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Abstract—In this paper, a droop-based sliding mode controller
(DBSMC) is designed for power sharing in an isolated DC
microgrid (DC MG), with improved nonlinear droop model, in
the presence of bounded structured uncertainties and external
disturbances. The proposed DBSMC strategy does not require
any communication link. The design process of the proposed
controller is such that the trade-off between the two factors pro-
portional power sharing and precise voltage regulation reaches
the minimum possible. The creative design of the controller
greatly reduced the control action stress, in such a way that,
the occurrence of various uncertainties in the nonlinear droop
model is compensated by applying small intelligent changes in the
control parameters, using a fuzzy approximator. To evaluate the
efficiency of the designed DBSMC controller, simulations are per-
formed on an isolated DC MG with DC-DC buck configuration
in MATLAB software. Finally, the real-time digital simulation
results utilizing real-time digital power system simulator (RTDS)
corroborate the performance of the proposed DBSMC controller.
The simulation results obtained from MATLAB and the RTDS
verify the robust, accurate and fast function of the proposed
droop-based controller in power sharing of the isolated DC
MG in the presence of variable operating conditions, parametric
uncertainties and external disturbances.

Index Terms—Droop-based sliding mode control (DBSMC),
fuzzy approximator, power sharing, improved nonlinear droop
model, DC-DC buck converter, isolated DC MG.
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NOMENCLATURE

Kd Droop coefficient
Vop Operating point voltage (V)
Iop Operating point current (A)
�Vo The variations of the output DC voltage (V)
�P The variations of the instantaneous power (W)
V∗

o Reference voltage (V)
I∗ Reference current (A)
V∗

i Control input (V)
VEn Nominal DC source voltage (V)
�VE The variations of the DC source voltage (V)
R Load (�)
RL Line resistance (�)
Rdg The internal resistance of the converter (�)
�Idg The variations of the converter internal resistance

current (A)
�IL The variations of the converter inductance current (A)
ωc Angular frequency (cutoff frequency) (rad/s)
KPv The proportional gain of the voltage controller
KIv The integral gain of the voltage controller
KPi The proportional gain of the current controller
KIi The integral gain of the current controller.

I. INTRODUCTION

S INCE the late of the 20th century, the continuous expan-
sion of power semiconductor devices and power convert-

ers, provides the feasibility of supple current/voltage transfor-
mation and hence reinstates DC power to the original position
finding its uses [1]–[3]. It can be said that the “War of
the currents” is not over yet and T. Edison’s victory over
G. Westinghouse and N. Tesla is finally happening during
the time! DC MGs are distinguished by attractive features
such as high system efficiency and reliability, high power
quality, economic and largely autonomous operation, low con-
version stages, and less complex control and management [4].
Many control strategies and power management methods have
been suggested to obtain desirable DC MG operation, in var-
ious challenging operating conditions and in the presence of
structured uncertainties and external disturbances [5]. At the
moment of the occurrence the adverse operation situations and
uncertainties, the proportional load sharing is a crucial issue to
avoid unfavorable overloading and achieving precise voltage
regulation [5], [6].
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One of the simplest and most widely developed techniques
of decentralized control for AC and DC MGs is droop con-
trol [6], [7]. In isolated mode of DC MGs operation, linear
P-V droop control shares DGs power proportionally based
on DGs power ratings and regulates the DC terminal voltage
accurately, using local measured MG state variables as the
control parameters [5]–[10]. Despite these advantages, there
is low accuracy of power sharing, due to line parameters and
sensor errors. The quantitative impact of line resistance on
the load sharing and voltage regulation in DC MGs has been
expressed in [6], [11]. Therefore, the essential need to improve
conventional droop technique is undeniable. Initial efforts in
this area include: increasing the droop resistance [11], insert-
ing the additional virtual output impedance [12], injection a
small AC signal for active power sharing coordination, using
frequency [13], and etc. Unfortunately, these methods did not
succeed in solving the problem, for obvious reasons. The
conventional droop method can be improved using adaptive
determination of the droop coefficients, based on the changes
of the DC MG parameters [14]. Another control tendencies
are defining the rules in the form of linear controllers to
change the droop resistances in accordance with the system
changes, to satisfy the system’s objectives [15], [16]. These
linear rule-based approaches do not present the accurate droop
coefficient compensation, due to the lack of intelligence and
automaticity. A low bandwidth communication network can
improve the load sharing accuracy [17]. In [18], a two-level
control technique is suggested for an islanded DC MGs, in
such a way that, a P-V droop strategy and a voltage derivative
restoration mechanism are utilized as primary and secondary
control; respectively. However, the existence of communica-
tion network in the DC MG structure can increase the cost
and stabilization time as well as reduce the reliability. In [19],
a virtual voltage-based droop control technique is designed to
reduce the voltage deviation and achieve proportional power
sharing. In [20], an attractive frequency-based droop strat-
egy is presented for power sharing in DC microgrids with
various low, medium and high X/R ratios. These researches
haven’t enough robustness against the generation side uncer-
tainties such as DG outage and DG voltage variations. In [21],
a hierarchical control structure with a novel dynamic droop
coefficient correction control is introduced to achieve precise
power sharing in DC microgrids. Unfortunately, in this control
structure, high dependence on communication links degrades
the reliability and efficiency of the system. In [22], more
than ten recently proposed decentralized droop control strate-
gies are comprehensively reviewed, and their innovations are
expressed. A closer study of these strategies can pave the way
for valuable future researches. In [5], a droop-based T-S fuzzy
sliding mode controller is designed to proportional power
sharing of isolated boost converter-based DC MG, using the
equivalent T-S fuzzy model. The DGs voltage variations are
not considered. The long transient-states of the DGs output
powers and DC bus voltage, oscillatory DC voltage conver-
gence in the uncertainties occurrence moments as well as the
slow and gradual convergence of the DGs output powers to
the proportional power values, are the other weaknesses.

