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Abstract—The major factors associated with the manufactured
structures and photon emission intensity distribution must be ac-
curately identified for the complicated optical design parameters
associated with micro-LED pixels. This study presents the method-
ologies and reveals the sequential calculating protocol in each layer
for pixel-level optical simulations, based on which the boundary
condition errors associated with common optical simulations can
be corrected. Moreover, the optical effect on each epitaxial layer
of the micro-LED design is revealed, and the rationality of the
setting of the finite-radius receiver with a pseudo-extended sub-
strate material is also explained with respect to the intrinsic and
extrinsic pixel-intensity distribution properties. Finally, the design
of experiments DOE L18 orthogonal array table is demonstrated
by the Taguchi method to explore the principal factors for the
parameter design of the micro-LED layers. The results indicate
that the sapphire thickness, the P-GaN layer, the buffer layers,
and an additional substrate plate are the four significant factors
that primarily influence the luminous power and the corresponding
uniformity on the exit pupil of micro-LEDs. Based on the luminous
power uniformity, the signal-to-noise ratio in the sapphire thickness
is 16.9, and the extended substrate plate is 9.8, which is ∼10 times
> the interaction design parameter, such as the etching angle
and reflective index of the extended substrate of the micro-LED
pixel. These specific design factors can be the major optimization
parameters for cost control and performance improvement.

Index Terms—Micro-LED pixel, taguchi method, ray-tracing
program, boundary conditions, DOE method, far-field receiver.
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I. INTRODUCTION

M ICRO-LEDs are essential for new-generation displays
and biomedical device applications [1], [2]. Designing

high-efficiency micro-LEDs is the central dogma of these spe-
cific applications due to the portability and lightweight require-
ments. Taking the extended reality (XR) system as an example,
smaller pixel size, higher resolution, and a single panel solution
with full-color conversion schemes are the major trends of the
current research direction and market [3], [4], [5]. Thus, the
need arises for a detailed analysis procedure for pixel-based
intensity distribution (apodization), light extraction, and uni-
formity predictions. Among various reports, few studies have
discussed the optical modeling of the construction and design
of micro-LED devices [6], [7], [8]. However, there is a lack of
simulation details and a proper protocol for further investigation.
A possible improvement protocol for micro-LED pixel reduction
simulation is still insufficient.

Generally, a computational method is essential to overcome
the various configurations for the novel design of micro-LED
pixel structures. Thus, identifying an appropriate modeling tool
at the pixel level is critical before fabrication. Although the
geometric ray-tracing assumption has been introduced for pixel
size simulation [6], [7], the maintenance of the privilege and
effectiveness criteria should be considered. It is rational to
examine the assumption as well as the corresponding boundary
and interface conditions for these pixels and subpixel calcula-
tion scenarios in advance. Thus, this study aims to introduce
appropriate modeling procedures and demonstrate strategies
for identifying the major forming factors of micro-LED pixel
structures. These strategies can provide an adequate model for
estimating the micro-LED efficiency. Based on successive layer
modeling, the key factors associated with pixel performance can
be clearly identified. Thus, the design of highly efficient color
conversion schemes when considering structures in the pixel
recycle chamber can be considerably improved [9] (e.g., photons
bouncing between bandpass filters for quantum dots or various
spectra of exciting material).

II. EXPERIMENTAL PROCEDURE

A. Modeling Problems

The ray-tracing program is the rational choice to proceed
with the micro-LED pixel simulation. However, for the high-
resolution pixels with downsizing demands, the effectiveness
of employing the geometric ray-tracing algorithm is an issue.
Another concern is the photon trajectory, with the interface
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Fig. 1. (a) Fifty-micrometer micro-LED from NCHU [6], and (b) Tube-like
model.

feasibility by Snell’s law after the epitaxial process. Here the
Fresnel number is introduced as a possible indicator to examine
the rationality of the geometric ray tracing in the pixel-level
simulation.

F =
W 2

L · λ (1)

Here, W is the exit pupil or micro-LED, L is the characteristic
propagation length (the radius of the receiver will be discussed
in detail later), and λ is the wavelength. Consider a micro-LED
pixel structure [6] (Fig. 1(a)) with W = 50 um and L = 575 um
sapphire thickness. The structures comprise sapphire, the buffer
layer, N-GaN layer, multi-quantum well (MQW), P-GaN layer,
Ohmic region, and indium tin oxide (ITO), with metal layers as
the reflective surface and conducting layers.

