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An Adaptive Identification of Rotor Time Constant
for Speed-Sensorless Induction Motor Drives: A
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Abstract— Accurate rotor time constant (Tr ) value is necessary
to ensure an acceptable performance of the indirect field-oriented
control (IFOC) strategy, where a detuned Tr affects rotor flux
orientation and, in turn, results in poor dynamic and steady-state
response of torque. The problems associated with detuned Tr will
be exacerbated in sensorless drives when a model-based speed
estimation algorithm is employed. This article investigates the
problem of simultaneous identification of the rotor time constant
and rotor speed for sensorless IFOC of six-phase induction
motor (6PIM) drives. First, an adaptive observer is proposed for
online detection of the low-frequency sinusoidal signal, which is
intentionally injected into the rotor flux command. Then, a novel
model reference adaptive system (MRAS)-based Tr estimator
is proposed using the detected signal. The Lyapunov stability
theorem is used to ensure the asymptotic stability of the proposed
identification system. The proposed method is based on the
induction machine (IM) model in primary subspace, i.e., α–β
subspace. Hence, it is usable for other multiphase IM (three
phases and higher). Nevertheless, the 6PIM is adopted here as a
case study. The simulation and experimental results clarify the
effectiveness of the proposed parallel estimation system.

Index Terms— Adaptive observer, indirect field-oriented con-
trol (IFOC), model reference adaptive system (MRAS), rotor
time constant estimation, sensorless, six-phase induction motor
(6PIM).

I. INTRODUCTION

ONLINE updating of the rotor time constant (Tr ) is
of paramount importance in the indirect field-oriented

control (IFOC) strategy of induction machines (IMs). Any
mismatch between the real and tuned values of the rotor time
constant leads to a degraded performance of the IFOC strategy.
A detuned value of the rotor time constant causes erroneous
slip position calculation, which in turn leads to inaccurate rotor
flux orientation [1]. The rotor time constant depends on the
rotor resistance (Rr ) and the rotor inductance (Lr ), which may
be changed by temperature drift and magnetic nonlinearity,
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respectively. While the rotor inductance value can be updated
according to a predefined magnetizing curve of the IM [2],
the problem of online updating of the rotor resistance has
become a major concern [3].

A few years after the FOC strategy was proposed, research
on estimating Tr and Rr began [4], [5]. A number of research
works have been devoted to using the transient response of
IM’s characteristics to detect Tr and Rr . To address this,
the rotor speed transient response has been implemented to
estimate Rr in [6]. In [7], the slip gain (the inverse of Tr )
has been identified during stator voltage transients caused by
changing the torque command. Such techniques do not widely
cover industrial applications because they can only operate
during the transient period of IM. Numerous endeavors have
been proposed to achieve more reliable Tr and Rr identification
systems using the IM model and adaptive control techniques.
The model reference adaptive system (MRAS) technique-
based Tr estimator [3], [8], [9] and Rr estimator [10], [11] have
been frequently discussed. The rotor time constant and rotor
resistance identification systems based on adaptive full-order
observers have been presented in [12]–[15], where advancing
the development of an accurate and stable estimator is the
main goal. Extended Kalman filter (EKF)-based Rr estimator
[16], sliding-mode observer-based Rr and Tr estimators [17],
and fuzzy logic and neutral network (NN)-based Rr estimator
[18] are some other attempts that have been made to online
update Rr and Tr using the IM model.

The advantages of speed-sensorless electric drive systems,
such as lower hardware complexity and higher reliability,
have been interesting enough to merit further attention in
industrial applications [19]–[22]. While most of the literature
addresses Tr estimation in an electric drive system equipped
with a shaft encoder, providing a parallel estimation system
for rotor parameters, including the rotor speed (ωr ) and Tr ,
remains a challenging task due to problems of the persistent
excitation (PE) condition [14], [23] and simultaneous observ-
ability of Tr and ωr in the steady-state (SS) condition [6].
Indeed, simultaneous estimation of the rotor time constant
in a sensorless drive system can be possible if the rotor
flux varies with time [8]. To cope with the problem of
simultaneous estimation, some specific techniques have been
so far introduced in the technical literature. The possibility of
using transient states without signal injection for estimating
Tr has been demonstrated in [6], and a new representation of
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the IM model with an adaptive observer has been showcased
in [24]. EKF includes the possibility of parallel estimation
of all IM’s parameters due to enough excitation [16], [25].
However, it is overshadowed by computational complexity.
A detuned MRAS speed estimator has been reported in [8],
which has considered small-signal dynamics as a possible
source of information for solving the simultaneous estimation
problem. However, the conventional MRAS-based estimation
system suffers from poor performance in the low-speed region
(0–2.5 Hz). Detecting the rotor speed using stator circuit
harmonic spectrum, caused by rotor slot openings, can rid
the Tr estimation system of the simultaneous observabil-
ity problem [26], [27], but this choice does not offer an
appropriate dynamic performance over a wide speed range.
Another solution is obtained by harmonic injection in order to
continuously keep the drive system in the quasi-SS condition
[15], [28]–[30]. Using the injected signal into the flux-
producing current command [15], [28] or the flux command
[29], [30], it is possible to provide a parallel estimation
system of ωr and Tr , which offers satisfactory performance
over a wide speed range. In contrast, injecting an additional
frequency component to the current or flux can yield SS torque
and speed ripples [27].

