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Abstract: This paper presents a global optimization algorithm specifically tailored for ultra-
compact aspherical lens design problems for extended LED sources. The main purpose is
to obtain prescribed illumination patterns, particularly the uniform illuminance distribution.
This method begins by calculating the initial aspherical lens with two surfaces based on point
source approximation. Then a system of polynomials is employed to fit the meridian curves of
the two surfaces. In the optimization process, we use the particle swarm optimization (PSO)
algorithm to automatically find the optimal polynomial coefficients when the ray tracing sim-
ulation is being performed. A series of ultra-compact aspherical lenses with dimension ratio
of h/d ranging from 0.95 to 1.25 are presented, where h denotes the center height of the lens
and d represents the diameter of the extended source. The results show the high efficiency
and versatility of the proposed method in prescribed illumination design for extended LED
sources in three-dimensional rotational symmetry geometry. Additionally, an aspherical lens
is fabricated and tested, and its practical performance approaches the design.

Index Terms: Extended LED source, prescribed illuminance, illumination design, PSO.

1. Introduction
Realizing accurate control of the spatial energy distribution while maintaining the compactness
of the optical system for extended light sources is still a rewarding and urgent task, especially for
practical applications such as road lighting illuminations, architectural lighting, etc. [1]–[4]. Since the
étendue of an actual light source cannot be neglected in many cases, the design based on point-like
source approximation may result in invalid optics designs for actual illumination applications. As a
result, to generate exact illumination distributions for extended sources, we need to explore new
design methods by taking the source’s étendue into consideration.

For zero-étendue cases, the light source is regarded as a point-like source, in which there is only
one single ray passing through each point on the optical surfaces [5]. This approximation can lead
to an accurate one-to-one ray mapping relationship between source and target [6], [7]. However,
this approximation always leads to poor performance in a compact lens design where the dimension
ratio of h/d is less than 3 [8]. In these cases, the spatial size or the angular extent of the source
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cannot be ignored during the design phase, because there exists a bundle of light rays collected by
each point on the optical surfaces [5]. Any facet on the optical surface has a specific normal vector,
and thus cannot precisely control all incident light rays under the prescribed regulation.

Up to now, there exist two major categories of freeform optics design methods for extended
sources, i.e., the direct design method and the feedback compensation method. The famous
simultaneous-multiple-surface (SMS) design method proposed by Benı́tez, Miñano et al. [9] is
a powerful tool in illumination design for extended sources. In SMS design method, N freeform
surfaces are simultaneously designed to couple N pairs of input/output bundles. The SMS method
is a robust and efficient algorithm for extended Lambertian sources, but there still exist difficulties for
the direct design method in establishing a specific relationship between the input and output wave-
fronts. Wu, et al. have done many remarkable researches in designing 3D rotational (or freeform)
lenses for uniform illumination applications based on the tailored edge-ray principle [5], [10]–[14]. In
Ref. [12], a compact aspherical lens with a dimension ratio h/d of 2.53 is demonstrated for a uniform
illumination pattern by taking both meridional rays and skew rays of the extended source into ac-
count to tailor the lens profiles in the meridional plane. Nevertheless, these methods based on the
tailored edge-ray principle are only appropriate for prescribed intensity design where the influence
of the lens size on the optical performance can be ignored. Researchers have also proposed tradi-
tional feedback compensation methods to deal with the illumination design problems for extended
sources [15]–[18], which improve the performance of an optic initially designed with a zero-étendue
source through the feedback modification of the lens surfaces based on the simulation result with
an actual extended light source. However, these methods are less effective for ultra-compact optical
system (for example, h/d < 2) designs due to the difficulty in obtaining the global minimum of a
specifically defined merit function, such as the relative standard deviation (RSD). RSD is generally
adopted as a performance metric in terms of the uniformity of light distribution.

In this paper, we investigate the optimization technique that aims to find a global optimum solution
for rotationally symmetric lens designs with double aspherical surfaces. The method begins by
calculating initial surfaces based on a traditional ray mapping algorithm [6], and then the lens
profiles are parametrically defined. In the parameter space, the aspherical surfaces are optimized
to minimize a predefined merit function. We define the RSD of uniformity of the illuminance as the
merit function. The global optimization algorithm named particle swarm optimization (PSO) method
is employed to drive the global optimization process.

There are three main contributions in this work: (1) the proposed algorithm of global optimization is
feasible to design super compact aspherical lenses for prescribed illuminance distribution regardless
of whether the lens size can be ignored or not; (2) the double parameterized surfaces of the
aspherical lens can be optimized automatically when the simulation is being conducted in the ray
tracer. Our proposed design method may provide a new way to design illumination optics for those
researchers who are not specialized in mathematics or optics; (3) the proposed method can be
applied to design optics with 2D area sources as well as 3D volume sources.