The sapphire substrate is removed from most micro-LED
chips. However, the transfer technique with sapphire substrate
might be useful for color-covered full-color micro-LED display.
This is integrated with the quantum dot photoresist (QDPR) on
the micro-LED display and distributed Bragg reflector deposited
on sapphire [6], [10]. Further, the substrate might be suitable for
the back-end process to offset the bending stresses caused by
the differential thermal expansion of the substrate and epilayer
[11].

For a micro-LED with a 450-nm wavelength, the Fresnel
number (F) is ∼13. Although F is not strictly >>1 [12], this
proves that geometric ray tracing (now photon tracing) is an
acceptable evaluation tool. Then, the boundary conditions and
receivers (detectors) for building the pixel-based optical model
are considered. Due to the operating protocol, the conventional
method might naturally lead to the usage of a finite-region “sub-
strate tube” with an interface between environments (mainly air).
Fig. 1(b) presents an example and assigns a far-field receiver to
estimate the intensity distributions. However, the problem stems
from the resulting inaccurate boundary conditions (artificial
refracting interface) between the pixels and the false side wall
effects since the real scenario is that the photons must remain to
propagate in the true substrate size.

For a single micro-LED die, the boundary condition encoun-
ters discontinuity with respect to the material properties, which is
quite difference in case of a micro-LED array. For example, mass
transfer technology is required to prepare and cut the red, green,
and blue chips on the display substrate for manufacturing color
micro-LEDs [13]. Under this condition, the boundary conditions
(air and sapphire) of the substrate can be described directly based
on the conventional setting of the optical simulation software.

Fig. 2. (a) (A) Sapphire thickness (L) = 570 um, (B) N-GaN layer etching
angle (a) = 21.8°, (C) Etching angle of the MQW/P-GaN/ITO compound (b) =
48.9°, (D) P-GaN layer thickness (p) = 0.4 um, (E) Buffer layer thickness (h)
= 1.55 um, (F) Extended substrate refractive index (n) = 1.57, (G) Extended
substrate thickness (T) = 5 um, and (H) ITO thickness (t) = 0.28 um. Notations
A–H also represent the design of the experimental factors in the latter section,
with a 1.42-um constant thick N-GaN layer. (b) Definition of taper ratio (ε) =
L1/L2.

However, the micro-LED dies are assembled in an array for
more practical scenario. Consequently, modeling the appropriate
boundary conditions for a single pixel is essential.

B. Modeling Strategies

To build an appropriate modeling protocol, this subsec-
tion discusses the modeling strategy formation for pixel-based
simulations.

1) Construction of Successive Layer Model: Fig. 2(a) shows
the layer structures of the demonstrated 50-μm blue micro-LED
[6]. The modeling of the etching angle was performed by as-
signing a taper ratio ε between the bottom and top surfaces. By
observing the cross-section view, the area relationship between
the bottom surface, top surface, layer thickness, and etching
angle is described in Fig. 2(b).

The successive building of the LED layers of this model is
explained as follows. Each layer comprises six surfaces: the top,
bottom, and four side surfaces. The top surface interface of a
specific layer meets the continuity condition with the bottom
surface of the other epitaxial layer. To manage this, a pixel model
must activate the continuity options between the layer interfaces
(e.g., “glue,” “adhesive,” or “cement”). For illustration, the top
and bottom surfaces of the MQW layer were cemented to the
P-GaN bottom and N-GaN top surfaces, respectively. The four
side surfaces of the MQW layer were set as the capability for
the TIR surface if the criterion was satisfied (denoted as the TIR
surface for short). According to the micro-LED design shown in
Fig. 2(a), the four sides are coated with a metal layer, ensuring
photon reflection. This cement procedure is repeated along with
adjusting the layer coordinates carefully. Fig. 3 shows a clear
successive construction procedure of the micro-LED model with
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Fig. 3. Successive construction of micro-LED layers.

the corresponding layer relationship in the optical software. The
“+” notation indicates the cement process between the micro-
LED layers.

As the electron and holes recombine in the MQW layer, the
generated photons emit as a Lambertian source in all directions.
The photon emission moves toward the top direction, through
the P-GaN and ITO layers, and is reflected by the metallic
layer. Afterward, the photons pass through the ITO layer, P-GaN
layer, MQW, N-GaN layer, buffer layer, and sapphire substrate
(extended material) and leave the micro-LED pixel structure. In
contrast, photons can also reach directly from the MQW through
the substrate, N-GaN layer, buffer layer, and sapphire substrate
and leave the micro-LED. The classical Snell law is dominated
between the interface under the present surface conditions and
the Fresnel number. Thus, the TIR phenomenon is one of the
ratiocinations.