In this paper, to reduce related problems with linear P-V
droop control, an improved nonlinear droop model for isolated
buck converter-based DC MG is obtained using the expressed
concepts in [5], [6]. Next, a DBSMC controller is designed,
in such a way that, two state variables DG output power
and DC terminal voltage are controlled with only one con-
trol input, in the presence of variable operating conditions,
bounded structured uncertainties and external disturbances.
The DBSMC control parameters are approximated using a low
computational load fuzzy approximator. The basis of the fuzzy
approximator function is defining the proper criteria in order
to tracking error evaluation.

According to the above descriptions, this paper presents a
novel nonlinear robust, accurate and fast DBSMC controller, to
achieve proportional power sharing. The performance and cre-
ative design procedure of the proposed nonlinear robust droop
control strategy represents the extraordinary role of three fol-
lowing significant factors in the proportionality, accuracy and
rapidity in power sharing of isolated DC MGs, in the presence
of the various uncertainties: a) considering the nonlinear terms
in droop modeling, b) minimization the trade-off between the
proportional power sharing and precise voltage regulation, and
c) reducing the computational load of the control input. In fact,
mentioned features bring the ability to implement the proposed
control in practice.

The rest of the paper is organized as follows: Section II
expresses the modeling procedure of the improved droop strat-
egy. In Section III, a DBSMC controller is designed and the
global asymptotic stability of the closed-loop system will be
proved. Next, a low computational load fuzzy approximator
is introduced for approximation of the control parameters.
Section IV clarifies the steps to design and advantages of the
proposed DBSMC controller in detail. In Section V, to demon-
strate and to compare the function of the proposed DBSMC
controller, simulations are conducted on an isolated buck
converter-based DC MG in MATLAB software. Furthermore,
real-time simulation results attained from an RTDS system are
given. Eventually, conclusions are presented in Section VI.

II. MODELING OF IMPROVED DROOP STRATEGY

In fact, the improved droop strategy is utilized to control
the DC-DC converters, which act as interface equipment for
DGs and DC MG. The improved droop method can be used
for converters with different topologies. For example, in [5] all
converters have boost structure. In this paper, all converters are
considered with a buck configuration. Using the advantages of
the droop strategy model and DC-DC converter components
such as voltage and current controllers, small-signal analysis
can be utilized. According to the concepts presented in [5],
[23], and [24], the general block diagram of the system is
shown in Figure 1. The function of this block diagram can be
expressed according to the following steps:

1. The output voltage and current of the converter (Vo, Io)

are applied as input to the power control block. In this block,
the calculated power (pin) passes through a low-pass filter and
the average power (p) is extracted. Average power is exerted
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Fig. 1. General schematic representation of VSI.

to the improved droop controller in the power controller to
achieve the desired power sharing. The output of the droop
controller is the reference voltage (V∗

o ).
2. The output voltage of the converter and the output of the

power control block (reference voltage) are applied as input to
the voltage control block. The output of the voltage controller
block is the reference current signal (I∗).

3. The output of the voltage controller block (reference cur-
rent) and the converter input current (Idg), which is actually
the current due to the internal resistance of the converter (Rdg),
are applied as input to the current controller block. The output
of the current controller block is the voltage signal (V∗

i ) input
to the power switch driver, as the PWM pulse generator.

The linearized model of the system around the operating
point (Vop, Iop), which is the output voltage and current of
the converter at the operating point, is utilized to analyze the
small-signal stability of the system in Figure 1, according to
the following equation [5], [23]:

�Ṗ = −ωc�P + ωcIop�Vo + ωcVop�Io (1)

where ωc is the angular frequency of the filter.
In the above relation, �P and �Vo are considered as state

variables. Next, the variables � and � are marked to describe
the voltage and current control loops, respectively [5], [6]:

��̇ =
√

�P/Kd + 0.25V2
op − 0.5Vop − �Vo (2)

��̇ = KIv�� − �Idg − KPv�Vo

+ KPv

(√
�P/Kd + 0.25V2

op − 0.5Vop

)
(3)

where Kd signifies the suggested droop coefficient.
As mentioned before, in this paper, all converters are con-

sidered with buck structure. Therefore, in the following, the
performance of the buck converter and its two operating modes
will be briefly reviewed. The structure of the DC-DC buck
converter and its two operating modes are shown in Figure 2.
To describe the converter dynamics, analysis of its operat-
ing modes is necessary. According to Figure 2-(a), the buck

Fig. 2. Circuit structure and operating modes of the DC-DC buck converter
(a) buck converter circuit (b) operating mode 1, V∗

i = 1, PWM → High (c)
operating mode 2, V∗

i = 0, PWM → Low.

converter has a power transistor and a flywheel diode. The first
operating mode, Figure 2-(b), occurs when the PWM pulse
stands high. Also, the second operating mode, Figure 2-(c),
arises when the PWM pulse is low. As is clear, in the first
operating mode, the power transistor is on and the flywheel
diode is off, and vice versa, in the second operating mode,
the power transistor is off and the flywheel diode is on, to
direct the energy stored in the inductor L. The circuits of
Figures 2-(b) and 2-(c) have one node. By KCL at these nodes
and also using KVL around the outer loops of these circuits
we will have the following relations:

KVL

{
Mode 1 : V∗

i = 1, −VE + RdgIdg + VL + VO = 0
Mode 2 : V∗

i = 0, VL + VO = 0
(4)

KCL

{
Mode 1 : V∗

i = 1, IC = Idg − IO; Idg = IL

Mode 2 : V∗
i = 0, IC = IL − IO; Idg = 0

(5)

Now, considering that the value of the variable V∗
i is zero

or one, the above relations can be combined as follows, so
that the following relations represent both operating modes of
the buck converter:

KVL: − V∗
i VE + V∗

i RdgIdg + VL + VO = 0 (6)

KCL: IC = V∗
i Idg + (1 − V∗

i

)
IL − IO (7)

The behavior model of DC-DC buck converter circuit can
be extracted from (6) and (7) as follows:

dIL/dt = [V∗
i VE − V∗

i RdgIdg − VO
]
/L (8)

dIdg/dt = V∗
i

[
V∗

i VE − V∗
i RdgIdg − VO

]
/L (9)

dVO/dt = [V∗
i Idg + (1 − V∗

i

)
IL − IO

]
/C (10)

Finally, the state-space representation of the overall system
equations can be obtained, in the format Ẋ = f (x) + g(u),
using (1-3) and (8-10) as:

⎡
⎢⎢⎢⎢⎢⎢⎣

�Ṗ
��̇

��̇

�İL

�İdg

�V̇o

⎤
⎥⎥⎥⎥⎥⎥⎦

= f (x) +

⎡
⎢⎢⎢⎢⎢⎢⎣

ωcVop�Io

0
0
0
0

− 1
C �Io

⎤
⎥⎥⎥⎥⎥⎥⎦

(11)

The f (x) as a 6 × 1 vector is addressed in Appendix A.