Due to economic reasons and proven technologies, three-
phase machines are the main choice of the market in the
most adjustable-speed drives (ASDs) [31]. However, a general
overview of the recent research efforts indicates that the
multiphase machine-based ASDs have been extraordinarily
joining the mainstream of research studies because of their
interesting features [32]. The inherent fault-tolerant capability
of multiphase systems is enough to attract a lot of interest for
safety-critical applications, such as electric vehicles, aircrafts,
and ships [33]. The reason behind this interesting feature
is the stator phase redundancy, which provides the higher
number of degrees of freedom in comparison with three-
phase counterpart. The phase redundancy offers extra merits,
such as higher reliability, lower rate of power switches, and
lower torque pulsations [34]. Among different structure of
multiphase IMs, five- and six-phase IMs are more interested,
due to compromise between complexity and potential benefits,
where the six-phase induction motor (6PIM) is the beneficiary
of the three-phase technology because of its modular structure
[35]. In this article, a 6PIM is adopted as a case example to
validate the effectiveness of the proposed technique. Neverthe-
less, the proposed strategy can be implemented for other IM
drives with an arbitrary number of phases (three phases and
higher).

Aiming to overcome some shortcomings of the current par-
allel estimation systems of Tr and ωr , including poor dynamic
performance of the speed estimator [27], high computational
burden [16], poor performance of the estimation in the SS
condition at low speeds [8], inability of estimation under speed
and load changes [29], and lack of generality [6], this article
proposes a novel MRAS-based Tr estimation system. Among
these identification methods, the proposed scheme in addition
to [29] is based on injection of a low-frequency signal to
the rotor flux command. This article employs an amplitude-
adaptive state observer to separately estimate the amplitude of

the injected signals using voltage and current models, whereas
Wang et al. [29] provided the rotor time constant using the
ratio of the injected amplitudes with some simplified assump-
tions. The amplitude estimation process gives the possibility
of using the valid MRAS technique to estimate Tr , which in
turn offers some benefits such as better convergence rate and
estimation ability under speed and load transients.

In this article, the simultaneous estimation problem of the
rotor time constant and the rotor speed in 6PIM drives is
investigated by a novel solution based on an adaptive observer
for estimating the amplitude of a sinusoidal signal, which is
intentionally injected into the rotor flux command. Regarding
the impossibility of simultaneous estimation of Tr and ωr using
classical MRAS schemes, the rotor flux is perturbed by a small
low-frequency ac signal, where its low amplitude alleviates
significant torque ripples in the SS condition, and its low
frequency avoids the need for high-grade transducers as well
as fast analog-to-digital converters (ADCs). This procedure
is common among signal injection-based schemes [29], [30];
however, the extraction method of Tr after signal injection
is the novelty of this article, and to the best of the author’s
knowledge, there is no such an MRAS technique for neither
the three-phase nor the multiphase (more than three) IMs. The
main goals of the proposed algorithm are to decouple the rotor
time constant and the speed estimation systems as well as to
satisfy the PE condition while maintaining the acceptable SS
performance of the drive system. The proposed Tr estimator
is incorporated into a sensorless electric drive system based
on the rotor flux-based MRAS strategy for obtaining the
rotor speed. Specifically, this article presents the following
contributions.

1) An amplitude-adaptive state observer with a new formu-
lation is proposed to detect the amplitude of the injected
signal. The stability of the observer is discussed using
the Lyapunov stability theorem.

2) A novel MRAS technique is proposed using the volt-
age and current models of the 6PIM as well as the
aforementioned amplitude-adaptive observer, where its
asymptotical stability is ensured using the Lyapunov
stability method.

3) The proposed Tr estimation system is experimentally
validated in a sensorless IFOC drive system based on
the 6PIM as a case example.

II. BACKGROUND OF THE SENSORLESS 6PIM DRIVE

SYSTEM

A. Topology of Converter-Fed 6PIM

The topology of the adopted asymmetrical 6PIM supplied
from two voltage source converters (VSCs) is shown in Fig. 1.
The asymmetrical 6PIM is obtained by two sets of three-
phase winding spatially displaced by 30◦e. Availability of
the two isolated neutral points can provide optimized dc-
link utilization and avoid zero-sequence currents. The modular
structure of the 6PIM offers the possibility of using modular
VSCs.

Using the vector space decomposition (VSD) approach
[36], the constructed phase voltages can be transferred from
a normal six-phase system (a–x–b–y–c–z) into decoupled
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Fig. 1. Topology of asymmetrical 6PIM supplied from three-phase VSCs.

orthogonal subspaces (α–β, μ1–μ2, and o1–o2). For this
purpose, the amplitude-invariant Clarke transformation matrix
is used as

T 6 = 1

3

⎡
⎢⎢⎢⎢⎢⎢⎣

1 cos(φ) cos(4φ) cos(5φ) cos(8φ) cos(9φ)
0 sin(φ) sin(4φ) sin(5φ) sin(8φ) sin(9φ)
1 cos(5φ) cos(8φ) cos(φ) cos(4φ) cos(9φ)
0 sin(5φ) sin(8φ) sin(φ) sin(4φ) sin(9φ)
1 0 1 0 1 0
0 1 0 1 0 1

⎤
⎥⎥⎥⎥⎥⎥⎦

(1)

where φ = π/6. In this way, the fundamental components and
the harmonics of order 12m ±1, (m = 1, 2, 3, . . .) are mapped
into the α–β subspace. The harmonics of order 6n ± 1, (n =
1, 3, 5, . . .) are mapped into the μ1–μ2 subspace and the zero-
sequence harmonics are transferred into the o1–o2 subspace.