2) MQW Layer: Assigning the MQW electron–hole recom-
bination zone as a volumetric photon source is reasonable.
However, note that two entities should be modeled in the MQW
layer simultaneously: the MQW-emitting region (light source)
and layer (layer entity). The MQW-emitting region is immersed
inside an MQW layer with the same refractive index (n) as
GaN. The algorithm without this immersion setting fails during
the micro-LED simulation due to incorrect photon propagation
inside the MQW layer.

The n-value of the emitting region (photon source) is assigned
to the GaN material, and it is immersed in the MQW layer with
the same n-value. This approach ensures the continuity of the
material properties between the P-GaN and N-GaN layers. Also,
it naturally provides the proper boundary conditions between the
P-GaN layer, the MQW-emitting regional interfaces, the MQW
layer, and the N-GaN layer. The only glitch is that the emitting
region has an imperfect geometric shape. This shape should
be measured by the instrument, and then a nonregular-emitting
region should be built into the model for further accurate calcu-
lation.

3) Effects of Micro-LED Layer: Based on the construc-
tion procedures and proton source shown in Figs. 3 and 4,
respectively, Fig. 5 compares the intensity distribution during
the layer assembly. The total extraction efficiency (η) indicated
in the figures can be obtained by directly integrating the angular
intensity distribution I(θ) of the receiver.

η =
∫ I (θ) dθ
PMQW

(2)

Fig. 4. Modeling of MQW layer: Emitting region (photon source) is immersed
in MQW layer.

Fig. 5. Intensity distribution variation during layer constructions: (a) MWQ-
emitting region, (b) MWQ-emitting region with refractive index (n) = 0.24,
(c) MWQ-emitting region immersed in MWQ layer, (d) +P-GaN, (e) +N-GaN,
(f) –P-GaN, (g) +N-GaN buffer + Ohmic Region, (h) +P-GaN, (i) +ITO, and
(j) +sapphire.

The micro-LED parameter can be slightly adjusted to generate
a Lambertian-like intensity distribution after various transfor-
mations between the epitaxial layers, indicating that a proper
geometric setting can result in better photon extraction from the
MQW layer. Note that the receiver of the intensity distribution
measurement shown in Fig. 5 is not a conventional far-field
receiver, but a finite radius receiver to measure the intrinsic
properties of the micro-LED pixel. The next section explains
this in detail.

The bins number for the intensity receiver is 51 by 51, whereas
the initial number of rays is 50000 k. Additional rays may be
emitted depending on the signal-to-noise ratio (S/N) ratio of the
receivers to ensure that the S/N ratio < 5% is an acceptable
simulation run for each model. The previous section introduced
the Fresnel number F = ∼13, and indicated that the geometric
ray tracing is an acceptable strategy for this investigation, such
that the FDTD (Finite Difference Time Domain) scheme is not
required herein.

4) Radius Settings for Finite Receivers: The following argu-
ments reveal the required modeling setting for the pixel design
purpose, especially in the optical interface representing the
dramatic in the boundary conditions. Considering a micro-LED
array, no accurate intensity distribution measurement exists for
a single pixel in the near field, nor is a correct far-field angular
apodization (i.e., intensity distribution). The followings are the
rationale for this argument.

Fig. 6(a) shows the schematic of the conventional far-field
receiver method with a tube-like substrate region below a single
pixel (or above, depending on the micro-LED emitting type).
However, modeling the substrate as a tube with a far-field
receiver produces incorrect boundary conditions on all four sides
of the surfaces (nonexistent environment–substrate interface),
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Fig. 6. Setting of receivers and extended pseudo material for single pixels.

which is marked with an “X” symbol. The bottom surface (exit
pupil) must be considered; the corner of the substrate also suffers
from an incorrect substrate–environment boundary condition.
Consequently, this far-field receiver inappropriately records the
pixel-based intensity distribution. To overcome this limitation,
Fig. 6(b) is converted to a finite radius strategy to solve part of
the boundary conditions. However, some problems still exist
at some portions of the four sides, so introducing a pseudo
environment–substrate interface is required. Thus, Fig. 6(c)
demonstrates the extension of the substrate material to ensure
the continuity of n within the radius of the finite receiver.

