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Abstract: A tilt-rotor aircraft has three flight modes: helicopter
mode, airplane mode and conversion mode. Unlike the traditional
aircraft, the tilt-rotor aircraft, which combines the characteristics
of helicopters and fixed-wing aircraft, is a complex multi-body sys-
tem with the violent variation of the aerodynamic parameters. For
these characteristics, a new smooth switching control scheme is
provided for the tilt-rotor aircraft. First, the reference commands for
airspeed and nacelle angles are calculated by analyzing the con-
version corridor and the conversion path. Subsequently, based on
the finite-time switching theorem, an average dwell time condition
is designed to guarantee the stability in the switching process. Be-
sides, considering the state vibrations and bumps may appear in
switching points, the fuzzy weighted logic is employed to improve
the system transient performance. For disturbance rejection, three
extended state observers are designed separately to estimate the
disturbances in the switched systems. Compared with the tradi-
tional auto disturbance rejection control and proportion integration
differentiation control, this method overcomes the conservatism of
wasting the whole model information. The control performances
of robustness and smoothness are verified with simulation, which
shows that the new smooth switching control scheme is more tar-
geted and superior than the traditional design method.
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1. Introduction

Unlike the traditional aircraft, a tilt-rotor aircraft can
change its configuration by tilting the nacelle, and it pro-
vides a variety of flight characteristics as it converts from
the helicopter mode to the aircraft mode [1,2]. It is for this
reason that it can enhance civil or military transportation.
However, the disadvantages are also unavoidable. First,
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the flight dynamic of the tilt-rotor aircraft is much more
complex than that of the traditional flight vehicles. Mean-
while, the system suffers from high interference when the
aerodynamic configuration changes [3].

There are so many control schemes applied to tilt-rotor
aircraft. In [4], the flight control law of a tilt-rotor air-
craft was designed with the help of the inner/outer loop
control structure. In [5], the nonlinear trajectory tracking
controller for a tilt-rotor unmanned aerial vehicle (UAV)
was designed using the dynamic model inversion technique
integrated with the adaptation of neural networks. In [6],
based on an optimal control concept, an online optimiza-
tion control method was developed for the tilt-rotor UAV.

However, due to the violent aerodynamic change in tilt-
rotor aircraft, a single controller may not satisfy the con-
trol precision, stability, reliability and other requirements
of this complex flight system [7]. To solve this problem,
a common multi-modes control scheme was proposed as
the gain scheduling method [8]. The author developed a
gain scheduling method for the tilt-rotor aircraft altitude
control in [9], whereby the tilt-rotor frame pitch angle was
selected as the scheduled variable of the off-line controller.
Kong et al. [10] designed the classical proportion integra-
tion differentiation (PID) for the vertical flight stage and
the backstepping controller for the transition flight. The
two controllers are scheduled by the flight trajectory. Al-
though the gain scheduling method is attractive, it may not
guarantee the stability in the switching process, not to say
the required performance over the full operating envelope
of the system [11].

In such cases, drawing the lessons from the multi-model
switching idea in [12,13], the author designed a multi-
modes adaptive control for the tilt-rotor aircraft in [7].
However, this nonlinear switching control algorithm ne-
glects the rotor inflow dynamic characteristic, which is
computed by the iteration calculation in the practical flight
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process [14]. For this reason, it is difficult to simply im-
plement some traditional nonlinear control methods to the
tilt-rotor aircraft, which are based on the exact feedback
linearization technique.

To deal with the mentioned problem, recently, some re-
searchers focus on utilizing some novel multi-modes con-
trol algorithms on tilt-rotor aircraft. Sun et al. [15] pro-
posed the switching conditions to maintain the stability of
the tilt-rotor aircraft switching process. To further facilitate
the practical use of the gain scheduling method in the tran-
sition process of the tilt-rotor aircraft, Lu et al. [16] studied
the developed gain scheduling algorithms based on the cor-
rected generalized corridor. However, owing to the reason
that the tilt-rotor aircraft needs to track different velocity
signals with the nacelle tilting in the conversion corridor,
the mentioned multi-modes control algorithms lead to two
hidden troubles. First, the transition process of the tilt-rotor
is unsmooth within the conversion corridor. Besides, the
sudden switch may make the control signal jump in the
switching point, which will bring the undesirable transient
responses named bump [17]. The bump will activate the
high-frequency dynamic characteristics that we have ne-
glected in the small perturbations linearized method, which
will further lead to mechanical damage, fatigue loading, or
signal saturation [18].

In such cases, this paper can be inspired by smooth
switching methods [19,20]. It is worth mentioning that,
in these methods, the emergence of bumpless switching
technique effectively reduces the control signal jumps and
unsatisfactory performance caused by switching [21]. The
idea of it is to force the output of the activated controller
to be equal to the plant input at the switching time [22].
However, this method has a heavy computing burden, be-
cause it needs to calculate the system closed-loop dynam-
ics between each off-line controller and bumpless transfer
compensator in real time.

Besides, in the field of smooth switching, He et al.
[19] developed the controllers for flexible airplane wing
by minimizing the index of H2 output performance and
smoothness. Jiang et al. [23] was concerned with a system-
atic method of linear parameter varying (LPV) controller
design for a morphing aircraft. Jiang et al. [24] designed
the smooth switching control law based on the interpo-
lation approach. But regrettably, although there are much
progress made by the above literature, these methods have
not been introduced to the research field of tilt-rotor air-
craft yet, which causes the smooth transition control prob-
lem of this complex, changeable aircraft far from being
solved.