VEYSI et al.: ROBUST, ACCURATE, AND FAST DECENTRALIZED POWER SHARING MECHANISM 4163

The nonlinearity of the state-space equations (11) is obvi-
ous. In fact, the DG voltage and the load size are uncertain. In
addition, the existence of uncertainty in the feedback signals
Vo and Io, as well as Idg, cannot be denied. Therefore, con-
trolling this system with a conventional PI controller is a very
challenging issue and designing a robust nonlinear controller
seems very essential.

Remark 1: Voltage and current controllers are usually simple
PI controllers.

Remark 2: In this paper, variations of the DC source voltage
(�VE) and line resistance (RL) are considered.

III. POWER SHARING USING DBSMC CONTROL

According to the dual purposes of proportional power shar-
ing and precise voltage regulation, the following functions are
defined based on the state variables �P and �Vo expressed
in (11):

f1(x1, x6) = f (x)11 (12)

g1 = ωcVop (13)

f2(x1, x2, x3, x4, x5, x6) = f (x)61 (14)

g2 = −1/C (15)

where f (x)11 and f (x)61 are the elements of the first and sixth
rows of the vector f (x).

Now (12) and (13) as well as (14) and (15) are respectively
inserted in the relations related to �Ṗ and �V̇o, which have
been expressed in (11), as:

�Ṗ = f1(x1, x2) + g1u(t) (16)

�V̇O = f2(x1, x2, x3, x4, x5, x6) + g2u(t) (17)

Next, f1 and f2 are used instead of f1(x1, x2) and
f2(x1, x2, x3, x4, x5, x6), respectively, for the sake of brevity.
In order to realize the proposed improved droop strategy,
the following state-space equations are used in the proposed
model-based control:

{
ẋ1 = f1 + g1u(t) + d1(t)
ẋ6 = f2 + g2u(t) + d2(t)

(18)

where d1(t) and d2(t) represent unmodeled dynamics and
external disturbances. To design the proposed controller, the
following assumptions must be met [25], [26]:

Assumption 1: All state variables are measurable.
Assumption 2: The functions f1, f2, g1 and g2 have

uncertainty.
Assumption 3: The functions g1 and g2 are bounded and

non-zero.
Assumption 4: External disturbances are unknown, but their

upper bounds are clear, i.e., ‖di(t)‖ ≤ dmax
i .

Remark 3: Explaining assumption 2, it should be noted that
fi = fci+fui and gi = gci+gui. fci and gci, as well as fui and gui,
are the known and unknown parts of the functions fi and gi,
respectively. Although the functions fui and gui are unknown,
the upper bound of fui, i.e., fui ≤ f max

ui , is clear. Also, the
upper and lower bounds of gui, i.e., 0 < gmin

ui ≤ gui ≤ gmax
ui ,

are specified.

Next, the state-space equations (18) are transferred to the
error domain. So, the following definitions are provided:

{
e1 = x1 − xd1
e6 = x6 − xd6

(19)

where xd1 and xd6 are desirable values, that must be followed
by the state variables x1 and x6, respectively. e1 and e6 are also
tracking errors. Next, equations (19) are derived with respect
to time and then equations (18), considering Remark 3, are
placed in them:

{
ė1 = ẋ1 − ẋd1 = fc1 + gc1u(t) + D1(t) − ẋd1
ė6 = ẋ6 − ẋd6 = fc2 + gc2u(t) + D2(t) − ẋd6

(20)

where D1(t) and D2(t) are considered as total disturbances and
defined as: {

D1(t) = fu1 + gu1u(t) + d1(t)
D2(t) = fu2 + gu2u(t) + d2(t)

(21)

In fact, equations (20) are state-space equations in the error
domain.

Assumption 5: According to Assumption 4 and Remark 3,
as well as due to control input u(t) being bounded [27], the
upper bounds of introduced total disturbances (21) are clear,
i.e., ‖Di(t)‖ ≤ Dmax

i .
Remark 4: As shown in (20), the system has only one con-

trol input u(t). Controlling two state variables x1 and x6 of the
nonlinear system with one control input seems challenging.

A. DBSMC Controller Design

In order to control the system (20), a DBSMC controller is
proposed. For this purpose, the following sliding surfaces are
defined [27]:

{
s1 = ξe1
s2 = ζe6

(22)

where ξ and ζ are positive constants. Equivalent control inputs
are selected as follows:{

ueq1(t) = − 1
gc1

(fc1 + ξe1)

ueq2(t) = − 1
gc2

(fc2 + ζe6).
(23)

Theorem 1: In the state-space equations (20), if control
input u(t) is selected as follows, the tracking errors e1 and
e6 asymptotically converge to zero with any initial condition:

u(t) = ueq1(t) + ueq2(t) + us(t)

us(t) = −1{
ξgc1

+ζgc2

}

⎧
⎪⎪⎨
⎪⎪⎩

(
ξgc1 + ζgc2

)( ueq1(t)
+ueq2(t)

)

+ξ fc1 + ζ fc2 − (ξ ẋd1 + ζ ẋd6)

+kS + ρsat(S)

⎫
⎪⎪⎬
⎪⎪⎭

(24)

where k and ρ are positive constants.
The proof of Theorem 1 is given in Appendix B.