The paper is organized as follows. In Section 2, we give the detailed design principles and
procedures of the ultra-compact aspherical lens design problem. In Section 3, several challenge
design examples are presented to verify the robustness and efficiency of the proposed method. To
validate the workability of the aspherical lens generated by the proposed method, an aspherical
lens is fabricated and experimentally measured in Section 4. Finally, a brief conclusion is presented
in Section 5.

2. Design Method
The scheme of the proposed design method is illustrated by a flow diagram as shown in Fig. 1. Firstly,
we specify the design requirements, such as the source specifications, the target distributions, the
lens structure limitations, and so on. Secondly, the surfaces of an initial lens are derived by traditional
ray mapping techniques within the point source approximation. After that, we interpolate the initially
designed lens surface data into a continuous surface with a polynomial basis. Meanwhile, the
merit function is established to evaluate the optical performance for further optimization. Finally,
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Fig. 1. The design flow chart of the proposed design method.

Fig. 2. Designed initial lens model based on the point source approximation.

we modify the coefficients of the polynomials by the heuristic method of PSO algorithms based on
the simulation results in the ray tracer. The optimization process stops when the merit function is
below the user-defined termination threshold or the number of iterations exceeds the preset value.
The whole design process including the initial design and the optimization procedure are carried
out automatically.

2.1 Initial Lens Construction and Parameterization

To avoid the total internal reflection (TIR) phenomenon that usually takes place for the LED’s
secondary optics designed with a plane-aspherical structure, a type of lens with double aspherical
surfaces is generally adopted for better light control [14], [19], [20]. The geometrical layout of our
designed lens model is shown in Fig. 2. Each ray emitted from the source is firstly refracted by the
entrance surface and then redistributed onto the target plane by the exit surface.

In the current design phase, the LED source is considered as a point source and the entire
lighting system is axially symmetric. Let us consider designing the aspherical lens generating a
prescribed uniform illuminance distribution within a circular region with a radius of R, the lighting
distance is z = H and the irradiance value is E0. The point-like LED source with intensity function
I(ϕ) = I0cosϕ, where ϕ is the viewing angle and I0 is luminous intensity at the direction of the normal
of the source surface, is located at the origin of the Cartesian coordinate system. The entrance
surface of the optical element is predefined as a spherical surface shifted in z direction and can be
expressed as C(x, y, z, r0, z0) = 0, where r0 is the radius of the spherical surface and z0 is the offset
of the sphere’s center along z-axis’s negative direction. The refractive index of the optical element
material is n. With all these specified parameters, we can finally construct the aspherical lens model
based on the energy ray mapping mechanism and the geometrical ray propagation principle [21].

Once the initial lens model with double working surfaces is obtained, a system of polynomials
is then employed to fit both the entrance surface and the exit surface into two smooth surfaces
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respectively as follows:

zp =
K∑

k=1

γkϕk
(
x ij, y ij

)
, p = 1 or 2, (1)

where K represents the number of the polynomials, ϕk is the kth polynomial, and γk is the weight
of ϕk and can be calculated based on the least-square method [22]. For p = 1, Eq. (1) represents
the inner surface, and specifies the outer surface when p = 2. Several types of polynomials and
functions can be employed to represent the smooth surfaces including Zernike polynomials, XY
polynomials, B-spline functions [23]–[26]. Due to the 3D rotational symmetry of our designed lens
model, we only need to characterize the two meridian curves of the entrance surface and the exit
surface. As a result, we apply the most simplified XY polynomials to describe the lens profiles
because it can provide enough degrees of freedom to guarantee the fitting accuracy.

Therefore, the initial meridian curves of the double aspherical surfaces can be expressed as
functions of x and ξk (k = 1, 2, . . . , K ) as follows:

{
z1 = ∑K +1

k=1 ξ1, kx (K +1−k)
1

z2 = ∑K +1
k=1 ξ2, kx (K +1−k)

2

(2)

where ξ1,k is the kth polynomial coefficient of the inner curve and ξ2,k is the kth polynomial coefficient
of the outer curve. It should be emphasized that only the even-term coefficients are retained since
the lens profiles are symmetric with respect to the z-axis. Especially noteworthy is that ξ1,K +1, and
ξ2,K +1 denote the central height of the inner surface and the outer surface of the lens respectively,
and ξ2,K +1 remains unchanged in the subsequent optimization process.

2.2 PSO Algorithm

The PSO algorithm is a population-based stochastic optimization technique developed by Dr. Eber-
hart and Dr. Kennedy in 1995 [27], [28], inspired by the social behavior of bird flocking or fish
schooling. In PSO, there exist a number of individual entities – particles. Each particle represents a
potential solution that flies through the search space RS with velocity by iteratively adjusting flying
trajectory (including the direction and magnitude of the velocity) according to its personal experi-
ence and its social experience [29]. With each particle evaluating the merit function or objective at
each iteration, the swarm as a whole is likely to move close to the optimum of the merit function
by using the heuristic rules, which has been widely confirmed in the published literatures [30]–[32].
This character makes it a suitable candidate for global optimization in optical design. The PSO
algorithm allows a parallel search, which makes it possible to deal with optimization problems with
a large number of variables. Overall, the advantages of PSO algorithm described above make it
potentially suitable to be applied to complicated problems such as the aspherical optics design.