Motivated by those mentioned above, a smooth switch-

ing controller based on the extended state observer (ESO)
is proposed in this paper. The scheme of the smooth
switching controller is novel in the sense that, based on
the analysis of the conversion corridor, the conversion path
is given. In contrast to the normal case, as the nacelle tilts,
the transition of the tilt-rotor aircraft is a switch process
with the sequence constraints. Thus, we propose a family
of feedback stabilizing controllers as local controllers by
satisfying the average dwell time (ADT) conditions. To re-
duce the bumps in the switching points, the flight states
based fuzzy weighted strategy is employed as a measure
for ‘smoothness’, which realizes the online calculation of
the matching degree between the current dynamics and
each sub-controller. In this way, it reconfigures the control
law. For disturbance rejection, three ESO for each chan-
nel are respectively combined with this model-based con-
trol scheme, which avoids the waste of all the model infor-
mation in the traditional auto disturbance rejection control
(ADRC) technique [25,26].

By applying both the proposed control scheme and in-
ner/outer loop based PID to the nonlinear tilt-rotor model,
the simulation comparison results demonstrate that the sta-
bility, robustness and smoothness of the proposed method
are more superior to those of the traditional PID.

2. Problem description

2.1 Nonlinear model of tilt-rotor aircraft

A tilt-rotor aircraft has three flight modes: helicopter
mode, airplane mode and conversion mode. Table 1
shows the relationship between the nacelle angle βM

and different flight modes. During the conversion from
the helicopter mode to the airplane mode, the flight me-
chanics (Fx, Fy, Mz) has complicated nonlinear math-
ematical relationships with the variables (Vx, Vy , ωz, θ,

δc, δlong, δe, βM ). For the details of aerodynamic forces
calculation, one can refer to [27,28]. According to the
above-cited modeling method, the complete nonlinear
flight dynamic mathematical model of a tilt-rotor aircraft
is built in the simulated environment of Matlab/Simulink,
of which the primary purposes are: (i) to calculate the con-
version corridor and the conversion path of the tilt rotor;
(ii) to acquire the linear models in the trim points; (iii) to
apply the control law to the nonlinear aircraft to verify the
effect of the control law.

Remark 1 Considering the decoupling conditions in
[29], this study decouples the longitudinal channel and the
lateral channel for the convenience of design.

The formulation of the nonlinear model is briefly given
as (1) for the completeness concern.

ẋ = f(x, u, βM ) =
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−ωzVy − g sin θ +
Fx(x, u, βM )

mB

ωzVx + g cos θ +
Fy(x, u, βM )

mB

Mz(x, u, βM )
Iyy

ωz

⎤
⎥⎥⎥⎥⎥⎥⎥⎥⎥⎦

(1)

where x = [Vx Vy ωz θ]T denotes the state vector;
u = [δc δlong δe]T denotes the input vector; Iyy denotes
the rotational inertia; Fx and Fy denote the net forces along
the X-axis and Y -axis in the Soviet body coordinate sys-
tem; Mz is the pitch moment.

Fx, Fy and Mz can be described as

⎧⎨
⎩

Fx = FxR + FxW + FxF + FxHT + FxV T

Fy = FyR + FyW + FyF + FyHT + FyV T

Mz = MzR + MzW + MzF + MzHT + MzV T

.

(2)
As a result, the whole flight longitudinal model is estab-

lished.
Remark 2 In contrast to [30], this simulation model

considers the effect of the rotor wake on the other aerody-
namic surfaces and the nacelle tilting dynamics, so it is bet-
ter to reflect the characteristics of large parameter changes
caused by mode transition.

Table 1 Tilt-rotor aircraft at different flight modes

Mode Helicopter mode Conversion mode Airplane mode

Rotor position

 

Nacelle angle/(◦) 90 0 < βM < 90 0

2.2 Conversion corridor and conversion path

During the whole transition process, the desired motion is
the one that can keep the altitude unchanged and drive the
airspeed velocity to increase monotonically within the safe
conversion corridor. As the nacelle tilts, the lower bound-
ary of the conversion corridor is limited by wing stall,
which means the tilt-rotor aircraft is not permitted flying
with excessive low speed for fear of wing stall. The upper
boundary of the conversion corridor is relative to engine
power, the aircraft construction, etc.

All of the above limitations are considered in the model-
ing process. Thus, the conversion corridor can be obtained
by the trim calculation, which is shown as Fig. 1.

Fig. 1 Conversion corridor

Taking the conversion corridor into consideration, the
conversion path is defined as below.

Definition 1 The conversion path Scp is{
βM = r(t), t ∈ [T0, Tf ]
Scp = f(βM , V ∗) (3)

where r(t) (t ∈ [T0, Tf ]) denotes the scheduling rule of
the nacelle angle, which will be given in the simulation
section; V ∗ is the corresponding airspeed, which can be
divided into the horizontal component Vx and the vertical
component Vy .

In general, there are so many possible tilting transition
curves in the conversion corridor, as mentioned in [31],
such as transition with a constant power or transition with a
constant airspeed. The transition process in this paper aims
at altitude maintenance, which demands that the reference
value of Vy should always be zero to prevent falling. In
addition, the pitch angle of the aircraft should make slow
changes at low speeds. Satisfying the above requirements,
the Gaussian function (4) is used to fit the curve of the con-
version path, and the corresponding results can be seen in
Fig. 2.
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Fig. 2 Conversion path



818 Journal of Systems Engineering and Electronics Vol. 31, No. 4, August 2020

Assume that the nonlinear system (1) is differentiable
everywhere. We propose the linear model sets in the opera-
tion region by a perturbation method, which can be de-
scribed as

ẋ =
f

x

∣∣∣∣
[x(βM ,V ),u(βM ,V )]

(x − xρ)+

f

u

∣∣∣∣
[x(βM ,V ),u(βM ,V )]

(u − uρ). (5)

where xρ and uρ denote the state vector and input vector
in equilibrium points.

By setting
f

x

∣∣∣∣
[x(βM ,V ),u(βM ,V )]

as Aρ,

f

u

∣∣∣∣
[x(βM ,V ),u(βM ,V )]

as Bρ, the switched system of tilt-

rotor aircraft can be rewritten as

ẋ = Aρx + Bρu + f . (6)

Based on the above mathematic model, three issues will
be discussed in this paper.