B. Mathematical Model of 6PIM

The voltage equations of the 6PIM in the stationary α–β
and μ1–μ2 reference frames are written as follows:⎧⎪⎪⎪⎨

⎪⎪⎪⎩
vsα = Rsisα + pψsα

vsβ = Rsisβ + pψsβ

0 = Rr irα + pψrα + ωrψrβ

0 = Rr irβ + pψrβ − ωrψrα

(2)

{
vsμ1 = Rsisμ1 + pLlsisμ1

vsμ2 = Rsisμ2 + pLlsisμ2
(3)

with the flux linkages⎧⎪⎪⎪⎨
⎪⎪⎪⎩
ψsα = Lsisα + Lmirα

ψsβ = Lsisβ + Lmirβ

ψrα = Lmisα + Lrirα

ψrβ = Lmisβ + Lr irβ

(4)

and the electromagnetic torque

Te = 3P(ψsαisβ − ψsβ isα) (5)

where v, i , ψ , T , R, and L illustrate voltage, current, flux link-
age, torque, resistance, and inductance, respectively. Subscripts
s, r , l, and m indicate stator quantities, rotor quantities, leakage
inductance, and magnetizing inductance, respectively. P and
p denote pole pairs and the derivative operator, respectively.
It is worth pointing out that the 6PIM model in the o1–o2

subspace has the same form of the μ1–μ2 subspace. However,
the studied 6PIM has two isolated neutral points, which avoids
zero-sequence currents.

Fig. 2. Block diagram of the sensorless IFOC scheme.

C. Rotor Flux-Based MRAS Speed Estimation System

In this article, the rotor flux MRAS-based speed estimator is
adopted to online update the rotor speed. The MRAS contains
two different models, namely, the voltage and current models,
which independently provide the α-axis and β-axis rotor
fluxes [20]. An adaptation law is designed based on nonlinear
stability theorems, such as the well-known Popov’s stability
method whereby the error equations of the estimated rotor
fluxes must fulfill Popov’s integral inequality. Accordingly,
the adaptation law is deduced as (6) like in [37]

ω̂r =
(

K p + Ki

s

)
�ω (6)

where K p and Ki are the proportional and integral gains,
respectively, and �ω is the speed tuning signal as [37]

�ω = ψ̂rαC ψ̂rβV − ψ̂rβC ψ̂rαV (7)

where subscripts V and C denote voltage and current models,
respectively, which will be described in more detail later.

D. Sensorless IFOC of 6PIM

The block diagram of the sensorless IFOC strategy for the
6PIM drive system is presented in Fig. 2. A conventional
current control strategy is provided by regulating the d–q syn-
chronous reference frame currents using proportional–integral
(PI) regulators. Similarly, the PI regulators are implemented
for control of μ1–μ2 current components, where the μ1–
μ2 current commands are set to zero for decreasing stator
copper losses. Because of two isolated neutral points topology
for 6PIM, the o1–o2 current controllers can be neglected by
considering v∗

o1 = v∗
o2 = 0. In this scheme, the rotor speed is

estimated by the MRAS technique and the rotor time constant
is obtained by the proposed algorithm based on the adaptive
observer, which will be discussed in Section III in detail. The
parallel estimation system provides Tr and ωr , simultaneously,
to ensure correct field orientation. The estimated speed is also
used in the outer speed control loop, which is not shown in
this figure.
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III. PROPOSED ADAPTIVE OBSERVER-BASED ROTOR

TIME CONSTANT ESTIMATOR

A. Preliminary Considerations

Starting from (2) and (4), after some manipulations,
the rotor flux can be calculated by the voltage model of the
6PIM as ⎧⎪⎨

⎪⎩
ψ̂rαV = Lr

Lm
(ψ̂sα − σ Lsisα)

ψ̂rβV = Lr

Lm
(ψ̂sβ − σ Lsisβ)

(8)

and by the current model of the 6PIM as⎧⎪⎨
⎪⎩

pψ̂rαC = Lm

Tr
isα − 1

Tr
ψ̂rαC − ω̂r ψ̂rβC

pψ̂rβC = Lm

Tr
isβ − 1

Tr
ψ̂rβC + ω̂r ψ̂rαC

(9)

where σ = 1− L2
m/Ls Lr is the leakage coefficient. Obviously,

the rotor flux provided by the voltage model is independent
of the rotor time constant, whereas for the one in the current
model, this dependence exists. Based on the well-established
rotor flux IFOC strategy, expressing the current model in the
d–q synchronous reference frame aligned with the rotor flux,
where ψrq = 0, yields

pψ̂r = Lm

Tr
isd − 1

Tr
ψ̂r (10)

where ψ̂rd is denoted by ψ̂r . With respect to (10), it is seen that
Tr cannot be obtained by the rotor flux and the stator current
information when the 6PIM is operated in the SS conditions
because

Lm

Tr
isd − 1

Tr
ψ̂r = 0 ⇒ ψ̂r = Lmisd . (11)

This is the reason behind the injection of the time-varying
component to the rotor flux command for continuously keep-
ing the excitation of the drive system. Thus, the command
value of the rotor flux is considered to be

ψ∗
r = |ψ̄r |∗ +
ψ∗

r (12)

in which the low-frequency component is expressed by


ψ∗
r = A∗

i sin ω∗
i t (13)

where A∗
i and ω∗

i are the amplitude and frequency of the
injected signal, respectively. Superimposing the introduced
sinusoidal perturbation
ψ∗

r on the rotor flux command causes
harmonic components with the same frequency in the voltage
and current model-based estimated rotor flux as well as the
stator current. Due to (2) and (8), the harmonic component of
the rotor flux obtained by the voltage model can be described
as follows:


ψ̂r V = AV sin
(
ω∗

i t + φV
)
. (14)

Similarly, the superimposed sinusoidal component of the rotor
flux by the current model (10) can be obtained in the following
way:


ψ̂rC = ACsin
(
ω∗

i t + φC
)
. (15)

Regarding (14) and (15), some points are highlighted as
follows.

