks, as illustrated in FIGURE 2.
This figure summarizes the design process by connecting the
structure of the higher-level information. The inputs of the
system are listed on the left-hand side. These are the planned
routes to be covered by the bus depot and the available areas
for building the depot infrastructure. These inputs undergo
theMIQPmethod by considering predefined constraints [25].
Eventually, the outputs of this progression are the essential
components of the system, including the parameters and the
minimum required number of each component. Finally, the
depot is drawn according to the optimal selected solution, and
the variables of the number and type of selected components
are shown. In the following subsections, all the constraints
and objectives of the model are explained.

A. CALCULATION OF PEAK LOAD
Routing is calculated according to the First-In, First-Out
(FIFO) principle. This implies that the first bus entering the
depot is charged to be ready to take the next route. The
routes of one day are imported into the model with details
of departure and arrival times, as shown in FIGURE 4. This

FIGURE 2. Block diagram of the modelling process starting from the
available inputs to the depot design.

Gantt-chart shows that buses always travel different routes
among the day, which in turn means different requirements
for the charging infrastructure. The route ID, distance in kilo-
meters, and type of bus needed are also included. Addition-
ally, load of preheating the cabins of buses in winter is added.
For this case, the worst-case scenario of having a temperature
of −15 ◦C is implemented. Furthermore, no intelligent load
management is applied. Accordingly, the charging schedule
is concluded based on the availability of buses and their
capability to travel the routes predefined [26]. Based on the
route scheduling, the number of buses per type is calculated.
According to constraints (1) and (2), the H (t) represents the
total height of power consumption of a complete day. sj is the
start of the charging period and lj is the charging period, such
that sj+ lj is the end of the charging process [27].

By implementing constraint (3), the peak load (PN) is
calculated by multiplying the maximum number of buses
charging simultaneously (Hmax) by the charging power of
one bus (PCh). Concurrently, the user is asked to enter the
dimensions of the depot. These values are then fed in the
form of constraints along with a database to the MIQP. This
database contains various types of transformers and cables.

H (t) =

∑
j:t∈[sj,sj+lj]

hj (1)

Hmax
= max

t∈[0,T]
H (t) (2)

PN = PCh · Hmax (3)

B. CONSTRAINTS ON THE AREA
To manage the available area, the optimization model calcu-
lates the possible number of rigid and articulated buses in
both series and parallel arrangements. Simultaneously, free
areas are integrated into the constraints. These free areas are
significant for buses to be able to park in and out of their
parking spaces. Area constraints are defined to include the
number of free areas as a variable.

Constraints connect the variables of the number of carports
to the variables of the number of free areas in a depot, so that
each carport can be surrounded by free areas. Constraints (4)
and (5) determine the geometric constraints on the width and
length of the bus depot, which assumed to be a rectangular
area as of the standard [28]. Generally, length constraints are
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FIGURE 3. UML class diagram demonstrating the fundamental structure of the software framework which is programmed in the
Python language used for building the optimization model.
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FIGURE 4. Representation of all the considered 287 routes of a bus depot
for one day according to their departure and arrival times.

based on the fact, that the total length of the bus depot limits
the number of buses that can be parked in series (behind each
other). Concurrently, the total width of the depot limits the
number of buses that can be parked in parallel (adjacent to
each other). In constraint (6), the total area planned by the
algorithm is limited to an area predefined by the user.

NTypP ·WTyp · NTypCP + NTypCP ·WF ≤ WD (4)

NTypS · LTyp · NTypCS + NTypCS · LF ≤ LD (5)

NTyp · LTyp ·WTyp + NTypC · LF ·WF ≤ WD · LD (6)

The free area here (LF · WF) is the area between carports,
which is previously explained. In constraint (7), the number
of free areas is defined along with the length of the possible
series carports. Similarly, the number of free-area widths is
defined in constraint (8). It is defined by two components,
which are the number of lengths and the widths. Constraint
(9) ensures that the number of selected lengths equals the
number of the selected widths.

NFL · LF + LTyp · NTypS ≤ LD (7)

NFW ·WF +WTyp · NTypP ≤ WD (8)

NFL = NFW (9)

In constraints (10)-(12), the total lengths of the carports
are formulated based on the predefined constants listed in
TABLE 1, including variables that will be solved later. These
constraints will not only be implemented in the geometry
section but also later in calculating the lengths of the cables.
Constraint (13) defines the total length required for the car-
port.

LTypC = NTypS · LTyp (10)

LTypTC = NTypC · LTypC (11)

LTypF = NTypCS · LF (12)

TABLE 1. List of the constants applied for defining the bus depot
available area in terms of length and width, as well as the dimensions of
used buses in the model.

LTypT = LTypTC + LTypF (13)

The same constraints are also applied to the widths through
constraints (14)-(16). Constraint (17) defines the total width
required for the carport.

WTypC = NTypP ·WTyp (14)

WTypTC = NTypC ·WTypC (15)

WTypF = NABCP ·WF (16)

WTypT = WTypTC +WTypF (17)

By applying constraint (18), the number of carports is
limited to be lower than the total number of buses of each
bus type.