Question 1 Construct the switching signal σ(t) and
the corresponding controllers to ensure the stability of the
closed-loop system and the switching process.

Question 2 Improve the transient performance of the
flight control system when the switching signals occur.

Question 3 Reduce the influence of the disturbance f

and enhance the robustness.

3. Controller design

The control structure is depicted in Fig. 3.

Fig. 3 Control structure

3.1 ESO design

As we know from the tilt-rotor nonlinear model (1), it is
the airframe component that is disturbed by the external
factors, which causes that the disturbance of the system is
related to the aerodynamics Fx, Fy and Mz .

Based on these, the external disturbance f is added to
the states Vx, Vy and ωz , which have direct mathematical
relations with Fx, Fy and Mz in (1). In this paper, a class
of disturbance f satisfying the matching condition is con-
sidered, with the form of Bρd as (13).

Then, we design three ESOs to observe the states and
disturbances.

It can be derived that the ESO [32] for observing Vx is

{
ż11 = z12 + Aρix + Bρiu − 2ω01(z11 − Vx)
ż12 = −ω2

01(z11 − Vx) . (7)

The ESO for observing Vy is{
ż21 = z22 + Aρjx + Bρju − 2ω02(z21 − Vy)
ż22 = −ω2

02(z21 − Vy) . (8)

The ESO for observing ωz is proposed as⎧⎨
⎩

ż31 = z32 − 3ω03(z31 − θ)
ż32 = z33 + Aρkx + Bρku − 3ω2

03(z31 − θ)
ż33 = ω3

03(z31 − θ)
. (9)

ω01, ω02 and ω03 denote the observer bandwidth of the
ESO. By choosing ω01, ω02 and ω03, the extended states
can estimate the state variables, thus making the estima-
tion errors converge to zero, i.e.,⎧⎨

⎩
e1 = z11 − Vx → 0
e2 = z21 − Vy → 0
e3 = z31 − θ → 0

. (10)
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Without loss of generality, we take the pitch angle ESO
for example to analyze disturbance compensation. ωz can
be described as

ω̇z = Aρkx + Bρku + (0 · · · ek · · · 0)Tf3 (11)

where ek = 1, and f3 is the total disturbance to be ob-
served by the ESO of the pitch channel.

Subtracting (11) from (10), it yields

ż32 − ω̇z = z33 − 3ω2
03(z31 − θ) − f3. (12)

With the definition of the observer error ε as ε =
3ω2

03(z31−θ)+(ż32−ω̇z), f3 is expressed as f3 = z33−ε,
the external interference f3 approaches the extended state
z33 when the ESO accurately estimates the aircraft state,
namely,

z31 → θ, ż32 → ω̇z.

Similarly, the ESO for the forward channel and vertical
channel can estimate not only the external disturbance f2

and f3, but also the non-measurable state variables of the
aircraft.

With the prior assumption⎡
⎣ f1

f2

f3

⎤
⎦ =

⎡
⎣Bρ11 Bρ12 Bρ13

Bρ21 Bρ22 Bρ23

Bρ31 Bρ32 Bρ33

⎤
⎦

⎡
⎣ d1

d2

d3

⎤
⎦ =

⎡
⎣ z12

z22

z33

⎤
⎦
(13)

the system can be rewritten as

ẋ = Aρx + Bρu + f = Aρx + Bρ(u + d). (14)

Then, we design the control law as

u = u∗ − B−1
ρ

⎡
⎣ z12

z22

z33

⎤
⎦ . (15)

It can be derived that the aircraft switching system un-
der the disturbance f turns into (16) after the interference
compensation.

ẋ = Aρx + Bρu
∗ (16)

3.2 Switching control design

Considering that the switching sequence of the tilt-rotor
aircraft is restricted by the conversion path, the whole
working regional X can be divided into multiple overlap-
ping sub-regions, in form of{

Ω1 ∪ · · · ∪ Ωρ+1 �= ∅

ρ = 1, . . . , N
. (17)

In this study, a set of feedback controllers are designed
with concept of finite-time switching, which are in form of

u = Kσ(t)x. (18)

Adjacent controllers are switched according to the ADT
logic. To reduce the states vibration in switching points, the
control parameters scheduling module will be introduced
later, which makes reference to the idea of fuzzy weighted.

The switching control module is depicted in Fig. 4.

Fig. 4 Switching control module

In order to obtain the switching control law, the follow-
ing definitions and lemmas are given.

Definition 2 [33] For the given positive constants c1

and c2 with c1 < c2, the switching signal σ(t), the switch-
ing time Tf , and the positive definite matrix R, the switch-
ing system (16) is said to be finite-time stabilization (FTS)
with respect to (c1, c2, Tf , R, σ), for any t ∈ [T0, Tf)
satisfying

xT(0)Rx(0) � c1 ⇒ xT(t)Rx(t) < c2. (19)

Remark 3 The selection of the matrix R has a close
relation with the system performance, which will be ex-
plained in the simulation section.

Definition 3 [34] For each switching signal σ(t), which
satisfies T0 � t < Tf , let Nσ(t, Tf) denote the switching
time of σ(t) in the open interval (t, Tf ), and T (t, Tf) de-
note the dwell time of each subsystem. For a given N0,
τ > 0, it denotes the set of all switching signals for which

Nσ(t, Tf ) � N0 +
Tf (t, T )

τ∗
α

. (20)

The constant τ∗
α is called the ADT.

Lemma 1 Let P σ = R− 1
2 PσR

1
2 , giving a positive

definite matrix Pσ , positive constants α, λ and c2/c1 > 1,
the continuous time system is finite-time stabilized when
the dwell time τα for each subsystem satisfies the ADT
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condition (23), and the switching controllers can be con-
structed by solving linear matrix inequations (LMIs) (21)
and (22).[

AT
ρ P

−1

σ + P
−1

σ Aρ − λP
−1

σ

√
2αP

−1

σ Bρ√
2αBT

σ P
−1

ρ −I

]
� 0

(21)
c1

λ2
<

c2

λ1
e−λTf (22)

where {
λ1 = max∀σ∈N (λmax(Pσ))
λ2 = min∀σ∈N (λmin(Pσ)) .