1) The amplitude AV is a function of Lr , Ls , Lm , and
Rs , and the amplitude of the stator flux and current
harmonics due to the injected perturbation signal. These
parameters are supposed to be constant (Lr , Ls , and
Lm), measurable (voltage and current harmonics), and
identifiable (Rs). Hence, the modulus of the estimated
rotor flux by the voltage model can be assumed as a
reference parameter in the Tr estimation system.

2) The amplitude AC is a function of Lm , Tr , ω∗
i , and the

amplitude of the d-axis current harmonic Ad is due to
injected perturbation signal. AC can be calculated as

AC = Lm Ad√
ω∗2

i T 2
r + 1

. (16)

Hence, the rotor flux modulus, which is estimated by
the current model, is an adjustable-Tr parameter.

3) The same analysis can be extended to the phase angles
φV and φC . The phase angle φC can be written as

φC = φd − π/2 − tan−1
(
Trω

∗
i

)
(17)

where φd denotes the phase angle of the d-axis current
harmonic.

The aforementioned points are the main motivations for
devising a straightforward adaptive Tr estimation algorithm.
The proposed approach is based on online updating of Tr and
continuously checking the amplitude of 
ψ̂r V and 
ψ̂rC . For
this purpose, the amplitude of the superimposed components is
provided by the adaptive observer, which is basically inspired
by the nonlinear adaptive control theory [38]–[42]. Actually,
the adaptive observer is explored as an effective and possible
solution to online update Tr and to overcome the problem of
simultaneous estimation of Tr and ωr . The detailed formula-
tion and stability analysis will be introduced in the following.

It should be mentioned that the parameter estimation of
periodic signals is an important task in a variety of engineering
applications, where the online implementation requires compu-
tational efficiency, global stability, and fast convergence rate.
For this purpose, the Fourier analysis can be conventionally
employed, but it may be not a favorable technique for real-
time control applications due to batch processing of data [43].
A multitude of existing solutions, such as least-square method,
digital filters, and statistical analysis [40], [43], which are
mainly studied in the signal processing field, only guarantee
the local stability of the estimation. The adaptive observer-
based parameter estimation can provide all parameters of
a sinusoidal signal with the benefits of global asymptotic
convergence and fast convergence rate.

B. Problem Formulation

Assuming a general form of (14) and (15) as


ψ̂r x = y = Ax sin
(
ω∗

i t + φx
); x ∈ {V ,C} (18)

which obviously satisfies

ÿ = −ω∗2
i y (19)
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and assuming w1 = y and w2 = ẏ as state variables, the state-
space realization can be obtained as⎧⎪⎨

⎪⎩
ẇ1 = w2

ẇ2 = −ω∗2
i w1

y = w1.

(20)

By defining the coordinate transformation as [39]{
z1 = w1.w2

z2 = 0.5w2
1

(21)

the new state-space realization is rewritten as{
ż = A0 z + ξ(y f , u)

y f = C0 z
(22)

with

A0 =
[

0 −4ω∗2
i

1 0

]
, C0 = [1 0], ξ =

[
axω

∗2
i

0

]

where ax = A2
x . Using the state-space model in (22),

the amplitude-adaptive state observer as{ ˙̂z = A0 ẑ + ξ̂ (y f , u)+ K (z1 − ẑ1)

ŷ f = C0 ẑ
(23)

with constant gain matrix K , guarantees that the estimation
errors asymptotically tend to zero for any initial condition.

C. Amplitude Estimation System

From (22) and (23), the state estimation errors can be
described as

ė = ż − ˙̂z = (A0 − K C0)e +
ξ(y f , u) (24)

where


ξ(y f , u) = 
ax

[
ω∗2

i
0

]

ax = ax − âx .

Here, the Lyapunov’s stability theory is employed to devise
the amplitude adaptation law as well as to ensure the global
asymptotic convergence of the observer. For this, the Lyapunov
candidate function is introduced as

V = eT e + 
a2
x

ζ
(25)

where ζ is a constant positive gain. The time derivative of the
Lyapunov function is given by

V̇ = ėT e + eT ė + 2
ax
ȧx

ζ
. (26)

By neglecting the variation of ax in the observer time scale,
i.e., ȧx = 0, and regarding (24), (26) can be written as

V̇ = eT [(A0 − K C0)
T + (A0 − K C0)]e

+
ξT (y f , u)e + eT
ξ (y f , u)− 2
ax ˙̂ax

ζ
. (27)

When the first-order time derivative of the Lyapunov function
(27) is a negative definite while the Lyapunov function is
a positive definite, sufficient conditions for the asymptotic

stability of the observer are obtained. The first term in (27)
can be designed in such a way that the eigenvalues of the
[A0 − K C0] matrix are located in the left half of the complex
plane. Furthermore, if the gain matrix K is properly selected,
the error dynamics tend to zero with adequate speed. The
Lyapunov stability condition is met if the remaining terms
satisfy


ξ T (y f , u)e + eT
ξ(y f , u)− 2
ax ˙̂ax

ζ
= 0 (28)

which yields the adaptation law of the amplitude squared

˙̂ax = ζω∗2
i ez1 (29)

where ez1 = z1 − ẑ1. Thus, the amplitudes of the rotor
flux harmonics from voltage and current models are updated
according to (29) and considering Âx = √

âx . A trial-and-
error technique is employed to provide the proper ζ gain for
amplitude estimation process.

D. Sine Wave State Observer

As described in (29), the amplitude adaptation law is based
on z1 = w1.w2 state variable, which means that the introduced
adaptive observer needs the derivative of the superimposed
sinusoidal waveform. This is an unfavorable feature for the
adaptive observer because not only does it require more
information about the system but also it may be difficult to
retrieve such a noisy signal with an acceptable signal-to-noise
ratio. Aiming to solve this problem, a sine wave state observer
is developed according to the well-established state observer
design theories.