To date, Fig. 6(c) is suitable for evaluating the properties of the
intensity distribution of the micro-LED-emitting core by setting
the radius of the finite receiver as the length of the substrate.
This configuration can record the intrinsic intensity distribution
between the layer structures and various etching angles. Recall
that Fig. 5(j) was obtained exactly by setting the finite radius
in this scenario, thereby considering only the photons emitting
distributions inside the pixel structure from the MWQ and
through all layers. Considering only the interior structural design
is useful, as the environmental material or packaging affects the
emission patterns that should not be predestined as the initial
design.

Furthermore, to explore the extrinsic properties of the pho-
ton emission to the environment (e.g., to the color conversion
material, packaging, or air), the setup on a finite radius of the
receiver as the diagonal length of the sapphire below the pixel is
required: the radius of the finite receiver is enlarged from R = L
into R = ((W/2)2 + L2)1/2 (Fig. 6(d)). However, again, such an
arrangement produces incorrect boundary conditions. To solve
this problem, again, the extended substrate material strategy is
adopted (Fig. 6(e)).

5) Extended Pseudo Material and Environmental Condi-
tions: The arguments in the previous section conclude that if the
material is not extended for the specific pixel, nonexistent inter-
facial refraction occurs. However, if the radius of the receiver
is inaccurate, then extending the materials causes undesired
TIR and refraction in the bottom surface of the substrates.
Fig. 7 demonstrates the far-field distribution (configuration in
Fig. 6(a)) that investigators might be interested in the effect of
the substrate’s n-value. Also, Fig. 8 shows the failure of the

Fig. 7. Conventional far-field simulation results with variation in substrate
refractive index (n).

Fig. 8. Intensity distribution by conventional far-field receiver does not con-
verge with extended substrate width from 60–7680 um due to TIR and inappro-
priate boundary conditions.

extended material that uses the far-field receiver without the
correction by the finite radius receiver.

First, the substrate’s n-value gradually changes from 1 (air)
to 1.78 (sapphire) (Fig. 7). Thus, the peak separation evolution
due to Snell’s law is evident. If the material is not extended
for this measured pixel, the nonexistent interfacial refraction
occurs and causes a side emission. Therefore, it is reasonable to
confirm the effects of the extended substrate material and check
the far-field convergence on the intensity distributions to prove
that the self-consistency of the extended substrate can overcome
the boundary condition problem. However, in Fig. 8(considering
substrate as sapphire with n = 1.78), the intensity distribution in
the conventional far-field receiver does not converge by doubling
the width of the substrates due to the false refraction and TIR
problems.

The following is the summary of the scheme for providing the
appropriate intensity distribution and illumination measurement
in the exit pupil of micro-LED pixels. These are the essential
tasks for correcting the pixel-based crosstalk and efficiency
evaluation and the guidance for the optimization procedures.
The key features of this scheme include setting an appropriate
finite receiver radius with the extended substrate to prevent the
false TIR and refraction phenomena on the four sides. The radius
of the finite receiver is determined by evaluating the intrinsic or
extrinsic properties. Care must be taken to ensure the continuity
between the layered interfaces. Table I briefly summarizes this
scheme.
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TABLE I
SUMMARY OF RECEIVER AND EXTENDED MATERIAL SCHEME

Fig. 9. Comparison of SEM images (top view) of micro-LED ITO/P-
GaN/MQW mesa (a) Before and (b) After surface improvement process.

6) SEM Images for Boundary Conditions: To date, the in-
ference for the present methodologies includes a fundamental
postulate that the TIR occurs in the interface between the layers.
The important clarification for the simulation is to determine
whether the real interface can be modeled by the optical software
according to this hypothesis. Fig. 9 shows the top-view SEM
images of the mesa of the μ-LED chip. In Fig. 9(a), the mesa
(ITO/P-GaN/MQW) was fabricated using an inductively cou-
pled plasma etcher with reactive chlorine gases. The impurities
are on the N-GaN surface around the mesa. Previous studies have
reported that the serious surface roughness is mainly attributed
to the etching accumulation, which causes an uneven etch rate
phenomenon [14], [15]. In Fig. 9(b), introducing argon during
etching improves the etching rate and eliminates the redundant
impurities on the N-GaN material. Moreover, it can smoothen
the mess-sidewall.