The controller gain is Kσ(t) = αBT
ρ P

−1

σ x.
The ADT condition is

τα > τ∗
α =

Tf ln
(

λ1

λ2

)

ln
(

c2

c1

)
− ln

(
λ1

λ2

)
− λTf

. (23)

Remark 4 In the design process of the tilt-rotor switch-
ing control, to guarantee the ADT condition, the dwell
time should be limited within the transition time between
adjacent command points, through adjusting control para-
meters. This procedure will be discussed in the simulation
section.

Proof Construct the piecewise Lyapunov function as

v(t) = Vσ(x) = xTP
−1

σ x. (24)

When the aircraft subsystem is activated by the switch-
ing signal σ(t), (25) can be derived.

V̇σ(x) = xTP
−1

σ (Aρx+Bρu)+(Aρx+Bρu)TP
−1

σ x =

xT(AT
ρ P

−1

σ + P
−1

σ Aρ)x+

xTP
−1

σ Bρu + uTBT
ρ P

−1

σ x (25)

When it satisfies the following condition (26), V̇σ(x) can
be expressed as (27).

AρP
−1

σ + P
−1

σ AT
ρ + 2αP

−1

σ BρB
T
ρ P

−1

σ − λP
−1

σ < 0
(26)

V̇σ(x) = xT(AT
ρ P

−1

σ + P
−1

σ Aρ)x+

xTP
−1

σ BραBT
ρ P

−1

σ x + αxTP
−1

σ BρB
T
ρ P

−1

σ x =

xT(AT
ρ P

−1

σ + P
−1

σ Aρ + 2αP
−1

σ BρB
T
ρ P

−1

σ )x <

λxTP
−1

σ x = λVσ(x) (27)

It should be noted that Matlab/LMI toolbox cannot solve
the inequality constraint (26) directly, so we transform the
condition into (28) by the Schur theorem.[

AT
ρ P

−1

σ + P
−1

σ Aρ − λP
−1

σ

√
2αP

−1

σ Bρ√
2αBT

σ P
−1

ρ −I

]
� 0

(28)
In the tilt-rotor aircraft system, the transition initial time

T0 = 0.
Thus the piecewise Lyapunov function is

V (t) � V (tk)eλ(t−tk) �
λ1

λ2
[V (tk−1)eλ(tk−tk−1)]eλ(t−tk) � · · · �

(
λ1

λ2

)Nσ(0,Tf )

eλtV (0). (29)

Defining the initial switching time as N0 = 0, the

switching time satisfies Nσ(0, Tf) � T (0, Tf)
τα

, thus

V (t) �
(

λ1

λ2

)T (0,Tf )
τα

eλtV (0). (30)

Due to the definition of λ1 and λ2, we have (31) and
(32).

V (t) = xTP
−1

σ x � λmin(P−1
σ )xTRx � 1

λ1
xTRx

(31)
V (0) = xT(0)P

−1

σ x(0) � λmax(P−1
σ )xT(0)Rx(0) �

1
λ2

xT(0)Rx(0) (32)

It can be derived that

xTRx � λ1V (t) <

λ1

(
λ1

λ2

)T (0,Tf )
τα

eλtV (0) �

(
λ1

λ2

)
·
(

λ1

λ2

)T (0,Tf )
τα

eλtxT(0)Rx(0) =

(
λ1

λ2

)T (0,Tf )
τα

+1

eλtxT(0)Rx(0). (33)

According to (22), we can obtain

ln
(

c2

c1

)
− ln

(
λ1

λ2

)
− λTf > 0. (34)

Thus (34) can be written as

xTRx <
c2

c1
eλte−λtxT(0)Rx(0) �

c2

c1
xT(0)Rx(0) � c2. (35)

It implies the system is finite time stable as long as the
state trajectory is continuous in [0, Tf ]. �
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In this paper, to reduce the state vibrations and bumps
in the switching point, the fuzzy weighted strategy is em-
ployed as a measure of ‘smoothness’ for switching. Due to
the fact that the tilt-rotor aircraft transits along the previ-
ously known conversion path, this paper employs the fuzzy
weighted strategy to schedule the controller, the smooth
control signals can be expressed as

u∗ =
N∑

ρ=1

hρKσ(t)x (36)

where hρ � 0,
N∑

ρ=1

hρ = 1.

Without loss of generality, this study takes nacelle tilt-
ing from 65◦ to 45◦ as an example to illustrate the control
design process. The flight speed and nacelle angle, which
determine the flight mode along the conversion corridor,
are chosen as the fuzzy inputs to estimate the current plant
dynamic. The fuzzy segmentations are given as below.

(i) Input1 (V ): fuzzy set = [V1, V2, V3], denotes states
of flight velocities.

(ii) Input2 (βM ): fuzzy set = [βM1, βM2, βM3], de-
notes states of the nacelle angle.

(iii) Output (MD): fuzzy set = [MD1, MD2, MD3],
corresponds to three flight modes.

The degree of membership is shown as Fig. 5.

Fig. 5 Membership function

Remark 5 The fuzzy rules and fuzzy segmentation are
designed according to the conversion path.

The center-of-area method is employed for the defuzzi-
fication, and the corresponding result is shown as Fig. 6.

Fig. 6 Fuzzy weighted surface

Thus, the weight coefficients hρ can be described as{
hρ = 1 − |MD − ρ|
ρ = 1, 2, . . . , N

. (37)

4. Simulations and analysis

To demonstrate the effectiveness of the control law, three
typical tilt-rotor aircraft working points are taken as an ex-
ample (with nacelle angles of 45◦, 55◦, 65◦) and the refer-
ences of the command points are trimmed as Table 2.