The application of the fundamental PSO algorithm to optical design is straightforward.
Each certain optical system solution is represented by a particle with a position vector x i =
(x i1, x i2, . . . , x iS)T ∈ R S and a velocity vector vi = (vi1, vi2, . . . , viS)T� RS in the S-dimensional
search space of variable parameters, in which, S represents the number of variable parameters
and i donates the ith iteration. The variable parameters may include thicknesses, refractive indices,
or aspherical coefficients. The population size N, i.e., the number of particles, is specified by the
designer.

The initial population is generated by adding random of the variable parameters to the optical
system that has been obtained above. Once the initial population is specified and the merit function
(MF) to evaluate the optical system performance is defined, the PSO algorithm will drive the particles
to the most promising optimum. In each iteration, the states of the population will be updated based
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on the following rules:

vk+1
i = w · vk

i + c1 · r and · (p i k
best − xk

i

) + c2 · r and · (
g i k

best − xk
i

)
(3)

xk+1
i = xk

i + vk
i (4)

where pbest is the personal best position of the particle in history, gbest represents the global best
position among all the particles in the current iteration, w is the inertia weight to balance the global
and local search abilities, c1 and c2 are positive constants named as acceleration coefficients, and
rand is a uniformly distributed random number in the interval [0, 1].

The term of c1 represents a “cognitive “component that pulls a particle back toward its own best
position in history, while the “social “component” c2 drives each particle toward the best position
that the swarm has found. Usually, the values of c1 and c2 are selected in the range from 0.5 to 2.0
[33]. Large value of w leads to an extensive exploration of the search space, while a small value of
w facilitates the local exploration. Relatively better performance will be satisfied if the initially high
values of w (typically inside the range of [0.9, 1.2]) gradually decreases during the subsequent
iterations [34].

2.3 Optimization Based on PSO Algorithm

Here, RSD is employed as the MF to quantify the uniformity of illumination within the target area.
Typically, RSD is defined as:

RSD =
√

1
N

∑N p

i=1

[
E s (i ) − E 0 (i )

E 0 (i )

]2

(5)

where N p is the total number of sampling points inside the effective analysis area on the target
surface, E s(i ) is the simulation irradiance level for ith checking point on the target area, and E0(i) is
average of irradiance within the analysis area. A smaller value of RSD represents a more uniform
illumination performance.

To derive the final lens model for a good illumination performance under the given extended light
source, we apply the PSO algorithm to optimize the initial lens structure by minimizing the merit
function defined in Eq. (5). The detailed automatic optimization process to design an ultra-compact
aspherical lens model based on our proposed PSO algorithm is shown in Fig. 3.

The initial population of N particles is generated by adding small random perturbations to the
polynomial coefficients that have been obtained above. The position vector x i is defined as the
corresponding polynomial coefficient ξjk directly. Considering that small changes of high-order
terms can have a great impact on surface profile, we choose the absolute value of velocity vector
vi as ξjk/e2(K −k+1).

3. Design Examples
3.1 Design Examples for 2D Area Sources

In this section, two types of challenging designs will be given to demonstrate the effectiveness of
the proposed method in the prescribed illuminance design for 2D area sources. In the first design,
the influence of the lens size on the optical performance can be ignored as the size of the lens is
small enough relative to the lighting system. We design an aspherical lens model for a 2D extend
source to produce a uniform irradiance distribution onto the target screen. The refractive index of
the lens unit is set as 1.4953. The design parameters of the given design examples are listed in
Table 1: H denotes the distance between LED source and target, R is the radius of the target plane,
h represents the center height of the aspherical lens, d is the diameter of the LED source, and h/d
is the dimension ratio of lens model. Besides, the radius r0 of the incident spherical surface and the
offset z0 of the sphere’s center along the z-axis’s negative direction in the initial design are 40 mm
and 38 mm respectively.
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Fig. 3. Flow chart of the PSO algorithm in optimization.

TABLE 1

Design Parameters for the Case Where the Lens Size can be Ignored

Fig. 4. Design results for the case where the lens size can be ignored: (a) cross-section of the initial lens
model; (b) cross-section of the globally optimized lens model; (c) comparison between the cross-section
profiles of the two designed lens models; (d) illumination pattern for the initial design; (e) illumination
pattern after PSO optimization; (f) comparison between the cross-section profiles of the simulated
irradiance patterns for the two designs.
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TABLE 2

Design Parameters for the Case Where the Lens Size cannot be Ignored

Fig. 5. Design results for the case where the lens size cannot be ignored: (a) cross-section of the
initial lens model; (b) cross-section of the globally optimized lens model; (c) comparison between the
cross-section profiles of the two designed lens models; (d) illumination pattern for the initial design;
(e) illumination pattern after PSO optimization; (f) comparison between the cross-section profiles of the
simulated irradiance patterns for the two designs.