B. Fuzzy Approximation of SMC Coefficients

Usually, SMC coefficients are determined and adjusted by
trial and error. Here, a fuzzy approximator system is used to
determine the control coefficients ξ and ζ . At first, the initial
parameters ξ0 and ζ0, determined by the designer based on
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known system information, are applied to the DBSMC con-
troller. Then, according to the evaluation of the controller
performance and the effects of the previous approximation
(initializing in the first step), the controller parameters are
approximated again. In fact, the performance of the sliding
mode controller can be evaluated from two aspects of control
input chattering phenomenon and tracking error. Due to the use
of the sat(S) function in the design process of the sliding mode
controller, the problem of control input chattering has been
solved. Next, the tracking error evaluation criterion (TEEC) is
used to evaluate the controller performance in relation to the
tracking error:

TEEC = λ
∫ T

0 |e|dt∫ T
0 |xd|dt

(25)

where e = x−xd represents the tracking error, T is the approx-
imation time interval, and λ is a positive constant. Indeed, this
description indicates that the tracking error must be evaluated
according to the reference input amplitude. As a result, better
tracking can be expected from the controller by tending TEEC
to zero.

Here, the problem of approximation of sliding mode con-
trol parameters is considered as a solution search procedure in
the form of a fuzzy intelligent optimization problem in order
to minimize the TEEC criterion. In the following, for easier
expression of the content, parameters ξ and ζ are briefly intro-
duced with parameter p. In the intended optimization problem,
for each initial value of the p parameter (p0), the desired value
of the p parameter (pd), which minimizes the TEEC criterion,
is obtained. The fuzzy intelligent minimization process, until
the value of pd is attained for the minimum value of the TEEC
criterion (TEECmin), is repeatedly searched for the p parameter
using the following relation:

pi+1 = pi + �pi (26)

At each approximation step, �p is achieved according to
the effect of the previous approximation. Due to the fact that
the parameters of the proposed DBSMC controller (ξ, ζ ) are
positive constants, if p0 is greater than pd, �p is a negative
number, and if p0 is less than pd, �p will be a positive number.
�TEEC is also defined according to the value of TEECmin as
determined by the controller designer. Therefore, the following
relations represent �TEEC and �p:

{
�p = pd − p0
�TEEC = TEECmin − TEEC0

(27)

�TEEC is always a negative or zero value. Figure 3(a) pro-
vides a visual representation of the minimum value search
process in the proposed intelligent minimization method.
Different values and signs of �p, as well as different val-
ues of �TEEC, create distinctive search paths in the diagram
of Figure 3(a), which can be represented as Figure 3(b).

Here, �p and �TEEC represent the changes in the value
of the p-parameter and changes in the TEEC criterion dur-
ing the approximation process, respectively. Next, �TEEC/�p
is defined as the sensitivity factor for approximating the
p parameter, where, �TEEC = TEECnew − TEECold and

Fig. 3. Visual representation of the proposed intelligent minimization method
(a) minimum value search process (b) distinctive search paths.

�p = pnew−pold. The sensitivity factor indicates how sensitive
the control performance is to the control parameter approxi-
mation. If the value of this factor is considered large, in the
next step of approximation, there will be a small change in
the value of the control parameter and vice versa. Carefully
in Figure 3-(b), this concept is easily understood.

To guarantee the stability and increase the accuracy of the
proposed DBSMC controller, the parameters ξ and ζ must
be approximated. This approximation can be defined as the
process of searching for the values of the control parameters
to minimize the TEEC criterion. The flowchart of the execution
process of the proposed algorithm is shown in Figure 4.

Remark 5: The proposed algorithm is separately imple-
mented to approximate both control parameters ξ and ζ . That
is, for the parameter ξ the TEECξ criterion is defined accord-
ing to the state variable x1 and for the parameter ζ , the TEECζ

criterion is defined based on the state variable x6.
Remark 6: In the flowchart of Figure 4, the DGRP is the

reference signal for the power of ith DG. In fact, the occurrence
of one of the two conditions; a) changing the level of the
reference signal for the power of ith DG and, b) the largeness
of the TEEC criterion relative to TEECmin, or the simultaneous
occurrence of both conditions, are the conditions for parameter
re-approximation.

To describe the seven hypothetical paths of the search pro-
cess in Figure (3-b), the following fuzzy rules can be defined,
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Fig. 4. Flowchart of the proposed algorithm for approximating the control
parameters ξ and ζ .

for each path, respectively:
⎧
⎪⎪⎪⎪⎪⎪⎪⎪⎨
⎪⎪⎪⎪⎪⎪⎪⎪⎩

if �TEEC/�p is NB, then �p is PS
if �TEEC/�p is NM, then �p is PM
if �TEEC/�p is NS, then �p is PB
if �TEEC/�p is Z, then �p is Z
if �TEEC/�p is PS, then �p is NB
if �TEEC/�p is PM, then �p is NM
if �TEEC/�p is PB, then �p is NS

(28)

It should be noted that, in each of the above fuzzy rules,
�TEEC/�p is considered as an input variable and �p as an
output variable. Using these fuzzy rules, the controller con-
siders the effect of the approximation of the parameter p and
decides on the value of the next approximation. Finally, the
value of the parameter p that minimizes the TEEC criterion
is searched. The membership functions used in the Mamdani
fuzzy inference system are shown in Figure 5.

IV. STEPS TO DESIGN AND ADVANTAGES OF THE

PROPOSED DBSMC CONTROLLER

A. Steps to Design of the Proposed DBSMC Controller

Briefly, the design process of the proposed DBSMC con-
troller includes the following steps:

1. Define the functions f1, g1, f2 and g2 according to the (11).
2. Determine the state-space equations (18).
3. Determine the state-space equations in the error domain

consistent with (20).
4. Define the sliding surfaces s1 and s2 based on (22).
5. Determine the equivalent control inputs ueq1(t) and

ueq2(t) according to the (23).

Fig. 5. Fuzzy membership functions (a) membership functions for input
variable �TEEC/�p (b) membership functions for output variable �p.

6. Determine the switching control input us(t) and control
input u(t) according to the (24).

7. Determine the positive constants ρ, k and ε.
8. Determine the values dmax

1 and dmax
2 .