Table 2 Trim points at transition mode

Nacelle Forward Vertical Pitch Pitch
angle speed speed rate angle

βM /(◦) Vx/(m/s) Vy /(m/s) ω/((◦)/s) θ/(◦)

65 26.25 0 0 3.7
55 26.75 0 0 3.7
45 27.25 0 0 3.5

It is worth noting that all these simulations are per-
formed on the nonlinear model. The transition parameters
and the simulation results are given respectively to prove
that the system has good characteristics of smoothness and
robustness.

The scheduling rule for the nacelle angle can be de-
scribed as ⎧⎨

⎩βM = βM0 +
(

βMf
− βM0

Tf

)
t

β̈M = 0
(38)

where T0 � t � Tf .
As is shown in (38), the aircraft tilting from 65◦ to 45◦

is described as a constant rotation process with the conver-
sion time of 4 s.

Remark 6 In [35], the whole tilting process of the na-
celle can be divided into three stages: initial acceleration
stage, tilting in a constant speed, slowing down to stop.
This simulation concentrates on the second stage.

It should be noted that, not only the tilting process, but
also the selection of the matrix R has a close relation with
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the transition performance, which can be shown as be-
low. (In R selection, to clearly observe the system perfor-
mances after the last switching, the aircraft keeps in 45◦

for 2 s (from 4 s to 6 s)).
As can be seen from Table 3, the selection of the ma-

trix R has a close relation with the system dynamic per-
formance and ADT. ADT needs to be shortened within the
transition time of adjacent points, so the switching time is
chosen as t = 2 s. The results are shown as below.

Table 3 Relation between R and ADT

Matrix R λ1/λ2 ADT/s

diag ([40,25,48,97]) 5.513 2 1.922 9
diag ([40,25,500,500]) 1.877 3 0.544 3

diag ([40,25,1 000,1 000]) 1.824 0 0.516 2

As can be seen from Table 3 and Fig. 7, the control sys-
tem with a larger matrix R has a shorter ADT time, but
worse dynamic performance. Fig. 7 Flight states under different R

For the purpose of altitude maintenance, the pitch an-
gle should track the command signal in a short time; oth-
erwise, the lack of pitch angle makes the wing unable to
provide enough lift force to balance the rotor thrust loss in
the vertical direction, which will make the altitude fall.

Thus, we adjust the parameter of the controller as: R =
diag([40, 25, 48, 97]), α = 0.79, λ = 0.01, c2/c1 = 200.

The classic PID is common for the tilt-rotor aircraft in
control design. To show the design difference and system
performance between PID and the proposed method, this
paper makes a simple comparison.

The control structure of PID is shown as Fig. 8. The
control allocation strategy and the control channel switch-
ing strategy are both employed to solve the problem of the
control surface redundancy. We will not cover the details
of them here.

Fig. 8 Structure of PID control

The corresponding simulation results are shown in
Fig. 9 and Fig. 10.

As is shown above, due to the huge variation of aero-
dynamic characteristics, the traditional PID control, which
only uses one set of parameters in the transition process,
is hard to satisfy the requirement of control precision. Due
to the changeable dynamics of the tilt-rotor, a single con-

troller does not work very well either. In addition, when
PID controls the tilt-rotor aircraft with the characteristic of
multivariable, strong coupling and control surface redun-
dancy, the control channel switching strategy should also
be considered, which further increases the complexity of
the design.

Compared with switching directly, the smooth switching
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by the fuzzy weighted strategy reduces the states vibrations
and bumps at the switching point. Meanwhile, the smooth
switching scheme also reduces the jumps of the control
signal. Thus, the proposed smooth switching method en-
hances the transient performance in the transition process.

Fig. 9 System states responses

Fig. 10 System control responses

To further validate the robustness of the proposed
method, the external sinusoidal interference signal d (with
the amplitude of 15 and the frequency of 10) is respectively
added to the forward speed Vx, the vertical speed Vy , and
the pitch rate ωz .

The following simulations compare two systems, one
applying the smooth switching controller with ESO, and
the other applying the smooth switching controller without
ESO. The corresponding results are shown in Fig. 11.



824 Journal of Systems Engineering and Electronics Vol. 31, No. 4, August 2020

Fig. 11 System states responses (under disturbance)

As can be seen from Fig. 11, without applying the ESO
to smooth switching control, the disturbance fluctuation to
Vx is reduced to 1.11% of the initial interference ampli-
tude, Vy to 11.1%, ωz to 8.6%, which illustrates that the
smooth switching control method (without ESO) has a cer-
tain degree of robustness. However, applying ESO to com-
pensating for the disturbance, the disturbance to Vx can be
furthered to 0.22% of the initial interference amplitude, Vy

to 1.19%, ωz to 2.9%.
The two results show that the ESO based system has

a better disturbance rejection ability, which could lead to
a better response. The system robustness can be further
analyzed that, the switching parameters gradually change
along the conversion trajectory, which suggests that the
state matrix of each subsystem is perturbed actually. How-
ever, it can be seen from the above figures that, although
there exists both external disturbance and parameter per-
turbation in the system, the transition is stable. This result
further supports the conclusion that the proposed control
can achieve better results with a strong robustness.

5. Conclusions

The flight dynamic of a tilt-rotor aircraft is much more
complex than the traditional aircraft, because its config-
uration changes by tilting.

Based on its characteristic of violent aerodynamic pa-
rameter variation, the smooth switching control scheme is
designed to deal with the complex flight dynamics prob-
lem. Furthermore, to diminish the influence of disturbance,
the proposed control structure combines the ESO and the
model information-based control strategy.

The simulation comparison between the classic PID and
the proposed method demonstrates that, for the tilt-rotor
aircraft, the new smooth switching control scheme is more
targeted and superior to the traditional design method.

References
[1] KIM B M, CHOI K C, KIM B S. Trajectory tracking controller

design using neural networks for tiltrotor UAV. Proc. of the
AIAA Guidance, Navigation & Control Conference & Exhibit,
2007: 1 – 15.