Initially, the lenses are designed based on the point source approximation for the specific config-
urations. Then the curves of the entrance surface and the exit surface are fitted with two series of
polynomials up to the 30th order respectively considering both fitting accuracy and time consump-
tion of the optimization process. After that, the PSO algorithm is employed to dynamically adjust
the polynomial coefficients based on the predefined MF when the simulation process is being con-
ducted in the ray tracer. The initial population of N is chosen as 40 and the iteration number is set
as 20. For all these final obtained lens models, we perform Monte Carlo simulations with 10 million
rays to simulate their optical performance.

As a comparison, we also simulate the illumination performance of the initial lens model without
the PSO optimization using the same 2D area source as that of the optimized lens model. The
simulation results are shown in Fig. 4. The designed lens profiles are illustrated in Fig. 4(a), 4(b)
and 4(c). In Fig. 4(f), the red solid line denotes the normalized irradiance profile of the optimized lens
model, and the black solid line represents that of the initial lens model without optimization. From
Figs. 4(d) and 4(f), we can see that the result of the initial lens without optimization shows a highly
concentrated energy distribution in the central portion of the target region. For the optimized lens
model, the illumination uniformity is significantly improved as shown in Figs. 4(e) and 4(f). The RSD
within the target region is reduced from 0.199 to 0.02 while maintaining the energy control efficiency
η inside the desired illumination area at a relatively high level. The energy control efficiency η is
defined as η = Eeff/Etotal, where Eeff is the amount of encircled energy inside the effective analysis
area on the target plane, and Etotal is the amount of total energy on the whole target plane. Obviously,
with the help of our proposed global optimization algorithm, we can finally derive an aspherical lens
model for extended light sources with a super compact structure compared to the light source, a
relatively high illumination uniformity, as well as an acceptable energy control efficiency.

In this second design example, the size of the lens can no longer be ignored relative to the
lighting system. The detailed design parameters for the design are listed in Table 2. The simulation
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Fig. 6. Simulation results of the optimized lens models with different dimension ratios of h/d, where
the lens size cannot be ignored: (a) normalized profiles of illuminance distributions; (b) illuminance
uniformity RSD and light energy control efficiency η inside the target region.

Fig. 7. Design results for 3D volume sources: (a) 3D geometrical layout of the arc-shaped extended
source as well as the compact aspherical lens; (b) the lens profiles; (c) comparison of illuminance
distributions between the initial lens model and the optimized lens model.

results are demonstrated in Fig. 5. Similarly, a great improvement in illumination uniformity has
been achieved after the global optimization algorithm is employed.

To explore the potential of the proposed global optimization algorithm in designing super compact
rotationally symmetric lighting applications, we continue to design a series of aspherical lens models
with dimension ratios of h/d = 1.25, 1.15, 1.05 and 0.95 by gradually increasing the size of LED
source (i.e., d) while keeping the center height of lens (i.e., h) and all the other design parameters
unchanged. The corresponding simulation results of optimized lens models are shown in Fig. 6.
The illuminance uniformity RSD � 0.08 and light control efficiency η � 0.9 are guaranteed for all
dimension ratios of h/d. Even for h/d = 0.95, RSD = 0.08 and η = 0.9 could still be obtained.
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Fig. 8. The convergence of the merit function RSD.

Fig. 9. Experimental verification: (a) the fabricated lens, (b) the experimental setup, (c) the illumination
pattern, and (d) the measured illuminance distribution.

3.2 Design Example for 3D Volume Source

Although the proposed method has been successfully applied to illumination designs for the 2D
area sources, we still believe that the proposed global optimization algorithm can be generalized to
tackle more challenging illumination problems, such as aspherical optics design for 3D volume light
sources. To verify the potential of our proposed design algorithm, we design a compact aspherical
lens model with the dimension ratio of h/d = 1.0 for an arc-shaped extended LED source. The
conceptual diagram is schematically shown in Fig. 7(a), where we choose a spherical surface x2 +
y2 + (z + 24)2 = 676(z � 0) as the emitting surface of the extended light source, and the center
height of the entrance surface is chosen as 3.0 mm for the initial design. All the other configurations
are set to be the same as that of the Table 2. The simulated illuminance distributions of the initial
lens model and the optimized lens model are shown in Fig. 7(c), which demonstrates a significant
improvement of optical performance concerning the illuminance uniformity.
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TABLE 3

Coefficients of the Polynomials of the Obtained Aspherical Lenses 1 and 2

The convergences of the merit function RSD of the above designs are shown in Fig. 8. The
values of RSD reach steady states after 20 times of iteration steps. And the running time of the
optimizations of these designs is no more than 10 minutes on Intel Xeon E3-1230 v3 with 16 GB
RAM. All the polynomial coefficients of the final obtained lens models above are tabulated in the
Appendix.