NTypC ≤ NTyp (18)

Additionally, constraints (19)-(20) ensure that at least
one component for each variable is selected. Constraints
(21)-(23) are the boundary constraints, that connect the num-
ber of series and parallel buses, either rigid or articulated
buses, to the total number of buses.

NTypS ≥ 1 (19)

NTypP ≥ 1 (20)

NTypS ≤ NTyp (21)

NTypP ≤ NTyp (22)

NTypS · NTypP = NTypper C (23)

C. CONSTRAINTS ON THE NUMBER OF CARPORTS
Constraints (24)-(26) formulate the number of carports.
By implementing constraint (24), the number of series and
parallel carports is limited to the total possible number of
carports for each bus type. Constraints (25)-(26) ensure, that
the number of series and parallel carports remains within the
predefined depot area.

NTypCP · NTypCS = NTypC (24)

NTypCS · LTyp ≤ LD (25)

NTypCP ·WTyp ≤ WD (26)
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D. CONSTRAINTS ON THE NUMBER OF CHARGERS
There are two methods to calculate the number of chargers.
In the first method, the number of chargers is set equal to the
total calculated number of buses. The second method is to
limit the number of chargers to the number of buses charging
at simultaneously. In this study, the first choice is selected,
as shown in constraint (27) considering the utilization factor
(UF). This is because swapping buses in the depot is accom-
panied by extra operational and manpower complexities.

NCH = (NTyp) · UF (27)

E. CONSTRAINTS ON THE TRANSFORMERS
The model creates a chain of transformers, that satisfies the
predefined constraints. As defined in constraint (28), if the
maximum load exceeds 14MW, voltage transformation starts
at the high-voltage side (110 kV). Consequently, high-voltage
transformers are selected proceeding to the medium-voltage
level and then to the low-voltage side (0.4 kV) [29]. Oth-
erwise, if the chain starts at a medium-voltage level (10 or
20 kV), the selection would start at this medium-voltage and
then would proceed to the low-voltage level (0.4 kV).

Vp,grid =


110 kV; if PN ≥ 14 MW
20 kV; if PN < 14 MW
10 kV; if PN < 14 MW

(28)

The choice between 10 and 20 kV depends on the total
cost of each system. Furthermore, the costs are defined
as 15e/kVA, in addition to the assumed fixed foundation
cost per transformer. Adding the foundation costs of the
150 ke pro transformer to the calculation is beneficial for
limiting the number of selected transformers to avoid irra-
tional selections. The database of transformers is listed in
TABLE 2, according to their powers, prices, and primary and
secondary voltages. Constraint (29) defines the existence of at
least one transformer at each voltage level. The term (θ sTHVi′ )
represents the existence of high-voltage transformers at the
node (i′), which belongs to the set high voltage nodes (ψ).
The binary decision variable (θ sTypi′ ) represents the existence
of transformers for the two types of buses in the set of nodes
(�). It applies that all transformers are predefined in the set
TP.∑

i′∈ψ

θ sTHVi′ =

∑
i′∈�

θ
sTyp
i′ = 1; sTHV ∈ TP, sTyp ∈ TP

(29)

Constraints (30)-(31) enable the absence of any voltage-
level transformers if they do not exist. For example, if a bus
depot requests only one type of bus, there is no need to plan
transformers for the other.

θ sTHVi′ = 0; if N sTHV
i′ = 0; i′ ∈ ψ, sTHV ∈ TP (30)

θ
sTyp
i′ = 0; if N sTyp

i′ = 0; i′ ∈ �, sTyp ∈ TP (31)

Constraints (32)-(33) are the boundary constraints, that
connect the existence variable of each component to the cho-
sen number of transformers. Constraint (34) bounds the total

TABLE 2. Part of the transformers database used to select the most
optimum transformer (TP).

number of transformers in high-voltage or medium-voltage
zones according to their existence. In constraint (35), the
total number of transformers used for the rigid and articulated
buses is also bounded according to their existence.

θ sTHVi′ · N sTHV
i′ = N sTHV

i′ ; i′ ∈ ψ, sTHV ∈ TP (32)

θ
sTyp
i′ · N sTyp

i′ = N sTyp
i′ ; i′ ∈ �, sTyp ∈ TP (33)∑

i′∈ψ

θ sTHVi′ · N sTHV
i′ =

∑
i′∈ψ

N sTHV
i′ ; sTHV ∈ TP (34)

∑
i′∈�

θ
sTyp
i′ · N sTyp

i′ =

∑
i′∈�

N sTyp
i′ ; sTyp ∈ TP (35)

The total power required for each carport depends on the
number of buses charging at this carport. Subsequently, the
number of transformers is planned based on the maximum
power required to charge the buses at each carport and the
number of carports for each bus type (rigid or articulated).
In constraint (36), the selected number of transformers for
buses carports (NTVTyp) multiplied by the set of possible
transformer powers defined previously in the data set (PTi′ ) is
set to equalize the number of buses per carport multiplied by
the charging power per bus. This specifies the power required
per carport.