[2] XIA Q Y, XU J F, ZHANG L. Model free adaptive attitude con-
troller for a tilt-rotor aircraft. Systems Engineering and Elec-
tronics, 2013, 35(1): 146 – 151. (in Chinese)

[3] SONG S, WANG W, LU K, et al. Nonlinear attitude control
using extended state observer for tilt-rotor aircraft. Proc. of the
27th Control and Decision Conference, 2015: 852 – 857.

[4] SONG Y G, WANG H J. Design of flight control system for
a small unmanned tilt rotor aircraft. Chinese Journal of Aero-
nautics, 2009, 22(3): 250 – 256.

[5] KIM B M, KIM B S, KIM N W. Trajectory tracking con-
troller design using neural networks for a tiltrotor unmanned
aerial vehicle. Proc. of the Institution of Mechanical Engineers
Part G: Journal of Aerospace Engineering, 2010, 224(G8):
881 – 896.

[6] ZHANG J, SUN L G, QU X J, et al. Time-varying linear con-
trol for tiltrotor aircraft. Chinese Journal of Aeronautics, 2018,
31(4): 632 – 642.

[7] WANG Q, WU W H, QING D B. A nonlinear adaptive switch-
ing control blending method and its application to tiltrotor.
Acta Aeronautica Et Astronautica Sinica, 2015, 36(10): 3359 –
3369. (in Chinese)

[8] RUGH W J, SHAMMA J S. Research on gain scheduling. Au-
tomatica, 2000, 36(10): 1401 – 1425.

[9] YEO Y T, LIU H H T. Transition control of a tilt-rotor VTOL
UAV. Proc. of the AIAA Guidance, Navigation, and Control
Conference, 2018: 1 – 15.

[10] KONG Z W, LU Q. Mathematical modeling and modal switch-
ing control of a novel tiltrotor UAV. Journal of Robotics, 2018,
2018: 8641731.

[11] TURNER M C, AOUF N, BATES D G, et al. A switching
scheme for full-envelope control of a V/STOL aircraft using
LQ bumpless transfer. Proc. of the International Conference
on Control Applications, 2002: 120 – 125.

[12] KUIPERS M, LOANNOUS P. Multiple model adaptive con-
trol with mixing. IEEE Trans. on Automatic Control, 2010,
55(8): 1822 – 1836.

[13] BALDI S, IOANNOU P A, KOSMATOPOULOS E B. Adap-
tive mixing control with multiple estimators. International
Journal of Adaptive Control and Signal Processing, 2012,
26(8): 800 – 820.

[14] MANIMALA B, PADFIELD G D, WALKER D. Load allevi-
ation in tilt rotor aircraft through active control; modelling and
control concepts. The Aeronautical Journal, 2004, 108(1082):
169 – 184.

[15] SUN Z, WANG R, ZHOU W Y. Finite-time stabilization con-
trol for the flight mode transition of tiltrotors based on switch-
ing method. Proc. of the 29th Chinese Control and Decision
Conference, 2017: 2049 – 2053.

[16] LU L H, FU R, ZENG J P. Mode conversion of electric tilt ro-
tor aircraft based on corrected generalized corridor. Acta Aero-
nautica Et Astronautica Sinica, 2018, 39(8): 121900. (in Chi-
nese)

[17] ZHAO Y, MA D, ZHAO J. Almost output regulation bump-
less transfer control for switched linear systems. IET Control
Theory and Applications, 2018, 12(14): 1932 – 1940.

[18] KHANI F, HAERI M. Smooth switching in a scheduled robust
model predictive controller. Journal of Process Control, 2015,
31: 55 – 63.

[19] HE T Y, ZHU G M G, SWEI S S M, et al. Smooth-switching
LPV control for vibration suppression of a flexible airplane
wing. Aerospace Science and Technology, 2019, 84: 895 –
903.

[20] CHENG H Y, DONG C Y, WANG Q, et al. Smooth switching
linear parameter-varying fault detection filter design for mor-
phing aircraft with asynchronous switching. Transactions of



ZOU Yiru et al.: Extended state observer based smooth switching control for tilt-rotor aircraft 825

the Institute of Measurement and Control, 2018, 40(8): 2622 –
2638.

[21] MALLOCI L, HETEL L, DAAFOUZ J, et al. Bumpless trans-
fer for switched linear systems. Automatica, 2012, 48(7):
1440 – 1446.

[22] TURNER M C, WALKER D J. Linear quadratic bumpless
transfer. Automatica, 2000, 36(8): 1089 – 1101.

[23] JIANG W L, DONG C Y, WANG Q. A systematic method
of smooth switching LPV controllers design for a morphing
aircraft. Chinese Journal of Aeronautics, 2015, 28(6): 1640 –
1649.

[24] JIANG W L, DONG C Y, WANG T, et al. Smooth switching
LPV robust control for morphing aircraft. Control and Deci-
sion, 2016, 31(1): 66 – 72. (in Chinese)

[25] GAO Z Q. Active disturbance rejection control: a paradigm
shift in feedback control system design. Proc. of the American
Control Conference, 2006: 2399 – 2405.

[26] HAN J Q. From PID to active disturbance rejection control.
IEEE Trans. on Industrial Electronics, 2009, 56(3): 900 – 906.

[27] GUO J D, SONG Y G, XIA P Q. Full envelope flight control
method for small unmanned tilt rotor aircraft. Journal of Nan-
jing University of Aeronautics & Astronautics, 2009, 41(4):
439 – 444. (in Chinese)

[28] GUO J D. Flight control of unmanned tiltrotor aircraft. Nan-
jing, China: Nanjing Univercity of Aeronautics and Astronau-
tics, 2013. (in Chinese)

[29] CAO Y Y. Research on mathematical modeling method for tilt-
rotor aircraft flight dynamics. Nanjing, China: Nanjing Uni-
vercity of Aeronautics and Astronautics, 2012. (in Chinese)

[30] KLENHESSELINK K M. Stability and control modeling of
tilt-rotor aircraft dynamics. Maryland, USA: University of
Maryland, 2007.