Furthermore, the cross-section shown in Fig. 10 suggests that
this smooth interface makes the TIR assumption between the
layer surfaces acceptable.

C. Summary

The preceding sections provide the rationale for modeling
the micro-LED pixel-based analysis. The construction of layers
and effects are demonstrated, and a sufficient reason for using
finite radius receivers with extended substrate material to remove
the false refraction/TIR boundary conditions is addressed. The
configuration for analyzing the intensity of the intrinsic and

Fig. 10. Cross-sectional SEM image of epitaxial layers.

Fig. 11. (a) Far-field receiver without extended material, (b) Finite radius
receiver with extrinsic configurations, and (c) Present finite radius receiver.

Fig. 12. Effect of sapphire length (L = 600–50 um) on intensity distribution.

extrinsic pixels is provided. Fig. 11 reveals the significant dif-
ference in the intensity distribution of the micro-LED between
the conventional far-field and extrinsic finite field receivers.

Fig. 12 illustrates the sapphire length effect using the sug-
gested extrinsic configuration. The intensity distribution vari-
ance changes significantly under a critical sapphire length
(LC = 300 um). The theoretical study of the critical length
and other micro-LED parameters will greatly assist the man-
ufacturer, as it may provide the process tolerance. Note that the
efficiency, defined as the integration of the intensity distribution
integration, follows the exponential law revealed in Fig. 13. To
explore more effects on the micro-LED parameters, the design
of experiment (DOE) method [16] is more effective.

D. L18 Table for DOE Analysis

The DOE method is appropriate for exploring the critical
factors of the micro-LED structure that significantly impact the
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Fig. 13. Efficiency (η) as a function of sapphire length follows the exponential
law.

TABLE II
FACTORS AND LEVELS FOR L18 TABLE

specific design target. Here, factors with levels and S/N are
discussed in detail in this micro-LED design with an extrinsic
finite field receiver scheme.

1) Factors and Levels: In Fig. 1, eight factors are introduced
to represent the design factors of the micro-LED. These factors
are the substrate thickness (A, sapphire), the etching angle of
the N-GaN layer (B), the etching angle of the MQW layer (C,
the P-GaN and ITO layers), the N-GaN layer thickness (not a
DOE factor, and remains constant as 1.42 um), the P-GaN layer
thickness (D), the thickness of the buffer layer (E, between the
substrate and the N-GaN layers), the n-value of an additional
attached substrate (F, if required), the correspondence of the
substrate thickness (G), and the ITO layer thickness (H).

Table II summarizes the factors (with symbols) and corre-
sponding numerical values of the levels. Note that there are
only two levels for the sapphire substrate thickness, whereas
there are three levels for all other factors. This arrangement
can lead to an L18 DOE Table. During the analysis, the buffer
layers between the N-GaN layer and the substrate are assigned
as individual entities. If this layer is removed during analysis,
one can simply set the material properties to the substrate or the
N-GaN layer. According to the number of factors and levels, the
L18 table for the DOE is introduced. Here, the emphasis is that
the combination of level 1 (Exp. #1) is exactly the fabricated
micro-LED sample [6].

2) Illuminating Uniformity on Exit Pupil and Extraction
Power Efficiency: The η-value for micro-LEDs is important, but

Fig. 14. Measured illuminating condition in exit pupil of micro-LED.

Fig. 15. Surface receiver with 5 × 5 grids for pixel metric measurements.

herein, the luminous power in the normal direction of a single
micro-LED pixel exit pupil and the corresponding uniformity are
the two principal properties. The merit function construction for
the analysis is explained here.

Recall that the configurations in Fig. 6(e) can evaluate the
extrinsic intensity distribution of the micro-LED by an angular
receiver. Moreover, to calculate the illumination conditions from
the exit pupil of the micro-LED, the surface receiver should be
set up close to the exit pupil of the micro-LED. Fig. 14 depicts
an image of a single-pixel micro-LED for Exp. #1, measured
by a beam profiler system (COHU 6612-1000 + PENTAD
STAND-50) with a full-frame progressive scan CCD camera. To
assess the details in the exit pupil of the micro-LED, a surface
receiver with 5× 5 grids is constructed (Fig. 15) for pixel metric
measurements.