NTVTyp · PTi′ ≥ NTypper C · PCh; i′ ∈ � (36)

Constraint (37) ensures that the total number of buses of
each bus type is always equal to the total number of buses of
that type per carport multiplied by the number of carports.

NTypper C · NTypC = NTyp (37)

In constraint (38), the number of transformers is set equal
to or greater than the number of carports for each bus type.
This would guarantee the planning of at least one transformer
per carport to avoid connecting the carports at a low-voltage
level. ∑

i′∈�

θ
sTyp
i′ · N sTyp

i′ ≥ NTypC; sTyp ∈ TP (38)
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Constraint (39) ensures that the calculated capacity at the
grid connection point is equal to or greater than the power
required to supply all the buses.∑

i′∈�

θ
sTyp
i′ · N sTyp

i′ · PTi′ ≥ PN; sTyp ∈ TP (39)

The total power of the bus depot is calculated to define the
voltage level of the transformers. If the maximum required
power capacity exceeds 14 MW, the bus depot must be con-
nected to the 110 kV-network. Otherwise, a connection to
20 kV or 10 kV would be sufficient, as previously mentioned
in constraint (28).

Constraint (40) defines the power of the medium-voltage
or high-voltage transformers. On the left-hand side, the exis-
tence variable of themedium-voltage (θ sTHVi′ ) is multiplied by
the optimum number of transformers (N sTHV

i′ ) by the power
of each transformer, which is predefined in the database of
transformers (PTi′ ). This term of the constraint is restricted to
be more than or equal to the total power demand of the depot
(PN) on the right-hand side.∑
i′∈ψ

θ sTHVi′ · N sTHV
i′ · PTi′ ≥PN; if Vp,grid = 110 kV,

sTHV ∈ TP (40)

Constraint (41) ensures that the primary voltage of the
high-voltage transformer corresponds to the chosen voltage
level at the grid connection point. This is done by multiplying
the existence variable of the medium-voltage (θ sTHVi′ ) by the
optimum number of transformers (N sTHV

i′ ) by the voltage
of each transformer, which is predefined in the database of
transformers (V p

i′ ) on the left-hand side.
On the right-hand side, the existence variable of the

medium-voltage (θ sTHVi′ ) is multiplied by the optimum num-
ber of transformers (N sTHV

i′ ) by the optimum voltage at the
grid point of connection (Vp,grid). The target of this constraint
is to limit the primary voltage of the transformer at the grid
connection point to the chosen voltage of the medium-voltage
network.

Constraint (42) calculates the secondary voltage of the high
voltage transformers if they exist. This is achieved by bound-
ing the algorithm to choose transformers whose voltages are
larger than 0.4 kV but simultaneously lower than 110 kV,
which are either 10 kV or 20 kV transformers. Constraint
(43) ensures, that the secondary voltage of the transformer
at the grid connection point is the primary voltage of the
following distribution transformers for both bus types. As a
result, each voltage level is connected to the following level
forming a chain of transformers, that cope with the starting
voltage at the point of connection with the grid to the low
voltage side of the network. This is realized by equating the
existence variable of the medium-voltage (θ sTHVi′ ) multiplied
by the set of secondary voltages (V s

i′ ) to that of each bus
type transformer (θ sTypi′ ) multiplied by the set of primary

voltages (V p
i′ ).∑

i′∈ψ

θ sTHVi′ · N sTHV
i′

 ·
(
V p
i′
)

≥

∑
i′∈ψ

θ sTHVi′ · N sTHV
i′


· (Vp,grid); if Vp,grid

= 110kV, sTHV ∈ TP, p ∈ TP
(41)∑

i′∈ψ

θ sTHVi′ · N sTHV
i′

 ·
(
V s
i′
)

≥

∑
i′∈ψ

θ sTHVi′ · N sTHV
i′


· (VLV) ; if Vp,grid

= 110kV, sTHV ∈ TP, s ∈ TP
(42)∑

i′∈ψ

θ sTHVi′ · V s
i′ =

∑
i′∈�

θ
sTyp
i′ · V p

i′ ; if Vp,grid

= 110kV, sTHV ∈ TP,

sTyp ∈ TP, p ∈ TP
(43)

If the starting voltage is lower than 110 kV, distribution
transformers would be selected directly. Constraint (44) drive
the primary voltage of both bus types from the Vp,grid which,
in this case, would be either 10 kV or 20 kV.∑
i′∈�

θ
sTyp
i′ · V p

i′ = Vp,grid; if Vp,grid < 110kV,

sTyp ∈ TP, p ∈ TP (44)

To adjust the secondary voltage to 0.4 kV, constraint (45)
is defined. This constraint takes out the 0.4 kV as a common
factor in the equation (sum of all transformers voltages =

sum of all transformers x 0.4 kV). Therefore, the calculated
number of transformers on the low-voltage side is a multiple
of 0.4 kV.(∑
i′∈�

θ
sTyp
i′ · N sTyp

i′

)
· V s

i′ =

(∑
i′∈�

θ
sTyp
i′ · N sTyp

i′

)
· VLV;

sTyp ∈ TP, s ∈ TP (45)

F. CONSTRAINTS ON THE CABLES
The next step is to select cables for the system. By know-
ing the voltages and the chosen number of transformers,
the number of cables and their voltages is determined. The
cable lengths are determined according to the geometry of
selected carports. It is assumed that all components are
installed on the roof of the carports. Therefore, the area
of the transformers is neglected. Chargers are also planned
to be installed on the rooftop, where cables pass through
ducts to buses underneath. Therefore, the distance from the
transformers to the chargers is calculated based on the dimen-
sions of the buses and the distance between the ceiling
and a bus itself. The model then builds a chain of cables
according to the connection between the transformers at
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TABLE 3. Part of the cables database used to select the most optimum
chain of cables (TC) [30].

the grid connection point up to the carports. Then the con-
nection from the distribution transformers to the chargers
follows. As listed in TABLE 3, the cables are listed in
the database according to their cross-sectional area (mm2),
nominal current, price (e/m), and voltage (kV). Constraints
(46)-(48) are boundary constraints, that ensure that at least
one cable is planned for the high-voltage grid, as well as for
each bus type and charger. Constraints (49)-(51) enable the
absence of the cable types if they do not exist. For example,
if a bus depot requests only one type of bus, it is not necessary
to plan either the transformers or the connecting cables for the
other type.∑

(i,j)∈ψ

θcHVij = 1; cHV ∈ TC (46)

∑
(i,j)∈�

θ
cTyp
ij = 1; cTyp ∈ TC (47)

∑
(i,j)∈5

θcCHij = 1; cCH ∈ TC (48)

θcHVij = 0; if N cHV
ij = 0; (i, j) ∈ ψ, cHV ∈ TC

(49)

θ
cTyp
ij = 0; if N cTyp

ij = 0; (i, j) ∈ �, cTyp ∈ TC

(50)

θcCHij = 0; if N cCH
ij = 0; (i, j) ∈ 5, cCH ∈ TC

(51)

Constraints (52)-(54) are boundary constraints, that con-
nect the existence variable of each cable type to the chosen
number of cables. An integer variable (N cHV

ij ) is introduced
to determine the number of cables of each type in the high-
voltage or medium-voltage zone. The same is done for each
bus type and the chargers through (N cTyp

ij ), and (N cCH
ij ).

θcHVij · N cHV
ij = N cHV

ij ; (i, j) ∈ ψ, cHV ∈ TC (52)

θ
cTyp
ij · N cTyp

ij = N cTyp
ij ; (i, j) ∈ �, cTyp ∈ TC (53)

θcCHij · N cCH
ij = N cCH

ij ; (i, j) ∈ 5, cCH ∈ TC (54)

Constraint (55) limits the total number of cables in high
voltage, or medium-voltage zone based on the selected chain
of transformers. Constraint (56) controls the total number of
cables used for each type of bus. Constraint (57) implements
the same limitation on the number of cables used for chargers.∑

(i,j)∈ψ

θcHVij · N cHV
ij =

∑
(i,j)∈ψ

N cHV
ij ; cHV ∈ TC (55)

∑
(i,j)∈�

θ
cTyp
ij · N cTyp

ij =

∑
(i,j)∈�

N cTyp
ij ; cTyp ∈ TC (56)

∑
(i,j)∈5

θcCHij · N cCH
ij =

∑
(i,j)∈5

N cCH
ij ; cCH ∈ TC (57)

The voltages of the cables are determined to be similar
to the voltages of the selected transformers, starting from
the high-voltage level or the medium-voltage level moving
forward to the low-voltage level. Constraint (58) controls
the cables of the high-voltage network. This is realized by
multiplying the summation of the existence binary variable of
the types of cables θcHVij by the integer variable N cHV

ij , which
determines the selected number of each cable type, multiplied
by the set of cable databases V c

ij , on the left-hand side. On the
right-hand side, the same parameters of θcHVij and N cHV

ij are
multiplied by the term (VLV), which represent the voltages
above the low voltage level (0.4 kV). Additionally, constraint
(59) ensures that all the voltage levels below the (Vp,grid)
are covered in case (Vp,grid = 110 kV) as a complementary
step for the previous constraint. Constraint (60) controls the
selection of cables in the low-voltage network, that are used
to connect the distribution transformers on the roof of each
carport with the chargers. This is performed by multiplying
the integer variable for the carport cables (θcTypij ) by the

number of carports of each bus type (N cTyp
ij ) selected voltage

for the secondary side (V s
i′ ), fromwhich the simulation selects

the cables on the left-hand side. On the right-hand side,
the same variants are introduced but multiplied by the VLV
which is predefined to be the low-voltage level (0.4 kV).
Constraints (61) and (62) calculate the power of the selected
transformers at the grid point of connection. Furthermore, the
power of the transformers at the grid connection point is set
to be greater than the total consumption of the depot and,
consequently, greater than the consumption of both bus types
using constraints (63) and (64). In constraints (65)-(67), the
power required per transformer for each bus type is defined
as a preparatory step for calculating the current flowing in
the cables. Constraint (68) saves the secondary voltage of the
high-or medium-voltage transformer to the variable voltage
(VSHV). Afterward, constraint (69) ensures that the chosen
cable voltage matches the (VSHV).∑