9. Initialize the control parameters ξ and ζ and also
determine the values TEECξ min and TEECζ min.

10. Determine TEECξ and TEECζ criteria and define the
sensitivity factors �TEECξ /�ξ and �TEECζ /�ζ according
to the (25) and (27), respectively.

11. Describe the fuzzy rules (28) and membership functions.
12. Approximate the control parameters ξ and ζ according

to the flowchart of Figure 4.
In order to better understand the proposed control structure,

the block diagram of Figure 6 is presented.

B. Advantages of the Proposed DBSMC Controller

In the design of the proposed DBSMC controller, there
are some creativities and innovations that are mentioned as
follows:

1. The design process of the proposed controller is such that
with only one control input, two state variables �p and �Vo

are controlled simultaneously and well. In other words, the
trade-off between the two factors proportional power sharing
and precise voltage regulation reaches the minimum possi-
ble. The proposed controller also overcomes all structured
uncertainties and external disturbances. In fact, this advantage
indicates the robustness and accuracy of the proposed control.

2. a) In the VSI structure, in the PI voltage and current
controllers for each DG, the parameters KPv, KIv, KPi and KIi

are determined separately according to the performance of the
ith DG and its related converter.
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Fig. 6. Block diagram of the proposed control system.

b) According to (11), the presence of �P/Kd is visible in most
elements of the vector f (x). Since, by changing the reference
power value of DGi (Piref ) or other structured uncertainties
occurrence, the value of �Pi/kdi changes, so we can use the
simple relation kdinew = Piref ∗ kdiinitial

/�Pinominal to regulate the
value of Kd and kept the value of �Pi/kdi constant.

Due to the above dual features, the control action stress of
the proposed DBSMC controller is greatly reduced.

3. Due to the above-mentioned advantage, the occurrence
of various uncertainties in the improved droop model is com-
pensated by applying small changes in the control parameters
ξ and ζ . Therefore, in the fuzzy approximator, the upper and
lower bounds of the membership functions of the input and
output variables become smaller, and as a result, the control
parameters are approximated very quickly in proportion to
the model changes. In fact, this advantage indicates fast and
accurate control. In addition, in fuzzy approximator design,
single-input, single-output fuzzy rules are used. Also, the fuzzy
approximatior rule base has only seven rules. Therefore, due
to these features and also due to advantages 1 and 2, the
computational load of control input is very small.

4. In the proposed control, the undesirable phenomenon of
control input chattering is eliminated, without undermining the
proof of the closed-loop system stability.

5. The design process of the proposed DBSMC controller
is very simple and also, the performance of the utilized fuzzy
approximator is very fast. Therefore, the simplicity, step-by-
step nature of the controller design process, as well as the low
computational load of the control input, bring the ability to
implement the proposed control in practice.

V. PERFORMANCE EVALUATION

A. Simulation Results

In order to evaluate the performance of the proposed
DBSMC control, suggested FSMC droop control in [5], the
conventional droop method, the droop scheme with virtual
resistance and the proposed droop strategy are compared in

Fig. 7. The configuration of the studied MG.

two cases. As shown in Figure 7, a DC MG consists of
three DGs and their respective converters is considered and
simulated in MATLAB/Simulink.

In two aforementioned cases, the DG nominal ratings are
determined as 5kW, 10kW and 15kW for DG1, DG2 and DG3;
respectively. Each DG is implemented as a DC power supply,
connected to the 400V DC bus using a DC-DC buck con-
verter. For all three DGs VEn , �VE and Vop are 600V, 10V
and 400V; respectively. Improved droop model parameters are
given in Appendix C. Let us now test the designed DBSMC
controller in two cases with various load changes, DG outages,
DC source voltage variations and line resistances as follows.

Case 1 (Load Changes, DG Outages and DG Voltage
Variations): In this step of the simulation, assumed the load
changes from 10kW to 7kW at 0.2s, DG1 removed at 0.6s
and DGs voltage variations �VE changed from 10V to 15V at
0.8s. The line resistance values RL1 , RL2 and RL3 are specified
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Fig. 8. The power sharing with the proposed DBSMC control in Case 1.

as 0.3�, 0.4� and 0.5�; respectively. According to DGs rat-
ings, the DG1, DG2 and DG3 portions should always be 1:2:3,
in the supply of load, under the different conditions of power
system working and in the presence of the structured uncer-
tainties and external disturbances. The parameters of the triple
DBSMC controllers and the bounds of the fuzzy approxima-
tor MFs, indicated in Figure 5, are addressed in Appendix D.
Also, the evolution of the fuzzy approximated DBSMC con-
trol parameters ξ and ζ are shown in Appendix E. Figures 8
and 9, demonstrated the output powers of the three DGs and
the magnitude of the voltage under the proposed DBSMC con-
trol. Very short transient-state and the quick readiness of the
DGs and their respective converters to provide the load power
as well as the rapid convergence of the DGs output powers
to the proportional power values, without significant under-
shoot and/or overshoot, can be seen in Figure 8. The DGs
could accurately share the loads, very close to the favorable
ratio of 1:2:3, utilized the proposed DBSMC control. This
desired performance is achieved in uncertain conditions such
as 3kW load reduction at 0.2s, outage of DG1 at 0.6s and
5V increase in range of the input voltage of all converters at
0.8s. Furthermore, for parametric uncertainties, it is assumed
that the DC-DC buck converters parameters were 90% of the
expressed values in Appendix C, and external disturbances are
applied using di(t) = dmax

i sin(10t). These parametric uncer-
tainties and external disturbances challenge the voltage and
current sensors measured values. In addition, no information
exchange takes place between the buck converters, in fact, the
proposed droop strategy is a decentralized control without the
need for any communication links. The almost precise voltage
regulation under the above-mentioned uncertain conditions can
be deduced in Figure 9.