[31] YANG J, WU X M, FAN Y H. Flight control of the tilt-rotor
aircraft. Beijing: Aviation Industry Press, 2006. (in Chinese)

[32] ZHANG G L, YANG L Y, JING Z, et al. Longitudinal attitude
controller design for aircraft landing with disturbance using
ADRC/LQR. Proc. of the IEEE International Conference on
Automation Science & Engineering, 2013: 330 – 335.

[33] AMATO F, ARIOLA M, DORATO P. Finite-time control of

linear systems subject to parametric uncertainties and distur-
bances. Automatica, 2001, 37(9): 1459 – 1463.

[34] HESPANHA J P, MORSE A S. Stability of switched systems
with average dwell-time. Proc. of the 38th IEEE Conference
on Decision and Control, 1999: 2655 – 2660.

[35] LAI S Q, YAN F, XU K. Design and research of control law for
tiltrotor in transition flight phase. Helicopter Technique, 2009,
159(3): 52 – 55. (in Chinese)

Biographies

ZOU Yiru was born in 1994. She is a master can-
didate in navigation, guidance and control in Nan-
jing University of Aeronautics and Astronautics.
Her research interests are flight control, especially
V/STOL aircraft control, switching control and ac-
tive disturbance rejection control.
E-mail: zouyiru427@163.com

LIU Chunsheng was born in 1955. She is a Ph.D.
and a professor in Nanjing University of Aeronau-
tics and Astronautics. Her research interests are
adaptive robust control of nonlinear system, fault-
tolerant control and intelligent control.
E-mail: liuchsh@nuaa.edu.cn

LU Ke was born in 1985. He is a Ph.D. candidate in
Nanjing University of Aeronautics and Astronautics
and also a senior engineer in China Helicopter Re-
search and Development Institute. His research in-
terests are flight dynamics, flight aerodynamic mo-
deling and flight control.
E-mail: looknuaa@163.com



<<
  /ASCII85EncodePages false
  /AllowTransparency false
  /AutoPositionEPSFiles true
  /AutoRotatePages /None
  /Binding /Left
  /CalGrayProfile (Dot Gain 20%)
  /CalRGBProfile (sRGB IEC61966-2.1)
  /CalCMYKProfile (U.S. Web Coated \050SWOP\051 v2)
  /sRGBProfile (sRGB IEC61966-2.1)
  /CannotEmbedFontPolicy /Error
  /CompatibilityLevel 1.4
  /CompressObjects /Tags
  /CompressPages true
  /ConvertImagesToIndexed true
  /PassThroughJPEGImages true
  /CreateJobTicket false
  /DefaultRenderingIntent /Default
  /DetectBlends true
  /DetectCurves 0.0000
  /ColorConversionStrategy /CMYK
  /DoThumbnails false
  /EmbedAllFonts true
  /EmbedOpenType false
  /ParseICCProfilesInComments true
  /EmbedJobOptions true
  /DSCReportingLevel 0
  /EmitDSCWarnings false
  /EndPage -1
  /ImageMemory 1048576
  /LockDistillerParams false
  /MaxSubsetPct 100
  /Optimize true
  /OPM 1
  /ParseDSCComments true
  /ParseDSCCommentsForDocInfo true
  /PreserveCopyPage true
  /PreserveDICMYKValues true
  /PreserveEPSInfo true
  /PreserveFlatness true
  /PreserveHalftoneInfo false
  /PreserveOPIComments true
  /PreserveOverprintSettings true
  /StartPage 1
  /SubsetFonts true
  /TransferFunctionInfo /Apply
  /UCRandBGInfo /Preserve
  /UsePrologue false
  /ColorSettingsFile ()
  /AlwaysEmbed [ true
  ]
  /NeverEmbed [ true
  ]
  /AntiAliasColorImages false
  /CropColorImages true
  /ColorImageMinResolution 300
  /ColorImageMinResolutionPolicy /OK
  /DownsampleColorImages true
  /ColorImageDownsampleType /Bicubic
  /ColorImageResolution 300
  /ColorImageDepth -1
  /ColorImageMinDownsampleDepth 1
  /ColorImageDownsampleThreshold 1.50000
  /EncodeColorImages true
  /ColorImageFilter /DCTEncode
  /AutoFilterColorImages true
  /ColorImageAutoFilterStrategy /JPEG
  /ColorACSImageDict <<
    /QFactor 0.15
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /ColorImageDict <<
    /QFactor 0.15
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /JPEG2000ColorACSImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /JPEG2000ColorImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /AntiAliasGrayImages false
  /CropGrayImages true
  /GrayImageMinResolution 300
  /GrayImageMinResolutionPolicy /OK
  /DownsampleGrayImages true
  /GrayImageDownsampleType /Bicubic
  /GrayImageResolution 300
  /GrayImageDepth -1
  /GrayImageMinDownsampleDepth 2
  /GrayImageDownsampleThreshold 1.50000
  /EncodeGrayImages true
  /GrayImageFilter /DCTEncode
  /AutoFilterGrayImages true
  /GrayImageAutoFilterStrategy /JPEG
  /GrayACSImageDict <<
    /QFactor 0.15
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /GrayImageDict <<
    /QFactor 0.15
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /JPEG2000GrayACSImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /JPEG2000GrayImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /AntiAliasMonoImages false
  /CropMonoImages true
  /MonoImageMinResolution 1200
  /MonoImageMinResolutionPolicy /OK
  /DownsampleMonoImages true
  /MonoImageDownsampleType /Bicubic
  /MonoImageResolution 1200
  /MonoImageDepth -1
  /MonoImageDownsampleThreshold 1.50000
  /EncodeMonoImages true
  /MonoImageFilter /CCITTFaxEncode
  /MonoImageDict <<
    /K -1
  >>
  /AllowPSXObjects false
  /CheckCompliance [
    /None
  ]
  /PDFX1aCheck false
  /PDFX3Check false
  /PDFXCompliantPDFOnly false
  /PDFXNoTrimBoxError true
  /PDFXTrimBoxToMediaBoxOffset [
    0.00000
    0.00000
    0.00000
    0.00000
  ]
  /PDFXSetBleedBoxToMediaBox true
  /PDFXBleedBoxToTrimBoxOffset [
    0.00000
    0.00000
    0.00000
    0.00000
  ]
  /PDFXOutputIntentProfile ()
  /PDFXOutputConditionIdentifier ()
  /PDFXOutputCondition ()
  /PDFXRegistryName ()
  /PDFXTrapped /False