(i,j)∈ψ

θcHVij · N cHV
ij · V c

ij

≥

 ∑
(i,j)∈ψ

θcHVij · N cHV
ij
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· (VLV) ; if Vp,grid
= 110 kV, j ∈ ψ, cHV ∈ TC, c ∈ TC

(58)∑
(i,j)∈ψ

θcHVij · N cHV
ij · V c

ij

≤

 ∑
(i,j)∈ψ

θcHVij · N cHV
ij


·
(
Vp,grid

)
; if Vp,grid

= 110 kV, cHV∈TC, c∈TC (59) ∑
(i,j)∈�

θ
cTyp
ij · N cTyp

ij

 · V s
i′

=

 ∑
(i,j)∈�

θ
cTyp
ij · N cTyp

ij


· VLV; i′ ∈�, cTyp∈TC, s ∈ TP

(60)

PTHV =

∑
(i,j)∈ψ

θcHVij ·PTi′ ; cHV ∈ TC, i′ ∈ψ

(61)∑
i′∈ψ

N sTHV
i′ ·PTHV =

∑
i′∈ψ

N sTHV
i′ ·PTi′ ; sTHV ∈ TP (62)

PTHV ≥ PN (63)

PTHV ≥

(∑
i′∈�

θ
sTyp
i′ · N sTyp

i′ · PTi′

)
;

sTyp ∈ TP (64)∑
i′∈�

N sTyp
i′ ·PTyp

=

∑
i′∈�

N sTyp
i′ ·PTi′ ; sTyp ∈ TP (65)∑

i′∈�

θ
sTyp
i′ ·PTyp · PTi′ ≥ PTypC; sTyp ∈ TP (66)∑

i′∈�

N sTyp
i′ ·PTyp ≥ PTypC; sTyp ∈ TP (67)

VSHV =

∑
i′∈ψ

θ sTHVi′ · V s
i′ ;

sTHV ∈ TP, s ∈ TP (68)∑
(i,j)∈ψ

θcHVij ·V c
ij = VSHV; cHV ∈ TC, c ∈ TC (69)

Constraints (70)-(72) calculates the current flowing in the
cables at each network stage. This is performed by mul-
tiplying the existence variable of each cable type by the
set of ampacities of the cables, which is predefined in the
cables-database on the right-hand side. This is set to be equal
to the current flowing in the cable on the left-hand side.

∑
(i,j)∈ψ

θcHVij ·I cij ≥
PTHV

√
3·V SHV · PF

; cHV ∈ TC, c ∈ TC

(70)

∑
(i,j)∈�

θ
cTyp
ij ·I cij ≥

PTyp
√
3·V LV · PF

; cTyp ∈ TC, c ∈ TC

(71)∑
(i,j)∈5

θcCHij ·I cij ≥
PCh

√
3·V LV · PF

; cCH ∈ TC, c ∈ TC

(72)

Constraints (73)-(75) control the cable lengths for both
bus types by considering the geometry calculated by the
model. In constraint (73), the number of carports (NTypC) is
multiplied by the number of buses per carport by the sum of
the length andwidth of the rigid bus. The entire term (LTypCC),
which represents the length of cables required for rigid
buses, is afterwardmultiplied by the existence binary variable
(θcTypij ), which determines the selected types of cables. The
same procedure is followed for the articulated buses. A length
of only 1 m is added to the lengths of the buses to consider
the small distance between the park slots (already included in
the lengths of buses: LTyp).

LTypCC = NTypC · NTypperC · (LTyp +WTyp) (73)

N cTyp
ij ≥ θ

cTyp
ij ·

(
LTypCC

)
; (i, j) ∈ �, cTyp ∈ TC (74)

N cCH
ij ≥ θcCHij · (NCH) ; (i, j) ∈ 5, cCH ∈ TC (75)

In the following step, the high-or medium-voltage cables
are calculated using constraints (76)-(80). As they should be
routed from the grid connection point to each carport, the total
lengths are considered. Constraint (80) calculates the total
needed length of cables as the number of needed 1 m cables.
This is achieved by multiplying the existence variable (θcHVij )
by the path of the cable, which is the length and width of the
bus depot.