4. Experiment
To verify the feasibility of our proposed design algorithms, we fabricate a prototype by using the
Single Point Diamond Turning Techniques. This lens is chosen with the dimension ratio h/d = 1.05
which is designed above, where the lighting distance H = 100 mm, as shown in Fig. 9(a). We
choose Cree’s chip-on-board (COB) LEDs CXB2540 [35] as the light source. The diameter of the
effective emitting area of the LED emitter is 19.00 mm. The lens material is PMMA, whose refractive
index is about 1.49. To avoid the blockage, we place the camera in front of the target plane to record
the light distribution. The experimental setup is as shown in Fig. 9(b). The captured pattern and the
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TABLE 4

Coefficients of the Polynomials of the Obtained Aspherical Lenses 3 and 4

measured illumination distribution along with the line y = 0 mm are depicted in Figs. 9(c) and 9(d).
The experimental testing results demonstrate relatively high agreement with our simulation results,
which proves that our proposed design optimization algorithm is highly efficient for the design of
ultra-compact aspherical lenses based on extended sources. The fabrication errors and alignment
errors are the two main error sources that contribute to minor differences. The RSD and energy
control efficiency η are equal to 0.073 and 0.89 respectively within the prescribed region with a
radius of 100.00 mm.

5. Conclusion
In the paper, we develop a global optimization algorithm to design ultra-compact aspherical lenses
to transfer the light emitted from extended light sources to uniform illumination distributions on the
target plane. The design algorithm is based on the heuristic rules of PSO and can be conducted
automatically by non-experts in optics design. Many illumination design examples for extended
sources are developed to verify the efficiency of the proposed design method. Simulation results
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TABLE 5

Coefficients of the Polynomials of the Obtained Aspherical Lenses 5 and 6

show that the design method can realize the desired illumination patterns even for a super compact
lens model with dimension ratio h/d less than 1.0. Besides, the proposed design algorithm can be
applied to design optics in generating prescribed illumination patterns for both 2D area sources and
3D volume sources. We also demonstrate the effectiveness of our proposed method by prototyping
one of the designed lenses, where the experimental performance is quite consistent with our
simulation result.

In future work, we will apply the global optimization technique to tackle more challenging illu-
mination design problems for extended light sources, such as non-rotationally symmetric lighting
systems.
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Appendix
Coefficients of the Polynomials
As expressed in Eq. (2), where ξ1, k is the kth polynomial coefficient of the inner curve and ξ2, k is
the kth polynomial coefficient of the outer curve. All these coefficients are detailed in the following
Table 3, Table 4 and Table 5.
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[17] R. Wester, G. Müller, A. Völl, M. Berens, J. Stollenwerk, and P. Loosen, “Designing optical free-form surfaces for

extended sources,” Opt. Exp., vol. 22, no. S2, pp. A552–A560, 2014.
[18] Z. Zhu, Y. Yan, S. Wei, Z. Fan, and D. Ma, “Compact freeform primary lens design based on extended Lambertian

sources for liquid crystal display direct-backlight applications,” Opt. Eng., vol. 58, no. 3, pp. 025108-1–025108-8, 2019.
[19] M. A. Moiseev, S. V. Kravchenko, and L. L. Doskolovich, “Design of efficient LED optics with two free-form surfaces,”

Opt. Exp., vol. 22, no. S7, pp. A1926–A1935, 2014.
[20] H. Wu, X. Zhang, and P. Ge, “Double freeform surfaces lens design for LED uniform illumination with high distance–

height ratio,” Opt. Laser Technol., vol. 73, pp. 166–172, 2015.
[21] Z. Zheng, H. Xiang, and L. Xu. “Freeform surface lens for LED uniform illumination,” Appl. Opt., vol. 48, no. 35,

pp. 6627–6634, 2019.
[22] J. Zhu, X. Wu, T. Yang, and G. Jin, “Generating optical freeform surfaces considering both coordinates and normals of

discrete data points,” J. Opt. Soc. Amer., vol. 31, no. 11, pp. 2401–2408, 2014.
[23] R. Wu, J. Sasián, and R. Liang, “Algorithm for designing free-form imaging optics with nonrational b-spline surfaces,”

Appl. Opt., vol. 56, no. 9, pp. 2517–2522, 2017.
[24] M. Moiseev and L. Doskolovich, “Design of refractive spline surface for generating required irradiance distribution with

large angular dimension,” J. Modern Opt., vol. 57, no. 7, pp. 536–544, 2010.
[25] G. W. Forbes, “Characterizing the shape of freeform optics,” Opt. Exp., vol. 20, no. 3, pp. 2483–2499, 2012.
[26] X. Mao, J. Li, F. Wang, R. Gao, X. Li, and Y. Xie, “Fast design method of smooth freeform lens with an arbitrary aperture

for collimated beam shaping,” Appl. Opt., vol. 58, no. 10, pp. 2512–2521, 2019.
[27] J. Kennedy and R. Eberhart, “Particle swarm optimization,” in Proc. IEEE Conf. Neural Netw., 1995, vol. 4,

pp. 1942–1948.