Recall the state-space realization (20) in Section III-C,
which is rewritten here as{

ẇ = A1w

y = C1w
(30)

where ẇ = [ẇ1 ẇ2]T , w = [w1 w2]T , C1 = [1 0], and

A1 =
[

0 1
−ω∗2

i 0

]
.

Regarding the observability matrix

O = [
CT

1

∣∣ AT
1 CT

1

]
(31)

is a full-rank matrix, i.e., Rank(O) = 2, the state-space model
(30) is completely observable. The sine wave state observer is
introduced as { ˙̄w = A1w̄ + L(y − ȳ)

ȳ = C1w̄
(32)

where L denotes the observer feedback gain matrix. By deduc-
ing (32) from (30), the observer error equation is obtained as

ė = (A1 − LC1)e (33)

where e = w − w̄. It is obvious that the dynamic behavior of
the errors is in relation with the eigenvalues of the [A1 − LC1]
matrix. In this article, the observer gain matrix is determined
to ensure that the [A1 − LC1] matrix is stable, which in turn
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Fig. 3. Block diagram of the proposed amplitude estimation system.

Fig. 4. Block diagram of the proposed MRAS-based Tr estimation system.

leads to a convergent sine wave state observer for any initial
value of the error.

By introducing the sine wave state observer, the parameter
z1 = w1w2 in (23) and (29) is replaced with z̄1 = w̄1w̄2.
The procedure for estimating the amplitude of the sinusoidal
waveform is summarized in Fig. 3. It consists of the sine wave
state observer and the amplitude-adaptive observer, where the
first one is used to provide the new subordinate state variable
z̄1, and the second one establishes the amplitude estimation
system.

E. MRAS-Based Rotor Time Constant Estimation System

The block diagram of the proposed MRAS-based Tr esti-
mation system is shown in Fig. 4. The superimposed low-
frequency components are provided from the voltage model
(
ψr V ) and the current model (
ψrC ) by subtracting the
estimated rotor flux from its averaged value within a particular
interval. Considering (10), it should be highlighted that the
dc offset in the estimated rotor flux is not influenced by Tr .
The amplitude of the superimposed components is obtained
by the introduced amplitude estimation system. The value of
the rotor time constant is online tuned in such a way that the
error between estimated amplitudes from voltage model AV

and current model Ac is decreased. Here, an adaptation law is
introduced for online updating Tr using the Lyapunov stability
theorem. For this purpose, the time derivative of AC is written
as

ȦC = ˙̂Tr
d AC

dT̂r
(34)

which regarding (16) can be simplified as

ȦC = −k1T̂r
˙̂Tr A3

C (35)

Fig. 5. Convergence of the proposed Tr estimator with different λ gains for
(a) −50% and (b) −25% initial errors in Tr at 34% rated speed and rated
load torque (simulation results).

Fig. 6. Convergence of the proposed Tr estimator with different λ gains for
(a) +50% and (b) +25% initial errors in Tr at 34% rated speed and rated
load torque (simulation results).

where k1 = ω∗2
i /(Lm Ad)

2 is a positive constant. Now, the esti-
mation error signal is presented as

eT = AV − AC (36)

and the error dynamics can be accordingly calculated as

ėT = ȦV − ȦC = − ȦC = k1T̂r
˙̂Tr A3

C . (37)

In (37), it is assumed ȦV ≈ 0 because AV is independent
of the rotor time constant. Consider the following Lyapunov
function candidate:

VT = e2
T (38)

which calculating its time derivative, with consideration of
(37), yields

V̇T = 2eT ėT = 2eT k1T̂r
˙̂Tr A3

C . (39)

Given T̂r > 0, A3
C > 0, and k1 > 0, an adaptation law as

T̂r = −λ
∫
(AV − AC)dt (40)

with λ > 0, sufficiently ensures the asymptotic stability of
the rotor time constant estimation system because substituting˙̂Tr = −λeT in (39) obtains

V̇T = −2λk1T̂r A3
C e2

T < 0 (41)

which is a negative definite function.
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Fig. 7. Pole placement of observer for different gain values. (a) [A0 − K C0]
matrix for different values of ka . (b) [A1 − LC1] matrix for different values
of la .

IV. SIMULATION AND EXPERIMENTAL VALIDATION

A. Simulation Analysis

To verify the analytical discussion obtained so far, a num-
ber of simulations have been carried out using the MAT-
LAB/Simulink environment. The selected simulation results,
demonstrating convergence of the proposed Tr estimation
systems for different initial errors of Tr and estimator’s gains
λ, are shown in Figs. 5 and 6. The underestimated and
overestimated Tr take the values [0.5 0.75] and [1.25 1.5]
in per unit, respectively. As can be seen, the estimated Tr is
converged to the real value when it is activated at t = 4 s,
in which its convergence rate depends on λ. A large enough
value for λ increases the convergence rate and eliminates the
SS error of the estimator, thus allowing the fast tracking of
Tr . However, an exaggerated value, for example, λ = 10, may
cause overshoot (for underestimation case) or undershoot (for
overestimation case). Selection of λ = 3 ensures acceptable
transient and SS performance for simulations. Such a tuning
method has been employed for obtaining the appropriate value
of λ in experiments.

It is worth mentioning that the gain matrices K and L
are determined using pole placement in such a way that the
observer poles move to the left of the system poles. For the
sine wave state observer, selecting L = [la 0]T obtains the
characteristic polynomial as

|s I − (A1 − LC1)| = s2 + las + ω∗2
i (42)

where la > 0 is enough to provide a Hurwitz stable poly-
nomial. In a similar way, selecting K = [ka 0]T provides a
Hurwitz polynomial for amplitude observer. The trajectory of
the observer poles for different gain values is shown in Fig. 7.
As can be seen for both cases, a very large gain leads to
a dominant pole close to the origin, whereas a very small
gain causes complex conjugate poles close to the imaginary
axis. Adopting ka = 4ω∗

i and la = 2ω∗
i offers an acceptable

response with fast convergence rate for amplitude and sin wave
observers, respectively.