LTSC = NTypCS · NTypS · LTyp + NTypCS · LF (76)

LTCC = LTSC · (NTypC + NTypC)/2 (77)

WTPC = NTypCP · NTypP ·WTyp + NTypCP ·WF (78)

WTCC = WTPC · (NTypC)/2 (79)

N cHV
ij ≥ θcHVij · (LTCC +WTCC) ; (i, j) ∈ K (80)

G. OBJECTIVE FUNCTION
The objective of this optimization model, as mentioned pre-
viously, is to optimize the number of components at each
voltage level. Moreover, to choose the minimum cost at each
step, which leads to the most optimum expenses for the entire
system. This is directly connected to the optimum planning
of the available area. In constraint (81), the minimum cost
for high-voltage transformers (CTHV) is calculated. This is
achieved bymultiplying the existence binary variable (θ sTHVij )
of each transformer type by the calculated number of selected
transformers (N sTHV

i′ ) multiplied by the cost of each.

CTHV =

∑
i′∈ψ

θ sTHVi′ · N sTHV
i′ · CPTi′ ; sTHV ∈ TP (81)

Similarly, the costs of the transformers for bus types are
calculated by multiplying the existence variables of each
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(θ sTypi′ ) by the chosen number of each type (N sTyp
i′ ) by their

costs from the set of transformers (CPTi′ ), as defined in con-
straint (82).

CTyp =

∑
i′∈�

θ
sTyp
i′ · N sTyp

i′ · CPTi′ ; sTyp ∈ TP (82)

Furthermore, the cost of the cables is calculated based on
the optimum cost. This is realized for the medium-voltage
network by multiplying the existence binary variable (θcHVij )
by the number of planned cables (N cHV

ij ) times the cost of
each cable type (CPcij), as shown in constraint (83). Corre-
spondingly, constraint (84) ensures the optimum cost of the
cables used for bus types.

CcHV =

∑
(i,j)∈ψ

θcHVij · N cHV
ij · CPcij; cHV ∈ TC, c ∈ TC

(83)

CcTyp =

∑
(i,j)∈�

θ
cTyp
ij · N cTyp

ij · CPcij; cTyp ∈ TC, c ∈ TC

(84)

To sum up all system costs, transformer costs are added
to form the term (CTransformer), as shown in Equation (85).
In addition, all cable costs are added to form the term (CCable),
as shown in equation (86).

CTransformer = CTHV + CTyp (85)

CCable = CcHV + CcTyp (86)

Finally, the area is considered as the objective function.
This is realized by setting the objective to minimize the
occupied depot length andwidth (min (LTSC+WTPC+NTypS+

NTypP)) along with minimizing the costs of the cables and
transformers, as shown in the objective function (87).

min (CCable+CTransformer+LTSC+WTPC + NTypS + NTypP)

(87)

IV. RESULTS
To solve the defined constraints of the MIQP problem, the
code is written in Python 3.8. The Gurobi 9.1.2 optimization
solver is used, running on a workstation with an Intel Xeon
processor with a clock speed of 3.70 GHz, 4 cores and 16 GB
RAM. As shown in FIGURE 5, the calculated total load is
11.25 MW, the peak load of the rigid buses is 4.58 MW
and that of the articulated buses is 6.67 MW. Nevertheless,
these results are bounded to the current predefined routes,
which can only solve the predefined problem temporarily
with no permissibility for extensions. For this reason, an extra
25% of the total load is added to consider a design safety
factor and permits an opportunity for possible increase in
the total load. This leads to the total power of 14.06 MW,
which exceeds 14MW, consisting of 5.72MW for rigid buses
and 8.34 MW for articulated buses. This guides the model to
choose a primary voltage of 110 kV. An additional variant for
the sensitivity case study is firefighting precautions in bus
depots. As the area of roofs on which electrical equipment

FIGURE 5. The load profile of the modelled bus depot where the charging
load of rigid buses, articulated buses and the total load are calculated
over a period of 24 h after adding a 25% design safety factor.

FIGURE 6. Distribution of buses among the available area without
implementing the firefighting precautions.

is installed increases, firefighting precautions become more
complex [31]. Therefore, the area is limited to a study case
to the maximum of 48 rigid buses or 40 articulated buses per
carport to observe their effects on other components.

A. IN CASE OF OPTIMIZING THE COSTS AND THE AREA
In the first optimization case, the objectives are defined to
minimize the planned area as much as possible along with
minimizing the system costs. As shown in TABLE 4, the
calculated number of buses that can cover the predefined
routes is 236, which implies 236 chargers. The results show
96 rigid and 140 articulated buses, distributed among two
carports. The model plans the depot area to consist of one
carport for rigid buses and one carport for the articulated
buses. As shown in FIGURE 6, there are six rigid buses
in series and 16 in parallel. Among the articulated buses,
there are five buses planed in series and 28 buses in parallel.
As shown in FIGURE 7, the single-line diagram of the bus
depot is adapted to the results. The total effective length
calculated is 186 m, which represents 76.23% of the total
length, and a width of 83 m, representing 61.03% of the total
width.
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TABLE 4. The results of the considered variables in the prior mentioned
constraints indicating the optimum components.