In the following, in order to further performance evaluation
of the proposed DBSMC controller, T-S fuzzy sliding mode
controller (FSMC) designed to control the boost converter-
based isolated DC MG in [5] is simulated and applied to
the studied buck converter-based isolated DC MG. Figures 10
and 11, shown the output powers of the three DGs and the
magnitude of the voltage under the droop-based FSMC con-
trol [5]. Carefully in Figure 10 and compare it with Figure 8,
the very favorable performance of the proposed DBSMC con-
trol can be inferred in comparison with the droop-based FSMC

Fig. 9. The DC voltage with the proposed DBSMC control in Case 1.

Fig. 10. The power sharing with the droop-based control [5] in Case 1.

Fig. 11. The DC voltage with the droop-based control [5] in Case 1.

control [5]. So that in Figure 10, long transient-state, slow,
oscillatory and non-smooth convergence with considerable
undershoot and/or overshoot can be seen in the uncertain-
ties occurrence moments at 0.2s, 0.6s and 0.8s. Also, in
Figure 11 the poor voltage regulation is clear compared to
the proposed droop control. The output powers of the three
DGs under conventional droop control are shown in Figure 12.
And the results with the virtual resistance compensation can
be seen in Figure 13. The considered droop coefficient val-
ues in the conventional droop method are −0.003�, −0.006�

and −0.009�. Also, −0.03� is intended for virtual resistance
value. Figures 12 and 13 show the very long transient-state,
very slow convergence and poor power sharing performance
in the presence of uncertainties. According to detailed Tables I
and II, it seems that the desirable performance of the proposed
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Fig. 12. The power sharing with the conventional droop control in Case 1.

Fig. 13. The power sharing with the virtual resistance in Case 1.

Fig. 14. The power sharing with the proposed DBSMC control in Case 2.

DBSMC control in proportional power sharing can be con-
cluded.

Case 2 (Changes of Line Resistances): The line resistance
changes the total equivalent droop resistance. In this situation,
the load sharing ratio will be different from the theoretical
value. In practical applications, the droop controller capability
to withstand possible changes in line resistance will be a privi-
leged feature for the controller. To evaluate the proposed droop
control capability, abrupt changes in line resistance are consid-
ered. For this purpose, the initial line resistances values 0.3�,
0.4� and 0.5�, while the load is 7kW, are suddenly changed.
At 0.3s, the line resistances are changed to 0.2�, 0.4� and
0.6�, afterwards at 0.6s, the resistances are increased to 3 �,
2� and 1.5�; respectively.

Moreover, the parametric uncertainties and external distur-
bances are assumed as mentioned in Case 1. The droop-based

Fig. 15. The power sharing with the droop-based control [5] in Case 2.

Fig. 16. The power sharing with the conventional droop control in Case 2.

Fig. 17. The power sharing with the virtual resistance in Case 2.

FSMC control [5] is also implemented and simulated, under
these challenging conditions. All of the control parameters,
and bounds of the fuzzy approximator MFs, are mentioned and
shown in Appendices D and E. Figures 14 and 15, demonstrate
the results of the power sharing with the proposed droop con-
trol and the droop control [5]. Carefully in Figures 14 and 15
and considering detailed Table III, the robust and favorable
performance of the proposed DBSMC control can be deduced.
Also, the ratio of the power sharing with the proposed droop
technique is closer to the ratio of DGs nominal power 1:2:3,
compared to the droop control [5]. The results with the
conventional droop control and with the virtual resistance
compensation are shown in Figures 16 and 17. Considering
detailed Tables III and IV, the favorable performance of the
proposed DBSMC control in proportional power sharing is
obvious.
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Fig. 18. The used RTDS system.

Fig. 19. The power sharing with the proposed DBSMC control in Case 1,
in real-time digital simulation.

Fig. 20. The DC voltage with the proposed DBSMC control in Case 1, in
real-time digital simulation.

B. Real-Time Digital Simulation Results

For evaluating the efficiency of the proposed DBSMC con-
trol strategy in the field of the isolated buck converter-based
DC MG, the real-time digital simulation method is performed,
using the RTDS system of Figure 18 consisting of five PB5
processing cards. The proposed DBSMC controller is exerted
to the studied isolated DC MG in a real-time digital simu-
lation, in varying operating conditions and in the presence
of structured uncertainties and external disturbances, just like

Fig. 21. The power sharing with the proposed DBSMC control in Case 2,
in real-time digital simulation.

TABLE I
POWER SHARING WITH DROOP CONTROLLER [5] AND PROPOSED

DBSMC CONTROLLER IN CASE 1

TABLE II
POWER SHARING WITH CONVENTIONAL DROOP CONTROL AND DROOP

SCHEME WITH VIRTUAL RESISTANCE IN CASE 1

Cases 1 and 2 and under the same conditions. About Case 1,
with carefully in Figures 19 and 20, these favorable features
can be seen; respectively: a) Very short transient-state and the
fast convergence of the DGs output powers to the proportional
power values, very close to the desired ratio of 1:2:3 and with-
out considerable undershoot and/or overshoot, b) The precise
voltage regulation. Also about Case 2, the robust and desired
performance of the proposed DBSMC control is visible in
Figure 21. As well as, the ratio of the power sharing with the
proposed droop technique is close to the ratio of DGs nom-
inal power 1:2:3. According to the detailed Tables I to IV,
the favorable performance of the proposed DBSMC control in
proportional power sharing, in Cases 1 and 2, can be deduced.
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TABLE III
POWER SHARING WITH DROOP CONTROLLER [5] AND PROPOSED

DBSMC CONTROLLER IN CASE 2

TABLE IV
POWER SHARING WITH CONVENTIONAL DROOP CONTROL AND DROOP

SCHEME WITH VIRTUAL RESISTANCE IN CASE 2

VI. CONCLUSION

In this paper, a novel nonlinear robust droop control strat-
egy is proposed for proportional, accurate and fast power
sharing of isolated DC MG, with an improved nonlinear
droop model, in the presence of variable operating conditions,
structured uncertainties and external disturbances. The con-
troller designing is based on the sliding mode approach and a
fuzzy approximation technique. The proposed DBSMC con-
trol strategy is a decentralized control without the need for
any communication links. The low computing volume of the
control input as well as the simplicity and step-by-step nature
of the controller design process, increase the proposed con-
troller’s ability to implement in practice. The simulation results
achieved from the MATLAB software also real-time simula-
tion results from an RTDS system represented the desirable
performance of the proposed DBSMC controller.