Fig. 8. Configuration of the experimental test bench.

TABLE I

PARAMETERS OF 6PIM

B. Test Bench

The configuration of the experimental test bench is shown
in Fig. 8. The test bench is based on the TMS320F28335 dig-
ital signal controller (DSC) programmed through code com-
poser studio (CCS) development environment. The digi-
tal motor control (DMC) and IQmath libraries have been
employed to provide optimized code. The switching frequency
is 8 kHz with a dead band of 2 μs. The machine is fed
from two three-phase converters connected to a 300-V dc
power supply. The experimental results have been captured
using serial communications interface (SCI) module on the
eZdsp F28335 board and Advantech PCI-1716 data acquisition
card and then plotted by MATLAB. An incremental encoder
with 2500 pulses/revolution has been used to measure the
rotor speed for validation purposes. Two IGBT-based VSIs
are implemented to supply 6PIM and maintain load torque.

A 1-hp three-phase induction motor has been rewound to
provide an asymmetrical 6PIM, in which its specifications are
shown in Table I. It should be mentioned that, in general,
the sensorless techniques may be more attractive for low-
power ranges (less than 20 hp) because cost- and size-saving
aspects are more important for low-power applications, while
the overall cost of high-power components dominates the cost
of the control system, including the transducers. Nevertheless,
the proposed estimation system can be used for higher power
ranges. In this regard, the sensitivity function of the estimation
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error signal with respect to a detuned Tr as

∂eT

∂(
Tr )
= − Ad Lm Trω

∗2
i√(

1 + ω∗2
i T 2

r

)3
(43)

shows that it is less affected by Tr changes for high-power
machines due to larger Tr and smaller Lm . On the other hand,
the high-power machines have better noise immunity because
of higher level of the rated values.

C. Underestimation of Tr

In this test, the 6PIM is operated with an underestimated
value of Tr at 34% rated speed (ωr = 100 rad/s), rated load
torque (TL = 2 Nm), and rated rotor flux (ψ∗

r = 0.4 Wb).
The frequency and amplitude of the injected signal are chosen
as 10% and 5% rated values, respectively, in all experiments.
The validity of the proposed Tr estimator is confirmed if it
replaces the detuned Tr value with its correct value when the
estimation process is turned on. The initial value for Tr is
set to 0.75Tr and 0.5Tr . Fig. 9(a) shows the experimental
results of the Tr estimation process, rotor speed error, and
the superimposed rotor flux components by the voltage and
current models, i.e., 
ψ̂r V and 
ψ̂rC . When the Tr adaptation
is activated at t = 2 s, Tr is converged to its real value. During
the Tr mismatch, the superimposed component by the current
model is higher than the component provided by the voltage
model, in which this error vanishes immediately.

D. Overestimation of Tr

In Fig. 9(b), the sensorless drive system is executed to verify
the effectiveness of the proposed Tr estimation system for
overestimated values of Tr . The initial detuning in Tr takes the
values of 150% and 200% of the actual value. It can be seen
that overestimated Tr produces the speed error in the reverse
way of the underestimated one. The error between the real
and the estimated speeds as well as the error of superimposed
components is removed when Tr reaches the real value using
the proposed adaptation mechanism.

E. Low-Speed Operation

The low speeds together with the applied high load torque
are the most critical region for many Tr identification algo-
rithms due to multiple problems, such as instability [8],
immeasurable higher order harmonics [6], and considerable
error in the observed state variables [35]. For this purpose,
some experiments are carried out to show the performance
of the proposed Tr estimation system at the low-speed region.
Fig. 10(a) reflects these results at 1.7% rated speed, 50% rated
load torque, and rated rotor flux. In this case, the sensorless
6PIM drive system is run for both overestimated and underesti-
mated Tr . It is evident that the rotor time constant is recovered
after its activation at t = 2 s. The lower rate of convergence
of the Tr estimation process is observed because of the lower
level of input tuning signal. However, supposing that only
the temperature-induced changes in the rotor time constant,
the convergence rate seems enough because a sudden change
of Tr is practically rare in normal operation. The estimated

Fig. 9. Experimental results of the Tr adaptation behavior for (a) underesti-
mated and (b) overestimated initial values at 34% rated speed and rated load
torque.

amplitudes AV and AV of the superimposed components are
also shown in Fig. 10(a), where the Tr adaptation removes the
produced error between AV and AC .

F. No-Load Operation

In this test, the drive system is allowed to work with detuned
Tr values under no-load condition at 4.8% rated speed for
±50% initial error in the Tr value. The results of this test are
shown in Fig. 10(b). As with previous tests, the rotor time
constant is accurately converged to its real value after some
time. Furthermore, it can be seen that the Tr mismatch has a
lower effect on the speed error under no-load condition. The
produced oscillations of the speed error around the zero point
are suppressed after Tr correction.