In Fig. 15, the measurement occurs by the nine grids (yellow),
and each grid contains the luminous power (Ii). Therefore, the
luminous uniformity (U) (uniformity for short) can be calculated
as follows:

Iavg =

∑n
i=1 Ii
n

(3)

S =

√∑n
i=1 (Ii − I)

2

n− 1
(4)

U = 1− S

Iavg
(5)

where Iavg is the average luminous power, S is the standard
deviation, and U is the uniformity. Note that other uniformity
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Fig. 16. DOE analysis procedures.

definitions will meet the specific purposes. Although this def-
inition of uniformity is feasible, a more pragmatic way is to
introduce the related S/N for the DOE analysis, which has a
more dynamic range.

Here are some comments on the pixel based comparison
between the measurements and the simulation. It is difficult to
measure the intensity distribution of a single pixel micro-LED
with proper boundary conditions. This type of measurement
requires a sufficient amount of accumulated energy for intensity
distribution through the incorporation of several micro-LEDs
in a specific region. However, the illuminance uniformity of a
single pixel can be identified using the imaging sensors. Con-
sequently, it is more practical to compare the measured relative
illumination uniformity with simulation for a single pixel.

The recorded illuminance of the micro-LED display shown in
Fig. 14 is based on the following conditions: sapphire substrate
thickness = 575 um, N-GaN layer etching angle = 21.8°, MQW
layer etching angle = 48.9°, N-GaN layer thickness = 0.9 um,
and P-GaN layer thickness = 1.4 um. The refractive index n and
the extended plate thickness T are 1.78 and 0 um, respectively.
Finally, the ITO layer thickness is 0.28 um. The typical measured
average uniformity from the micro-LED array is approximately
around 92.85%, which is smaller the simulated intensity dis-
tribution (99.63%) from the single pixel in simulation. This
measurement error (∼6.8%) might be attributed to the variations
during pixel operating.

3) S/N and L18 Table: To maximize the luminous power
and the exit pupil uniformity of the micro-LED as the major
task herein, the L18 table was filled using the following S/N
definition [17] for “the higher, the better” scenario on Iavg with
the balancing uniformity.

S/N ≡ − 10log10

(∑n
i−1

1
I2
i

n

)

∼ −10log10

(
1

I2avg

(
1 +

3S

I2avg

))
(6)

Fig. 16 presents the complete procedures for analyzing the
essential factors influencing the extrinsic properties the most
for the luminous power and uniformity in the exit pupil of the
micro-LED. Recall that in the successive construction of the
micro-LED layer structure, care must be taken for the continuity
of the surfaces and the compatibility between the geometric
form factors and the material and surface properties of the layer

Fig. 17. Intensity distribution for L18 experiments.

region. In the following section, the sensitivity for the uniformity
and the luminous power, as well as the correlation between these
metrics, will be addressed to guide the categories of major factors
and optimum design strategies for micro-LEDs.

III. RESULTS AND DISCUSSION

The following subsections investigate the major factors of the
total luminous power and the uniformity of the surface receivers.
Also, the intensity distributions for experimental configurations
(according to the finite radius extrinsic analysis scheme) are
revealed.

A. Results of L18 Table

Table III presents the complete analysis results for the L18

experiments. The luminous power on the measured grids (Ii),
Iavg, S, S/N for the larger, the better S/Nmax, and related metrics,
such as U and η, are presented as well. Note that for #15,
η is adjusted to the upper limit due to the possible integral
scheme error. The complete intensity distribution (extrinsic finite
receiver scheme) for different factor configurations is presented
in Fig. 17. Table III Results of L18 table.

These distributions form an analysis basis set for evaluating
the sensitivities between the factors. Note that for some designs,
the maximum intensity occurs at a particular angle. However,
whether or not these intensities will result in pixel crosstalk is
determined by the geometric arrangements between the pixels
and the observation configurations.

B. Sensitivity to Luminous Power and Uniformity

Following the DOE procedures, the sensitivity analysis pre-
sented in Table IV and Fig. 18 provides a detailed ranking of
all design factors for the luminous power by considering Iavg.
Evidently, three major factors significantly influence the lumi-
nous power on the surface receiver set up in the exit pupil. These
are factors A (sapphire thickness), D (P-GaN layer thickness),
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TABLE III
RESULTS OF L18 TABLE

TABLE IV
RANKING OF MAJORS FACTORS FOR LUMINOUS POWER ON SURFACE RECEIVER

Fig. 18. Ranking of major factors for luminous power.

and G (extended plate thickness). The S/N range in factor A
is 31.192, and is > the interaction design parameter, such as
factor C (S/N range = 6.652, etching angle of the MQW layer).
The design factors can be the concentrated optimization in the
commercial design and fabrication process, which can be applied
to the cost control of micro-LED displays. Notice that there are
turning points on factor E (buffer layer thickness) and factor G
(extended plate thickness) for the level provided in the DOE.