Vol. 11, No. 6, December 2019 8201614



IEEE Photonics Journal Design Ultra-Compact Aspherical Lenses

[28] R. Eberhart and J. Kennedy, “A new optimizer using particle swarm theory,” in Proc. Micro Mach. Hum. Sci., 1995,
pp. 39–43.

[29] N. D. Jana, J. Sil, and S. Das, “Particle swarm optimization with population adaptation,” in Proc. IEEE Congr. Evol. Com-
put., 2014, pp. 573–578.

[30] M. R. Bonyadi and Z. Michalewicz, “Particle swarm optimization for single objective continuous space problems: A
review,” Evol. Comput., vol. 25, no. 1, pp. 1–54, 2017.

[31] Z. Fan, S. Wei, Z. Zhu, Y. Mo, Y. Yan, and D. Ma, “Automatically retrieving an initial design of a double-sided telecentric
zoom lens based on a particle swarm optimization,” Appl. Opt., vol. 58, no. 27, pp. 7379–7386, 2019.

[32] K. E. Parsopoulos and M. N. Vrahatis, “Recent approaches to global optimization problems through particle swarm
optimization,” Natural Comput., vol. 1, no. 2/3, pp. 235–306, 2002.

[33] C. Menke, “Application of particle swarm optimization to the automatic design of optical systems,” Proc. SPIE,
vol. 10690, 2018, Art. no. 106901A.

[34] R. Eberhart and J. Kennedy, “A new optimizer using particle swarm theory,” in Proc. Micro Mach. Hum. Sci., 2002,
pp. 39–43.

[35] [Online]. Available: https://www.cree.com/led-components/products/xlamp-leds-integrated-arrays/xlamp-cxb2540