Subsequently, the electrical components of the system
were determined. Based on the chosen components, the total

FIGURE 7. Single line diagram of the electrical power system of a bus
depot, considering the objective of minimizing the available area along
with minimizing the total system cost.

cost is calculated, which helps to determine the optimum
solution.

For medium voltage, a 25 MVA transformer is planned to
supply the depot at 20 kV, which is then transformed using
distribution transformers to 0.4 kV. For the carports of rigid
buses, three transformers of type 2 MVA are planned, as well
as five transformers of the same type for articulated buses.

B. IN CASE OF OPTIMIZING THE COSTS AND THE AREA
CONSIDERING THE FIREFIGHTING PRECAUTIONS
In the second case, the objectives remain the same as the first
case, that is, to minimize the area used and to minimize the
total cost of the depot. Additionally, firefighting precautions
are included. These precautions include planning less buses
per carport to facilitate the role of firefighters in case of con-
flagrations. The area of the carports is controlled by limiting
the number of buses per carport. Constraint (88) implements
a real case limitation (NLimit) for rigid buses, not to exceed
48 and for articulated buses, not to exceed 40.

NTypperC ≤ NLimit (88)

Correspondingly, the number of chargers is the same. How-
ever, additional constraints lead to an increase in the number
of carports. For rigid buses, two carports are planned in
parallel, whereas four carports are planned for articulated
buses also in parallel. This leads to an increase in the occupied
area of the depot, as shown in FIGURE 8. The total effective
length calculated is 212 m, representing 86.88% of the total
length, and a width of 86 m, representing 63.23% of the total
width.

Similarly, the electrical components of the system are
determined. For medium voltage, a 25 MVA transformer is
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FIGURE 8. Distribution of buses among the available area with
implementing the firefighting precautions investigating the number of
carports.

FIGURE 9. The single line diagram of the electrical power system of a bus
depot, considering the area limiting constraints.

planned to supply the depot at 20 kV, which is then trans-
formed using distribution transformers to 0.4 kV.

For the carports of the rigid buses, four transformers of
type 2 MVA (two transformers per carport) are planned,
alongwith eight.While, for the articulated buses transformers
of type 2 MVA (two transformers per carport) are planned.
In addition, the types and lengths of the cables are deter-
mined, and the total cost of the system is calculated. As shown
in TABLE 5, the number of buses did not change because they
are dependent on the predefined routes by the bus operator.
As shown in FIGURE 9, the single-line diagram of the bus
depot is adapted to the results.

C. IN CASE OF EXTENDING THE FIREFIGHTING
PRECAUTIONS
In the third case, the objectives remain applied on the system
as of the second case, except for the firefighting precautions.
The security level is enhanced by reducing the number of
buses parking at the same carport, as represented in constraint
(89). Here the NLimit is set not exceed 36 for rigid buses,

TABLE 5. The results of the considered variables, including the
implementation of the area limiting constraints.

not to exceed 30 buses for articulated buses. As shown in
TABLE 6, the design of the charging infrastructure is affected
on both sides of the electrical and geometrical aspects. On the
geometrical aspect, all buses are distributed differently. This
can be observed as of the increase in the number of carports
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FIGURE 10. Distribution of buses among the available area with
extending the firefighting, precautions investigating the number of
carports.

FIGURE 11. The single line diagram of the electrical power system of a
bus depot, considering the extended area limiting constraints.

for both bus types, as shown in FIGURE 10. On the electrical
design aspect, the number of transformers needed decreased
for both bus types in comparison with last case, but the length
of needed cables increased remarkably to adapt with the
geometrical changes as shown in FIGURE 11.

NTypperC ≤ NLimit (89)

This leads to an increase in the total costs of the system
Consequently, this motivated the study of possibilities to
reduce the number of buses blocking each other, as discussed
in the following case. Nevertheless, the total effective length
calculated is 141 m, representing 57.78% of the total length,
and a width of 108 m, representing 79.41% of the total
width.

D. IN CASE OF MINIMIZING THE BLOCKING
IN PARKING PLACE
In the fourth case, all constraints and objectives are still
applied on the system, but the number of series rigid buses is
restricted additionally. This helps in reducing the blocking of

TABLE 6. The results of the considered variables with implementing
higher level of firefighting.

buses to each other, that accordingly simplifies the disposition
problems of buses as represented in constraint (90). As shown
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FIGURE 12. The single line diagram of the electrical power system of a
bus depot, considering the case of minimizing blocking in parking place.

FIGURE 13. Comparison between the results of the four proposed
sensitivity case studies (A-D) according to their cost, number of
transformers, length of cables, number of carports, and occupied area.

in FIGURE 12, the design of the infrastructure is affected
mainly on the geometrical aspect. This influences the elec-
trical design and the total system cost as well, as shown in
TABLE 7.