  /CreateJDFFile false
  /Description <<

    /BGR <>
    /CHT <FEFF4f7f752890194e9b8a2d7f6e5efa7acb7684002000410064006f006200650020005000440046002065874ef69069752865bc9ad854c18cea76845370524d5370523786557406300260a853ef4ee54f7f75280020004100630072006f0062006100740020548c002000410064006f00620065002000520065006100640065007200200035002e003000204ee553ca66f49ad87248672c4f86958b555f5df25efa7acb76840020005000440046002065874ef63002>
    /CZE <>
    /DAN <>
    /DEU <>
    /ESP <>
    /ETI <>
    /FRA <>
    /GRE <>

    /HRV (Za stvaranje Adobe PDF dokumenata najpogodnijih za visokokvalitetni ispis prije tiskanja koristite ove postavke.  Stvoreni PDF dokumenti mogu se otvoriti Acrobat i Adobe Reader 5.0 i kasnijim verzijama.)
    /HUN <>
    /ITA <>
    /JPN <FEFF9ad854c18cea306a30d730ea30d730ec30b951fa529b7528002000410064006f0062006500200050004400460020658766f8306e4f5c6210306b4f7f75283057307e305930023053306e8a2d5b9a30674f5c62103055308c305f0020005000440046002030d530a130a430eb306f3001004100630072006f0062006100740020304a30883073002000410064006f00620065002000520065006100640065007200200035002e003000204ee5964d3067958b304f30533068304c3067304d307e305930023053306e8a2d5b9a306b306f30d530a930f330c8306e57cb30818fbc307f304c5fc59808306730593002>
    /KOR <FEFFc7740020c124c815c7440020c0acc6a9d558c5ec0020ace0d488c9c80020c2dcd5d80020c778c1c4c5d00020ac00c7a50020c801d569d55c002000410064006f0062006500200050004400460020bb38c11cb97c0020c791c131d569b2c8b2e4002e0020c774b807ac8c0020c791c131b41c00200050004400460020bb38c11cb2940020004100630072006f0062006100740020bc0f002000410064006f00620065002000520065006100640065007200200035002e00300020c774c0c1c5d0c11c0020c5f40020c2180020c788c2b5b2c8b2e4002e>
    /LTH <>
    /LVI <>
    /NLD (Gebruik deze instellingen om Adobe PDF-documenten te maken die zijn geoptimaliseerd voor prepress-afdrukken van hoge kwaliteit. De gemaakte PDF-documenten kunnen worden geopend met Acrobat en Adobe Reader 5.0 en hoger.)
    /NOR <>
    /POL <>
    /PTB <>
    /RUM <>
    /RUS <>
    /SKY <>
    /SLV <>
    /SUO <>
    /SVE <>
    /TUR <>
    /UKR <>
    /ENU (Use these settings to create Adobe PDF documents best suited for high-quality prepress printing.  Created PDF documents can be opened with Acrobat and Adobe Reader 5.0 and later.)
    /CHS <FEFF4f7f75288fd94e9b8bbe5b9a521b5efa7684002000410064006f006200650020005000440046002065876863900275284e8e9ad88d2891cf76845370524d53705237300260a853ef4ee54f7f75280020004100630072006f0062006100740020548c002000410064006f00620065002000520065006100640065007200200035002e003000204ee553ca66f49ad87248672c676562535f00521b5efa768400200050004400460020658768633002>
  >>
  /Namespace [
    (Adobe)
    (Common)
    (1.0)
  ]
  /OtherNamespaces [
    <<
      /AsReaderSpreads false
      /CropImagesToFrames true
      /ErrorControl /WarnAndContinue
      /FlattenerIgnoreSpreadOverrides false
      /IncludeGuidesGrids false
      /IncludeNonPrinting false
      /IncludeSlug false
      /Namespace [
        (Adobe)
        (InDesign)
        (4.0)
      ]
      /OmitPlacedBitmaps false
      /OmitPlacedEPS false
      /OmitPlacedPDF false
      /SimulateOverprint /Legacy
    >>
    <<
      /AddBleedMarks false
      /AddColorBars false
      /AddCropMarks false
      /AddPageInfo false
      /AddRegMarks false
      /ConvertColors /ConvertToCMYK
      /DestinationProfileName ()
      /DestinationProfileSelector /DocumentCMYK
      /Downsample16BitImages true
      /FlattenerPreset <<
        /PresetSelector /MediumResolution
      >>
      /FormElements false
      /GenerateStructure false
      /IncludeBookmarks false
      /IncludeHyperlinks false
      /IncludeInteractive false
      /IncludeLayers false
      /IncludeProfiles false
      /MultimediaHandling /UseObjectSettings
      /Namespace [
        (Adobe)
        (CreativeSuite)
        (2.0)
      ]
      /PDFXOutputIntentProfileSelector /DocumentCMYK
      /PreserveEditing true
      /UntaggedCMYKHandling /LeaveUntagged
      /UntaggedRGBHandling /UseDocumentProfile
      /UseDocumentBleed false
    >>
  ]
>> setdistillerparams
<<
  /HWResolution [2400 2400]
  /PageSize [612.000 802.205]
>> setpagedevice