G. Speed and Load Changes

The performance of the proposed Tr estimation system
under speed and load changes is investigated in this section.
Fig. 11(a) shows the results of Tr adaptation behavior under



5460 IEEE JOURNAL OF EMERGING AND SELECTED TOPICS IN POWER ELECTRONICS, VOL. 9, NO. 5, OCTOBER 2021

Fig. 10. Experimental results of the Tr adaptation behavior at (a) 1.7% rated
speed under 50% rated load torque and (b) 4.8% rated speed under no load
condition.

speed changes from 17% to 34% rated speed and vice versa at
the rated load torque. The experimental results of Tr estimation
process under load torque changes from 0% to rated value at
34% rated speed are shown in Fig. 11(b). The related stator
current waveforms for each test scenario are also included
in these figures. These scenarios reveal that the proposed
estimator tracks very closely the actual Tr when sudden
speed and load changes take place at SS condition. Hence,
the robustness of the proposed estimator against speed and
load toque disturbances can be observed. On the other hand,
these results confirm that the injected low-frequency signal
has a negligible impact on the SS torque response because of
its low amplitude, while the speed response is less affected
due to the natural filtering performed by the mechanical part.
It should be highlighted that the impact of the injected signal
will be intensified at very low-speed regions.

H. Stator Resistance Mismatch

The aim of this section is to demonstrate the negative
effect of Rs mismatch on Tr estimation system, accordingly,
importance of applying an Rs compensator to solve this
problem. It should be mentioned that this problem is common

Fig. 11. Experimental results of Tr adaptation behavior for (a) speed changes
from 17% to 34% rated speed and vice versa under rated load and (b) load
torque change from 0% to rated load at 34% rated speed.

among many model-based Tr estimation systems. However,
it is maturely investigated in previous works; hence, there are
a multitude of possible solutions to deal with it.

According to (8), the voltage model of the 6PIM is affected
by the stator resistance mismatch when the value set for Rs

on the controller differs from its real value on the motor.
Actually, besides Tr , Rs may vary due to thermal drift impact.
Inaccuracies in the stator resistance can dramatically over-
shadow the performance of the sensorless IFOC of the 6PIM,
particularly at low speeds, where the magnitude of the induced
back electromotive force (BEMF) decreases and becomes
comparable with the voltage drop across Rs . The high-speed
operation is marginally degraded by the Rs mismatch because
the voltage drop across Rs is negligible compared to the BEMF
magnitude. Fortunately, many works have been developed
to tackle this problem ranging from Rs linear mapping by
temperature sensor [17] and online identification of Rs [15],
[35] to modified estimation of the stator flux [20].
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Fig. 12. Experimental results of the Tr adaptation behavior at 17% rated
speed and rated load torque under (a) −30% and (b) +30% stator resistance
mismatch with conventional and compensated voltage models.

This article takes Rs mismatch into account by implement-
ing a compensated voltage model, instead of the conventional
one, as described in [20], where the voltage model was
modified using a supertwisting-algorithm-based second-order
sliding mode (ST-SOSM) technique as follows:{ ˙̂ψsα = −Rsisα + vsα − f (eiα)

˙̂ψsβ = −Rsisβ + vsβ − f (eiβ)
(44)

where f (eiα) and f (eiβ) are two corrective terms as a function
of the current error according to the supertwisting algorithm
(STA) [20], which can be generally defined as

f (s) = −α|s|0.5sign(s)− β

∫
sign(s)dt (45)

where α and β are the constant parameters of STA. It should
be emphasized here that the described ST-SOSM voltage
model is one possible solution to solve the problem of Rs

uncertainty, whereas the other compensation techniques, more
straightforward or even sophisticated techniques, can also be
implemented.

Some experiments are performed to investigate the impact
of the stator resistance mismatch on the proposed Tr estimation
system. Fig. 12(a) and (b) shows the behavior of the sensorless
drive scheme equipped with the proposed Tr estimator at 17%
rated speed and the rated load torque, under ±30% stator resis-
tance mismatch with conventional and compensated voltage
models. As expected, the conventional voltage model fails to
estimate Tr correctly when the stator resistance is intentionally
changed at about t = 12 s, which leads to speed errors and
oscillations. The compensated voltage model ensures accurate

TABLE II

COMPARISON ITEMS

Fig. 13. Spider diagram for qualitative comparison between the proposed
method and [6], [8], [16], [27], and [29].

Tr estimation during overestimation and underestimation of
the stator resistance.

I. Overall Analysis and Comparison

A qualitative comparison with prior arts, presented in [6],
[8], [16], [27], and [29], clarifies the advantages and dis-
advantages of the proposed scheme. Furthermore, for some
comparison indices, a quantitative comparison between the
proposed method and [29], as the closest work, is reported by
numerical simulations. The qualitative comparison has been
performed by technical discussion and results of the afore-
mentioned papers as well as the simulation and experimental
results of this article. There are multiple indices to evaluate
such a system, which are tabulated in Table II. A summary
of comparison, which is also shown in Fig. 13 as a spider
diagram, is as follows.

Item 1: One drawback of the proposed estimation sys-
tem, besides [6], [8], [16], and [29], is the Rs depen-
dence, which is a temperature-dependent parameter. The
method presented in [27] removes this dependence using
a rotor slot harmonic-based speed estimator. Hence,
a supplementary technique for considering Rs variations
is necessary to ensure an accurate estimation of Tr ,
which was discussed in Section IV-H. The EKF tech-
nique, presented in [16], inherently compensates the Rs
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Fig. 14. Quantitative comparison of the proposed Tr estimation system
and [29] using numerical simulations. (a) SS adaptation ability (item 3).
(b) Adaptation ability under speed changes (item 4). (c) Fast and global con-
vergence properties (item 6). (d) Dynamic response of the torque-producing
stator current (item 9).