In contrast, Table V and Fig. 19 rank all design factors for
the luminous power uniformity, which is characterized by S/N.
Similar analysis procedures reveal that three factors affect the
exit pupil uniformity: factors A (sapphire thickness), E (buffer
layer thickness), and G (extended plate thickness). Factors A
and G are the major factors improving the luminous power and
uniformity since their S/N values are the top two in Tables IV
and V.

TABLE V
RANKING OF MAJOR FACTORS FOR LUMINOUS POWER UNIFORMITY

Fig. 19. Ranking of major factors for luminous power uniformity.

In designing color conversion micro-LED full-color displays,
the illuminance uniformity and efficiency are the essential per-
formance characteristics [10], [18], which can be further opti-
mized by factors A and G. Hence, factors A and G (sapphire
and the extended plate thicknesses), together as a generalized
substrate structure, are the two critical factors for improving
the design qualities of the luminous power and the uniformity
of the micro-LED light extraction for these bottom emitting
configurations.

C. Categories for Major Factors and Optimum Design
Strategies

Through analysis, these eight factors can be classified into
three categories: group 1 (factors A, D, and G) for increasing
the luminous power, group 2 (factors A, E, and G) for increasing
the luminous power uniformity, and group 3 (factors B, C, F,
and H) for decreasing the factory overheads. First, the initial
optimum design can be approach by maximizing the luminous
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Fig. 20. Relationship between etching time and angle for factors B and C.

power through group 1. Next, the luminous power uniformity
is adjusted using the group 2 parameters. A trade-off is ex-
pected between factors A and G in case of luminous power
and uniformity, and factor E (buffer layer thickness) might
be able to accommodate part of these inconsistencies. Further
investigation on the etching angle effects of the N-GaN layer
(B), etching angle of the MQW/P-GaN/ITO layer compound
(C), the n-value of an additional attached substrate (F), and the
ITO layer thickness (H) is important. These factors (group 3)
can be used to modify the intensity distribution and reduce the
steps involved in the manufacturing process.

Fig. 20 shows the etching time for factors B (angle of the
N-GaN layer) and C (angle of the MQW/P-GaN/ITO layer
compound). Because the etching angle is less sensitive to the
luminous power and uniformity, here, a minimum etching angle
is sufficient to meet the design objective. To reduce the discon-
tinuous coverage of metal contact in the micro-LED array-chip
structure, the tapered sidewall of the N-GaN and MQW/P-GaN
layers can be designed at a smaller angle without altering the op-
tical properties. However, concerning the electrical properties,
the metal contact arrays can provide smoother coverage on the
chip and reduce the series resistance [6].

IV. CONCLUSION

Here, the protocol for numerical modeling micro-LED pixels
is presented in detail. The successive construction of the pixel
structures, including the sapphire substrate, the N-GaN layer,
the MQW layer, the P-GaN layer, the ITO contact, and the
refractive index (n) of an additional attached substrate, have
been successively constructed step-by-step manner to ensure
the cemented surface and immersion options can propagate the
photon continuity in the interface. We have effectively rectified
the configuration errors in common LED optical simulations.

The far-field receiver has been proved incorrect for the pixel
base analysis, such that extending the substrate material to avoid
false side effects is essential. Therefore, a finite-radius receiver
rather than a far-field receiver is a more pragmatic approach
and introduces the finite receiver radius concept for intrinsic
and extrinsic measurements. Based on the correct measurement

tool, the DOE L18 table identifies the major factors for luminous
power and uniformity on the pixel exit pupil.

The further optimization strategies are guided by the varia-
tions of the intensity distributions under different configurations.
The optimal uniformity of 99.81% can be obtained using the fol-
lowing optimal factors: sapphire substrate thickness = 150 um;
etching angle of the N-GaN layer = 21.8°; etching angle of the
MQW layer = 48.9°; thickness of the N-GaN layer = 0.9 um;
thickness of the P-GaN layer=1.4 um; n-value=1.45; thickness
of the extended plate = 200 um; and thickness of the ITO
layer = 0.28 um. This uniformity is suitable for designing
full-color micro-LED displays.
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