Vol. 11, No. 6, December 2019 8201614



<<
  /ASCII85EncodePages false
  /AllowTransparency false
  /AutoPositionEPSFiles true
  /AutoRotatePages /None
  /Binding /Left
  /CalGrayProfile (Gray Gamma 2.2)
  /CalRGBProfile (sRGB IEC61966-2.1)
  /CalCMYKProfile (U.S. Web Coated \050SWOP\051 v2)
  /sRGBProfile (sRGB IEC61966-2.1)
  /CannotEmbedFontPolicy /Warning
  /CompatibilityLevel 1.4
  /CompressObjects /Off
  /CompressPages true
  /ConvertImagesToIndexed true
  /PassThroughJPEGImages true
  /CreateJobTicket false
  /DefaultRenderingIntent /Default
  /DetectBlends true
  /DetectCurves 0.0000
  /ColorConversionStrategy /sRGB
  /DoThumbnails true
  /EmbedAllFonts true
  /EmbedOpenType false
  /ParseICCProfilesInComments true
  /EmbedJobOptions true
  /DSCReportingLevel 0
  /EmitDSCWarnings false
  /EndPage -1
  /ImageMemory 1048576
  /LockDistillerParams true
  /MaxSubsetPct 100
  /Optimize true
  /OPM 0
  /ParseDSCComments false
  /ParseDSCCommentsForDocInfo true
  /PreserveCopyPage true
  /PreserveDICMYKValues true
  /PreserveEPSInfo false
  /PreserveFlatness true
  /PreserveHalftoneInfo true
  /PreserveOPIComments false
  /PreserveOverprintSettings true
  /StartPage 1
  /SubsetFonts false
  /TransferFunctionInfo /Remove
  /UCRandBGInfo /Preserve
  /UsePrologue false
  /ColorSettingsFile ()
  /AlwaysEmbed [ true
    /Algerian
    /Arial-Black
    /Arial-BlackItalic
    /Arial-BoldItalicMT
    /Arial-BoldMT
    /Arial-ItalicMT
    /ArialMT
    /ArialNarrow
    /ArialNarrow-Bold
    /ArialNarrow-BoldItalic
    /ArialNarrow-Italic
    /ArialUnicodeMS
    /BaskOldFace
    /Batang
    /Bauhaus93
    /BellMT
    /BellMTBold
    /BellMTItalic
    /BerlinSansFB-Bold
    /BerlinSansFBDemi-Bold
    /BerlinSansFB-Reg
    /BernardMT-Condensed
    /BodoniMTPosterCompressed
    /BookAntiqua
    /BookAntiqua-Bold
    /BookAntiqua-BoldItalic
    /BookAntiqua-Italic
    /BookmanOldStyle
    /BookmanOldStyle-Bold
    /BookmanOldStyle-BoldItalic
    /BookmanOldStyle-Italic
    /BookshelfSymbolSeven
    /BritannicBold
    /Broadway
    /BrushScriptMT
    /CalifornianFB-Bold
    /CalifornianFB-Italic
    /CalifornianFB-Reg
    /Centaur
    /Century
    /CenturyGothic
    /CenturyGothic-Bold
    /CenturyGothic-BoldItalic
    /CenturyGothic-Italic
    /CenturySchoolbook
    /CenturySchoolbook-Bold
    /CenturySchoolbook-BoldItalic
    /CenturySchoolbook-Italic
    /Chiller-Regular
    /ColonnaMT
    /ComicSansMS
    /ComicSansMS-Bold
    /CooperBlack
    /CourierNewPS-BoldItalicMT
    /CourierNewPS-BoldMT
    /CourierNewPS-ItalicMT
    /CourierNewPSMT
    /EstrangeloEdessa
    /FootlightMTLight
    /FreestyleScript-Regular
    /Garamond
    /Garamond-Bold
    /Garamond-Italic
    /Georgia
    /Georgia-Bold
    /Georgia-BoldItalic
    /Georgia-Italic
    /Haettenschweiler
    /HarlowSolid
    /Harrington
    /HighTowerText-Italic
    /HighTowerText-Reg
    /Impact
    /InformalRoman-Regular
    /Jokerman-Regular
    /JuiceITC-Regular
    /KristenITC-Regular
    /KuenstlerScript-Black
    /KuenstlerScript-Medium
    /KuenstlerScript-TwoBold
    /KunstlerScript
    /LatinWide
    /LetterGothicMT
    /LetterGothicMT-Bold
    /LetterGothicMT-BoldOblique
    /LetterGothicMT-Oblique
    /LucidaBright
    /LucidaBright-Demi
    /LucidaBright-DemiItalic
    /LucidaBright-Italic
    /LucidaCalligraphy-Italic
    /LucidaConsole
    /LucidaFax
    /LucidaFax-Demi
    /LucidaFax-DemiItalic
    /LucidaFax-Italic
    /LucidaHandwriting-Italic
    /LucidaSansUnicode
    /Magneto-Bold
    /MaturaMTScriptCapitals
    /MediciScriptLTStd
    /MicrosoftSansSerif
    /Mistral
    /Modern-Regular
    /MonotypeCorsiva
    /MS-Mincho
    /MSReferenceSansSerif
    /MSReferenceSpecialty
    /NiagaraEngraved-Reg
    /NiagaraSolid-Reg
    /NuptialScript
    /OldEnglishTextMT
    /Onyx
    /PalatinoLinotype-Bold
    /PalatinoLinotype-BoldItalic
    /PalatinoLinotype-Italic
    /PalatinoLinotype-Roman
    /Parchment-Regular
    /Playbill
    /PMingLiU
    /PoorRichard-Regular
    /Ravie
    /ShowcardGothic-Reg
    /SimSun
    /SnapITC-Regular
    /Stencil
    /SymbolMT
    /Tahoma
    /Tahoma-Bold
    /TempusSansITC
    /TimesNewRomanMT-ExtraBold
    /TimesNewRomanMTStd
    /TimesNewRomanMTStd-Bold
    /TimesNewRomanMTStd-BoldCond
    /TimesNewRomanMTStd-BoldIt
    /TimesNewRomanMTStd-Cond
    /TimesNewRomanMTStd-CondIt
    /TimesNewRomanMTStd-Italic
    /TimesNewRomanPS-BoldItalicMT
    /TimesNewRomanPS-BoldMT
    /TimesNewRomanPS-ItalicMT
    /TimesNewRomanPSMT
    /Times-Roman
    /Trebuchet-BoldItalic
    /TrebuchetMS
    /TrebuchetMS-Bold
    /TrebuchetMS-Italic
    /Verdana
    /Verdana-Bold
    /Verdana-BoldItalic
    /Verdana-Italic
    /VinerHandITC
    /Vivaldii
    /VladimirScript
    /Webdings
    /Wingdings2
    /Wingdings3
    /Wingdings-Regular
    /ZapfChanceryStd-Demi
    /ZWAdobeF
  ]
  /NeverEmbed [ true
  ]
  /AntiAliasColorImages false
  /CropColorImages true
  /ColorImageMinResolution 150
  /ColorImageMinResolutionPolicy /OK
  /DownsampleColorImages false
  /ColorImageDownsampleType /Bicubic
  /ColorImageResolution 900
  /ColorImageDepth -1
  /ColorImageMinDownsampleDepth 1
  /ColorImageDownsampleThreshold 1.00111
  /EncodeColorImages true
  /ColorImageFilter /DCTEncode
  /AutoFilterColorImages false
  /ColorImageAutoFilterStrategy /JPEG
  /ColorACSImageDict <<
    /QFactor 0.76
    /HSamples [2 1 1 2] /VSamples [2 1 1 2]
  >>
  /ColorImageDict <<
    /QFactor 0.40
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /JPEG2000ColorACSImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 15
  >>
  /JPEG2000ColorImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 15
  >>
  /AntiAliasGrayImages false
  /CropGrayImages true
  /GrayImageMinResolution 150
  /GrayImageMinResolutionPolicy /OK
  /DownsampleGrayImages false
  /GrayImageDownsampleType /Bicubic
  /GrayImageResolution 1200
  /GrayImageDepth -1
  /GrayImageMinDownsampleDepth 2
  /GrayImageDownsampleThreshold 1.00083
  /EncodeGrayImages true
  /GrayImageFilter /DCTEncode
  /AutoFilterGrayImages false
  /GrayImageAutoFilterStrategy /JPEG
  /GrayACSImageDict <<
    /QFactor 0.76
    /HSamples [2 1 1 2] /VSamples [2 1 1 2]
  >>
  /GrayImageDict <<
    /QFactor 0.40
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /JPEG2000GrayACSImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 15
  >>
  /JPEG2000GrayImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 15
  >>
  /AntiAliasMonoImages false
  /CropMonoImages true
  /MonoImageMinResolution 1200
  /MonoImageMinResolutionPolicy /OK
  /DownsampleMonoImages false
  /MonoImageDownsampleType /Bicubic
  /MonoImageResolution 1600
  /MonoImageDepth -1
  /MonoImageDownsampleThreshold 1.00063
  /EncodeMonoImages true
  /MonoImageFilter /CCITTFaxEncode
  /MonoImageDict <<
    /K -1
  >>
  /AllowPSXObjects false
  /CheckCompliance [
    /None
  ]
  /PDFX1aCheck false
  /PDFX3Check false
  /PDFXCompliantPDFOnly false
  /PDFXNoTrimBoxError true
  /PDFXTrimBoxToMediaBoxOffset [
    0.00000
    0.00000
    0.00000
    0.00000
  ]
  /PDFXSetBleedBoxToMediaBox true
  /PDFXBleedBoxToTrimBoxOffset [
    0.00000
    0.00000
    0.00000
    0.00000
  ]
  /PDFXOutputIntentProfile (None)
  /PDFXOutputConditionIdentifier ()
  /PDFXOutputCondition ()
  /PDFXRegistryName ()
  /PDFXTrapped /False