APPENDIX A
THE VECTOR f (x) IS AS FOLLOWS

Equation shown at the bottom of the next page.

APPENDIX B
THE PROOF OF THEOREM 1

Proof: sliding surface S is considered as the sum of sliding
surfaces s1 and s2:

S = s1 + s2 (B.1)

To design the control input us(t), the following Lyapunov
candidate function is proposed:

V(S) = 1

2
S2 (B.2)

Differentiating with respect to time in the equation (B.2)
we obtain:

V̇(S) = SṠ = S[ξ ė1 + ζ ė6] (B.3)

Due to the remark 3, (20), (23) and (24) are placed in (B.3):

V̇(S) = SṠ

= S

⎧
⎪⎪⎨
⎪⎪⎩

+
ξ

(
fc1 + gc1u(t)
+D1(t) − ẋd1

)

ζ

(
fc2 + gc2u(t)
+D2(t) − ẋd6

)

⎫
⎪⎪⎬
⎪⎪⎭

= S

⎧
⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎨
⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎩

ξ

⎛
⎜⎜⎝

fc1 + gc1

⎛
⎝+

ueq1(t)
ueq2(t)
+us(t)

⎞
⎠

+D1(t) − ẋd1

⎞
⎟⎟⎠

+ζ

⎛
⎜⎜⎝

fc2 + gc2

⎛
⎝+

ueq1(t)
ueq2(t)
+us(t)

⎞
⎠

+D2(t) − ẋd6

⎞
⎟⎟⎠

⎞
⎟⎟⎠

⎫
⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎬
⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎭

(B.4)

= S

⎧
⎪⎪⎨
⎪⎪⎩

ξ fc1 + ξgc1ueq1(t) + ξgc1ueq2(t) + ξgc1us(t)
+ξD1(t) − ξ ẋd1+

ζ fc2 + ζgc2ueq1(t) + ζgc2ueq2(t) + ζgc2us(t)
+ζD2(t) − ζ ẋd6

⎫
⎪⎪⎬
⎪⎪⎭

= S

⎧
⎨
⎩+

(
ξgc1 + ζgc2

)(
ueq1(t) + ueq2(t)

)
(
ξgc1 + ζgc2

)
us(t) + ξ fc1 + ζ fc2

+ ξD1(t) + ζD2(t) − ξ ẋd1 − ζ ẋd6

⎫
⎬
⎭

The control input us(t) is selected as follows:

us(t) = −1{
ξgc1

+ζgc2

}

⎧
⎪⎪⎨
⎪⎪⎩

(
ξgc1 + ζgc2

)( ueq1(t)
+ueq2(t)

)

+ξ fc1 + ζ fc2 − (ξ ẋd1 + ζ ẋd6)

+kS + ρsat(S)

⎫
⎪⎪⎬
⎪⎪⎭

(B.5)

where k and ρ are positive constants. The function sat(S) is
defined as:

sat(S) =
{

sgn(S), |S| > ε

S/ε, |S| ≤ ε
(B.6)

where sgn(S) is equal to S
|S| and ε is a small positive constant.

By placing (B.5) in (B.4) and considering (B.6) we have:

V̇(S) = SṠ = S

{ −kS − ρsat(S)

+ξD1(t) + ζD2(t)

}

= −kS2 − ρSsat(S) + S(ξD1(t) + ζD2(t))

≤ −ρSsat(S) + (ξDmax
1 + ζDmax

2

)
Ssat(S)

=
{(−ρ + (ξDmax

1 + ζDmax
2

))|S|, |S| > ε(−ρ + (ξDmax
1 + ζDmax

2

)) S2

ε
, |S| ≤ ε

(B.7)

From (B.7) it follows that by properly selecting the
coefficients ξ , ζ , ε, k and ρ and satisfying the condition
ρ > (ξDmax

1 + ζDmax
2 ) derivative of Lyapunov function

becomes less than zero. Therefore, over time, the sliding
surface S converges to zero.

Remark 7: Although with proper selection of coefficients
ξ , ζ , ε, k and ρ, the convergence of sliding surface S to zero
can be deduced from (B.7), but it is not necessarily possible to
conclude zero sliding surfaces s1 and s2 by zeroing the sliding
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surface S. Therefore, zero sliding surface S does not guarantee
the stability of the closed-loop system (20).

It has been proved so far that the control input expressed
in (23) and (24) converges the sliding surface S to zero in
the presence of existing structured uncertainties and external
disturbances. Next, it will be proved that zeroing the sliding
surface S causes zero sliding surfaces s1 and s2. Finally, the
closed-loop system (20) will have global asymptotic stability,
and Theorem 1 will be proved. To analyze the stability of the
system (20), we first take the integral from both sides of the
first part of (B.7) with respect to time:

∫ t

0
V̇dt =

∫ t

0

(−ρ|S| + |S|(ξDmax
1 + ζDmax

2

))
dt

V(t) − V(0) =
∫ t

0

(−(ρ − (ξDmax
1 + ζDmax

2

))|S|)dt (B.8)

From (B.2) and (22) we have:

V(t) = 1

2
S2 = V(0)

−
∫ ∞

0

((
ρ − (ξDmax

1 + ζDmax
2

))|S|)dt ≤ V(0) < ∞
(B.9)
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PiKPv
(
VEn + �VE

)
�Idg�Vo/L + K2

Pi

(
VEn + �VE

)(
�Idg

)2
/L + KPiKIi

(
Rdg�Idg + RLIRL

)

× ���Idg/L + K2
PiKIv

(
Rdg�Idg + RLIRL

)
���Idg/L + K2

PiKPv

(√
�P
Kd

+ 0.25V2
op − 0.5Vop

)(
Rdg�Idg + RLIRL

)
�Idg/L

− K2
PiKPv

(
Rdg�Idg + RLIRL

)
�Idg�Vo/L − K2

Pi

(
Rdg�Idg + RLIRL

)(
�Idg

)2
/L + KPi

(
Vop + �Vo

)
�Idg/L;