NTypS ≤ 3 (90)

Due to the spreading of carports over the area in compari-
sonwith previous cases, longer cables are needed between the
point of connection with the grid and the carports. However,
the number of transformers and their connection remain the
same as the presented design in the last case, as previously
shown in FIGURE 11.
As shown in FIGURE 13, results of sensitivity case studies

(A-D) are plotted according to their planned cost, number of
transformers, length of cables, number of carports and occu-
pied area. These results can help bus operators to estimate
their optimization priorities, knowing their effect on other
design parameters.

TABLE 7. The results of the considered variables with minimizing
blocking in parking place.

E. IN CASE OF VARYING THE CHARGING POWER
As indicated previously in TABLE 1, the charging power
(PCh) for each bus is defined as a constant equal to 150 kW in
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FIGURE 14. Load profiles of the modelled bus depot, where the total load
is calculated considering various charging power levels over the period of
24 h.

TABLE 8. Effect of various charging power levels on the chosen
components for the power system and the system total cost.

the previous cases. In this sensitivity case, various charging
power levels are implemented to observe their effects on the
load profile and, consequently, on the design of the power
system. As shown in FIGURE 14, this results in different
power peaks and times of occurrence. As the charging power
increases, buses require less charging time. This results in a
relatively flattened curve when charging at 100 kW compared
with that at 300 kW.

As shown in TABLE 8, changing the charging power of the
buses significantly affects the design of the power system.

Starting by applying 100 kW charging power, the MIQP
model chose the connection of the bus depot directly to a
10 kV-grid. This has the advantage of being less expensive,
but has the disadvantage of having to charge buses all the
time. Consequently, this could force the system to its lim-
its, particularly in the case of charger failure. Additionally,
current developments in the field of electric vehicles aim to
charge at higher power levels to benefit from fast-charging
technology. However, having a connection to the 110 kV-grid

enabled several charging power levels, without having to
extend the medium-voltage network. The observed differ-
ences between various charging powers emphasize the need
to install additional distribution transformers in the carports
as of increasing the charging power. This is accompanied by
the need to connect more cables and incurs higher costs.

V. CONCLUSION
This study proposes a MIQP model for the charging infras-
tructure of electric bus depots. Using this model, it is possible
to determine the dependencies of each component on others.
One of the drawbacks of the MIQP model is the high compu-
tation time required. This owes to the fact, that the problem
must be explicitly defined through constraints, which are
connected to each other technically and economically. The
advantages of the MIQP model are summarized in two main
points. On one side, it is capable of solving optimization
problems with high degree of complexity, where the relation
between constraints is non-linear. On the other side, it is
possible after defining the constraints to generate an optimum
model based on the available few input data, which is usually
the case in the early stages of the designing process. This is
realized by considering the system as a group of blocks that
vary in their number and parameters. Initially, different types
of transformers and cables are integrated into the model. The
conclusive parameter in this design process is the load profile,
which is calculated based on the planned routes served by
the depot. Given that these routes can change over time,
an additional 25% loading is considered in the model to
extend the eligibility of the depot for higher consumption.
This causes the peak load to exceed 14 MW, which requires a
connection to a 110 kV-grid. Based on this fact, the model
starts to build the power circuit by choosing the optimum
transformers and cables until a 0.4 kV-grid is reached.

Simultaneously, some sensitivity studies are conducted
using this model to demonstrate various possible designs
with different objectives. By implementing the case of having
the least available area, all buses could fit into only two
carports in the form of one carport per each type of buses.
The objective of this case study is to reach a design, that
guarantees optimum usage for an area at the lowest cost.
In the second case, an additional constraint is considered
to limit the available area of the carports and enable the
implementation of simpler firefighting precautions in the
depot. This approach results in an increase in the number
of carports. Whereas in the third case, these precautions are
extended by additional limitations of number of buses per
carport. This results in an increase in the number of carports,
that leads to the increase in cable lengths and the system
total costs consequently. In the fourth case, the blocking of
buses to each other is intentionally limited. This caused an
increase in the occupied area of the depot along with an
increase in the system total cost. It also showed the limits
of the available area. The above-mentioned sensitivity case
studies (A-D) show a variety of possible configurations to
serve the planned routes. This model enables bus operators to
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choose their main objectives, knowing their effects on other
system components. For instance, if a bus operator focuses on
reducing the occupied area, cases A and C would be relevant.
However, they lead to minimum number of carports, which
is challenging for firefighting precautions. In the fifth case,
the effect of varying the charging power on the charging
infrastructure is observed, demonstrating the ability of the
components to support higher charging powers. Finally, the
model shows a compromise between the required number of
buses, available area, required components for the system,
and their effect on the total cost. This model can be used
in the early planning phases of bus depots to investigate the
feasibility of serving the targeted routes. However, in future
research, we plan to consider the effect of bus distribution
among parking spaces to achieve the lowest blocking proba-
bility by implementing various utility factors and charging
capacities for the chargers. In addition, the redundancy of
the components in the failure cases is to be calculated based
on the loading of each component. Additionally, the weather
was assumed to be always −15 ◦C to consider the maximum
required pre-heating for the buses, which will vary in future
research work.
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