  /CreateJDFFile false
  /Description <<
    /CHS <FEFF4f7f75288fd94e9b8bbe5b9a521b5efa7684002000410064006f006200650020005000440046002065876863900275284e8e55464e1a65876863768467e5770b548c62535370300260a853ef4ee54f7f75280020004100630072006f0062006100740020548c002000410064006f00620065002000520065006100640065007200200035002e003000204ee553ca66f49ad87248672c676562535f00521b5efa768400200050004400460020658768633002>
    /CHT <FEFF4f7f752890194e9b8a2d7f6e5efa7acb7684002000410064006f006200650020005000440046002065874ef69069752865bc666e901a554652d965874ef6768467e5770b548c52175370300260a853ef4ee54f7f75280020004100630072006f0062006100740020548c002000410064006f00620065002000520065006100640065007200200035002e003000204ee553ca66f49ad87248672c4f86958b555f5df25efa7acb76840020005000440046002065874ef63002>
    /DAN <>
    /DEU <>
    /ESP <>
    /FRA <>
    /ITA (Utilizzare queste impostazioni per creare documenti Adobe PDF adatti per visualizzare e stampare documenti aziendali in modo affidabile. I documenti PDF creati possono essere aperti con Acrobat e Adobe Reader 5.0 e versioni successive.)
    /JPN <>
    /KOR <FEFFc7740020c124c815c7440020c0acc6a9d558c5ec0020be44c988b2c8c2a40020bb38c11cb97c0020c548c815c801c73cb85c0020bcf4ace00020c778c1c4d558b2940020b3700020ac00c7a50020c801d569d55c002000410064006f0062006500200050004400460020bb38c11cb97c0020c791c131d569b2c8b2e4002e0020c774b807ac8c0020c791c131b41c00200050004400460020bb38c11cb2940020004100630072006f0062006100740020bc0f002000410064006f00620065002000520065006100640065007200200035002e00300020c774c0c1c5d0c11c0020c5f40020c2180020c788c2b5b2c8b2e4002e>
    /NLD (Gebruik deze instellingen om Adobe PDF-documenten te maken waarmee zakelijke documenten betrouwbaar kunnen worden weergegeven en afgedrukt. De gemaakte PDF-documenten kunnen worden geopend met Acrobat en Adobe Reader 5.0 en hoger.)
    /NOR <>
    /PTB <>
    /SUO <>
    /SVE <>
    /ENU (Use these settings to create PDFs that match the "Suggested"  settings for PDF Specification 4.0)
  >>
>> setdistillerparams
<<
  /HWResolution [600 600]
  /PageSize [612.000 792.000]
>> setpagedevice