KIi
(
�Idg + IRL

)
��/C + KPiKIv

(
�Idg + IRL

)
��/C + KPiKPv

(√
�P
Kd

+ 0.25V2
op − 0.5Vop

)(
�Idg + IRL

)
/C

− KPiKPv
(
�Idg + IRL

)
�Vo/C − KPi

(
�Idg + IRL

)
�Idg/C − KIi(�IL + IRL)��/C − KPiKIv(�IL + IRL)��/C

− KPiKPv

(√
�P
Kd

+ 0.25V2
op − 0.5Vop

)
(�IL + IRL)/C + KPiKPv(�IL + IRL)�Vo/C

+ KPi(�IL + IRL)�Idg/C + (�IL + IRL)/C − Iop/C;

⎤
⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎦
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From (B.9) it follows that S ∈ L∞:

sup
t≥0|S| = ‖S‖∞ < ∞ (B.10)

From (B.7) and (B.10) we have:

V̇(S) = SṠ ≤ −ρ|S| + |S|(ξDmax
1 + ζDmax

2

)
< ∞ (B.11)

From (B.11) it results that Ṡ ∈ L∞:

sup
t≥0|Ṡ| = ‖Ṡ‖∞ < ∞ (B.12)

Therefore, from (B.10) and (B.12) it can be concluded that:
{ sup

t≥0|s1| = ‖s1‖∞ < ∞
sup
t≥0|ṡ1| = ‖ṡ1‖∞ < ∞ ;

{ sup
t≥0|s2| = ‖s2‖∞ < ∞
sup
t≥0|ṡ2| = ‖ṡ2‖∞ < ∞ (B.13)

In the light of the above description, we know that if ρ >

(ξDmax
1 +ζDmax

2 ), then the values of ξ and ζ have not a direct
effect on the system stability. Therefore, the following two
sliding surfaces are introduced:

{
S1 = ξ1s1 + ζ s2
S2 = ξ2s1 + ζ s2

(B.14)

where ξ1 and ξ2 are arbitrary constants and ξ1 	= ξ2, so S1 	=
S2. Also 0 <

∫∞
0 S2

2dt <
∫∞

0 S2
1dt < ∞ is assumed. From (B.9)

we have:{
0 ≤ ∫∞

0 S2
1dt <

∫∞
0

(
ξ2

1 s2
1 + 2ξ1ζ s1s2 + ζ 2s2

2

)
dt < ∞

0 ≤ ∫∞
0 S2

2dt <
∫∞

0

(
ξ2

2 s2
1 + 2ξ2ζ s1s2 + ζ 2s2

2

)
dt < ∞ (B.15)

So we have:

0 <

∫ ∞

0

(
S2

1 − S2
2

)
dt

=
∫ ∞

0

((
ξ2

1 − ξ2
2

)
s2

1 + 2(ξ1 − ξ2)ζ s1s2

)
dt < ∞ (B.16)

The above relation is rewritten in terms of s1 and S1:
∫ ∞

0

((
ξ2

1 − ξ2
2

)
s2

1 + 2(ξ1 − ξ2)s1(S1 − ξ1s1)
)

dt

=
∫ ∞

0
− (ξ1 − ξ2)

2s2
1dt+

∫ ∞

0
2(ξ1 − ξ2)s1S1dt > 0 (B.17)

From (B.9) can be concluded:
∫ ∞

0

(
ρ − (ξDmax

1 + ζDmax
2

))|S|dt ≤ V(0) < ∞ (B.18)

Since ρ > (ξDmax
1 + ζDmax

2 ), so:
∫∞

0 (ρ − (ξDmax
1 +

ζDmax
2 ))|S|dt ≥ 0. This positive value will be limited. So it

can be concluded that: 0 ≤ (ρ − (ξDmax
1 + ζDmax

2 ))
∫∞

0 |S|dt =
‖S‖1 ≤ ∞.

Hence S ∈ L1. In the following, from (B.17) we get:
∫ ∞

0
(ξ1 − ξ2)

2s2
1dt <

∫ ∞

0
2(ξ1 − ξ2)s1S1dt

≤ 2
∫ ∞

0
|(ξ1 − ξ2)s1S1|dt ≤ 2|ξ1 − ξ2|

∫ ∞

0
‖s1‖∞|S1|dt

= 2|ξ1 − ξ2|‖s1‖∞‖S1‖1 < ∞ (B.19)

From (B.19) we have:
∫ ∞

0
s2

1dt < ∞ (B.20)

TABLE V
IMPROVED DROOP MODEL PARAMETERS

TABLE VI
THE PARAMETERS OF THE TRIPLE DBSMC CONTROLLERS

It is proved in a similar way that:
∫ ∞

0
s2

2dt < ∞ (B.21)

From (B.20) and (B.21) it can be concluded that s1 ∈ L2 and
s2 ∈ L2. Since s1 ∈ L∞, ṡ1 ∈ L∞, s2 ∈ L∞ and ṡ2 ∈ L∞, there-
fore, it can be deduced that limt→∞ s1 = 0 and limt→∞ s2 = 0,
based on Barbalat’s lemma [27], and Theorem 1 is proved.
Similarly, for the second part of (B.7), Theorem 1 can be
proved.

APPENDIX C
THE IMPROVED DROOP MODEL PARAMETERS

See Table V.

APPENDIX D
THE PARAMETERS OF THE TRIPLE DBSMC CONTROLLERS

AND BOUNDS OF THE FUZZY APPROXIMATOR MFS

See Table VI and Table VII.

APPENDIX E
THE FUZZY APPROXIMATED DBSMC CONTROL

PARAMETERS

Remark 8: According to advantage 3, expressed in
Section IV-B, quick approximation of the control parameters
ξ and ζ is obvious.
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TABLE VII
BOUNDS OF THE FUZZY APPROXIMATOR MFS

Fig. 22. Fuzzy approximated SMC control parameters (a) Case 1 (b) Case 2.
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