variations and, hence, takes a higher score against [6],
[8], and [29] and the proposed scheme.
Item 2: The application range of the transient response-
based Tr estimation systems (see [6]) is limited. The
proposed technique, besides [8], [16], [27], and [29],
can track actual Tr value at SS condition without need
for transient response of motor’s characteristic (see
Section IV-G).
Item 3: This index considers SS adaptation ability of
Tr , especially at low speeds, regardless of parameter
dependence, because the latter case was discussed in
item 1. As reported in [8], the method is penalized by
a potential instability problem at low speeds due to the
change of sign of Tr error. On the other hand, for the sig-
nal injection-based techniques, i.e., the proposed method
and [29], the superimposed sinusoidal component is
deteriorated by the low-frequency harmonics at low
speeds. However, the proposed scheme can accurately
track the distorted ac components by the amplitude-
adaptive observer, whereas the method mentioned in [29]
may suffer from SS estimation errors, especially at low
speeds. The underlying reason is that the adaptation law
of the proposed method, defined by (40), can eliminate
the SS errors by the integral gain, whereas [29] considers
a predefined threshold value to judge the convergence
of the estimation algorithm. This issue is clarified by
the comparative results shown in Fig. 14(a), where the
speed command is 4.8% rated speed under rated load
torque. Hence, the proposed method with [16] and [27]
has better performance from this point of view (see
Section IV-E).
Item 4: As discussed in [29], the method cannot follow
the actual Tr when the speed command or load torque
is changed largely. On the other hand, the method pre-
sented in [6] just tracks Tr value under speed transients.
However, the proposed method and [8], [16], and [27]

can execute under both speed and load torque changes
(see Section IV-G), where the proposed method and
the EKF method present a better dynamic behavior,
in which this property will be more discussed in the
next items. Fig. 14(b) shows the adaptation capability of
the proposed Tr estimation scheme in comparison with
[29] during consecutive speed changes under rated load
torque.
Item 5: From simplicity viewpoint, the EKF method [16]
is always criticized for its high computational burden.
Real-time implementation of the particle swarm opti-
mization (PSO)-based Tr estimation system, presented
in [27], is also a challenging task for a wide range of
digital processors. However, Akatsu and Kawamura [6]
and Wang et al. [29] presented more simple techniques.
The proposed method in comparison with [29] requires
more computational effort because the adaptation law of
[29] is more simple without need for amplitude-adaptive
observer.
Item 6: The proposed method with [16] follows the
actual Tr with a fast convergence rate and global sta-
bility. For the proposed technique, the fast convergence
rate can be obtained by an appropriate selection of λ
(see Section IV-A). However, the methods mentioned
in [6], [27], and [29] may not meet the global conver-
gence property and fast convergence rate simultaneously,
for a wide range of speed. In this regard, Fig. 14(c)
compares the convergence rate of the proposed tech-
nique and [29] at about 2% rated speed without load
torque. Furthermore, the technique mentioned in [8] uses
inherent small-signal dynamics, which always puts the
drive system under the quasi-SS condition, where their
relatively small amplitude reduces the convergence rate.
Item 7: Because of the superimposed sinusoidal compo-
nent of the rotor flux, the low-frequency ripples appear
in the torque and speed response for the proposed
scheme and [29], whereas the methods presented in [6],
[8], [16], and [27] are free from this type of ripples.
It should be noted that the performance of the drive
system is marginally affected by the injected signal due
to its low amplitude.
Item 8: It is well known that the rotor slot harmonic-
based speed estimators carry out the estimation process
at the expense of poor dynamic performance, and hence,
the method mentioned in [27] is overshadowed by poor
dynamic performance of the speed estimator, whereas
the MRAS speed estimator (proposed scheme and [8]
and [29]) or EKF technique [16] offers a better dynamic
behavior.
Item 9: This item can be considered as another interpre-
tation of item 6 because, during Tr mismatch, the torque
response is neither instantaneous nor commanded value.
For this reason, the proposed technique and EKF [16]
offer better performance from this point of view. In order
to clarify this discussion, a comparison of the torque-
producing current between the proposed method and
[29] is presented in Fig. 14(d). In this test scenario,
the speed command is about 2% rated speed with
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rated load torque. It can be seen that the iq value is
erroneously provided during Tr mismatch so that the
proposed technique recovers the real Tr faster.

In summary, the main motivation of this article is to tackle
the main shortcomings of the existing parallel Tr and ωr

estimation systems. The proposed scheme, against the transient
response-based techniques such as [6], can provide the accu-
rate Tr in the SS condition, where the torque and speed have
no changes. The convergence rate of the proposed technique
is comparable to the EKF technique [16], while its complexity
is lower. The SS adaptation ability at low speeds and the
adaptation ability under load and speed changes are the other
attained merits in comparison to [8] and [29], respectively.
The Rs-dependence of the proposed approach can be relaxed
using well-developed Rs adaptation techniques.

V. CONCLUSION

The main objective of this study is to provide a parallel
estimation system of the rotor time constant and the rotor
speed in sensorless IFOC of IM. Since the simultaneous
estimation of Tr and ωr is impossible under the SS due to
constant rotor flux, a low-frequency harmonic was injected to
the rotor flux to obtain additional excitation for Tr adaptation.
An amplitude-adaptive observer was proposed to detect the
amplitude of the injected harmonic using voltage and current
models. In this way, a sine wave state observer was introduced
to observe the state variables of the superimposed component.
Based on the detected amplitude, a novel MRAS-based Tr

estimation system was proposed. Lyapunov’s stability theorem
was employed to ensure the asymptotic convergence of the
proposed Tr identification system. The performance of the
proposed Tr estimation system was experimentally verified in
a 6PIM test bench as a case example. Nevertheless, the pro-
posed method can be used for other multiphase IMs. The
merits of the proposed Tr estimator were highlighted by a
qualitative comparison of the existing schemes. To alleviate the
destructive effect of Rs mismatch on the proposed Tr estimator,
a compensated voltage model of the 6PIM was employed,
where the related experiments showed its effectiveness.
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